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is also true that man sees more of the things 
themselves when he sees more of tlieir origin; for their 
origin is a part of them and indeed the most important 
part of them. Thus tliey become more extraordinary 
by being explained. He has more wonder at them but 
less fear of them; for a thing is really wonderful when 
it is significant and not when it is insignificant/' 

G. K. Chkstjskton — ^\St. Francis of Assisi." 
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CHAPTER 1 


THE ATOMIC CONCEPT OF MATTER 

The inception of the modern era in chemical science may be at- 
tributed to the proposal of the atomic theory of chemical action by 
John Dalton in the first volume of his New System^ of Chemical Philosophy, 
1808. The scientific era in which the Daltonian concept was formulated 
was especially favoraldc to its development. The theory of atomic 
constitution was no new theory. The Greek theory of atoms, due to 
Ijeiicii)pus and handed down to us in the writings of Democritus, is the 
first of which we have record. Boyle incEided in his conception of 
elementary substances some notions of atomic constituents. Dalton 
himself was led to the atomic theory by reason of his admiration of the 
Newtonian doctrine of the atomic constitution of matter. Lavoisier's 
concept of elements and of compound substances and the quantitative 
era which he developed jwovided the circumstances favorable to the 
growth of Dalton’s theory, which simidified and correlated much that 
the quantitative spirit had disclosed and had not yet explained. It 
j)rovided the framework upon which was built the chemical philosophy 
and the chemical research of the nineteenth century. Towards the close 
of the century it seemed as thougb the theory might give way to an intcr- 
])reta.tion of the science based ui)on energetics. But, in the new century, 
it emerged once more, broadened and amidified by the discoveries of 
sub-atomic phenomena. 

The atomic theory of Dalton postulated the existence of minute 
indivisible particles or atoms, each of equal weight for the same element, 
atoms of different elements, however, having diirerent weights. Com- 
pounds were the result of union of dissimilar atoms the ratio of whose 
weights was proportional to their combining weights. This fundamental 
idea of atoms having characteristic weights and combining to form chem- 
ical compounds at once illuminated the quantitative facts of chemical 
combination then known. They may be thus briefly summarized: 

1. The Law of Definite Proportions, established experimentally by 
Proust in 1799. The elements which form a chemical compound are united 
in it in an invariable ratio by weight, which is characteristic of that com- 
pound. Proust’s analyses were made with carbonate of copper, artificial 
and natural, the two oxides of tin and the two sulfides of iron. Proust 
showed, in contradiction of claims put forward by Berth diet on behalf 
of variable composition due to mass action, that when a metal combines 
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with oxygen in more than one proportion there is no gradual increment 
of one element but a sudden, per saltum, increment. His analytical 
work was not sufficiently accurate to establish the law of multiple pro- 
portions. 

2. The Law of Multiple Proportions, deduced from experimental work 
by Dalton and formulated by him in conformity with his preconceived 
atomic theory. When an element combines with another to form more than 
one compound the masses of the second element combining with a fixed mass 
of the first element hear a simple ratio to one another. The accurate analyses 
of Berzelius provided abundant evidence of the truth of this law which 
the less accurate efforts of Dalton produced. 

3. The Law of Reciprocal Proportions, established by the experimental 

work of Richter (1792-1794). When two or more elements combine with 
a third in certain proportions they combine with each other in the same pro- 
portions or in multiples of these proportions. In his book Stoichiometry of 
the Chemical Elements published in the above years this law of reciprocal 
proportions is illustrated. \ 

4. The Law of Conservation of Mass, formulated by Lavoisier ih 1774 
upon the basis of experimental measurement, states that the total mass of 
the reactants in a chemical reaction is equal to the total mass of the products 
of reaction. All these laws, quantitatively exact and experimentally 
verifiable, fitted admirably into the framework of chemical principles 
established by Dalton’s Atomic Theory. Further support was quickly 
forthcoming. Gay-Lussac put forward in 1808 his Law of Combining 
Volumes. When gases combine they do so in simple ratios by volumes^ the 
volume of the gaseous product bearing a simple ratio to the volumes of the 
reactants when measured under the same conditions of temperature and 
pressure. An attempt by Berzelius to interpret this law in terms of the 
atomic theory failed owing to a lack of understanding of the differences 
between atoms and molecules. Knowing, as a result of the earlier in- 
vestigations of Gay-Lussac, that many gases vary similarly when sub- 
jected to temperature, and, from the investigations of Boyle, to pressure 
changes, Berzelius suggested that equal volumes of dilTerent gases under 
like conditions of temperature and pressure contain the same number 
of atoms. 

5. Avogadro’s Hypothesis: The correct correlation of the atomic 
theory with the characteristics of ideal gases is due to Avogadro, who 
propounded, in 1811, the Avogadro hypothesis. Though not accepted 
by the early proponents of the atomic theory and only commanding 
general adherence after the exposition of the hypothesis some 47 years 
later by his fellow countryman, the Italian scientist Cannizzaro, the hy- 
pothesis of Avogadro was a true exposition of the facts concerning gases. 
The hypothesis may be stated in the following terms: Equal volumes of 
different gases under the same conditions of temperature and pressure contain 
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the same number of molecules. The limitations of this hypothesis as re- 
gards actual gases and the many experimental methods which have now 
been developed actually to determine the number of molecules in a given 
volume of gas will be dealt with in appropriate portions of the following 
chapters. At this stage it will suffice to indicate the actual change intro- 
duced by the Avogadro hypothesis into the Daltonian concept of atoms 
and atomic combinations. On the Avogadro principle, the atom became 
the smallest particle which can enter into chemical combination. The 
molecule became the smallest particle of matter wliich was capable of 
independent existence. This distinction clarified the known experimen- 
tal facts. It explained, for example, how one molecule of hydrogen and 
one molecule of chlorine combined to form two molecules of hydrogen 
chloride. Each molecule of hydrogen and chlorine contained two atoms 
whereas the molecules of hydrogen chloride contained an atom each of 
hydrogen and chlorine. It is perhaps advisable to point out, now that 
the difficulties associated with the terms atom and molecule no longer 
exist, that the definition of the molecule given above lacks somewhat in 
rigor. For, wo now know that, under proper conditions, not only mole- 
cules of diatomic gases such as hydrogen, chlorine and iodine may exist 
in the free state but that atoms may also so exist provided the conditions 
of temperature and pressure bo suitably chosen. Under such conditions 
the molecule and the atom Ijecome identical. 

With the atomic theory as guide, Berzelius proceeded to the deter- 
mination of atomic weights of a wide variety of elementary substances. 
Tlie determination involves two steps, (1) the measurement of the com- 
bining weight and (2) the finding of the ratio of combining weight to 
atomic weight. The former is an experimental operation generally in- 
volving some kind of quantitative analytical procedure as, for example, 
the determination of the quantities of potassium and chlorine in unit 
quantity of potassitim chloride, of hydrogen and oxygen in water or of 
hydrogen and chlorine in hydrogen chloride. From such determinations 
the combining weights of oxygen, chlorine and potassium in terms of 
hydrogen as unity may be determined. The second step, however, in- 
volves a knowledge of the number of atoms which are combined in a 
compound with the reference element. Thus, to take an example of 
historic interest, the atomic weight of oxygen relative to that of hydrogen 
as unity would be approximately 8 or 1(> according as one or two hydrogen 
atoms combine with one atom of oxygen, the combining weight being 8. 
It is in the solution of this problem that the Avogadro hypothesis per- 
formed a most useful function, delayed, however, by the non-recognition 
of the importance of the hypothesis until Cannizzaro’s demonstration of 
its utility in such connection. Until that demonstration was given, no 
general agreement as to atomic weights was possible, different observers 
using different values which, however, were simple multiples of other 
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values for the same element, according to the preconceived idea of the 
experimenter as to the atomic ratios prevailing in the compound analyzed. 

6. Bulong and Petit’s Law: Two principles of great utility in deciding 

doubtful cases of atomic weight values were discovered and employed in 
the early years of the atomic theory. The one, the law of Dulong and 
Petit, was applicable to solid elementary substances. The law, formu- 
lated in 1819, states that the product of the atomic weight and the specific 
heat is approximately 6 calories. It will be shown that this laAv is a 
limiting law applicable to all solid elements under specified conditions. 
Known exceptions, such as boron and carbon, which show low atomic 
heats at ordinary temperatures, manifest at those temperatures a phe- 
nomenon common to all solid elements if the temperature chosen for the 
determination be sufficiently low. At higher temperatures, even these 
elements have atomic heats approximating those demanded by the law. 
Nevertheless, a sufficiently large number of elements obey the Dulong 
and Petit relation at ordinary temperatures as to make this principle of 
important assistance in deciding cases of doubt in reference to ^omic 
weights deduced by other methods. \ 

7. Isomorphism: The second principle was of assistance in the study 
of the atomic weights of elements present in crystalline compounds. In 
1820 Mitscherlich called attention to the practical identity of crystalline 
forms of the corresponding salts of phosphoric and arsenic acids. They 
crystallized with the same molecular quantities of water of crystallization 
and i) 0 SHCSScd the power of forming mixed crystals. As a result of such 
observations, Mitscherlich concluded that analogous elements or groups 
of elements can replace one another in compounds without material alteration 
of crystalline form. Two compounds so related were termed isomorphous 
and the phenomenon was given the name Isomorphism. The identity of 
form is not absolute. The distance between atoms varies slightly in one 
compound from that in the compound of the next analogue. These differ- 
ences persist even in the mixed crystal and result in distortion of the 
crystal angles. The variation of inter-atomic distances and the distortion 
of the crystal angles become greater the more widely divergent are the 
analogous elements. As a consequence, with the more widely divergent 
analogues, mixed crystals will not occur even though there is identity of 
crystal form between the com])ounds. Substances may crystallize in two 
distinct crystallographic systems having, nevertheless, constant chemical 
composition. Such behavior is termed dimorphism. If isomorphism 
occur between the two forms severally of two such dimorphous bodies the 
bodies are said to be isodimorphous, the phenomenon being, correspond- 
ingly, isodimorphism. Similarly, trimorphous. substances arc known. 

From the standpoint of the atomic theory, isomorphism assisted 
greatly since it gave a ready indication of chemical composition in the 
case of substances crystallizing in the same form and isomorphously with 
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substances of known composition. Berzelius made great use of the 
principle in fixing atomic weights and in checking the results of his 
analytical investigations. 

8. Prout’s Hypothesis: Side by side with the many achievements of 
theoretical chemistry in the 19th century, based fLindamentally upon the 
atomic theory, there has persisted the essentially opposite viewpoint, 
namely that of continuity or unity of matter as opposed to the discon- 
tinuous view of material substances which the atomic theory postulates. 
This contrary viewj)oint has been developed both consciously and un- 
consciously. Front's hypothesis put forward in 1815 is the earliest illus- 
tration of conscious development. Front, reasoning from the approxi- 
mation to whole numbers of the atomic weights of several of the elements, 
suggested that the elements might be, in reality, polymers of hydrogen. 
This was a revival of the protyle theory of matter with quantitative in- 
vestigations as its support. But further quantitative study tended to 
withdraw sui)port from the hypothesis of Front. The hypothesis gave 
an added stimulus to exact atomic weight determinations and these but 
served to demonstrate effectively that many of the atomic weights were 
markedly divergent from whole numbers. Stas's determinations of atomic 
weights, and notably that of chlorine, were classical researches, with this 
divergence from the whole number rule as the decisive result. 

9. Dobereiner^s Triads: Attempts at classification of the elements on 
the basis of similarity of properties are less conscious methods of estab- 
lishing the essential unity of matter. Thus, Dobereincr's observation, in 
1817, that grou})S of three elements, chemically similar, with atomic 
weights in arithmetic progression, could be com] filed, while essentially an 
attempt at convenient classification, involves, in its fundamentals, an 
ap])reciation of a unifying principle. The chemical similarity of, for 
example, lithium, sodium and potassium, chlorine, bromine and iodine, 
calcium, strontium and barium, sulfur, selenium and tellurium with 
the very definite arithmetical relationships of their atomic weights, 
Na Li = IG.OG, K — Na = IG.l, suggests immediately a fundamental 
factor common to each group of three and so some unity underlying 
each group. 

10. Faraday’s Laws of Electrolysis: The electrochemical researches 
of Nicholson and Carlisle, 1800, on the decomposition of water, of Davy 
on the preparation of potassium, sodium, and other metals 1807-1808, 
and of Berzelius and Hisinger in Sweden 1803-1807, on the decomposition 
of neutral salts by the electric current, definitely brought electrochemistry 
to the fore as an auxiliary to other methods of chemical investigation. 
Davy’s Electrochemical theory of affinity and Berzelius’ theory of atomic 
polarization brought electrochemistry into the domain of theoretical 
chemistry. Faraday’s researches in experimental electricity established 
quantitatively the relationship between electricity and the atomic 
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weights of the elements. Faraday observed that (Experimental Re- 
searches, 505): *‘For a constant quantity of electricity y whatever the decom- 
posing conductor may whether water, saline solutions, acids, fused bodies 
or the like, the amount of electrochemical action is also a constant quantity 
Furthermore, ^‘with different solutions, the amounts of elementary con- 
stituents produced by unit quantity of electricity are proportional to their 
chemical equivalents.'^ In these two laws the atoms and electricity are for 
the first time intimately associated. Faraday's ions, transferred through 
solutions by the agency of the current, were carried in definite amounts, 
one gram ion for every 96,500 coulombs of electricity. 

11. The Periodic System of Classification: Mendeleeff, in 1869, de- 
veloped a broad and comprehensive system of classification of the ele- 
ments which, more decisively than hitherto, suggested a fundamental 
unity of elementary structure, though designed primarily to emphasize 
the periodic nature of chemical and physical properties. An effort of 
de Chancourtois (Vis Tcllurique, Classement naturel des Corps pimples, 
1862) excited little attention among chemists, though substantially a 
statement of periodicity of properties with increase of atomic weight. 
Newland's Law of Octaves, 1864, an arrangement of the elements in 
groups of eight bringing with each eighth element a repetition of proper- 
ties like the eighth note of an octave in music, aroused much ridicule and 
little respect, though essentially the correct formulation of i)eriodicity. 
It is noteworthy to record that, had Ramsay's discovery of the rare gases 
of the atmosphere preceded this formulation, the analogy with the musical 
octave would have been lost; the scoffers would have lacked one of their 
principal weapons of ridicule. Mendeleeff established periodicity of 
properties by arranging the elements in the order of fn creasing atomic 
weights. He employed the periodic law, so discovered, as a powerful 
instrument of chemical classification and a weapon for prosecuting 
chemical research. 

Simultaneously, Lothar Meyer in Germany announced the same 
generalization. Meyer was more concerned with the periodic variation 
in the physical properties of the elements as a periodic function of the 
atomic weights of the elements, his graph of atomic volume plotted against 
atomic weight demonstrating the same broad periodic relationship that 
Mendeleeff found. 

The periodic table, substantially in the form devised by Mendeleeff, 
is shown in Table 1.1. The table has been amplified by the insertion of 
the atomic numbers as well as the atomic weights. It includes the 
additional elements subsequently found, especially those of Group O, 
the rare gases of the atmosphere. The arrangement brings together, in 
one group, elements which have general family properties, physical and 
chemical, which vary gradually from first to last and which resemble one 
another more closely than do any of the other elements. 
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The Applications of the Periodic Law: As pointed out by Mendeleeff 
the periodic law could be employed in: (1) The classification of the 
elements; (2) The estimation of atomic weights; (3) The prediction of 
properties of unknown elements; (4) The correction of atomic weights. 

(1) In the classification of the elements the pciiotlic arrangement has never 
been surpassed nor superseded. It is still a most useful and convenient method 
of classifying the data of inorganic chemistry whether of elements or of compounds. 

(2) Mendeleeff assigned to indium an atomic weight of 113.4 on the basis of 
Winkler’s value of 37.8 for the equivalent weight; this makes indium tcrvalent, 
gives it place in Group III of the table between cadmium and tin, below gallium, 
where it fits very weU. Specific heat measurements of indium metal confirmed 
the correctness of this assignment. 

(3) Mendeleeff used the table to predifit the properties of missing elements 

in Group III and Group IV akin to boron, aluminum and titanium. The predic- 
tions concerning eka-boron, eka-aluminum and eka-silicon were Abundantly 
justified and confirmed in the subsequent discoveries of sciaiidium, milium and 
germanium respectively. \ 

(4) Mendeleeff predicted corrections in the atomic weights of osmium, iridium 
and platinum whic-h gave to them this order rather than that given by Uhe order 
of atomic weights acccjited in 1870 which would have given platinum, iridium, 
osmium. The periodic law has not, however, always been the successful guide 
in corrections to accepted atomic weights as will now be discussed. 

The Defects of the Periodic Law: On placing elements in the order of 
atomi(5 weights two outstanding anomalies presented themselves to 
Mendeleeff. Tellurium, being assigned an atomic weight greater than 
that of iodine, would have passed into the halogen group, while iodine 
would have Ijeen placed in the oxygen, sulfur, selenium group. This 
would have been an obvious inversion of the periodicity of properties. 
Since the atomic weight of iodine had been many times checked and 
rechecked, so that considerable certainty could be attached to its value, 
Mendeleeff suggested that the atomic \vcight of tellurium must be wrong, 
that the correct value would be between 123 and 126 instead of the then 
accepted value of 128. Hence ensued a vigorous study of tellurium, its 
purity, purification and atomic weight determination. Efforts were 
made in abundance to separate therefrom some constituent of higher 
atomic weight which w^ould have a position below tellurium in the 6th 
group. All these efforts were fruitless, A multiplicity of methods of 
purification all failed to yield a tellurium of atomic weight lower than 
that of iodine. The exception did not nullify the periodic law. The 
wonderful truth and value of the periodic relation were abundantly 
evident. As a consequence, and until the reason for the anomaly should 
reveal itself, tellurium and iodine were assigned to those group positions 
to which their properties, chemical and physical, indicated that they 
belonged, order of atomic weights notwithstanding. 
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Cobalt (58.94) and nickel (58.69) were similarly misplaced on the 
basis of order of atomic weights. The sequence from the standpoint of 
properties of the first three transitional elements is most certainly iron, 
cobalt, nickel, whereas the order of atomic weights is iron, nickel, cobalt. 

One other pair of misfits arose with the discovery of the rare gases 
by Ramsay. Argon of atomic weight 39.944, an obvious member of 
Group 0, was found to have an atomic weight greater than that of 
potassium, 39.096, again obviously a member of Group I. In view of 
these anomalies in the face of such overwhelming evidences of the ap- 
proximate truth of the law in the majority of its details it is little wonder 
that Ramsay asked ^‘Why this incomplete concordance? The answer 
has emerged, and in the unfolding of the mystery the student of chemical 
philosophy has much to learn. He will find an answer to the query of 
Ramsay. The incomplete concordance is evidence of the limitations to 
which many laws are subject, is evidence that the laws in question are but 
approximations to the fundamental law. The incomplete concordance is 
evidence of incomplete truth. The realization of this will be valuable, 
for it will give to authentic exceptions to general laws a vital importance 
in the search for truth. Science is full of illustrations of this fact. The 
exceptions to the Law of Dulong and Petit were an index of the approxi- 
mate truth only of the law. It will be shown later that they constituted 
a sign post to a more fundamental law of the specific heats of elements of 
which l^ulong and Petit's Law is but a limiting case. Ramsay himself 
found in the anomalous density of nitrogen from air and from nitrogen 
compounds as determined by Lord Rayleigh the sign post to a whole 
group of chemical elements at that time unknown. The anomalies in the 
periodic law were the arrows pointing to the necessity of obtaining yet 
more fundamental truths (;oncerning the nature, the architecture and the 
periodic relationships of elementary matter. 

12. Atomic Structure: The atomic theory of Dalton provides, as has 
been shown, a satisfactory basis for the laws of chemical combination and 
the atomic weight provides a useful, if not completely satisfactory, basis 
for the classification of the elements. The concept of definite and in- 
divisible atoms, of different weights, could not, however, be the ultimate 
solution of the problem of material structure. It provides no answers to 
a variety of problems. The difference in chemical properties between 
two atoms, say hydrogen and oxygen, can never be satisfyingly relegated 
to a simple difference in weight. Wherein does the difference in weight 
lie? What factors determine the weight difference? Furthermore, a 
number of physical and chemical properties of elementary substances 
cannot be explained upon any basis of weight variation of ultimate 
indivisible particles. The varying valence of the different elements and 
also the varying valences of a single element remain entirely unexplained 
on the basis of the simple atomic theory. The spectral differences among 
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the elements are likewise unexplainable. As has already been empha- 
sized, the similarity and periodicity of properties, both physical and 
chemical, are the strongest possible evidence that like elements must 
possess similarities of architecture not envisaged by a theory of indivisible 
atoms. The inadequacies of the periodic system of classification are 
further sign posts indicating the need for further exploration of the com- 
position of the individual atoms. Dalton had a glimpse whence progress 
might come, for in his address to the Royal Society, upon receiving the 
Royal Medal, he stated: 


“The causes of chemical change are as yet unknown, and the laws by which 
they are governed; but, in their connexion with electrical and magnetic phe- 
nomena there is a gleam of hght pointing to a new dawn in science.’^ 


13. The Electron: It is of interest to note that the development of 
the concept of atomic structure commenced when the concept of atomic 
electricity received its first quantitative study. Faraday’s experiments 
on the conduction of salt solutions are the first experiments indicative of 
discrete units of electricity. G. Johnstone Stoney, in an addretes before 
the British Association in 1874, published in 1881,^ definitely emphasizes 
this fact: 


“Nature presents us with a single definite quantity of electricity which is 
independent of the particular bodies acted on. To make this clear, I shall 
express Faraday’s Law in the following terms, wdiich, as I shall show, will give 
it precision, viz.: For each chemical bond which is ruptured within an electrolyte, 
a certain quantity of electricity traverses the electrolyte which is the same in 
all cases.” 


Helmholtz in the Faraday lecture at the Royal Institution in 1881 em- 
phasized the same point of view: 

“Now the most startling result of Faraday’s Law is perhaps this, if we accept 
the hypothesis that the elementary substances are composed of atoms, we cannot 
avoid concluding that electricity also, positive as well as negative, is divided into 
definite elementary portions which behave like atoms of electricity.” 

G. Johnstone Stoney, 1891, gave to the ‘natural unit of electricity,’ thus 
defined in reference to Faraday’s Law, the name ‘electron.’ Faraday’s 
Law, however, was not sufficient to establish the atomistic concept of 
electricity. It applied only to solutions of electrolytes. Metallic con- 
duction was still discussed in terms of ‘ether strains’ and ‘continuous 
homogeneous fluids.’ The proof of atomic electricity did not come until 
the mechanism of gaseous conduction had been studied and the properties 
of gases acted upon by X-radiation and radioactive materials had become 
familiar. 


^Phil. Mag., ( 5 ) 11 , 384 ( 1881 ), 
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The experiments of J. J. Thomson and his collaborators at the Caven- 
dish Laboratory, Cambridge, England, supplied the necessary informa- 
tion in this field. LCrascs treated with X-rays were found to be conducting. 
The conductivity thus induced in a gas was caused by an agency which 
could be removed by filtration through glass wo^ by passage of the gas 
through metal tubes or between plates maintained at a sufficiently large 
potential difference. The conductivity was therefore due to electrically 
charged particles. More detailed knowledge of the nature of the charged 
particles was obtained by a study of the conduction of electricity through 
gases at low partial pressures. When currents at high potentials are 
discharged through gases at pressures of about 0.01 mm. or lower, charged 
particles or corpuscles are shot off from the cathode. These particles, 
first investigated by Sir Wm. Crookes, and called by him the 'fourth state 
of matter,^ have properties the study of which led eventually to an ap- 
preciation of their importance in atomic structure. The cathode particles 
were shown to have the following proi)crtics: 

(1 ) They travel in straight lines normal to the cathode and cast shadows of 
opaque objects placed in their path. 

(2) They are (;apablc of producing mechanical motion. 

(3) They produ(;e phosphorescence in many objects exposed to their action, 
e.g., blue phosphorescence in lead glasses. 

(4) They produce a rise in temperature in objectnS which they strike. 

(5) They may be deflected, by electromagnetic and electrostatic fields, from 
their normal rectilinear paths. 

(6) The charge carried by the particles is negative since they electrify nega- 
tively, insulated metallic electrodes upon which they fall. 

(7) They may penetrate thin sheets of metal, the stopping power of the metal 
varying directly with the thickness of the metal and with its density. 

(8) They act as nuclei for the condensation of supersaturated vapors. The 
fogs thus formed are useful as a means of rendering the particles visible. 

(9) The particles were identical in nature and in the ratio of charge carried 
to mass of the particles, irrespective of the nature of the residual gas in the discharge 
tube or of the metals used in the electrodes. 

14. The Velocity of the Cathode Particle: The velocity of the particle 
can be determined by measuring the displacement effected by known 
electrostatic and electromagnetic fields on a fine pencil of cathode par- 
ticles. Such a pencil of particles impinging on a phosphorescent screen 
may be located by the phosphorescent spot produced. If a strong mag- 
netic field 11 be applied to such a pencil of rays they will be deflected 
from their rectilinear path. The force exerted by the field H on a par- 
ticle carrying a charge e, moving with a velocity v, will be Hew. At 
equilibrium, this force will be equal to the centrifugal force of the moving 
particle acting outwards along its radius of curvature, r. Therefore, if 
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the mass of the particle be m, the following relation holds 


mv^ 


Hev = 


r 


( 1 . 1 ) 


Since H and r are both measurable it follows that the ratio mv/e = Hr 
can be determined. Now, by superposing on the pencil of cathode 
particles thus magnetically deflected a suitable elecitrostatic field X, the 
pencil may be restored to its original rectilinear patli. In such case, by 
equating the electrostatic and electromagnetic forces involved, there 
follows 

Xe = Hev (1.2) 

whence v may be determined from the known values of X and H. Hence 
also the ratio e I in may be o])taincd. 

Thomson was able to show that the ratio e jm was constarit for all 
cathode rays, irrespective of the nature of the eletjtrodes or the nature 
of the residual gas in the discharge tube for all velocities of tmvcl not 
approaching the velocity of light. The average value of v was found to 
be 2.8 X 10‘* cm. per second. The value of e jni in sucli discharge tubes 
was approximately 1.79 X 10^ electromagnetic units (e.m.u.). This may 
be comj)arcd with the ratio of c jm for a hydrogen ion. It was known 
that the charge carried Idj^ such an ion is about 4.8 X 10“^° electrostatic 
unit (c.s.u.). The mass of a hydrogen ion is 1.64 X 10“^^ gram. Hence 
in electromagnetic units, the charge e jm for a hydrogen ion is 

4.8 X 10 '10 

^ 10' elcctvomaenetic unit^. 


For the ciitliode particle therefore the ratio e jm is approximately 


1.79 X 10' 

5 ;^^- = 1845 times 


greater than that for the hydrogen ion. It is apparent that one of 
several factors may account for this: (1) either the charge on the particle 
is some 1845 times greater than that on the hydrogen ion, the masses 
being identical, or (2) the mass of the particle may be 1 /1 845 of the mass 
of the hydrogen ion and the charges identical or (3) the cathode particle 
may differ in both charge and mass from that of the hydrogen ion. It 
will now be shown that the charge of the cathode particle is identical 
with that of the hydrogen ion and that, therefore, the mass of the cathode 
particle is approximately 1 /1845 of the hydrogen ion. 

15. The Charge Carried by a Cathode Particle: The earliest efforts 
to determine e were made by Townsend, J. J. Thomson and H. A. 
Wilson. Townsend produced his charged particles by electrolysis of 
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solutions at high current densities. The gases thus evolved contain a 
small fraction of the molecules in the charged condition. When these 
charged gases were bubbled through water they formed a cloud or fog, 
Townsend assumed that the number of ions was the same as the number 
of fog particles. He determined the total electric charge per cubic centi- 
meter carried by the gas. He determined the total weight of the cloud 
by absorbing the water in sulfuric acid. He found the average weight 
of the water droplets by observing their rate of fall under gravity, com- 
puting their mean radius by the application of Stokes's law, 

= 2gTHl%, (1.3) 

where v is the velocity of fall of a drop of water of radius r and density d, 
falling through a gas of viscosit^^ r;, under the acceleration of gravity g, 
Such determinations gave c = 3 X electrostatic unit. 

Thomson’s method was similar to Townsend’s but utilized the ob- 
servation of C. T. R. Wilson that the sudden expansion and consequent 
cooling of the air in the ionization vessel gave a convenient method of 
producing the cloud formation. The ionization was produced by means 
of X-rays. Thomson ol)taincd his measurement of total charge by de- 
termination of the current carried by the cloud under the influence of a 
weak electromotive force. Ho weighed the cloud produced and utilized 
Stokes’s Law as in Townsend’s work. 

Thomson’s mode of experimentation was modified by H. A. Wilson 
who studied the rate of fall of the cloud under gravity alone and also 
under the combined action of gravitv and an electrostatic field. The 
ratio of the velocities, V\ and v^y under gravity .alone and with the com- 
bined action of gravity and an electrostatic field X is given by the equation 


vx _ mg 
V 2 mg + Xe 


(1.4) 


Combining this with Stokes’s Law (1.3) for Vi and eliminating m by the 
expression m = iiirf'^dy Wilson obtained the expression 


c — 



(1.5) 


This yielded for e a mean value of 3.1 X 10"^® e.s.u. 

Millikan's ^ Balanced Drop' Method: This represents a distinct advance 
on the H. A. Wilson method. Millikan succeeded in studying the be- 
havior of individual droplets which could be held suspended in the field 
from 30 to 60 seconds and carried charges varying from le to Ce. The 
charges were all exact multiples and revealed positively the unitary nature 
of electricity. The ionized cloud after formation between parallel plate 
electrodes was subjected to a potential gradient which eliminated all 
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particles except those with the right ratio of charge to mass to be held in 
suspension in the field. The rate of fall of such particles under gravity 
was observed with a telescope in the eye-piece of which three equally 
spaced cross hairs were placed. Any error due to evaporation could be 
checked firstly by its stationary condition in the field and also by the 
times taken to fall through the two equal distances between the cross 
hairs. From such determinations a value of e = 4.65 X 10“^° c.s.u. 
resulted. 

Millikan^s Oil Drop Method: ^ A diagram of the apparatus used is 
shown in Fig. 1.1. The droplets investigated were introduced into the 



chamber D by means of the atomizer A in the form of a finely divided 
spray. Eventually one of these droplets finds its way through the aper- 
ture, p, into the space between the condenser plates, M and N, The hole 
p is then closed and the air between the plates ionized by a source of 
X-rays, X. Illumination is secured from the arc lamp, a, the heat rays 
being removed in filters w and d. The motion of the illuminated droplet 
is observed through a microscope fitted with an engraved scale. By 
collision with ions of the air the droplet acquires an electric charge, and 
then moves between plates M and A in a direction governed by the sign 
of the acquired charge and with a speed indicative of the size of the charge 
carried. By reversal of the sign of the charge on M and N the direction 
of motion of the droplet can be reversed. In this way the droplet could 
be kept travelling back and forth between the plates. As a mean of 17 
determinations of the times which the droplet required to fall between two 

1 Phys. Rev., 2 , 143 ( 1913 ). 
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fixed cross hairs in the observing telescope, whose distance apart corre- 
sponded to a distance of fall of 0.5222 cm., a value of 13.595 seconds with 
a maximum deviation of rfc 0.2 sec. was obtained. When rising under 
the influence of an electric field produced by applying a potential difler- 
ence of 5051 volts, the successive times required varied in the following 
way: 12.5, 12.4, 21.8, 34.8, 84.5, 84.5, 85.5, 34.G, 34.8, 16.0, 34.8, 34.6, 
21.9 seconds. It will be seen that, after the second trip up, the time 
changed from 12.4 to 21.8, indicating, since in this case the drop was 
positive, that a negative ion had been caught from the air. On the next 
trip another negative ion had been caught. The next time, 84.5, indicates 
the capture of still another negative ion. From the equation 


ih __ mag 
vi Xe — mag 


rridg 

or e = (z;i + 

Xvi 


(l.C) 


where rrid is the mass of the droplet, it follows that the change in velocity 
produced by the acquiring of an extra charge can be given by eliminating 
TTid and solving the equations thus: 


(а) t — 34.8 secs, against gravity vi V 2 = 

(б) t = 84.5 secs, against gravity vi V 2 = 


/ 0.5222 0.5222 \ 

V li595 34.8 ) ' 

/0:52^ 0.5222 \ 

V 13;51)5 84.5 / ' 


The velocity difference between (a) and (b) is 


0.5222[(l/34.8) — (1/84.5)] = 0.00891 cm. per second. 

In this manner it was shown that successive cai)tures of an ion effected 
changes in the velocity of rise against gravity respectively equal to 
0.008912, 0.008911, 0.008903, 0.008883 and 0.008931 cm. per second, all 
of which are within l/5th of 1 per cent of the mean value of 0.00891 cm. 
per second. This therefore represents the change in the sum of the 
speeds Vi and V 2 caused by the capture of one ion. Relationshipis of this 
sort were found to hold absolutely without exception, no matter in what 
gas the droplets had been suspended or what sort of droplets were used 
upon which to catch the ions. Experiments were conducted over five or 
six hours, hundreds of ions per droplet were caught and recorded by the 
change of speed. Here then is direct proof that the electrical charges 
found on ions all have exactly the same value or else small exact multiples 
of that value. This is the most conclusive proof of the * atomic’ nature 
of electricity. 

From the preceding equation, with the data obtained in this study of 
the behavior of the oil droplets, accurate values for the ratio ejirid could 
be deduced. To obtain the magnitude of the unit charge e it was neces- 
sary however to determine the mass of the droplet. For this purpose 
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Stokeses Law could be employed to determine the radius and therefore 
the volume and mass of the droplet. To attain in these calculations the 
same high degree of precision which was obtained in the velocity deter- 
minations just recorded, Millikan found it necessary to make an investiga- 
tion into the limitations of Stokes’s Law with variation in the medium 
and with variation in the droplet size. On completion of this study, 
which revealed the necessity of correcting Stokes’s Law for inhomo- 
geiieities in the medium — a correction which was finally made as an em- 
pirical function of the ratio of the mean free path of the gas molecules of 
the medium I to the radius of the droplet r — Millikan derived a corrected 
form of the Stokes’s equation from which the radius of the droplet was 
determined, 

Wi = ^ ^ (Ad — d»i) ^ 1 -b A “ I (1-7) 

in which dd is the density of the drop, that of the mediuip, A an 
empirical constant, tire other terms having the same significance hs given 
previously. In this manner, the magnitude of e was finally obtained 
with a degree of precision embodied in the following expression: \ 

c - (4.774 =t 0.005) X lO' e.s.u. 

Subsequent research has revealed tliat this determination of c does 
not possess the accuracy indicated. The princi])al source of error was 
in the value assumed for the viscosity of the air in which the droplets 
moved. Millikan employed a value of (1822. G ± 1.3) X 10^^ e.g.s. 
unit. More recent viscosity determinations give a weighted mean value 
of (1832.5 ±1.5) X 10' e.g.s. unit and a weighted mean value from oil- 
drop determinations of 

e = (4.803G ± 0.0048) X lO-^^ e.s.u. 

16. Electron Charge from Other Measurements: It is now believed 
that the elementary charge e on the electron is more accurately deter- 
mined by other measurements than by the oil-drop method. A number 
of different methods have been employed to give values for three funda- 
mental constants, the electron charge, e, the specific charge, e/m, and the 
ratio of Planck’s constant, 1i (see Chap. 4) to the electron charge, e. 
These interlocking determinations have revealed small discrepancies be- 
tween the three constants that have, thus far, not been resolved. The 
methods enjoying a high degree of confidence include a determination 
of e from measurements witli X-radiation and a ruled grating to determine 
wave length (Chap. 7), from spectroscopic determinations, and from the 
minimum voltage V at which electrons are able to produce X-rays 
(Chap. 4). Birge ^ has recently examined all the available data and 

^Rev, Mod. Phys., 13, 233 (1941). 
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concludes that, at the present time, the following represent the best 
‘consistent’ set of values for these several quantities 

e = (4.8025 ± 0.0010) X 10“^° abs. e.s.u. 
e/m = (1.7592 ± 0.0005) X 10^ abs. e.m.u.g”h 
hje = (1.37929 ± 0.00023) X lO"^"^ erg sec. e.s.u“^. 
h = (G.6242 d= 0 . 0024 ) X 10-27 erg sec. 

17. The Avogadro Constant: This constant is secured by combining 
the value of e with that obtained in clectrocliemical work for the value of 
the faraday, the quantity of electricity necessary to liberate one gram 
ion of a univalent element in electrolysis. From the data of Birgc just 
cited this amounts to 9648.7 rb 1 e.m.u. or in electrostatic units to 
9648.7 X 2.99776 X 10^“ e.s.u. This quantity is equal to the elementary 
charge, c, multiplied by the number of atoms in one gram atom, i.e. the 
Avogadro number, N: thus, 

9648.7 X 2.99776 X KP 
' 4.8025 X 10“^« 

= (6.0228 ± 0.0011) X UP mole-h 

18. The Mass of the Hydrogen Atom: Given A, the Avogadro num- 
ber, the mass of the hydrogen atom is obtained from the atomic weight 
of hydrogen by simple division. On the chemical scale the atomic weight 
is (1.00785o ± 0.0090 la) according to data subsequently to be discussed, 
derived from ol)servations of nuclear change. The mass of the individual 
atom becomes 

1.007856/6.0228 X lO^^ = (1.G7339 ± 0.00031) X 10“^" g. 

19. The Mass of the Electron and Derived Quantities: The mass of 
the electron is most readily derived from the accepted values for e and 
elm. Expressing both in electrostatic units one obtains 

mo = 4.8025 X 10-^7(1.7592 X 10' X 2.99776 X 10^°) 

= (9.1066 ± 0.0032) X 10“28 g. 

It should be observed that mo is the so-called rest-mass of the electron, 
the mass of an electron which is moving slowly relative to the velocity of 
light. This is true of electrons produced in discharges through gases. 
Electrons produced in some processes of radioactive decay have velocities 
more than 90 per cent that of light. The mass, m, of such particles, on 
the basis of the theory of relativity is m = mo/(l — (vjcyy^ where v is 
the velocity of the electron and c that of light. 

The ratio of the mass of the hydrogen atom to that of the electron 
becomes 1.67339 X 10“2V9.1066 X 10-2« = 1837.5 dh 0.5. By deducting 
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the mass of the electron from that of the hydrogen atom the mass of the 
proton becomes (1.67248 d= 0.00031) X lO”^'* g. The ratio of the mass 
of the proton to that of the electron becomes 1836.5 zh 0.5. Also, on the 
chemical scale, the atomic weight of the electron becomes l,00785b/1837.5 
= (5.4847 zb 0.0017) X 10“^. 

20. The Size of the Electron : The radius, r, of the electron is given, 
at least as to order of magnitude, by the expression r = e^lmc^ which, 
with the data of the preceding sections, is approximately 2.8 X lO"^® 

It is of importance to note that this is an entirely lower order of magnitude 
than the atomic radius which approximates to 10~® cm. (See Chapters 
3 and 7.) 

21. The Inter-relation of Mass and Energy: The relativity expr^ession 

for the mass of a particle in terms of its velocity m — mo/(l — {vjcyy^^ 
involves as a consequence a direct relation between mass a4d energy. 
The increase in kinetic energy dE resulting when a force F acting on a 
body nlHves through a distance dx is equal to Fdx, If, for thi force F^ 
the rate of change of momentum be substituted then \ 

dE = d(mv)ldt‘dx. \ (1.8) 

Since the velocity v of the particle is dx/dt the expression takes the form 

dE ~ vd{mv) — v^dm + mvdv. (1-9) 

The relativity expression for velocity in the form m^(c^ — v^) = moV 
gives on differentiation 

(^2 _ v-)dm — mvdv — 0. (1-10) 

0 

From this expression it follows, by combination with (1.9), that 

dE = cHm. (1.11) 

This relation may be extended to all forms of energy such that, quite 
generally, 

E = mc\ (1.12) 

where c is the velocity of light in cm./sec., energy being expressed in ergs 
and mass in grams. This is the generalized law which governs all mass- 
energy relations. 

The law of conservation of mass was formulated by Lavoisier upon 
the basis of his own experimental measurements. It received its most 
critical experimental test when applied to ordinary chemical processes in 
the closing decade of the 19th century and the first decade of the present 
century at the hands of Landolt. He determined the masses of various 
reacting systems before and after reaction in closed glass vessels. The 
masses of reagent approximated 300 g. and could be weighed to an ac- 
curacy of several thousandths of a milligram. The greatest precautions 
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were necessary to eliminate errors due to changes in adsorbed moisture, 
in the volume and temperature of the reaction system. The reactions 
were double decompositions, for example, HIO 3 + 5 HI = 3 I 2 + 3 H 2 O, 
the majority in aqueous solutions. Of approximately fifty different ex- 
periments approximately one half showed a slight gain, the others a slight 
loss, all the differences lying, however, within the limits of error of 
db 0.03 mg. This signifies that, in such chemical processes, the law of 
conservation of mass holds to within an error of 1 part in 10^. 

According to the mass-energy relationship just established, E — mc“, 
for a reaction involving the evolution of 10^ calories per mole, the system 
should suffer a loss in mass of 10^ X 4.2 X 10V9 X 10^° = ca. 0.5 X 10“® 
g. per mole. It is thus evident that, for a system of mean molecular weight 
of lOd g., the occurrence of a chemical reaction involving 10 kcal. per mole 
is constant in weight to within 1 part in 2 X lO^h The Landolt experi- 
ments attained precision some 1000 times less than would have^been 
necessary to detect such changes in mass. It is further evident, however, 
that, in the nuclear reactions now attainable and involving energy changes 
corresponding to millions of electron-volts (M.e.v.), changes in mass, 
readily detectable by modern precision measurements, will occur. These 
changes are related to the energy changes by the Einstein relation which 
becomes therefore the basis for a comprehensive principle of conservation, 
that of energy and mass, regarded as equivalent one to another, and re- 
lated by the expression E = mc^. 

22. The Investigation of Atomic Architecture : The methods employed 
for exploring the architecture of the atom consist in determining the 
influence of the atomic constituents on various imi)inging radiations. 
Lenard and his co-workers examined the scattering of beams of electrons 
by atoms. It was found that swift electrons (cathode particles) en- 
countered little resistance in their passage through atoms which behaved 
as though they were largely transparent to such impinging particles. 
Massive atoms with a radius of ~ 10“® cm. would be practically impene- 
trable to electrons. It was these experiments which suggested to Lenard 
a concept of an atom with a small impenetrable center surrounded by a 
cloud of electrons, this latter offering but little resistance to the passage 
of swiftly moving electrons. 

The quantitative development of the concept of the nuclear atom is 
due to Rutherford who in 1911 iifitiated experiments on the scattering 
of cK-particles by atoms. Owing to their great mass relative to the 
electrons, a-particles are uninfluenced by the electrons with which they 
come in contact. They are, however, stopped or deflected by the more 
massive positive nuclei of the atoms through which they pass. 

Proof of the minuteness of the atomic nuclei is obtained by a study of 
the tracks of the a-particles and |S-particles or electrons through gases. 
Photographs of such tracks are obtainable since the gas through which 
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the particles pass is ionized and the ions may be rendered visible by the 
condensation of water vapor upon them. This is the technique of the 
Wilson cloud chamber. Study of photographs so obtained shows that 
a jS-particle may pass through as many as 10,000 atoms before it comes 
near to an electronic constituent of any of the atoms to detach it from 
its system and form an ion, a circumstance indicative of the relative 
freedom of the atomic space from such electronic constituents. The 
cloud photographs reveal, on the other hand, that, on the average, an 
a-particle passes through 200,000 atoms without approaching near enough 
to the nucleus to suffer appreciable deflection. This leads to the conclu- 
sion that the positive nucleus is but a minute fraction of the total atomic 
volume. 

23. The Nuclear Charge: The number of free positive charges on the 
nuclei of atoms was defined by studies of Rutherford and his co-workers 
on the scattering of a-particles in passing through various metal foils. 
The effective deflecting force causing the scattering of iin a:-partiole of 
charge 2c by a massive atom of charge Ze is the (‘.oulonib force 2ZcVr^ 
where r is tlic distance separating the nuclei. The orbit oi\ the a-particle 
is, therefore, a hyperbola with the nucleus, of charge Ze,\as the focus. 
The distribution of the scattered ar-i)articles is determined by projecting 
a stream of a-particles normally to a thin metal foil aiid counting scintilla- 
tions produced on a fluores(;ent screen located at various positions on a 
circular arc centered at the scattering foil. 


TABLE 1.2 

Nuclear Charges prom Scattering -Experiments 


lOlcmeiit 

Atomic NuTTibor 

Z 

InvcRtigator 

Ft 

78 

77.4 ± 1 

Chadwick 

Ag 

47 

4C.3 ± 0.7 

{1 

Cu 

29 

29.3 ± Q.f) 

It 

Au 

79 

79 ± 2 

(Imdwick and Rutherford 

A 

IS 

19 

Auger and Perrin 

Air 

0,7 

0.5 

C. T. R. Wdson 


The conclusion initially reached in the scattering experiments was 
that the nuclear charge was approximately equal to one-half the atomic 
weight. This conclusion agreed with earlier work by Barkla on the 
scattering of X-rays. As is now well known, the charge Z on the nucleus 
and the number of extra-nuclear electrons are equal and the number is 
known as the atomic number. In Table 1.2 the results of scattering 
experiments are compared with known data for the atomic numbers. 
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24. The Atomic Number: The actual count, with precision, of the 
extranuclear electrons in elementary substances was accomplished by 
Moseley, 1914. The suggestion of Laue, 1912, that the regular spacing 
of atoms in a crystal could be utilized, on the principle of a grating, for 
the analysis of short wave-length ether waves, had been translated into 
actual practice by the Braggs, an X-ray spectrometer devised and tlie 
wave lengths of various X-rays determined. Moseley, in 1914, utilizing 
a wide variety of elements as targets in the X-ray bulb, found that, in 
additon to general X-radiation which all emitted, each element emitted 
X-radiations characteristic of the given element. As the voltage over 
an X-ray tube is raised above a certain definite value, the anti-cathode is 
observed to emit an X-radiation which is characteristic of the material 
of the target and which is much more intense than the continuous radia- 
tion. For each element it is thus possible to obtain a series of mono- 
chromatic X-radiations. These rays as shown in Fig. 1.2 (which is a 
typical spectrum) arc classified according to their wave lengths into 
Kj L, Mf etc. Moseley carried out an investigation in which he measured 
the wave lengths of the lines in the K and L series for most of the elements. 
He found that tlie spectia of the different elements, beginning with that 
of aluminum and ending with 
that of gold, could be ar- 
ranged in the same order as 
in the periodic table, and 
that under these conditions 
the wave length of any one 
characteristic line of the K 
or L series decreased regu- 
larly with increase in the ordinal number of the element in the table. 
Furthermore, Moseley found that if he assigned to each element a num- 
ber, Zj corresponding to its jdace in the periodic table (A1 = 13, Si = 14, 
etc., as far as Au = 79), there exists for each type of radiation a simple 
relation of the form 

= a(.Z - iVo), (1.13) 

where v is the frequency, and a and No are constants. 

These measurements have been repeated and extended by de Broglie, 
A. W. Hull, and M. Siegbahn.^ Fig. 1.3 shows the K series for some of 
the elements between As and Rh as photographed by the latter. The 
dark line on the extreme left hand corresponds to a wave length zero. 
The first line in each spectrum is found on closer examination to consist of 
two lines very close together. These are known as tlie and ai lines of 
the K series. The darker lines to the left may also be separated into 

^M. Siegbahn has reviewed the observations on X-ray spectra and their 
relation to Moseiey's law in Jahrb. d. Rad, u. Elektronikj 13, 296 (1916). 
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Fig. 1.2. K, L, M, etc., Series 
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two lines, known as the fit and 02 lines of the K series. Now the sig- 
nificance of Moseley's law is this: If we plot the square roots of the fre- 
quency, or (what amounts to the same thing) the values of Vl/X for any 
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Fig. 1.3. K Series for Elements As-Rh 


one of these lines, as ordinates against the ordinal number Z, we obtain a 
straight line for each of these characteristic radiations, as shown in Fig. 
1.4, The value of Z thus determined is known as the atomic number. 

The order of increasing frequency was that of the elements arranged 
in the order of their atomic weights with conspicuous and significant 
exceptions. A missing element in the periodic order gave a missing step 
in the increment of the square root of the frequency. In the whole series 
of elements ranging from hydrogen = 1 to uranium = 92, six such gaps 
were found indicating that six elements were still unknown in this interval. 
In 1923, Hevesy and Coster discovered Hafnium, Z = 72, In 1925, 
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Noddack announced the discovery of Masurium (43) and Rhenium (75)* 
In 1926, Hopkins indicated the possible presence of Illinium (Cl) in as- 
sociation with rare-earth elements. Element No. 87 has been found by 
Mile Perey as a rare branching product in the natural radioactive ac- 



Fiq. 1.4. Relation between Atomic Number and Frequency 


tinium family (Sect. 27). Perrier and Segr6 found No. 43, the masurium 
of Noddack among the products of bombardment of molybdenum nuclei. 
Element No. 61 has probably been produced by nuclear bombardment of 
neodymium. In 1940 the final missing element, No. 85, was prepared 
by Qf-particle bombardment of bismuth. It is more metallic than iodine 
but accumulates, like iodine in the thyroid gland. It is radioactive 
emitting 2 or-particles. Element No. 93 arises from neutron bombard- 
ment of uranium. 

25. Nuclear Constitution: The mass of the atom, save for the minor 
amount associated with the extra-nuclear electrons, is concentrated in 
the nucleus. If this nuclear mass were ascribed to constituent protons 
the number of these would be given by the atomic weight A. Since the 
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atomic weight is greater than the net nuclear charge Z it was suggested 
that the nucleus might also contain electrons, A-Z in number. The 
stability of such systems was regarded as doubtful. 

Rutherford in 1920 had suggested the existence of particles of unit 
mass and no charge. To these possible particles he gave the name neu- 
trons. Experimental proof of the existence of such neutral primary par- 
ticles was furnished in 1932, by J. Chadwick, as products of bombardment 
of light nuclei by a-particles. With such particles, the characteristics of 
the nucleus as to charge and mass can be accounted for on the assumption 
that the nucleus contains Z protons and A-Z neutrons. 

26. Radioactive Disintegration: The phenomenon of spontaneous 

disintegration in the radioactive substances discovered by Becquerel, 
Pierre and Marie Curie (1896-1898) is to be attributed to an instability 
of their nuclei. Three types of radiations were recognized by their 
behavior under the influence of a magnetic field, a-partic'lcs carrying a 
positive charge, ^-particles a negative charge and 7 -rays\ uninfluenced 
by the field. \ 

The a-particle was shown by Rutherford to be a helium atom, of mass 
4, with a double positive charge, Ile’^'*'. This is now known as the helium 
nucleus. The a-])articles are emitted with a velocity 1/15 to 1/20 that 
of light and, in their progress through their environment, both capture 
electrons and lose them again. As their velocity diminishes, they tend 
more and more to retain captured electrons yielding, finally, neutral 
helium atoms. At high velocities they travel in straight lines through the 
electronic fields of the atoms, removing electrons and thus producing 
ionization. As their velocity ai)proaches zero, they suffer deflections 
from their straight line of flight, a phenomenon tertned scattering. Very 
rarely, a large deflection or reversal of direction occurs. The great rarity 
of this phenomenon led Rutherford to the conception of the nuclear atom, 
a minute nucleus surrounded by planetary electrons. 

The ^-particles emitted by radioactive matter are swift electrons which 
also originate in the nucleus. Some jS-particles have a velocity which is 
99.8 per cent of the velocity of light. Owing to their small mass, they are 
more easily deflected by electrostatic and electromagnetic fields than are 
a-particles; they have a much smaller ionizing power, are more easily 
scattered and therefore pursue a more tortuous path in a gas. 

The y~rays are extremely short wave-length X-rays, are, therefore, 
electromagnetic disturbances of the same nature as light. They have 
extremely great penetrating power, in excess even of the hardest X-rays 
produced in discharge tubes. They are not deflected by magnetic or 
electrical fields. 

27. The Radioactive Series: The spontaneously radioactive elements, 
some forty in number, with atomic weights lying, with the exception of 
the feebly radioactive elements K, Rb and Sm, between the atomic weight 
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limits of 206 and 238, belong to three radioacth^e series. These are 
designated by the parent elements of each series, respectively uranium, 
thorium and actinium. Radium belongs to the uranium series ; the parent 
in the actinium series is probably a uranium isotope present in constant 
amount in the uranium minerals. Each series, in addition to the normal 
sequence of disintegration products, shows a branching of the series occurs. 
Thus the change from uranium Xi to ui’anium-ii occurs in two branches, 
99.65 per cent over uranium Xa and the residue by uranium Z; also the 
change from uranium C to D occurs 99.97 per cent via RaC' and 0.03 
per cent via RaC". A similar branching occurs in the thorium series 
from ThC to ThD, 65 per cent over ThC' and 35 per cent over ThC". 
Eor the actinium series a branching from AcC to AcD occurs 0.16 per c^ent 
over AcC' and 99.84 per cent over AcC". This branching is shown 
graphically for the RaC-RaD transition in Fig. 1.5. The UZ transition 



SI 82 83 

Fig. 1.5. llaC ’ -Rai ) 1 hanch ed Transition 

to U-ii is not shown on tliis diagram. The individual radioactive ele- 
ments, tlicir atomic weights and atomic numbers togetlicr with their 
important constants are summarized in the three tal)lcs wliich follow 
(Tables 1.3, 1.4 and 1.5). 

28. Radioactive Disintegration and the Periodic Table: As knowledge 
of the properties of the elements formed in tlie successive stages of radio- 
active decay became more complete, it emerged that the loss of a-particles 
and /5-particles by a radioactive element corresponded to a definite shift 
of the group classification of the elements produced in the process of decay. 
The loss of an a-particle in every case produced a shift, two groups to the 
left in the periodic table. Thus Radium (Group II) loses an a-particle 
to give Radon (Ra. Emanation) Group 0. Similarly loss of a jS-particle 
gives rise to a shift of one group to the right in the periodic table. The 
change of Radium B, Group IV to Radium C, Group V is one illustration 
of such change of which, however, there are many. This important 
generalization is shared by several investigators: notably Soddy, Fleck, 
Russell and Fajans. Now, since the a-particle is a helium nucleus 
carrying a double positive charge and since the /3-particle is none other 
than an electron, and since, moreover, these particles are certainly ejected 
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TABLE 1.3 
The Uranium Series 


Klein Riit 

Symbol 

At. wt. 

At. No. 

Raya 

Half-life Period 


Uranium-i 

Ui 

238.2 

92 

a 

4.4 X 10® yr. 


1 






Uranium-Xi 

UXi 

(234) 

90 


24.5 days 

lJranium-X 2 

UX 2 

(234) 

91 


1.14 min. 


t 

Uraniiim-n 

1 

Uii 

(234) 

92 

a 

3.4 X 10® yr. 


* 

Ionium 

1 

lo 

(230) 

90 

a 

8.3 X 10‘yr. 


t 

Radium 

1 

Ra 

226.05 

88 

a 

1590 yr. 


Radon 

Uii 

222 

SG 

a 

3.82 d^ya 
\ 

(Emanation) 






t 

Radium- A 

1 

RaA 

(21 r.) 

84 

a 

3.05 min. 


r 

Radium-B 

1 

Rail 

(214) 

82 

P 

26.8 min.'^ 


t 

Rttdium-C 

IhiC 

(214) 

S3 

/3 and « 

19.7 min. \ 

99.97% 1 O.O; 

i7o 






Radii] 

im-C' 


RaC' 

(214) 

84 

a 

10“® sec. 


Radiu 

in-C" 

1 

lUC" 

(210) 

81 


1.32 min. 


1 







Radium-D 

1 

RaD 

(210) 

82 

0 

22 yr. 


t 

Radium-E 

1 

RaE 

(210) 

83 


5.0 days 


1 

Radiinn-F 

RaE 

(210) 

84 

a 

140 days 


(Polonium) 


1 





Radium-G 

RiiG 

206 

82 

— 

— 

(Uranium lead) 







from the nucleus, it follows that the difference between the nuclei of 
successive atoms in neighboring groups of the periodic table consists in 
the extra unit of positive charge which the heavier nucleus possesses. 
The atom itself being electrically neutral, it therefore follows that the 
extra-nuclear electrons must increase by one as the atomic table is 
ascended. The progressive variation in the square root of the frequency 
of the characteristic X-radiation as discovered by Moseley is therefore 
paralleled by a progressive increase of net positive nuclear charge and of 
extra-nuclear electrons. 

29. The Atomic Number and Defects in the Periodic Table : It was 
shown that, on the basis of weight classification, certain definite trans- 
positions of the elements would occur which would not be in harmony with 
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Element 


Protoactinium 

i 

Actinium 

Radioactinium 

I 

Actinium-X 

i 

Actinon 

(Ema^tion) 

Actinium-A 

I 

Actinium-B 

\ 

Actinium-C 
99.84% I 0.16% 

I 

Actin.-C' 


Actin.-C/' 


r~ 

Actinium-D 


TABLE 1.4 
The Actinium Series 


Symbol 

At. Wt. 

At. No. 

Rays 

HtUf'Ufe Period 

Pa 

(231) 

91 

Of 

3.2 X 10* yr. 

Ac 

(227) 

89 


13 yr. 

llaAc 

(227) 

90 

Of 

18.9 days 

AcX 

(223) 

88 

Of 

11.2 days 

An 

(219) 

r.C) 

nr 

3.92 sec. 

AcA 

(215) 

84 

Of 

2X10”® sec. 

ArB 

(211) 

82 


30 min. 

AcC 

(211) 

83 

n and p 

2.16 min. 

AcC/ 

(211) 

84 

a 

5 X 10“® sec. 

AcC" 

(207) 

81 


4.76 min. 

AcD 

(207) 

82 

— 

— 


the periodicity of properties shown by the bulk of the elements when 
arranged on a weight basis. The transposition of argon and potassium, 
of tellurium and iodine and of cobalt and nickel was noted. When studied 
by the Moseley method, the order of the square root of the characteristic 
frequencies of these elements was such as would be anticipated on the 
basis of properties and not that obtained on the basis of atomic weight. 
Argon therefore has an atomic number of 18, potassium 19, cobalt 27, 
nickel 28, tellurium 52, iodine 53. The answer to the query of Ramsay 
as to the lack of complete concordance in the i>criodic classification was 
evident and revolutionary. The atomic weight is not the fundamental 
factor in atomic behavior. The properties of the elements are a function 
of their atomic architecture. Atomic weight is a secondary factor useful 
as a guide in the great majority of cases but at fault in the cases just 
mentioned and certain others now to be discussed. 

30. Isotopes; The existence of elements differing in mass yet identical 
in chemical properties was made familiar by the study of radioactive 
decay. It gradually emerged that the end product in the decay of radium 
was Radium G, radio-lead, identical in chemical properties with that of 
ordinary lead. Moreover, as the change in group classification brought 
about by loss of a- and /9-particles became understood, it was further 
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TABLE 1-5 
Thorium fiyiRUSS 


Element 


Thorium 
Mesothorium 1 
Meftothorium 2 

I 

Badiothorium 

I 

Thorium-X 

Thoron 

(Emaiiaiion) 

Tlioriuin-A 

I 

Thorium-B 

\ 

Thorium-O 
65% I 35';o 
I 

Thorium-C'' 

1 Tliorium-0" 


Thoiiuin-Il 


SymV>ol 

At. Wt. 

At. No. 

Hays 

Half-lifo Period 

Th 

232.12 

90 

a 

1.34 X 10“ yr. 

MsTh, 

(228) 

88 

/3 

6.7 yr. 

MsTh2 

(228) 

89 

0 

6.13 hr. 

RaTli 

(228) 

90 

a 

1.90 yr. 

ThX 

(224) 

88 

at 

3.64 days 

Tn 

(220) 

86 

a. 

54. sec. 

ThA 

(216) 

84 

a. 

0.14 s4c. 

ThB 

(212) 

82 

0 

10.6 lir.\ 

ThO 

(212) 

83 

0 and a 

60.5 mini 

ThCV 

(212) 

84 

a 

\ 

c. 10~^^ sec. 

ThC5" 

(208) 

81 

0 

3.1 min. 

Till) 

208 

82 

— 

— 


evident that Riidium B, Radium D and Radium G wcro all members of 
Group IV in the periodic classification. This is evident from the accom- 
panying chui't, Figr l.G. Furthermore, since loss of an a-particle (helium 
nucleus) results in a diminution in the atomic weight by four units, while 
the iS-pavticle change is without influence on the weight, it is evident that, 
by calculation of the a-particlcs lost in the successive changes, the atomic 
weights of successive products could be deduced from that of radium. 
Assuming an atomic weight of 226 for radium, that of Ra B becomes 214 
(3 Q:-particlcs lost), that of Ra D becomes 210 (4 a-particles lost), and 
Ra G becomes 206 (5 a-particles lost). All these elements have proper- 
ties identical with those of ordinary lead, whose atomic weight is 207.2, 
in all properties except those dependent upon mass. The masses differ 
as can be seen from the above examples by so much as eight units (206- 
214). The end-product of the thorium series of radioactive elements is 
likewise a member of Group IV analogous to load with an atomic weight 
of 208.1. To such elements, identical in properties other than those 
dependent upon mass, the term isotopes was applied. The conclusions 
reached upon the basis of calculation from the atomic weight of lead and 
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the a-particle loss have been abundantly confirmed by actual atomic 
weight determinations. 

The wide variety of elements produced in radioactive decay, their 
similarity of properties, in spite of wide differences in atomic weight, 



would have presented a problem of consideral)le complexity for periodic 
classification had not the Moseley discovery elucidated the true basis of 
classification and demonstrated the secondary importance of the weight 
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relationship. All such isotopes while differing greatly in mass are iden- 
tical in atomic number. Their net nuclear charges are identical. They 
have a common extra-nuclear electronic configuration. They differ only 
in the mass of the nucleus. 

31. Non-Radioactive Isotopes: The existence of atoms of identical 
nuclear charge but differing masses, outside the range of radioactive ma- 
terials, was demonstrated by the investigations of J. J. Thomson and of 
Aston on the properties of the positive rays from a discharge tube. In 
the earlier sections, a considerable discussion has been given of the elec- 
trons liberated from atoms by the action of various forms of energy. 
Little has been stated concerning the residues from such changes. Posi- 
tive rays were discovered by Goldstein in 1886 in the discharge of elec- 
tricity through gases at low pressure. Using a perforated cathode he 
showed that streamers of light were present behind the cathode [perfora- 
tions, and assumed that the light indicated the presence of rays tik veiling 
in the opposite direction from the cathode rays. From the manner of 
their production he termed them ^kanal strahlen.^ Wien showed that 
they could be deflected by a magnetic field. The detailed investigation 
of their properties was undertaken by J. J. Thomson, who gave to\ them 
the term Positive Rays since they were shown to carry a positive charge. 

The rays are produced by ionization of gases 
at low pressures in a strong electric field of the 
order of 30,000-50,000 volts. They are the 
residues from such ionization processes. 

The method of measurement employed by 
Thomson to investigate the cl]^rge and mass of 
such rays is known as the ‘ Parabola * method. 
It consisted essentially in allowing the rays to 
pass through a very narrow tube and then in 
analyzing the fine beam so produced by elec- 
tric and magnetic field. Under the combined 
influence of an electrostatic and an electro- 
magnetic field a ray will be deflected from its 
normal path and will strike a receiving screen 
at a point x, where yjx is a measure of its 
velocity and y'^jx is the measure of e/w, the 
ratio of charge to mass. This follows from the application of simple 
dynamics to the separate actions of the electrostatic field X and the 
electromagnetic field H since 



Fig. 1.7. J. J. Thomson's 
Parabola Method 


X = k(Xe/7nv^) (1.14) 

and 

y = A;'(He/mv) (1.15) 

in the manner previously demonstrated for the electron. The velocity 
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V of the rays may vary however over a considerable range. Hence, for 
constant m but variable y, the locus of impact of the rays with the screen 
will be a parabola, pp' (Fig. 1.7). Rays of larger mass yield a similar 
parabola of smaller magnetic displacement qq'. The displacement of the 
parabolas along the magnetic axis OF at a given value along the electric 
field gives a measure of the relative masses since 

m'lm = ipnyi{qny (1.16) 

With one known parabola, the mass of all other rays can be identified. 

The sharpness of the parabolas, obtained photographically in this way 
by using a photographic plate as receiving screen for the rays, established 
experimentally for the first time the fundamental assumption of the 
Daltonian atomic theory, that the atoms (in these experiments the posi- 
tive rays) of the same element had the same mass. 

32. Mass Spectrographs: Aston improved the technique of positive 
ray analysis by the use of the mass-spectrograph illustrated in Fig. 1.8. 



Positive rays are sorted out into a thin ribbon by means of two parallel 
slits, and ^ 82 , and are then spread into an electric spectrum by means 
of the charged plates. Pi and P 2 . A portion of this spectrum deflected 
through an angle 6 is selected by the diaphragm D and passed through 
the circular poles of a powerful electromagnet 0 , the field of which is such 
as to bend the rays back again through an angle </>, more than twice as 
great as 0. The result of this is that rays having a constant ratio m/e 
will converge to a focus F. If a photographic plate is placed at GF as 
indicated, a spectrum dependent on mass alone is obtained. 

Aston, by successive improvements, has increased the accuracy of his 
measurements to 1 part in 10,000. His earliest results showed that the 
light elements as well as the radio-elements exist as isotopes and that the 
large deviations in atomic weights from whole numbers are due to the 
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presence of several isotopes of such masses and in such proportions as 
will yield the observed atomic weight. Chlorine (A — 35.457) contains 
75,4 per cent of the isotope of mass 35 and 24.6 per cent of mass 37. The 
individual isotopes show small deviations, expressible in parts per 10,000, 
from w^hole numbers. Aston termed such deviations the 'packing 
fraction’; they are important in the problem of nuclear structure and 
stability. 

The discovery of isotopes explained the inverted orders in the periodic 
classification. Thus, argon (A = 39.944) has isotopes of masses 40, 38 
and 30, the first present to the extent of 99.6 per cent. Potassium isotopes 
have masses 39 and 41, the former amounting to 93.3 per cent. 

Other instruments aiming at high precision liave been developed by 
Dempster,^ Bainbridge,^ Bleakney,^ Mattauch ^ and Nier.*'^ Nier has also 
developed an eiTcctive instrument for abundance ratio determinations, 
readily constructed at only moderate expense and very suitable for 
physico-chemical investigations. The apparatus is shown in ^sential 
outline in Pig. 1 .9. Ions of controlled voltage are accelerated through a 
slit system and emerge as a beam at S 4 . The ion beam enters perpen- 
dicularly the homogeneous magnetic field between the V-shaped poles of 
the magnet; it is bent through such an angle as will cause the beam to 
leave the field boundary perpendicularly to reach the collector through 
slit S 5 . The radius of curvature of an ion in the field is given by the. 
formula mfe — 4.82 X lO'WP/y where m/e is the mass-charge ratio of 
the ion, r the radius in cm., 11 the field in gauss and Y the energy of the 
ion in electron volts. The various masses are focussed by keeping H 
constant wdth varying P. Suitable amplification and^ lUeasurement of 
the ions collected j)ermits a determination of relative ion peaks and hence 
the abundance ratios. 

33. Precision Masses of the Ions: Masses determined from traces on 
a photographic plate arc compared with that of the oxygen isotope, 

Such a scale of masses is known as the ‘physical scale’; the ^chemical 
scale’ is based on O = 10, where the oxygen is known to contain isotopes 
of masses 16, 17 and 18. The present accepted relation between the 
two scales taking account of the isotope content of molecular oxygen 
(iGQ . isQ . no = 510 ± 40 : 1 : 0.2) is: 

Ratio of physical to chemical scale, r = 1.0002 

Errors in mass spectrograph ic determinations of mass have been con- 
siderably minimized by simultaneous measurement of 'ion doublets,' with 

1 Dempster, Phijs. Rev., 20, 631 (1922); Proc. Am. Phil. Soc., 75, 755 (1935). 

^Bainbridge and Jordan, Phys. Rev., 50, 282 (1936). 

* Bleakney and Hippie, Phys. Rev., 53, 521 (1938). 

^ Mattauch, Phi/s. Rev., 50, 017 (1936). 

®Nier, Rev, Sci. Inst., 11, 212 (1940). 
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nearly the same mie but different in nature. Two closely-spaced traces 
can be obtained whose spacing represents the mass-difference of the 
ions. Errors in the calibration of the mass scale are simultaneously re- 

TABLE 1.6 

Nttcleau Masses fhom Mass Spectuograph (Livingston and Bethe) 

Physical Scale 


Nucleus 

Mass 

Nucleus 

Mass 

m 

1.00313 ± 0.0,17 

“Be 

n.01292 db0.0a6 


2.01473 ± 0.0,2 

12 c 

12.00398 ± O.O 49 

4He 

4.00389 dz 0.0,7 

13Q 

13.00761 ± 0.0,15 

^Li 

7.01818 ± O.O 3 I 2 

14N 

14.00750 ± 0.0,8 

9Be 

9.01516 ± 0.0a2 

ifiN 

15.00489 ± 0.0,2 

wBe 

10.01631 ± 0.0,2 

160 

16.00000 
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duced. Typical doublets studied are: ^2CH4-^®0; HjtD ; D8'*'-C D 2 -He; 
7Li+-i*N‘''“'‘; CO-N2; CH4-NH2; OH-NHs; O-NH2. Complete cycles of 
interlocking doublets give accurate masses for most of the light elements 
and their isotopes with errors indicated by the data in the attached 
Table 1.6. 

34. Isotope Discovery from Light Spectra: In 1929 the discovery of 
isotopes by examination of spectra produced by absorption or emission 
of light was successful in the case of oxygen, an element which had hitherto 
been thought to contain only the atoms of mass 16. Giauque and 
Johnston ^ examined the absorption spectra of the atmosphere and found 
absorption bands which were interpreted as belonging to compounds con- 
taining two new oxygen isotopes, one of mass 18 and the other a much 
rarer one of mass 17. Oxygen, of mass 16, had been used as the standard 
of mass reference for historical reasons and because of its assuihed sim- 
plicity. Its established complexity at once raised doubts as to the sim- 
plicity of carbon and hydrogen, hitherto also thought to contain only 
atoms of single masses. Birge and King,^ from a study of band spectra 
of gaseous compounds including carbon monoxide, cyanogen and the 
spectra of C 2 , reported the existence of an isotope of carbon of mass 13. 
This discovery led Birge and Menzel ^ to a calculation that the discre- 
pancies between the chemical atomic weight and the mass spectrograph 
value for hydrogen would be resolved if hydrogen contained about one 
part in 4500 of an isotope of mass 2. The experimental search for such 
an isotope by Urey, Brick wedde and Murphy,^ was successful in 1932, 
fractional distillation of liquid hydrogen concentrating the heavy isotope 
in the residue. The presence of the isotope was demonstrated by the 
presence of a faint spectral line in the emission spectrum of the enriched 
hydrogen near the lia line of hydrogen and spaced from it at the correct 
theoretically calculable distance. The discovery by Washburn and Urey ® 
of the method of concentration by electrolysis of water, led to the separa- 
tion of the pure isotope of mass 2, now known as deuterium. 

35. The Separation of Isotopes : The development of the mass spectro- 
graph revealed that, at least in principle, the isotopes were separable and 
that the separation was dependent on the differences in masses accom- 
panying the identity of nuclear charge. Any property dependent on mass 
can be utilized, the attainable efficiency being characteristic of the isotopic 
elements and the method in question. The efficiency is normally ex- 
pressed in terms of a separation or fractionation factor. If Ui and 712 are 
the numbers (or moles) of light and heavy isotopic species in a mixture 

^ Giauque and Johnston, Nature, 123, 318, 831 (1929). 

® Birge and King, Astrophys. J., 72, 251 (1930). 

* Birge and Menzel, Phys. Rev., 37, 1669 (1931). 

* Urey, Brickwedde and Murphy, Phys. Rev., 39, 164, 864 (1931); 40, 1 (1932). 

® Washburn and Urey, Proc. NaL Acad. Sci., 18, 496 (1932). 
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before, and Ni and N 2 are the corresponding quantities after, a given 
separation process which has enriched the lighter isotope then the separa- 
tion factor a for the lighter isotopic substance is 

a = (NilN2)Kniln2). (1-17) 

If the total process be composite of a series of x single separation processes 
then the total or overall enrichment factor A is given by the expression 

A = a*. (1.18) 

The methods of separation employed are generally chosen for their suita- 
bility for the isotope in question and the use to which the product is to 
be put. The more important methods employed are; 

(а) Separation by the Mass Spectrograph: The separation is as efficient 
as the focusing equipment but the quantity separable is small since the 
ion beam is small (~ 10“® amp.). In this way, ®Li has been separated 
from ’Li, in quantities of 10“® g., for disintegration studies. The 
constituent of potassium and ®’Ilb of rubidium were thus separated and 
shown to be radioactive. 

( б ) Separation by Diffusion Processes: Aston used this method origi- 
nally on neon but Hertz in 1932 enormously increased its efficiency by a 
continuous and automatic system employing a series of mercury diffusion 
pumps first with a porous tube and later with a column of mercury vapor 
as the diffusion membrane. Hertz used this to separate pure ^°Ne, and 
hydrogen and deuterium. It has also been used to concentrate and 
heavy carbon in methane, yielding over 50 per cent “CH 4 . The method 
is convenient but the yields per unit of time are low. 

(c) Separation by Gravitational or Centrifugal Diffusion: The well 
known separation of gases occurring in the atmosphere under the influence 
of the gravitational field (Chap. 3) can be adapted to separation by 
centrifugal diffusion with the enormous centrifugal fields now available 
in modern high speed centrifuges. Since the separation factor is 

a = (1.19) 

where M 2 and M 1 are the masses and v the linear velocity of motion in the 
centrifuge, the advantage of centrifugal action is obvious. Also, the 
method is important in that the separation depends on the mass differ- 
ence, not the absolute masses, an especially favorable condition for 
separation of heavy elements. Thus, the chlorine isotopes in carbon 
tetrachloride have been partially separated and the bromine isotopes in 
ethyl bromide, the latter in a centrifugal field equal to 388,000 ^ at a 
peripheral speed of 400 metres per second. An 11 per cent enrichment 
of ’®Br was obtained. 

(d) Separation by Thermal Diffusion and Convection: This separation 
was developed as an effective method by Clusius and Dickel in 1938. 
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The separation produced by thermal diffusion under a temperature 
gradient is multiplied by thermal convection whereby the hot gas is 
carried upwards and the cold gas downwards in a vertical tube with an 
electrically h63ated wire, axially disposed, as the hot surface. Hydrogen 
chloride was separated into the two constituents, IP^Cl and H'‘^C1, with 
more than 99.4 per cent purity of each. The neon isotopes and isotopic 
methanes have been partially separated by this method. The separation 
factor is of the form 

OL = ( 1 . 20 ) 

where I is the length of the column and the constant k involves the masses 
of the species and the temperature gradient 

k = const, (M 2 - MO (In (r/T))/^,(M 2 + Mi), j (1.21) 

It being the length of an ideal unit, that is the column length whmh gives 
a vertical concentration gradient equal to that produced by thermal 
diffusion alone. \ 

(e) Scparoiion by Electrolysis: This method yielded a successful 
fractionation of the hydrogen isotopes to Lewis and his collaborators. 
The procedure involves electrolysis, generally of 0.5 molar sodium hy- 
droxide, between iik^kel anodes and iron cathodes. Separation factors 
a = [H/D]gaa -5- [H/DJiiq. of approximately 5 are obtainable, values as 
low as 3 and as high as 8 having been reported. The separation factor 
decreases with increasing temperature and may be influenced by the 
nature of the electrode material, because of a competitive exchange equi- 
librium H20 (o + HD = HDO(Z) + H 2 , for which the equilibrium! con- 
stant is api)roximatcly 4 at room temperature and 2 atT00° C. 

With other elements the fractionati(3ii factor is much smaller. For 
oxygen it is 1.008 only. For lithium isot()pos a = 1.055. 

(/) Separation by Fractional Distillation: Separations by this method 
are positive but small. Small concentrations of heavy hydrogen, neon, 
oxygen and nitrogen have thus been obtained. The fractional distillation 
of water to yield 112^^0 has been the most successful method of concen- 
trating but a = 1.089 at 11° C., 1.062 at 46° and 1.025 at 100° C. 

A molecular still was early used by Bronsted and Hevesy for minute 
separations of mercury isotopes. It has also been applied to zinc and 
potassium. 

{g) Separation by Chemical Exchange: This important technique was 
developed by Urey. It depends indirectly on the isotopic masses since 
these influence the zero-point energies of the isotopic compounds (iZ)hap. 
5) and the zero point energies in turn determine, in part, velocity of reac- 
tion (Chap. 15). Urey has applied this method to the separation of the 
isotopes of carbon, nitrogen and sulfur. Thus, for example, in the 
reaction, 

i^NHs + ^^NH4+(aq) = ^^Nlla + i®NH4+(aq), 
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the calculated equilibrium constant at 25° C. is 1,033. This separation 
factor is multiplied by the following deduce. Ammonium nitrate sohition 
is flowed down a column past an ascending stream of ammonia, produced 
at the base of the column by interaction of the descending a.mmoiiium 
salt with sodium hjnlroxide. The heavy nitrogen accumulat(?s in tlic 
ammonium salt solution. In a three-stage cascade unit operating on this 
principle the concentration was increased jirogressively to 2.0, 18.9 
and 72.8 per cent in the three units, the initial abundance of being 
0.38 per cent. Similarly the abundance in sodium cyanide solutions 
was raised from 1.1 to 22 per cent. The separations by chcmicad ex- 
change appear to be the best suited for large scale isotope separation Avdieii 
suitable reactions are available. 

36. Nuclear Transformations by a-Particles: Rutherford achieved 
the transformation of sta])le nuclei in 1919 using swift a:-pai'ti(dcs from 
RaC' as the bombarding source. These «-i)articles have a range of 6.97 
cm. in air. With an apparatus filled with liydrogen, scintillations were 
observed at distances exiuivalent to 29 cm. in air, arising from ehistic 
collisions between hydrogen and helium nuclei. 

With nitrogen, particles with a range equivalent to 40 cm. in air were 
observed. Since such ranges could not arise from clastic imi)acts with 
helium it was assumed that they must be due to protons ejected from the 
nitrogen nucleus. AVc may formulate such a nuclear reaction by the 
equation 

iHe + = ’?0 + In, 

where the mass is indicated at the upper left and the atomic, number at 
the lower left. If protons arc the only ejected product the conservation 
principle demands that the nuclear residue sliall be of mass 17 and atomic 
number 8, i.e. an oxygen isotope. Chadwick and Rutlicrfoi'd found 
hydrogen nuclei from collisions of ct-particles with boron, nitrogen, 
fluorine, neon, sodium, aluminum, silicon, phosphorus, sulfur, (dilorine, 
argon and potassium. 

37. Further Nuclear Bombarding Agents: In 1932, Chadwick identi- 
fied l/ie neutron, a particle of unit mass and no charge, arising frojii the 
a-particle bombardment of beryllium. The possibility of cmi)loyijig such 
a particle in nuclear reactions, due to the absence of charge, was im- 
mediately obvious. In the same year Cockcroft and Walton imj^artod 
high velocities to protons and showed them to be effective agents for 
bombarding the lithium nucleus, to yield lielium nuclei with a range 
of 8.4 cm. 

lu + iH = 2 aic. 

Simultaneously, in California, Lawence and his co-workers employed 
deuterons in the newly-develoi)ing cyclotron. Thus, 

SLi -I- iD = 2 aie 
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and 

iLi + ?D = 2 iHe + In, 

where the symbol In designates a neutron. In addition to these material 
particles short wave photons, or -y-rays, have also been employed for 
nuclear reactions 

?D -I- hv(y) = iH + In. 


38. The Neutron: The principal neutron-producing processes are 


(а) Deuteron-Deuteron interaction, 

( б ) Lithium-Deuteron interaction, 

(c) Beryllium-Helium interaction, 

(d) Deuterium- 7 -ray interaction, 


2D + “D = me + In, 
’Li -h = me + 
Cf^e -h me = 12C + In, 
2D + hv(y) = + ^n. 


Neutrons are uncharged particles of approximately unit malss with a 
unique penetrating power. Because of their lack of charge\they are 
uninfluenced by the outer electrons of atomic systems and suffer collisions 
with nuclei, the approach being unhampered by the repulsive forces 
operative between positively charged particles and other nuclei. \ Again, 
because of lack of charge, their range is large, equivalent to 'several 
kilometers in air. In collision with light nuclei they give up energy, 
especially to hydrogen-rich materials such as water and paraffin. In this 
way Fermi reduced the speed of neutrons finally to values comparable 
with those due to thermal motion. With decrease in neutron-energy the 
cross-section of the nucleus for capture of a neutron is markedly in- 
creased. For fast neutrons this cross-sectional area is about cm 2 , 
but with slow neutrons, areas IO 2 -IO'* times this vakie have been ob- 
served. Neutrons thus become valuable bombarding agents for nuclear 
transformations. 

The interaction between a deuteron and a 7 -ray is the basis for de- 
termining the neutron mass. From the Einstein mass-energy relation, 
if the energy E ergs is employed to disintegrate a mass mi into masses 
m 2 and m 3 , it follows that mi + Ejc^ = m 2 + ms where c is the velocity 
of light. Such observations with deuterons and 7 -rays yield a value 
for the mass of the neutron of 1.00893. 

Similar calculations from nuclear processes may be used to give exact 
nuclear masses of the lighter elements and these, in general, confirm those 
from mass spectrographic data. 

39. The Production of High Velocity Ions as Projectiles: Five differ- 
ent techniques have been employed to produce nuclear projectiles: (a) the 
voltage multiplier, (b) the cascade transfQrmer, (c) the electrostatic 
generator, (d) the high intensity discharge tube, and (e) the cyclotron. 

Cockcroft and Walton developed the voltage multiplier. Condensers 
are charged in parallel and discharged in series. Alternating current at 
250 kv. can thus be multiplied to give potentials of 800 kv. at currents 



Ch. 1-39 


THE ATOMIC CONCEPT OF MATTER 


39 


as large as 100 fio., (microamperes). The cascade transformer was de- 
veloped for deep-therapy X-ray tubes. Recently currents of 250 ^a. at 
10® volts (1 million volts = 1 M.v.) have been focused on a target of 1.2 
cm. diameter. The Van de Graaff electrostatic generator carries, on an 
endless belt of insulating material, an electric charge from a high voltage 
rectifier to a large hollow collecting sphere, which accumulates the poten- 
tial steadily. Ion currents of a few milliamperes at potentials up to 
5 M.v. have thus been obtained. Smaller generators built inside pressure 
tanks at 6-7 atm. yield ions up to 2.2 M.e.v. High intensity discharge 
tubes yielding 200 ^la. at 200 kv. intensity have been employed by 
Oliphant. 

The most popular technique for the attainment of high energy ions 
is that developed by E. O. Lawrence, known as the magnetic resonance 
accelerator or, more generally, the cyclotron. Lawrence’s method makes 
use of the principle of repeated acceleration of the ions by a sort of reso- 
nance with an oscillating field. The ions circulate back and forth from 
the interior of one electrode to the interior of another, as may be seen 
from the diagrammatic outline in Fig. 1.10. Two electrodes, A, B, in the 



Fig. 1.10. Schematic Diagram of the Lawrence Cyclotron 

form of semi-circular hollow plates are mounted in a vacuum tube in 
coplanar fashion with their diametral edges adjacent. By placing the 
system between the poles of a magnet, a magnetic field, H, is introduced 
normal to the plane of the plates. High frequency electric oscillations 
are applied to the plates so that there results an oscillating electric field 
in the diametral region between them. 

With this arrangement it is evident that, if at one moment there is a 
positive ion at a between the electrodes and electrode A is negative with 
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respect to B, the ion will be accelerated to the interior of the former. 
Within the electrode the ion traverses a circular path because of the 
maj^netic field, and ultimately emerges again between the electrodes; this 
is indicated in the diagram by the arc {a ... h). If the time consumed 
by the ion in making the semi-circular j^ath is equal to the half-period of 
the electric oscillations the electric field will have reversed and the ion 
will receive a second acceleration, passing into the interior of B with a 
higher velocity. Again it travels on a semi-circular path (h ... c) but 
this time the radius of curvature is greater because of the greater velocity. 
I’or all velocities (neglecting variation of mass with velocity) the radius 
of the path is proportional to the velocity, so that the time required to 
traverse a semi-circular path is independent of ion velocity. Therefore, 
if the ion travels its first half circle in a half cycle of the oscillations it will 
do so on all succeeding patlis. Hence, it will circulate on evet widening 
semi-circles from the interior of one electrode to the interior ofUlie other, 
gaining an increment of energy on each crossing of the diametral region 
C(UTcsponding to the momentary ])otcntial difference between \the elec- 
trodes. Thus if, as in the early experiments of Lawrence and Livingston, 
high fretiuoncy oscillations having peak values of 4000 volts are' applied 
to the electrodes and protons are caused to sj^iral around in the electrodes 
150 tijiies they will receive 300 increments of energy acquiring thereby a 
speed corresponding to 1.2 M.v. Lawrence has built a sequence of cy- 
clotrons varying in beam energy from 80 kv. to 16 M.e.v. The beam 
from this lattc-jr extends 60 inches through air after leaving the cham]:)er. 
A new giant cyclotron whose beam, it is expected, will range in voltage 
from 100 to 300 M.v. is under construction in Berkeley. This beam may 
be expected to penetrate 140 feet of air. 

40. Type-Reactions of Nuclear Disintegration : The number of nuclear 
roacdiions has Ijccome so large that they arc now subdivided into type- 
reactions with a shorthand notation descriptive of each. There are used 
as projectiles, and appear as disintegration products, a-particlcs, protons, 
deuterons, neutrons and y-rays. To these are assigned respectively the 
symbols a, p, d, n and 7. The reactions are designated by the symbols 
of the projectile and product. Thus, a-particle disintegrations yielding 
protons are of the a-p type. A neutron bombardment which yields 
an a-particle would be symbolized as n-oL. If such a designation is pre- 
ceded by the chemical symbol of the substance bombarded, the reac- 
tion is completely specified. Thus, ®Li, n — a designates the reaction 
sLi + In — iH d- yHe, since from the required balance of charge and 
mass, the other disintegration product must be a hydrogen isotope 
(Z — 1) and of mass 3. Quite generally for a nuclear charge Z of atomic 
weight A, an a~p type reaction can be written: 

+ HTc = + 2) = 4- 1) + 'H. 
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Eighteen such types of nuclear disintegration arc known and are summa- 
rized in Table 1.7. 


TABLE 1.7 

Type-reactioxs in Nuclear Transformations 


Number 

Shorthand 

N otatioLi 

Nuolcai lU'ai 

L’tlOll 

1 

oc~p 



2 



-'-'-»(Z+2)+J71 

3 

a~2n 



4 

p~ct 



5 

p-d 


+=D 

6 



■^^'(Z + 1) + y 

7 

p-n 


•HX+l)+ijl, 

8 

d—a 

A24-2D -^‘'2(^+1)=: 


9 

d-p 


A^->Z +III 

10 

d- p, ot 



11 

d-n 


•'->'(Z + :)+'n 

12 

d^l, OL 

^Z-|-2D =^'‘-i(Z+l) = 


13 

d-2n 


-'‘(2:+l)+2'w 

14 

n~a 


^-’(Z-2)+^llc 

15 

n-p 

^Z+hi ='‘^^Z 


16 

n-y 

^Z-f Jn = 't+iZ 

.1+1^7 - 1 -.^ 

17 

7^-2a 

^Z+^n =-‘-'iZ 

-‘-'Z +2’n 

18 

7-n 

AZ-^y = 

'i-iZ 4 hi 


The product in the final column of this tal)le can be genoralized by tlie 
symbol ± y) where x varies from + 3 to — 3 and ?/ varies fi’om 

-|- 2 to — 2, depending on the nature of the emitted particle or radiation. 
If the product corresponds with one of the stable isotoj)es the nuclear 
transformation is complete. There are 277 stalile isotopes of the elements 
already known. 

The products of these nuclear transformations arc not always stable 
nuclei. In some 350 cases already known the product is not stable but 
undergoes further radioactive change as was first pointed out by Joliot- 
Curie and Joliot early in 1934. The phenomenon is termed artificial or 
induced radioactivity. 

41. Products of Induced Radioactivity: The principal tyjies of radia- 
tion from induced radioactive elements are negative jd-])arti(des or elec- 
trons positive /3-particles or positrons and y-rays. Tiie posi- 

trons were observed by Curie and Joliot in their earliest experiments on 
induced radioactivity which resulted from a-particlc bombardment of 
boron, magnesium or aluminum. Thus, 

llAl + iRe = Jn + ?gP. 

The phosphorus is radioactive disintegrating to a silicon isotope with 
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positron emission 

?gp = !2si + /9+. 

This sequence of reactions constitutes about 5 per cent of the total 
nuclear reaction, the direct reaction being 

!JA1 + iHe ?2Si + }II. 

Bombarding agents other than a-particlcs yield radioactive products as 
illustrated in the reactions: 

+ IH = ^?N + 7, 

'oC + fD = + In, 

In each case the has a half-life of 9.93 minutes, and emite positrons 
and gamma rays. Longer half-lives with positron emission ard illustrated 
by (from P, ol-u) with a half-life of 33 minutes and (from K, a-n) 
with a positron activity of 13.5 days half-life. \ 

Positron-production also results from the interaction of\ hard 7 - 
rays with metals (Anderson). The rays from ThC', with energies of 
2.6 M.e.v., absorbed by a lead target produce positron-electron pairs, 
whose tracks are visible in the cloud chamber, the maximum energy of 
the positron of 1.55 M.e.v. The positron has the same elm as the 
electron but in contrast to this latter has a very short life. Within a 
period of the order of 5 X 10”^° sec. it loses the greater part of its kinetic 
energy and is then annihilated by interaction with an electron, with the 
simultaneous production, to conserve momentum, of two 7 -ray photons 
+p- = 27(2 X 0.5 M.e.v.). 

42. Nuclear Fission: Early in 1939 Hahn and Strassmann announced 
a new type of nuclear process involving neutron interaction with uranium 
and thorium. The work derived from earlier experiments, begun by 
Fermi in 1934, on neutron capture by uranium to yield the so-called 
‘transuranium' elements. Fermi showed that the uranium nucleus cap- 
tures a neutron and, reverting to stability by expulsion of a /3-particle, 
produces a nucleus of atomic number 93. The process was, however, 
more complex and several jS-ray activities were observed. 

Hahn and Strassmann finally produced the evidence for nuclear fission, 
the breakdown of the uranium-neutron complex into two groups of radio- 
active fission products with masses distributed around the mean masses 
of 96 and 143. In the light weight group, radioactive nuclei of atomic 
numbers 34-48, including Se, Br, Kr, Rb, Sr, Y, Zr, Cb, Mo, Ma, Pd, Ag 
and Cd, have been identified. In the heavier group are Sb, Te, I, Xe, 
Cs, Ba and La with atomic numbers from 51 to 57. 

The fission process and its nature are dependent both on the energy 
of the neutron and on the isotope of uranium (or thorium) which is 
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bombarded. With neutron energies up to ~ 10 M.e.v. no fission products 
with atomic numbers between 43 and 51 have been reported. They are 
produced with energies of ~ 17 M.e.v. Both fast neutrons (> 0.5 
M.e.v.) and very slow thermal neutrons 0.025 M.e.v.) are effective 
in producing uranium fission. 

By experiments on the bombardment of uranium isotopes separated 
in the mass-spectrograph it is now certain that it is the uranium isotope 
which undergoes the major portion, if not the whole, of the fission 
with slow neutrons. This isotope is present in uranium to the extent of 
about 1 part in 140. 

The energy of the fission fragments is about 175 M.e.v. dz 10 per cent. 
Two maxima are observed at 65 and 98 M.e.v. inversely proportional to 
the mass ratio of the fission fragments. Fission is accompanied by the 
emission of neutrons since the proton-neutron ratio in the fragments is 
such that they may be regarded either as too feebly charged for their 
mass (i.e. electron emitters) or too massive for their charge and therefore 
neutron emitters. There is evidence that 3 to 4 neutrons may be emitted 
per fission. 

The emission of more than one neutron, on the average, as a result of 
the fission process evidently suggests the possibility of the whole fission 
reaction as a self-perpetuating or chain process capable of yielding, from 
an initial neutron-uranium nuclear interaction, a multiplying chain of 
similar processes. In view of the extremely high energy yield of each 
unit fission (~ 175 M.e.v.) the possibility of energy production by these 
nuclear processes is obviously a matter of first importance. 

Photo-fission, by y-rays from proton bombardment of calcium fluoride 
and aluminum fluoride targets, has been observed with an efficiency of 
one fission per 3 X 10^* protons hitting calcium fluoride, the protons being 
estimated to yield 10" 7 -quanta. Deuterons and a-particles also have 
been shown to yield fissions. 

43. Thermo-nuclear Processes: To produce by thermal means the 
reactions attained by high speed projectiles such as a-particles, protons, 
deuterons and neutrons, temperatures of one or more million degrees 
would be necessary for any reasonable rate of change. Actually such 
temperatures, quite impracticable in the laboratory, occur in the interior 
of the sun and many stars. The central solar temperature of 20 X 10® 
degrees makes the occurrence of such nuclear reactions rapid processes 
in the sun’s interior. Indeed, it is now believed that such nuclear reac- 
tions are responsible for the enormous energy resources of the sun, which 
previously had never been satisfactorily explained. Independently, 
Bethe and Weizsacker found a sequence of nuclear changes which is in 
satisfactory accord with the best data on the energy output of the sun. 
The sequence of reactions forms a closed circular chain in which the par- 
ticipants are nuclei of carbon, nitrogen and the thermal protons with 
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which they collide. The sequence may be summarized thus; 

(1) + iH = + hv, 

(2) = 13C H- /?+, 

(3) + iH = + hv, 

(4) 14N + m = 1^0 + /ij;, 

( 5 ) 1^0 = + / 3 + 

(6) + iH = 120 + ^He. 

It will be noted that the i^C consumed in the first reaction is regenerated 
in the final reaction to permit the repetition of the cycle. The carbon 
and nitrogen nuclei, ^^O and i^N, are catalysts for the net overall change 
wliicli may l)e represented as the summation of the sequence in the 
equation : 

4^1 = ^Ile + 2id+ + 3hv. 1 

Hydrogen, which is present in the sun’s atmosphere in abundance (suf- 
ficient for 10^ years yet!), is converted into helium, two positrons and the 
energy of three y-rays given in reactions 1, 3 and 4 of the sequence, and 
of magnitude determined by the mass-energy relation applied to these 
j no cesses. 

44. The Arrangement of the Extra-Nuclear Electrons, The Ruther- 
ford atom consists, as we have J?een, of a nucleus of atomic number Z 
having a net ])ositive charge equal to Ze together with Z extra-nuclear 
electrons making the atom electrically neutral. From the studies of the ' 
cliaractcristic X-radiation of tlie elements, initiated by Moseley, together 
with cojisiderations based upon the optical spectra of the elements, Bohr 
introdneed the concept of shells of cxtra-nuclear electrons, built around 
the nuf^leus at increasing distances from it. Thus, in the first two ele- 
ments, liydrogen and helium, the electrons are presumed to occupy posi- 
tions relative to the nucleus which would give rise to those X-radiations 
already discussed as the X-series. In the elements, 3 to 10, a shell of 
electrons further removed from the nucleus and giving rise to character- 
istic X-radiations, known as the L-series, is built up, so that these ele- 
ments may show both the X-series of the inner shell and the L-scries of 
the second shell. From elements, 11 to 18, another grouping is formed 
giving the M-series as well as tlie K and L-scries from the inner shells. 
As we pass thence to the heavier elements, X-radiations of the N and 0 
series are to be expected. With a given element, the X-series are the 
radiations of shortest wave length, and this latter increases from series 
to series as they change from X to O. (Sce_Fig. 1.2.) ' 

As with the X-series already discussed, there is a relationship between 
tlie atomic number and the square root of the frequency or reciprocal 
wave length of the series. The relation, however, is no longer linear. 
The accompanying diagram (Fig. 1.11) shows a plot of a function which 



Ch. 1-44 


THE ATOMIC CONCEPT OF MATTER 


45 


is proportional to the square root of the frequency against the atomic 
number for the K, L, M, N and 0-series. It will be noted that beyond 
the K-series, the increments are no longer equal but vary, giving the 
wavy lines of the diagram. 



This is interpreted to moan that, in the first 20 elements, the extra 
electron entering the atomic architecture, to neutralize the extra positive 
charge in the nucleus of the new atom, takes up a position in the outer 
portion of the atom. In the elements, 21 to 28, and alsb in elements, 39 
to 46, the electron penetrates into an interior shell of the atom. This 
reveals itself in the diagram by a more nearly horizontal portion of the 
curve over these ranges. In the case of the rare earth elements, 58 to 
72, this penetration of the entering electron into the interior is particularly 
deep. The outer electron systems of tliese elements femain therefore 
sensibly unchanged while this deep penetration of entering electrons oc- 
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curs. It is in this way that the similarity of the chemical properties of 
the rare earth elements is formulated. Indeed, it may be pointed out as 
a general principle, that similarity of chemical properties as exhibited, 
for example, by elements in the same group of the periodic table is to be 
associated with a similarity of the architecture of the outermost electrons 
of the atoms. 

The following Table 1.8 illustrates this similarity of arrangement of 
the outer electrons of the atoms of the rare gases. 


TABLE 1.8 

Electron Shells of the Rare Gases 



Beyond helium the outer shell of the rare gases contains, in each case, 
eight electrons. The case of xenon illustrates the ability of an atom to 
start a new shell, in this case the O shell before the preceding shell, N, 
contains its maximum number of electrons. The case of radon shows 
that as many as 32 electrons can be built into the N shell. 

The subdivision of the respective shells, L, M, N, etc., is based upon 
the so-called quantum numbers of the atom and upon a principle formu- 
lated by Pauli, and known as the exclusion 'principle. 

It has been found that, to classify the electronic states of atoms as 
they are revealed by optical spectra, a set of quantum numbers must be 
given to each extra-nuclear electron and another set is given to the atom 
as a whole. Four quantum numbers, n, Z, m and m*, are employed to 
specify a given electron. The principal or total quantum number, n, 
designates the shell in which the electron is situated. Thus w = 1 in the 
K shell, 2 in the L shell, 3 in the M shell and so on. Each electron has 
an angular momentum, Vz(Z + 1) * V2ir, specified by the azimuthal quantum 
number, Z, which may have the values Z = 0, 1, 2, 3 ... n — 1. The 
value of the azimuthal quantum number is specified by the letters, s, p, 
d, /, according as Z = 0, 1, 2, 3. In addition if, with Pauli, we imagine the 
atom to be subjected to an applied magnetic field so strong that there is 
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no coupling between the electronic motions, two additional quantum 
numbers serve to specify an electron. One is the magnetic quantum 
number^ m, which may have the values m = — Z, — Z + 1, , . . — 1, 0, 1, 
... Z, in all, 2Z + 1. The other quantum number, m*, arising from the 
spin of the electron, takes either of two values, — i or + the component 
of the angular momentum of the electron about any prescribed axis being 
either — J • hl2ir or + i ■ Zi/27r. These four quantum numbers ti, Z, m 
and m« are necessary and adequate to account for the complexities of the 
one-electron system which we recognize as the hydrogen atom. Each 
electron in any atom requires similar specification. 

We can specify the shells and the sub-shells or groups in terms of the 
quantum numbers n and Z. Thus, all the electrons with a common value 
of n form a shell. A complete shell contains n groups each of which con- 
tains electrons with a common value of Z. A complete Z group contains 
4Z + 2 electrons and a complete n shell contains a summation of all such 
groups of 4Z -h 2 electrons. Since Z can have the values 0, 1, 2 ... n — 1 
it follows that this summation, 2(4Z d- 2) = 2n^ electrons, as seen from 
the following classification: 


Jl 

. =1 

2 


3 



4 


1 

.=0 

0 1 

0 

1 

2 

0 

1 2 

3 

Electrons in j 









complete , 
1 groups J 

1 

2 6 

2 

6 

10 

2 

6 10 

14 

Electrons in | 









complete , 
n shells J 


8 


18 



32 


Notation . . . . 

. . . Is* 

2s* 2p« 

3s* 

3p« 

3di» 

4s* 

4p® 4d^® 

4fu 


Pauli’s exclusion principle demands that no two electrons in an atom 
have one and the same set of values for the four quantum numbers n, Z, m and 
ms if a very strong field were applied. We see that our subdivision into 
shells and groups obeys this principle since in any of the completed Z 
groups, there are 4Z + 2 electrons. For these electrons we have 2Z -f 1 
different values of m and each of the electrons with specification m may 
have either — + i or — J. 

These principles together with the data obtained from examination of 
the characteristic X-radiations of the atoms as indicated by the curves 
in Fig. 1.11 lead to the extra-nuclear electron configurations detailed in 
Table 1.9. 

The table expresses the underlying principle connecting electron con- 
figuration and chemical properties, that these latter are determined by the 
electrons in the outer shells, furthest removed from the nucleus. The 
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ExTHA-NuCLEAH ElECTIION CONFIOIT/IATIONS OF THE ELEMENTS 




K 

J 

j 


M 


N 

Element 

Z 









J:j 

2b 

2p 

3s 

3p 

3cl 

4s 

4p 



II 

1 

1 








Tic 

2 

2 








Li 

3 

2 

1 







Be 

4 

2 

2 







B 

5 

2 

2 

1 






C 

6 

2 

2 

2 






N 

7 

2 

2 

3 




i 


0 

8 

2 

2 

4 






F 

9 

2 

2 

5 




\ 


Ne 

10 

2 

2 

0 




\ 

i 


Na 

IT 




1 



\ 

\ 


Mg 

12 




2 




A1 

13 




2 

1 




Si 

14 

Neon ^‘ShelF^ 

2 

2 




P 

15 




2 

3 




S 

10 




2 

4 




Cl 

17 




2 

5 




A 

18 




2 

() 




K 

19 







1 


Cii 

20 







2 


Sc 

21 






J 

2 


Ti 

22 






2 

2 


V 

Cr 

23 

24 


Argon “SheU” 


3 

5 

2 

1 


Mn 

25 






5 

2 


Fe 

20 






0 

2 


Co 

27 






7 

2 


Ni 

28 






8 

2 


Cu 

29 






10 

1 


Zii 

30 






10 

2 


Ga 

31 






10 

2 

1 

Ge 

32 






10 

2 

2 

As 

33 


Argon “ShelF' 


10 

2 

3 

Se 

34 






10 

2 

4 

Br 

35 






10 

2 

5 

Kr 

30 






10 

2 
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T AB LE 1 ,9 — Contin ucd 


Extra-Nuclear Electhox Gonpiquratioxs of tub Elements 


Element 

Z 

Number 
in Inner 
Shells 

N 

0 

P 

4d 

4f 

5^s 

i>P 

5d 

Os 

Rb 

37 




1 




Sr 

3S 




2 




Y 

39 


1 


2 




Zr 

40 


2 


2 




Cb 

41 

Krypton 

4 


1 




Mo 

42 

Shell 

5 


1 




Ma 

43 


0 


1 




Ru 

44 


7 


1 




Rh 

45 


8 


1 




Pd 

46 


10 






Ag 

47 



1 




Cd 

48 



2 




In 

49 



2 

1 



Sri 

50 



2 

2 



Sb 

51 

Palladium Shell 


2 

3 



Te 

52 



2 

4 



I 

53 



2 

5 



Xe 

54 



2 

6 



Cs 

55 






1 

Ba 

56 






2 

La 

57 

(ls-4d = 

46) 


(5s-5p = S) 

1 

2 

Cc 

58 


1 



1 

2 

Pr 

59 


2 



1 

2 

Nd 

60 


3 



1 

2 

11 

61 


4 



1 

2 

Sa 

62 


5 



1 

2 

Eu 

63 


0 



1 

2 

Gd 

64 


7 



1 

2 

Tb 

05 


8 



1 

2 

r>y 

60 


9 



1 

2 

Ho 

67 


10 



1 

2 

Er 

OS 


11 



1 

2 

Tu 

69 


12 



1 

2 

Yb 

70 


13 



1 

2 

Lu 

71 


14 



1 

2 
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TABLE 1.9 — Continued 


Extha-Nuclear Electron C'oneiguratxons op the Elements 


Element 

z 

Number 
in Inner 
Shells 

0 

P 

Q 

5d 

5f 

6s 

Op 

6d 

7s 

Hf 

72 


2 


2 




Ta 

73 


3 


2 




W 

74 

(ls-5p = G3) 

4 


2 




Re 

75 


5 


2 




Ob 

76 


C 


2 




Ir 

77 


9 






Pt 

78 


9 


1 


1 


All 

70 




1 


\ 


Hg 

80 

(ki-r)d=7 ) 



2 


\ 


T1 

81 




2 

1 

\ 


Pb 

82 




2 

2 

\ 


Bi 

83 




2 

3 



Po 

84 




2 

4 




85 




2 

5 



Rn 

80 




2 

6 




87 







1 

Ra 

88 

(]s-5d=73) 



(Os-Op = 8) 


2 

Ac 

89 






1 

2 

Th 

90 





0 

2 

2 

Pa 

91 






3 

2 

U 

92 



3 



4 

2 


whole of classical chemistry, outside of the recently developed chemistry 
of the nucleus considered in previous sections, is concerned with the inter- 
actions of the outermost electrons of these atoms with the corresponding 
electrons of like or unlike atoms, or with variations in the properties of 
these atoms due to changes in the location of the extra-nuclear electrons 
and hence to changes in their total energy. In contrast to nuclear chem- 
istry also, classical chemistry is the chemistry of systems whose mass 
remains sensibly constant as embodied in the Law of Conservation of 
Mass (section 1.4). Our science, therefore, must largely be concerned 
with energy changes in material systems of constant mass. For this 
reason we now turn our attention to certain general principles which 
underlie such energy changes. 
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Exercises (1) 

1 . Three oxides of rhenium contain respectively 85.25, 76.90 and 74.42 per 
cent of rhenium. Calculate the combining weights of rheniuin and show that 
the oxides obey the law of multiple proportions. 

2 . The chlorine in 2.44580 g. RbCl is equivalent to 2.1S166 g. silver. Taking 
the atomic weights of Ag and Cl as 107.880 and 35.457 resiKJctively, calculate 
the atomic weight of rubidium. 

3. A certain metallic oxide showed on analysis 19.689 i>er cent of oxygen. 
The specific heat of the metal is 0.092. Find the atomic weight of the metal. 

4. Write the graphic structures for all the deutero-derivatives of: (a) (^T 4 
(b) CJIe (c) C 2 H 4 (d) CflHe. 

5. In Millikan’s oil drop expi^riment the time taken for a drop to fall under 
gravity alone was 13.595 sec. The times for various upward trips under the 
combined electric field and gravity were: 12.5, 21.8, 34.8 and 84.5 sec. Calculate 
the number of charges carried in each case. 

6. Calculate the pressure in a liter vessel which contains (a) 10® (b) 10^® 
molecules at 0° C. 

7. Assuming the abundance ratio for oxygen to be ^“0 : ^^0 : s 510 : 0.2 : 1 , 

calculate the chemical atomic weight of ^®0. 

8. Assuming a heat of combustion of coal of 7 kc.al./g. and an energy yield of 
175 M.e.v. from the interaction of a neutron and calculate the tons of coal 
equivalent to 1 g. 

9. The average energy received by the earth from the sun is 8 X kcal./see. 
The earth intercepts about 5 X 10""^® of the total solar output. Calculate the 
rate of loss of mass of the sun in tons/sec. 



CHAPTER 2 


ENERGY IN CHEMICAL SYSTEMS 

The physiotil and chemical properties of any system are determined 
not only by the atomic or molecular constituents of the system but also 
by the variations in temperature, pressure, heat content, motion, elec- 
trical potential, illumination and tlie like. Hut copper differs from cold 
co])per, a metal at high potential from one uncharged. Motion gives 
definite pro])erties to an cv-particle. Even at constant temperature the 
form of matter may vary. Thus, gaseous, liquid and solid niercury may 
exist separate]}^ or together at certain temperatures. Compitession may 
also determine the ch;inges whi(;h a system may undergo. Systems stable 
ill tlie djirk may cliange on illumination. These variables, t(^ which all 
forms of matter are subject and from which they cannot ehtirely be 
dissociated, are all energy variables of material things. 

Every variation in the properties of a given species of matter is to be 
associated with a variation of one or more of several energy variables. 
These energy variables are convertible one into another, matter being the 
medium whereby such conversion is effected. Thus, heat energy is con- 
vej'tod into molecular motion when gas molecules, the medium, receive 
heat. Motion may be converted into heat by friction. The .boring of 
steel is one example (dted by Count llumford. Electrical energy produces 
heat, light and chemical energy. The chemical energy of coal and oxygen 
is the source of niucli of our electrical energy. 1 1 is evident therefore that 
the forms of cnergj^ arc interchangeable. The quantitative aspects of 
such energy intercliange are an imi)ortant branch of i)hysicochemical 
study. 

1. The Definition of Energy: Every change in the condition of matter 
is to be ascribed to the operation of one or another form of energy. The 
energy is composed of two factors, an intensity factor and a capacity 
factor, and is, indeed, the product of these two factors. The intensity 
factor is the measure of the resistance offered to the change of condition 
resulting from the o]jeration of the energy. The energy can only operate 
when this resistance is either withdrawn or overcome. Such an intensity 
factor tending to produce a cliange is known as a force. 

2. A force overcoming a resistance to an extent which we may 
designate as the capacity factor, performs work, expends energy. 

With a given force, the energy exjiended or the work performed varies 
directly as the capacity factor. In the production of motion the energy 
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cxi)eTidcd depends, therefore, on the force required to i)roduce motion 
against the resistance ‘iiid on the distau(‘o through wliieli tlie t)l)ject acted 
upon is moved. In the raising of an object of mass, m, against gravity, g, 
through a height, h, the force exerted in opposition to gravity is vuj and 
the capacity factor is the height h. TJic energy expended beconu's, 
therefore, the product mgh. In the i)i‘oductioji of a volume change, Ac, in 
any body against an external pressure, p, the intensity factor or force per 
unit area, p, acts through a volume Ar whi(di is the capacity fa-(‘tor; the 
work done or volume cneigy expended is the ]iroduct of the two factors, 
pAv. All enei’gy changes of whatever form may be similarly resolvial into 
two such factors. 

3. The unit of energy in the e.g.s. system of units is the erg. It 
is the energy expended, when a force of one dgne acts through one 
centimeter. 

4. A dyne is the force which, acting for one second on one gram, 
produces a velocity of one cm. j)er second in the body upon which the 
force is impressed. 

5. Gravity produces an acceleration of 980.0 cm. ixu* sec*,.'^ when acting 
upon a mass at sea-level and *15” latitufle. The weight of one gram is, 
under these circumstances, equivalent to 980.0 dynes. 

0. The unit of pressure in e.g.s. units is the 5ar, ecjual to a force of 
one dyne acting on an area of one square eni. One atmosphere pressure 
(1 atm.) is equivalent to the ])rcssure of 7() cm. of mercury at 0“ C., sea- 
level and 45^^ latitude. Exj)ressed in dynes j)er cm.-, since the specific 
gravity of mercury is 13.595 

1 atm. = 7(i X 13.595 - 1033.3 g. cm. ^ 

== 1033.3 X 980.0 =- 1.0133 X 10’’' dynes om.-2. 

It is evident that 10’^ bars = 1 megabar is appi oximatel}'' one atmosphere. 

A ])j-essurc of 1 atm. acting through a unit volume change of 1 cm.^ 
is, thus, an energy unit, termed the cubic centinieter-alniosjfhcrc. 

7. Dimensions t A j)hysi(*al (piantit3^ may be expjvssed in terms of 
the fundamental units of mass, 7n, length, I, and time, out of which it 
may be built. Thus, a force has the dimensions, g. cm. sec. “ - or 7nU~^ 
and energy, the dimensions, dyne X (uii. or g. cm.- scc.“^' or 

Heat energy, electrical energy and all other forms of energy have the 
same dimcnsiojis, Their energy units may be related to those 

already given and to each other by the aid of a law of energy converti- 
])ility now to be discussed. 

The Fiust Law of Thermodynamics 

8. The Law of Conservation of Energy: Human experience has led 
to the conclusion that: hi sgatenm of constant mass, energy can neither he 
created nor destroyed. One form of energy may disappear but another 
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takes its place. Enerp;y is convertible but cannot ]:>e annihilated. Helm- 
holtz enunciated tliis principle in 1847 in the following form: “In all 
processes occurring in an isolated systenif the energy of the system remains 
constant P 

A variety of experience has led to the acceptance of this generalization 
concerning cncJ'gy. It is the ceiitury-old experience of investigators that 
it is impossible to p7*oduce a perjjetual motion machine wliicli, without 
expenditure of energy, sliall produce energy. Jlefinite jiroof of the im- 
possibility of constructing such a machine cannot be achieved. It is 
necessary to rely upon the cumulative cxiierience of investigators that 
the search for such a machine is fruitless. Furthermore, by assuming the 
impossibility of perpetual motion of this type, conclusions may be drawn 
which may be verified and, in their turn, be employed for thc(discovery 
of furtlu'r facts or laws. Thus, the definite and general belief as to the 
truth of the fundamental law is attained. \ 

Tlie discoveries in the chemistry of nuclear transmutationsl have, as 
we have already seen, placed a limitation on the applicability or^the law, 
namely, to systems in which mass varitis negligibly. Such lim'itations, 
arising from practical expinienco, do not in any way impair the useful- 
ness of the law within the sphere in which it is applicable. Indeed, 
scienf!e grows b}^ a more definite prescription of the applicability of its 
generalizations. 

9. The Mechanical Equivalent of Heat: The statement of equivalence 
between mechanical energy expended and heat energy thereby produced 
is one special case of the general law of conservation of energy. This 
equivalence wa,s assumed l)y Ma-ycr in 1842 in attempts he niade to 
calculate the iiroj^ortionality factor connecting them. The experimental 
demonstration of the ecpiivalcnce of heat energy and mechanical encigy 
was made by Joule in the years 1843“-188(). He measured the heat, 
produced by most divergent mechanical processes and showed that in 
every case the pro])ortionality factor, J, was ai^proximatcly constant, 

w ~ Jq, (2.1) 

Joule’s experiments included the following: 

(1) The heat produced when various liquids, water, oil and mercury, wx're 
stirred was coiujiared witli the work involved in producing the stirring by falling 
w'eights. 

(2) The heat produced in a coil of ware by induction currents set uj) by rotation 
of the wire between the jioles of an electromagnet w as compared with the work 
done by falling weights in rotating the coil. The heat produced w^as measured 
by the rise in temperature of water in which the coil ivas rotated. 

(3) The heat produced by compression of waiter through narrow openings or 
capillaries w as compared with the work required to drive the water through the 
openings or capillaries. 
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(-J) The heat produc’od })y oonipresssing air to 22 atmosplieros was compared 
with tlie work of comiii-ession. 

(f)) The heat produced by tlie passaRe of an electric current tlirouRh a coil 
nf wiie immersed lu a calorimetric fluid was comiiared with the euerj^y of the 
,nijreiit consumed. 

Joule concluded that ‘‘772 lbs. falling one foot would heat a pound of 
^^'ater one degree.” Ti’ansforined into niodern units Joule’s measure- 
nieiits gave approximately 

J - 4.17 X UF ergs jmr 15*^ cal. 

The fact that indeiicndcnt metlnnls of producing heat gave closely con- 
cordant values for J constituted the desired proof of the law of equivalence 
of lieat energy ajul mechanical (uiergy. 

The necessity for defining a unit of energy in terms of the heat ca- 
jaicity of water disappeared a])out thirty yeais ago when it iKicanie 
possible to measure (piaiitities of energy more accurately by electrical 
methods. These energy measuiemeiits am based uimii the second as the 
unit of time and u])oii working standards of (4e(‘tromoti ve force and re- 
sistance maintained at various national standardizing laboratoric^s. The 
working standards are manganin wire resistam'e coils and saturateil 
cadmium sulfate (Weston) cells wdiich ar(‘ calibrated in terms of the 
international ohm and the international volt. 

10. Electrical Units: The electrical method involves a definition of 
electrical potential, the intensity factor, and (piantity of cun-ent, the 
capa(;ity factor. The measuremejit of elec,tricaJ CJiergy is })ased on the 
law, known as Ohm’s Law, discovered by Ohm in 1827. Ohm’s law 
states that the current (7 is directly piopoitional to the voltage E and 
inversely ])ro]3ortional to the resistance R. 

C = EIR. (2.2) 

The unit of resistanc.e, the ohm, is defined as the resistance at 0*^ C., of 
a column of mercury uniform in cross section 100.30 cm. in length and 
weighing 14.4521 grams. Under such conditions the column of mercury 
is one scpiare mm. in cross section. 

The unit of electricity is the coulomb, the quantity of electricity 
which will deposit 0.0011180 gram of silvei from solutifjns of silver nitrate 
in a standard coulometer. 96,494 coxdombs of elec, tricity is known as 
one faraday and is the quantity which will dcjxosit one gram atomic weight 
of silver or its die ini cal equivalent. 

The unit of current is the ampere and is the current of one coulomb 
per second. 

The unit of potential is the volt. Tt may be defined as the potential 
which, applied to a conductor of unit resistance, wdl cause a current of 
one ampere to flow. It is defined practically in terms of the electro- 
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motive force (e.m.f.) of a cell which yields electrical energy equivalent to 
1 joule (1 0^ erp;s) when the quantity of electricity produced is one coulomb. 
Herein lies the relation of electrical to mechanical enerf;;y. 

1 volt coulomb = 1 volt ampere-second = 1 absolute joule = 10^ ergs. 

Tlie Weston cell is the standard cell chosen for its reproducibility to 
serve as the standard of electromotive force. Tlie cell consists of: 12.5 
per cent cadmium amalgam | CdS 04 . 8 / 3 H!! 0 -j- Saturated Solution | 
Hg 2 S 04 1 llg, and by international agreement, in 1908, was stated to have 
an electromotive force of 1.018J1 volts at 20° C. In terms of this defini- 
tion of voltage it is known, by reason of subsecpient more ac.curate meas- 
urements of the standards invohnid, that the associated international 
joule is actually greater than the absolute joule defined above. The U. 
S. Bureau of Htanda-nls, in 1030, while continuing to rej)ort all thermo- 
chemical data ill teiaiis of the intejiiational joule concluded tlmt, on the 
basis of available measurements, 1 int. joule — 1.0004 absoliSte joules 
— 1.0004 X By ergs. At the same time it was decided to define the 
calorie arbitrarily by the relation \ 

4.1850 absolute joules ^ 1 calorie. 

In terms of international joules, therefore, the relation is 

4.1833 int. joules — 4.1850 abs. joules = 1 calorie. 

The absolute unit of (juaiitity of electricity, the so-called electrostatic unit, 
is that (luaiitity which excits Ji force of one dyne upon a quantity of equal magni- 
tude at a dist!inc(‘ of one ccniiiuetca. This follows iniinecfSately from the equa- 
tion for the elcctrosta-tic force F betweiai two charges ci and at a distaiu^e 
nam(4y F — CiC;.//vr“ where K is set equal to unity in a vacuum. Since the di- 
mensions of force are iiili it iollows that the quantity c must have the dimen- 
sions {inlH '-yi- or It follows also that the diiiicnsioiis of current or 

quantity per sec. must be 

Similarly the electromagnetic force bct\^•een two pok's of striuigth in\ and vi 2 
is given liy F = vhvi^l/xr^, where /x is set equal to unity in a vacuum. Again the 
dimensions of the jiolii strength will be The produet of pole stiength 

and current has the dimensions of work, i.o., TTenee the dimensions of cur- 
rent in this ease are Tt will be noted therefore that 

the elei^tromagiudtc unit is related dimensionally to the clecitrostatic unit as 
I - ^^- 1 ^ wducli hittoi’ temi has the dimensions of a 
velc)eit 3 q actually, the velocity’’ of light c — 2.99S X 10’® cm. sec.“i. Hence, 
1 e.s.u. : 1 e.m.u. = 1 ; e. The practical unit of current, the amiicrc, is defined 
as one-tenth of the electromagnetic unit of rurizeut. 

Since current and potential are reciprocally related by means of Ohm’s 
law it follow’S that the (dectromagneiie unit of potential must be 1/(3 X 10’®) 
= 0,33 X 10~’® electrostatic units of potential. The jiractical unit of potential, 
the volt, is defined as 10^ electromagnetic units of potential and therefore 1/300 
electrostatic imits of potential. 
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For an ideal gas, it will be shown (equation 3.12) that Ihn fiindanieiilal 
emulation eomiecting pressure, volume and temporal ure is, for one mole, 

pi> = in\ 

whore R is tlie gas (‘onstant couneetijig the three magnitudes. On tlie 
al>solute scale 0° C. = 273. K. (Iv. — Kt'lvdn or Absolute Scale of 
Temi)erature). For one mole of ga.s under standaril conditions, tlie 
accepted value of 1' is 22,414 cc. (Chap. 3, 8ecti(jn A). Hence, 

22,414 X 1 

_ — ... — _ 82.055 cc. atm. per degree per mole. 


^\’hen this value is transformed into the other units of heat energy, we 
ol)tain 


7 ^ 


82.055 X 1-0133 X HY' 
‘ liY 


8.3145 absolute jouh's per degr(‘e per mole 
= l.OSOO cals, per degree per moh!. 


11. The Energy of a Chemical System: Tln^ (‘uergy of a systmn is a 
function only of the state of the system at the given moment, ij res])ective 
entirely of its jiast history, the manner or method of its f>rigin. It is 
especially to be emphasized that this independence »)f ])ast history refers 
only to systems wliose idtaitity is comjdete in all exce])t the element of 
tunc. It is not enough that the atomic or molecular jnake-up shall be 
the same, for tliis may be secured oven though the eiuirgies of the systems 
differ widely. Thus, for example, stick lea,d and electrolytic lead might 
1)0 identical as to atomic content, pressure, tom])ora,ture, volume and the 
like, but be dilTorcTit in energy coiiteiit by reason of state ol division, size 
of ciystal and the like. Only with complete identit}^ in all factors except 
the element of time can it follow tha-t the energy is a function of the 
momentary state of the system. The energy (‘hange accompanying a, 
transformation is then a function oidy of the initial and final states of the 
system independent of the path between. For, if it were possible to 
effect a cluinge in any system from state A to state B sncli that the energy 
cliange involved was de])endent on the path l)y whif'h the change was 
achieved, it would be possible to construct a perpetual motion machine. 
All that would be necessary would be that one such method of conducting 
the change could be reversed. Then, by a suitable coupling of two 
jH’occsses, 

A — > B by path I, 

B A by path II, 

if tlie energy produced in path 1 were larger than that consumed in path 
li, the system would be, on com])letion of the reverse i)ro(‘ess, in its initial 
state and a sui'plus of energy would be available. By repetition of the 
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process, oncrj^y cf)ul(l })C crjntinuously produced — a perpetual motion 
would 1)0 ])os,siMc. Tills is denied by liunuin experience as embodied in 
the first law of Lber jnodyn!iiiii(;s. 

12. Internal Energy: If we lieat a mole of liydro^en gas enclosed in 
a cylinder at constant volume the hviit energy supidied is nbsorfied by 
tlic system. TJie atomic or inobanilar make-up of tlie syslann remains 
essentially un(dia,nged but, by the pioc.ess, the S 3 \<tem gains aai increment 
of emTgy wbicli tlie gas Jiiolemdes storci. Tlie^^ have received a perfectly 
definite incjamient of intiamal energy, which wo may designate b^^ A (> and 
define b^^ the (!X])ression 

AU = Cu- ('A- (2.:i) 

In such case, T'a ri‘])r(‘scnts the inbirnal emu'g^^ of the sj^stem initially, 
Ub tlui internal (uierg^^ of the final state. These quantities ['b and Ua are 
energ 3 ^ (pjantities of unknown absolute magnitude. Tlnnr dil\’erencc, 
Af^, is in this case iierfectl^^ definite;; it is the heat energ^^ su])i)lieq to the 
S 3 ^stenl, and, as we have showm, is ind(‘])endent of the mode of iiny'edurc 
from A to IL Hut, the internal energies of the gas in the two states may 
include the energ^^ resultant from such factors as motion and jiosition of 
the molecules, molecular attraction, iutra-inolecular forces, intra-atomic 
vibratiniis, chemical a.n<l possibly other foic-es. We tluwefore note that 
the absolute magnitudes b'// and L>a arc not ascertainable. The change 
of inf.iTiial energy ALi is, however, definite and nniasurable. 

Ajo^ such change in the internal eiuirgy of a, system can only’' be 
achieved with a. simultamious changi; in the energy of suiianinding sys- 
tems, suu’c the law of conservation of energy 7)ii{st be oln^yed. An incre- 
ment in internal energy of the sy'sbnn is s(‘caired, theridore, at the expense 
of a, decrement in the energy of its surroumlings. A decrement in the 
internal energy results in an increase of the emagy of its sun oundings. 
If w^e (H)nsider any ])rocess of cliange from state A to state i?, whereby 
an increment of intermd energy A(/ = Cn — C a occurs, which results 
in the abstraction of heat, (/, from the sin roundings and simultaneously 
the performance of external work, k’, by the system on the sui roundings; 
then, by aiiplic-ation of the law of conservation of energy, 

AU := q- w. (2.4) 

It has been shown that Af^ is a ])eifectly definite quantity for any 
given process of change, dependent only on the initial and final states, 
independent of the jiatli. This is not true of either q or iv. According 
as the experimental conditions change q and w wall both vary. This may 
be illustratial, for example, by a change of state involving both tempera- 
ture and ])ressure. Thus, to transform one gram of ice at 0” C. and 1 
atm. jiressure to w ater vajior at 25^^ (h and 15 mm. juessurc there are 
several possible paths eaili of wdiicli will involve values of q and w charac- 
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toristic of the jiath, all of which involve a definite aTid nnchan^eahle value 
of AT. One path involves fusion at 0" C. ami J atm. reipiiriuj; the ab- 
sorption of the latent heat of fusion, then the raisin*; of th(‘ temperature 
of the water from O'"' to 125“ 0. at 1 atm. pressure, involvinjj; the heat 
(‘apaeity of the water, and finally the evaporation of the water at 25“ 0. 
by ('hantiie in the i)ressure. This sta‘;e involves latent heat of vaporiza- 
tion and all three st( ])S involve smaller or larger changes in the n airk 
terms, w. An alternative path involves a change' in the pressure at 0“ (h 
fiom 1 atm. to below the satin ated vapor of ice with conseepu'ut vaporiza- 
tion. Subseeimmt steps involve raising the te'miierataire of the water 
va])or to 25“ C. and adjustment to the iinal ])ressnre (15 mm.). Tliis 
])ath has its ovn characteristic values of q and w, which will be ilifferent 
from those involved in the ])ath first discussed, tjuile geiu'rally, any 
particular iialh w ill have its own charact(‘ristic A'alues of q and u\ dilTerent 
from the Audues of these (piaaitities lor any other iiaths. Their algebraic, 
sum, by the hiw of conservation of energy, wall be equal to the change in 
internal energy by eipiation (2.4). 

If a ]>ro(*ess be cairied out at constant Amliime and no energy fa.ctors 
other than those of Audume energy are involved in the e\t(‘rnal work jXT- 
formed then, since 'iv = 0, it follow's that — r/; tlu^ whole increment 
of internal energy is secured at tin* ex])ense of tin' heat of tlu‘. suriauindings. 

Jf a jn'o(‘ess be eondueded, not at constant Aa)lum(', but at con- 
stant jiressure, it will ordinarily be accompanied liy a Anduine change. 
The exti'rnal wauk done by the system on tin' surroundings wall be 
p{rn ~ va) /^Ar, p being the prcA ailing pri'ssure and Ac the imu’ease in 
the voluino of the system during the cliange from state A to state B. 
The heat q abstracted from tin; surroundings will then b(^ given by tlui 
exjiression 

q = AU A~ w - XU + pAv. (2.5) 

If a jiroccss be conducted so that heat is neither gained nor losl, by 
the systimi to the surroundings the jjrocess is known as an adiahdtic 
lirocess. The tiuantity q is then zero. The work iieifonned liy the 
system on the surroundings is then done at the expense of the internal 
energy of the system, or 

All = - w. (2.0) 

In the preceding ])aragraph the quantity tv ha,s been limited to the case 
of changes in mechanical energy. J t will later lie shown that the quantity 
w may be composite of seA^eral forms of energy, of which ehictricail (meigy 
may be an important unit. The magnitude of the (piantity w will bi‘ 
d(‘pendent on the mode of condind of the jiroccss, on the extemt to which 
the jnocess is harnessed to jiroduc.e the Auirious forms of extranal work. 

13. The Heat Content of a System: Tor a change involving an in- 
crease ill internal energy, heat absorjition from the surroundings and a 
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volume change va to vn against a constant external i)ressure the first 
law of thermodynamics demands that 


AU ^ Ujt — Ua ^ q — vivji — Va)- (2.7) 

This may bo transfurmcfl thus: 

{Uii d- pvn) — (Ua 4- PVa) = q. (2.8) 

In tills case tlie lieat, </, aljsorlicd by the system is evidently defined by 
the initial and final states of the system. If we define a quantity 


// = + pv 


( 2 . 0 ) 


and term this (jiiantity, IT, tlie heat con tin it of the system, tlie eciuation 
becomes 


Hn ~ Ha ^ q = AH. | (2.10) 

It will be noted that the (luantity ATI, like A[\ is dependentymly on 
the initial and final states of the system. i 

14. The Heat Capacity of a System: The mean heat caiiacity, ~c, of 
a system between two tempei atures may be defined as the (]uanVity of 
heat q necessary to raise the system from the lower to the higher tempera- 
ture ilividcd by the tcnq)eratiire difference, 


ciT„ I\) 



( 2 . 11 ) 


Since (ho Invit cajiacity is known to Aairy wit h tem]>erature, the true heat 
capacity at a given temperature is givcui ])y the differential expression 


c 


dq 

ilT 


( 2 . 12 ) 


The ho.'it eai)ac.ily may be determined either at constant volume oi* 
constant j)ressure, tlu^ magnitude of the heat ca-pa(‘ity being dejiendent 
on the prevailing conditioii. In the determination of heat capacity at 
constant volume, none of the absorbed heat is enqiloyc'd in the perform- 
ance of external work. Hence, the heat absorbed, q, is equal to the 
increase in internal energy. That is, q ~ AC, and the moan heat ca- 
pacity at constant volume per mole of substam'O becomcKS 

c. = Al/AT, (2.13) 

and the true molal heat cajiacity at cojistant volume bcc^oines 

iC = ((K7dT).r 
At constant pressure, since by equation (2.5) 

q — AU + w, 


(2.14) 
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the heat absorbed to produce a ‘liiAa'n rise of temperature will Ix' «;r(':iter 
by an amount c(iuivaleiit to the external work performed by the system 
OR the surroundings. Hence, tlie mean lieat capacity at constant pressure 
becomes 


/ _ (AC + pAr\ f Ml \ 

\ r. ~ ” V tV ), Vr:-~ 7\ A, 


(2.15) 


and the true molecular heat caixicity at constant ])ressure is 


- {dlHOTjj,. 


( 2 . 16 ) 


15. Heat Content and Change of State: At the melting point id any 
substance, the soli<l is conAun’ted into a liipiid l)y absorption of heat with- 
out change of temperature. The heat absorl)ed is ih‘signal(al as tlie 
laUiti heat of fusioii. The heat is consumed in ])ro(linMng the chang(‘ of 
slate and in performing tlie sm.all amount of extianid work conseipient on 
the relatively small volume (‘hange at pressuie p aceompanying the change 
of state. If the latent heat of fusion per mole of sulistance be X;** it 
follows that, by the first law, 


X^' ™ Af /.' -|- pAv = All y 


( 2 . 17 ) 


vliero Af'b/ ih — IL., the intermil energy of the licpiid, fh, less that 
of the solid, Hi,, A?i = vi — a, ml A//;- ~ Hj — /fa- 

in a similar manner, the vaporization of a liquid involving a latent 
heat of va porization jicr mole at constant jiressure p, Xr, is by aiiplication 
of the first law, 

Xy = AVv + pAv - Ally. (2.18) 

In this case ACy ~ Uf, — Ci and Ally — II y — Hi where, the subscrijits 
designate the gaseous and liquid states. Jn this casi; tin; qmintifcy pAu 
is a much larger quantity'^ than in the former case since Ay now' re])rescnts 
Vy — vi in which Vy is a relatively large quantity compared W'ith vi. 

In the case of sulilimation of a solid, it follows also that the latent 
heat of sublimation ])er mole at constant ])ressur(; p is 

X« = At:, + pAi) - All,. (2.19) 


16. The Heat of a Chemical Reaction: Chemical reactions arc in 
general accompanied by absorption of h(!at from or evolution of heat to 
the surroundings; they are either endothermic or exothermic. For a 
reaction occurring at constant volume tlie heat absorbed or evolved is 
equal to the change in internal enc^rgy, Af/, of the system, since no ex- 
ternal work is ])erformed. in this j^articular case the change in internal 
energy, A/", is equal to the change in heat content, AH. Reactions arc 



G2 


ELEMENTARY PHYSICAL CHEMISTRY 


Ch. 2-17 


ordinarily conducted at constant pressure, p, and are accompanied by a 
volume chanj^e, Ay. The licat absorbed, q, is equal to the increase in 
internal enerji;y plus the external work performed, and, thus, is equal to 
the chanj;^‘c in tlie heat content, A//. Calorimetric data are, therefore, 
normally expressed in terms of the change in heat content. Two ex- 
amples may be cited ^vdiicilj are basic data of the highest accuracy in the 
caloiimetry of (ugauic comi)ounds, the heats of formation of water and 
car!)on dioxide from their elementary constitucjits at 25° C. 298.10° K. 

Il.to) H- \OAq) - lUOH); A//?9s.ig 

= ^ 285,795 Az 40 int. j. per mole 

— — ()8,51S.l i 9.0 cal. ])er mole, 

C(c, graphite) + OaCry) = A/Z^JciH-ir. 

— — 393,355 rb 40 int. j. per mole 

= — 94,029.8 d= 11.0 cal. |)er mole. 

The symbols in parentheses designate the jjhysical state of the substance: 
c = crystal; I = li((uid; g = gas. The values expressed in caliries arc 
carried to Jiiore figures than arc significant, but are so given that qne may 
recover the value in international joules on reconversion to that \init by 
means of tlie factor 4.1833.^ ^ 

17. Heat of Reaction at Constant Pressure and Constant Volume: 
It will be noted that for chemic.al reactions at constant pressure in which 
there is no volume change the numerical values of AIJ and Af/ are iden- 
tical. When a volume change occurs at constant pressure the definitions 
alrcjidy given show that 

A// = AU + p^v (2.20) 

» 

where Ay is the inca’easo in volume whicli occurs during the process. For 
reactions involving onl^'^ liquids and solids the volume change is generally 
negligible. With gaseous reactions on the other hand the ai)i3eai’ance of 
1 mt)le of gas involves, at standard temperature and ])ressure, an energy 
(piantity equal as we ha ve seen to 22,414 cc. atmospheres or 


22,114 X 1.0133 X lO'- 

1(7 X 4.rs^ 


543 calorics 


or, approximately, 1.986 X 273 calories of eneigy per mole at 0° Ch This 
may be expressed otherwise by pointing out that, in the case of ideal 
gases, for 1 mole, pv — RT. 

^ The data are cited from F. D. Rossini, Chem.. Rev., 27, 1 (1940). Actually, 
tlie data on hydrogen refer to hydi ogen which contains its natural isotopic content 
of HD, amountiiig to 0.0004 mole fraction of JIDO in the resultant water, 
/riie hciit of formation of ^IDO fiom ^10 + 02 would have the value, AH^ssag 
\ — 285,793 ± 40 int. j./m )le (Rossini, Kiiowlton and Johnson, J. Res. NaL Bur. 
^ •'uL, 24, 369 (1940)). T'hc oxygen used was the normal mixture of oxygen 
S/a, 

fsotorm. 
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18. Hess’s Law of Constant Heat Summation: lloss found oxpori- 
mentally, hi 1840, tliat ihi- heat evolved in any chemical reaction is conslanf, 
independent of the manner in v'hich the reaction is achieved, whether in one 
or many steps. Tliis law is one spooial caso of tlic first law of thorino- 
dyiianiics, the law of ronsorvatioii of energy. 

Hoss’s law forms the thoorotiral basis of the classical exporimcntal 
work of Thomsen and Bertlielot on the thermal magnitudes of a wide 
variety of ehcmieal eomiionnds. Tlie law involves as corollaries a nuinlier 
of useful con(*lusious. Tlic heat of formation of a coniiiound must be 
independent of the manner of its formation; the heat of reaction must he 
independent of the time consumed in tlie process; tlie heat of reaction 
must be ecpial to the sum of the heats of formation of the piaxhicls of tlic 
reaction minus the sum of the heats of formation of the initial reactants. 

19. Thermochemical Data: Thermochemistry is concerned funda- 
mentally with the determination of the heat changes accompanyinf»; two 
types of process (a) (diano-e of state, (b) chemical reaction. The imiior- 
taiit calorimetric (piantities are therefore (1) heats of vaporization and 
sublimation, (2) heats of fusion, (3) heats of transition, (4) heats of 
formation together with, (5) specific heats. In multicom])onent systems 
it is necessary also to know (1) heats of solution, (2) heats of dilution 
and (3) heats of interaction, for example, neutralization, in solution. A 
thermocheniical investigation involves, in modiwn procedure, two tyjies 
of measurememt. In one there is measured the amount of chemical reac- 
tion or physical (‘hangc the occurrence of whicdi iiroduces a siiecified 
change in a calorimeter, and in the other there is measured the quantity 
of electricity that iiroduces the same change in the caloi imeter. In 
formulating, thus, the fundamentals of thermochemicad investigation 
Rossini ^ has pointed out that present day reciuirements jilace a heavy 
burden upon accuracy and iirecisiou of measurements which the great 
body of thcrmochemical ilata accumulated by Thomsen, Rmrthelot and 
others ])rior to 1900 falls lar short of meeting. In the earlier work an 
accuracy of z±r 1 kcal. would be regarded as satisfactory; to-day’s thermo- 
dynamic requirements frequently demand a iireiasion ten times as great. 

The chemical rea,ctions whfise heats require measurement are groujied 
by Rossini in three classes; 

1. Reactions substantially in the gaseous phase at constant jiressure. 

2. Reactions substantially in the liqui<l jihasc at constant pressure. 

3. Reactions in a closed bomb at constant volume. 

As examples of the first class, occurring in the calorimeter vessel, 
generally in a flame or at the surface of a catalyst, the following may 


D. Rossini, Chem. Uev., 18, 233 (1936); 27, 1 (1940). 
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be cited: 

(a) 

n,(fj) + lo,(fj) = 



(>>) 

iCU(g) + UI.(!7) = IIC1(9), 



(c) 

cri^fii) + 20Atj) = cOiCff) + 2moii), 



id) CvII,((7)+ lU{g) ^ c,lh(g), 

(0 (Mo) + m - ^(Mo)- 

Th(iy includo linais of oomljxisiioii (a), (r) and (f ), of liydrogenation and 
of clilorination (h) and (fl)j witli the last example (c) oceurring in a flame 
with oxy^-en biiniinj;' in an excess of sulfur vapor, sulfur being present 
initially aii<l fij tally in the solid state. In general, one of the reactants 
is maintained in excess and the amount of reaction is ])est determined 
by measuring the mass of one of the products. 

As examples of the second class the following are illustrative; 

(a) TIC1.100Jl2O(/) 4- NaOIl I0011o()(0 - .NaCd 20inoO(0, ' 

{h) ilCl(f7) d- ldOiinO(0 = IKd 10011,0(0, \ 

(0 NaOl(c) d- ]0011,()(/) - NaCn lOOH^CXO, \ 

(d) Na(d. 10011,0(0 d- 10011,0(0 = Na.OL 20011,0(0, 

(c) NaOK^ny) -f AgN03(af/) = AgOl(r) -f NaNOrd^t^/'l, 

(/) Na(c) d- lhO(0 - TsaOII(ar/) d- JII.(j7). 

They inebnh^ ]i(\'i,ts of neutr.alization (r/), of solution both of ga.s (h) and 
solid (c), of ddution (d) and of chemical naiction betw(‘eii two solutions 
to form a solid [)i-ecii)iiat(i (r) ami a reactiuji b(dween a solid and a 
litjuid (/). 

Ileactions of tlie third class, involving latinb calorimetry in a closed 
bomb at coiistant volume and, normally, elevated i)ressiu‘es, are usually 
combustion reactions, (hises, Injuids and solids may thus be treated. 
The metliod is i)artic,ularly applicalde to organic compounds, from the 
heats of (H)m]mslion of which, much of our knowledge of the lieats of 
formation of orgaiiic cennpounds is derived. Tlie normal combirstioii 
l)roducts in such cas(\s are carbon dioxide and water. In commenting on 
the precision of smih bomb calorimetilc measurements, Rossini makes the 
following ])ertinciit observations. 

The increasing accuracy and ])rocisiou of thermochemical measiu'c- 
inents has resulted in iiicrea,sing the sigiiifieanee of information concerning 
the exact thermodynamic state of eacli substance ])articipating in the 
chemicad reaction. In former years, for examine, the observed value of 
the heat evolved in the bond) calorimeter was taken as — • Afl, the de- 
crease in internal energy, for the pure reaction at 1 atmosidiere. Several 
years ago, AAbislibuni ^ iiivestigate<l in considerable detail the reaction 
that actiiall}" occurs in the bomb calorimeter and sliow'cd that the value 
observed for the bomb reaction differs from ~ AU for the pure reaction 

^ 10. W. Washburn, Bur. Standards J. IiVs., 8, 729 (1932). 
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TAIU.}-: 2.1 


Heats of Formation of Gaseous Hydrocarrons fuoai Solih C’arrox 

(CiRAPHITE) AND GasEOI'H IIyIJROOKX AT 


Substance 

Formula 
and State 


jt*. ifl 

hit. j. per mi)le 

Gal. per male 

Parafliris : 




Methane 

Gtl.G/) 

-74,7.‘?r>rb;no 

-17,S(F)i74 

Kthane 

CsIf.U/) 

-si.iho.-t'loO 

-20,101 :4rl0S 

Propane 

t bllhtf/) 

- io;br>3r>±:)2() 

-2 1,750 ±124 

ii-Thitanc 

GiITioq/) 

-i2i,:u)r>dJM0 

-29,71 5 ±153 

Tsohutaiie 

GiIIiuG;) 

- i:h,i loinoo 

-3 1,350 ±132 

n-Pentane 

t G.TT 

- 1 lo.rvjorbsoo 

-:M,7;{!Lt2i;4 

2-Methylbutanc 


~-io;hi()5.i:ni() 

-30.071 ±153 

Tctraiuctliyliiicthane 


-i(;-i,s(;:»jL*)r)() 

-39, no ±227 

Mcnioolefius: 




F^thylenc 


:>2,r)2t)-i2S() 

12,550 ±07 

Propylene 

t biTch/) 

20,7:!2d- Hit) 

4,950 ±110 

1-lhitene 

G-ilThG/) 

1, 602 q. Too 

:>.sni-iso 

(•is-2-But.(aic 

t '.iIlHijy) 


- I,38S± ISO 

lran.s-2-Huiene 

(’dlsG;) 


-2,338:4-180 

“ Isolnitene^’ (2-inothylpr<»pen(‘j 

GdhO/) 

- i:j,H17d:'()‘.K) 

-3,205±10r> 

J-Pentene 

(UTtoG/) 

-l!),‘127rfil2(;0 

- 1,044 :t300 

ci,s-2-P(’ntene 

t '&I1 io((/) 

- 2(;,7hli-fcl20() 

-0,405 4:300 

trail s-2* Pen ten e 

t lio(f/) 

™:u),7r)(i:.t:i2(;() 

-7,352 ±300 

2-Mcthyl-l-butune 

t'JTioir/) 

-:r),2iois^io 

-8, 124 ±200 

3-Mothy]--1 -Initono 

G&lTioG/l 

-27,r,lSrt-7r,() 

-(‘),57S±1S0 

2- M e 1 1 1 y 1-2-1 ) u ten e 

c\il ioC^yJ 

- ii,si2-j:.7r)0 

-9,995±180 

Hiolefins: 




Allen e 

cjiM 

102,024^^1090 

40,010 ±200 

b3-Butadienc 

chiicG/) 

ii2,:isirpiooo 

20,805 ±240 

1 ,3-Peiitadiene 

< Wff) 

79, 002 =F 1200 

18,885 ±300 

1, i-Peiitadiene 

t'JlbG/) 

100,940^1200 

25,505 ±300 

Acetylenes : 




Acetylene 

(Ahd/) 

220,-^52,4:: 9S() 

51,228 ±235 

Methylacetylcne 

CblFiG/) 

]85,.^r>SdG000 

14,309±2^K) 

Dimethylacctylene 

(WaCf/) 

147,340^1490 

35,221 ±355 


at 1 atmosphere hj amounts ranging from several hundredths to nearly 
1 per cent. 

To obtain the required thermoeliemical value for the reaction at 1 
atmosphere, the observed value for the bomb reaction must be corrected 
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witli regard to Djc clianges in iiitoriial energy witli prcss'ure of the initial 
oxygen and of the Jnixture of oxygen and c*ai l)on dioxide of the final state, 
the heat of solution of oxygmi and carbon dioxide in water, and the heat 
of vai)on2ation of water. 

In tlie case of the (a)ni])nstion of organic corn])ounds containing sulfur 
or a halogen, tlie r(;a.c,tioii is even more coinidicahed than tliat described 
above. In eacli siicli c.oTjibnstion involving sulfur or a halogen, tlie in- 
vestigator must determine, with an accuracy cojiimensurable in signifi- 
cance with his calorimetric accuracy, just wdiat the actual rea,ction is that 
occurs in the bomb. The observed heat elhad must then be corrected by 
the a.j)])roi)riate amount necessary to give the heat of a reaction in which 
all the reactants and prodiK'ts are in definite know n states. 

The degr(‘e of ju’ccision which may be altamed in modei'n calorimetric 
tcchni(iucs is wadi illustrated by the data recently accuniulat(Ml (jii the 
heats of formation of gaseous hydrocarbons from solid carbon and gaseous 
hydrogen a-t 25'' C. The case in (jucstion represimts a favorable condition 
for the attainment of ])rocision Ixicause of the ])ossibility of contrJ^l using- 
two techni(pies, one that of heats of eond)Ustion, used bj^ Jiossini and 
eolhdiorators at the National J3ureau of Standards, the other thc\ heats 
of hydrogenation, from the work of Kistiakowsky and his collaborators 
at Harvard University. Data obtained from th(‘se sources during the 
hist fiftemii years on hydrocarbons cojitaining five or less carbon atoms 
})er molecule are iireseniiHl in Table 2.1. The data for the paraffins 
depemd on heats of combustion alone. The data for olefines and acctyl- 
tmes ai‘e derived from a (‘onibination of data on tlie tw'o technicpics. 

TAI3LI0 2 2 

IIUATS OF IsOMFIllZATION OF SatCIIYTEI) AXD I ' XSATUItA'I’ED HyUROCARBONS 


Isomerization 


Air(2US.l(i^ K.) 
k(‘al. j)er mole 


ii-l)ulane = 
n-i)entanc == 
n-])eutanc = 
1-hutenc = 
1 -butene = 
l-hutcne = 
l-j)cntene - 
1-pen tone = 
l-j)entenc = 


isohutaiie 

2Me-hutan(‘ 

Tetranietliylmcthanc 

2-cis-hutene 

2-irans-butcne 

2Mc-])ro])enc 

3 Me-1 -butene 

2JVIe- 1 -butene 

2Me-2-butonc 


- 1.04 =h 0.20 
-1.03 rt 0.20 
-4.07 i 0.31 
-1.07 =b 0.12 
-2.72 dz 0.12 
-3.50 zt 0.25 
-1.03 dz 0.30 
-3.7S zt 0.30 
-5.35 dz 0.30 


Such data may be utilized by application of Hess’s law, to obtain the 
heats of isomei ization of saturated and unsaturatod hydrocarbons. Tlie 
data so obtaineil by Rossini collected in Table 2.2 exhibit excellently the 
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reason for the precision of moasureuient requircHl in modern lln'rmo- 
L'lieinistry. 

Tables of “host’ self-consistent values for the heats of forimition iT 
chemical compounds, other than those of carl)on componmls containing}; 
more than two carbon atoms, ami inelnuinu, heats of IransitioTi, fusion, 
vajiorization and ionization, at a standard trm])erature of IS'"' C. have 
been compikal by Jlicliowsky and Uossiiiid In 1hes(' tables, bn* tlio 
element carbon, diamond was chosen as the standard state. As a rt'sult 

TARldO 2.3 

TyricAU TiiEitMocnEMicAL l\vrv (IkeiiowsK^ A\n TIosstm, I03()) 


Xiea ct ion 


A//U- IS"(’ ) in teal. 


Tl(fyj + 110;) - il.(f7) -1029 

IHAg) + M'Ao) = !■'» 0 

IAAu) + iCdo(r/) = TU'lq/) - 22 (H) 

+ iik,0/) = iiBrO;) - s.(;:> 

TW + iT2(.s') -HUr/) - mOl 

fl^h/) + Sp'hoTnb.) — ll^btf/) — 0.3 

JNo(f/) + = KUah/) - 11.00 

IS Ail) + ]OA(i) + ]TIA7) - UNOAo) - :^h-i 

TTN(),(r/) - IlNOatO - 7.2 

I1X():,(0 + 3001120(0 - 1 INOalmy.) - 7 11 

K’a(s) -h A‘ 2 G) = NaT(N) - (i0 2S 

2Xa(.v) -h CG) -f lO^ = NiiA'O.C) SO 

A,G) =KI(.sO - 7S.S7 

C^a,(.sO + l2(.s) - Calico -J2S.1S 

Ap;Gs‘)+ M' 2 {u) - A^dTO - ‘tX7 

AkCs) + ICUv) - AkC’K.sO - 30.30 

Afri,) -h 03r2(/) - ARBrOsO - 23.SI 

A^(s)-j-UA^) - ArJ(.) - 14.01 

PbGs-) + = BhCdoCO - S.V71 

PbG''-) + Pr-AO = PbBr .(-0 - 00.27 

PbGs-) + kG''0 = PbUG^O " ^11-77 

]NA^/) H- iOAii) = Nt)((/) ^1.0 


of more recent researches,- it i.s concluded tliat the existence of mure than 
one form of graphite is im])robable and that there is every reason to use 
graphite as the reference state for ca,rl)oii. 

^F. R. Bichowsky and F. D. Rossini, ‘TJje Thennocljcinistry of tlic (3i(!nii<‘:d 
Substances,^ Rcinhold Bub. C'ori)., Xew York, 103(i. 

2 P. H. Dewey and D. K. Haiper, J. /i!c.s. N^af. Bur. Siandard'i, 21, 457 (103S); 
R. S. Jessup, J . Ers. Kat. Bur. Sinrulards, 21, 475 (1938); F. D. Rossini and R. S. 
Jessup, J . lies. Nal. Bur. Standards, 21, 401 (1938;. 
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To familiarize himself thoroughly with the principles involved in 
thermochemical data the student may, with advantage, verify the follow- 
ing data relative to tlie formation of sulfuric acid from its elements, the 
data coming from Bichowsky and Rossini (193G). 


ROiCff) + 200 H 2 O = SO 2 aq; 

AH = 

- 7.45 

kc^l. 

(a) 

HaSO.CZ) + 200 H 2 O = aq; 

AH = 

- 17.75 

kcah 

(.h) 

iH2(!7) + K’l^Cs) = IK 'If.!/): 

AH = 

- 22.06 

kcal. 

('■) 

HC1(!/) + 200 H 2 O = HClaq; 

AH = 

- 17.405 kcal. 

(d) 

SW + Ojff/) = 

AH = 

- 70.92 

kcal. 

(«) 

JU(o) + lOM = Bm); 

AH = 

- 6H.370 kcal. 

(/) 

Ch(g) + .S (.)2 aq + 211 20(/) = HjSOi aq + 2HC;i aq; AH = 

- 74.32 

kcal. 

(ff) 

From (c) and (lA), A//nci aq = ~ 30.405 kcal. 




w 

From {a) and (c), Af/HOauq = ” 78.37 kcal. 




(i) 

From (/), (r/), (h) and (i), A/7n2SO4(200n>O) = 

~ 210.5 kcal. 



(fc) 


From {}>) and (A), — — 193.75 kcal. 1 

Thus, by the use of Hess’s law, we have found the heat of formation W 98 g. 
sulfuric acid from 2 g. hydrogen, 32 g. sulfur and 04 g. oxygen to be 
Ml = ~ 193.75 kcal. \ 

20. Calorimeters: Electrical Calorimeter: A very convenient form of 
calorimeter for many i^uri^oscs used by U. Fischer ^ in his work on silver 
iodide is illustrated in Fig. 2.1. It consists of a large well-evacuated 
J^ewar vessel (A) having an easily removable wooden cover (B) carrying 
a stirrer (C), Beckmann thermometer and electrical heating coil (D). 
The heat capacity of the calorimeter can be determined by supplying, 
electrically, the same amount of heat as that generated by the reaction 
and over a similar period of time as that taken by the cx^^ci’iment, so. that 
errors due to thermal leakage are similar to those occurring during the 
reaction. If a current of i amps, is passed for i se(;onds, and the resistance 
of the heater is r, and the rise in tcunperatiirc produced is Ti; and, if the 
reaction studied causes a rise of T 2 , then q, the heat in calories evolved by 
the reaction, is given by the ex])rcssion 

qiP-r-tX 0.2389 = T 2 : T,. (2.21) 

The second term represents the electrical energy consumed, converted to 
calorics. 

The Bomb Calorimeter: This apparatus was developed by Bcrthclot to 
measure heats of combustion of organic compounds. A modified form 
of such a bomb is shown in Fig. 2.2. The bomb itself is made of gun 
metal steel, the cover is heavily threaded and screws down on to a lead 
washer. The material is suspended in a platinum dish in the bomb and 
oxygen is admitted to a pressure of about 25 atmospheres. Ignition is 
brought about by means of a weighed piece of iron wire which is heated 


iZ. anorg. Chem., 78, 57 (1912). 



Ch. 2-21 


ENERGY IN CHEMICAL SYSTEMS 


GO 


electrically. Before ignition of the substance under investigation, the 
bomb is placed in a calorimeter and the heat evolved is measured in 
the usual VA^ay. 




The heat capacity of the calorimeter can be determined by the com- 
bustion of known amounts of standard substances of high purity whose 
heats of combustion have been carefully determined. Such standards are 


Sunstanco 


A// cals. 


Naphthalene . 
Benzoic Acid . 

Sucrose 

Salicylic Acid, 


-1,231,SOO ± 250 

- 771,200 db 125 
-1,350,000 =b 700 

- 723,100 ± 250 


21. Variation of Heat of Reaction with Temperature: Each heat of 
reaction is given for a definite teini^crature but this does not mean that 
the temperature has been constant throughout the reaction. In a com- 
bustion bomb the temperature may be very high at the moment of the 
combustion but the final temperature is only a few degrees different from 
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the initial temperature. All we are concerned with is the initial and final 
state. For the applications of Hesses law, it is necessary for all the heats 
of reaction concerned to be calculated for a single temperature. Most of 
the calorimetric data in the literature arc fur a temperature of about 
18° C. It is frequently required to know the heat of some particular 
reaction at another temperature and this can be readily calculated from 
a kjiowledge of the heat capacities of the resultants and reactants of the 
reaction. Let A//i be the heat of reaction at temperature T\ and A //2 
at 7 ^ 2 . Let us consider the following alternative reaction paths: the 
reaction is carried out at Ti with an al^sorption of heat A//i and the re- 
sultants of the reaction arc heated to W'hcreby an amount of heat 
(7^2 — T\)C” is a])soibed, where C" is the mean molal heat capacity of 
the rcsiiUants between 7\ and Ti] again, let us heat the reactants from 
Ti to T 2 wdth an al)sorption of heat {T^ — Ti)C\ where C' is l^lie mean 
molal heat ca])a.city of the reactants, and then carry out the reaction at 
7*2 with an absorption of heat A// 2 . Tlien, by the First Law of Thermo- 
dynamics, \ 


A7/i, + C’{1\ - 7’i) = MTy + C"(7’= - 7’i), \ (2.22) 


Mli -ATh 

T2-1\ 




(2.23) 


When the difference between 7^ and Ti becomes infinitesimal, this re- 
duces to 



(2.24) 


where ACp is the sum of the heat capacities of the resultants less that for 
the reactants or the total increase in heat capacity from the reaction. 
This equation was first deduced by KirchholT. Over small temperature 
ranges, the heat capacity Cp may be regarded as constant as assumed in 
the following examine: 


For the r(‘,a(;tioii, 

2 H 2 (( 7 ) + OaCf/) = 2 ll 2 ()(r/), AihiT = - 110,115 cals. 
The molal heat capacities are as follows; 

IL; (L = 6-^1 

O 2 ; (\ = 6.900, 

II 2 O; = 9.000. 

Hence, ACp — — 2.596. For the interval 100° C. to 130° C., 

Ai7403° - Aii, 7 d° = - 2.596 X 30 = - 77.SS cals.; 

hence 

A// 4 oj° = - 116,193 cals. 
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For rapid variations in boat capacity or large temperature ranges, 
an empirical equation can be set up to express the variation of beat 
capacity with temperature. 

= a + hT A- cr^+ (2.25) 

where the iiuml)er of terms ^vill depend on the temperature range and the 
aiamracy of the data. In dealing witli a chemical reaction for each 
wliose iiiembers a beat oapa(*ity ecpiation has been determined over a 
range of temperature, 

AC p = uo + l)[)T -f" Ci)T“ -f- . . . , (2.2()) 

wliere an is the algebraic sum of all the a’s, of all the 5’s and so on. 
l\y the use of this equation we arc now in a })osiUon to iutegjate the 
equation (2.24) 



AH = AHo + <h/r + lb,'r + ( 2 . 27 ) 

where A/’/o is an integration constant and ca,n be calculated from a single, 
ox])erimeiital value of All. 

Let us illustiatc the usefulness of tins uielliod by ealcailating AJIvjtT for the 
reaction 

YAu) + U).(f/) == U^Oiu) 

from the following data: 

(a) II, (f/) + A)Ao) = ITaOW; A// , 9 , - ()S,400 cals. 

(b) 11 20(0 = H.OCr/); A// ., 7 ;. - 9,570 cals. 

The molal heat cajiacities at constant piessuic of tlie gas('s invuivc'd ere, given 
hy the equations: 

() 2 (r/); Cp - 0.09 + 0-0007T, 

Tl 2 (f/); Cp - 0.54 + 0.000775 

H,0(ry); Cp = 8.81 - 0.00197’ + 0.000002227’^. 

For the liquid 

H 20 (Z); Cp = 18.0. 

For the reaction, H,0(Z) = ll 20 (r/), 

ACp = - 9.19 - 0.00197’+ 0.00()002227’2 

and 

ah = A//n ~ 9.197’ - 0.000957’2 + 0.0000007 

Whence, at 100'’ 9070 — Alio — 3428 — 132 -h 3”'; hence 

(r) AJI = 13,192 ~ 9 197’ - 0.0009.j7’2 0.00000074 7’^. 

(cZ) A //293 = 10,439. 
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Now, summinf^ (a) and (d), 

l-h(ff) + i02(ff) = All,,, = - 37,961, 

and 

ACj, - - 1 .08 - 0.00207^ -f 0.000002227^2, 

Tins gives a value for A//o = — 37,339 cals. Hence, 

AJI = ~ 37,339 - l.OSr - 0.001437^2 0.00000074T3; 


and 


A77i 273‘^ = - 59,738 cals. 


Exercibes (2) 

1. Calculate the work done when one kilogram is l aised one meter. Express 
the result in ergs, in joules and in calorics. 

2. Calc.ulate the energy in joules necessary to heat a kilogram of lead from 

20° to 100° C. The specific heat of lead is 0.0303. 1 

3. A battery with an E.M.E. of 4 volts is short-circuited through a rcfeastancc. 

Evaluate in calories the energy consumed when one faraday of cui-rent has passed 
through the c.ircuit. \ 

4. A current of 1 ampere was passed for 10 minutes through a coil pf wire 
immersed in a calorimef-cr, the rosistanc^e of the wire being 10 ohms. C'aymlate 
the energy liberated and also the temperature rise produced in the calorimeter, it 
being known that the heat capacity of the calorimeter was 1000 caloi'ics. 

5. Fr(»m tlic data in Section 2.1 G calculate the heat of combustion of hydrogen 
at constant volume and at 298° K. 

6. The heat of combustion of ethyl alcohol at 298° K. and one atmosphere 
pressure is — 328 kcal. (Calculate its heat of forniatioii. 

7. From the data in Table 2.3 calc.ulate All for the reactions: 

(a) IHS-hCE -^2TTCd + S, 

(b) 2AgI + Clo 2AgCl -f Ta. 

' 8. From the data in Table 2.1 calculate tbe heats of hydrogenation of the 

monodlcfines to the corresponding jiarallins. C^^alciilate the energy diflfcience 
between the formation of a primary and a secondary C ■— H bond and between 
a primary and tertiary C- — H. 



CHAPTER 3 

THE GASEOUS STATE. I 


THE ENERGY OF MOTION AND OF INTER-MOLECULAR 

ATTRACTION 

]\Iattek may exist in three homosijonooiis states known respectively 
as the solid, liquid and gaseous states of apj^regation. The <lilTorcnce 
between tlie three states is essentially one of energy content. The solid 
state has the least energy of the three. The addition of heat energy to 
a solid causes it to pass, unless doeoniposition of the substance occurs, 
either through tlie liquid state to the gaseous state, or directly to the 
gaseous state. In the former case the energy received first raises the 
temperature of the solid, is then consumed, as latent heat of fu.non, in the 
conversion of a solid to a liquid, next raises the temperature of the licpiid 
until finally the liquid vaj)orizes with consumption of energy as Uitcnt heat 
of vaporization. These several changes may be illustrated by the cliange 
at one atmosphere from ice to water at 0° (h, the rise in temperature of 
the water and its ebullition at 100° C. Above 100° C. water exists as a 
gas up to temi)eratures (> 1000° (h) at which deconq)ositioii occurs. 
The direct passage from the solid to the gaseous state is known as 8uh~ 
limation. In accord with tlie law of conservation of energy, the heat 
energy consumed must rea])])ear as some other form of energy. It is 
transformed into the ])otential energy of the attractive forces which 
molecules cxei’t u])on each otlier. In the solid state this jmtential energy 
is less than in the gaseous state; the constituent units of the s(jlid maintain 
their relative positions one to another. The solid has shai)e, size and 
rigidity. In the liquid state the forces determining sliape and rigidity 
have been overcome by the thermal energy but the volume is still rela- 
tively insensitive to alteration. The gaseous state is characterized by 
the condition that its shape and volume are determined entirely by the 
system which encloses it. Within sucli a s^^stem a gas distributes itself 
homogeneously unless acted upon by some external force. 

1. The Gas Laws; The conditions of pressure and temperature which 
obtain when a gas distributes itself uniformly throughout a given volume 
were discovered experimentally by Boyle and by Gay-Lussac. 

2. Boyle^s Law states that the pressure of a gas varies inversely as 
the volume at constant temperature. This law may be stated mathe- 
matically in several forms. At constant temperature, 

i.c. 


P CC 1/y 
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pv = const. 


(3.1) 
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or 


pv = poV,). 


(3.2) 


Experiment sliow« that over a range of pressures tlie i)r()(luct pv for any 
gas is only approximately a constant. The variations from constancy 
will he discussed in detail later. At low pressures the deviations from 
constancy decrease and fijially disai)pea.r as the pressure approaches zero. 
The average value of the constant obtained by extrapolation to zero pres- 
sure for a large numf)or of ga-ses is 22,414 cc. atm. per mole at 0° C. 

3. Gay-Lussac’s Law states that at constant volun\e the pressure of 
a gas varies uniformly with the tem])erature or that at constant ])ressurc 
the volume varies uniforml}^ \\ith the temi)crature. 


p — />>o(l + ext). (3.3) 

At constant jnessure I 

y = v,{l + m- \ (3.4) 

In these expressions po and Wy are the pressure and volume resi>ectively 
of a given mass of gas at zero degrees Centigrade; p and v are the pressure 
and volume of the same mass of gas at the teinpcaaiture P C. \ 

Careful measurements of the values of a and P have shown tluit they 
arc slightly different for different gases and de])eiid also on the volume 
or pressure resj)ectively. At very low pressures a ajid P become equal 
for all gases and have the value 1/273. 1(), a quantity hiiving the di- 
mensions, degree"^ 


or 


p = 


Vo 

273.10 


(273.10 + t) 


(3.5) 


V 


Vo 

273.10 


(273.10 + L). 


(3.0) 


If a temperature T be d(Tine<l by the relation 

T = 273.10 + b 


then 


and 


V ^ 


Vo 

273.10 


T 


V = 


Vo 


273.10 


T 


or 


or 


p ^ T 

V cc T. 


(3.7) 


(3.8) 

(3.9) 


The temperature T is termed the absolute temperature. 

4. The Ideal Gas Law: Since Boyle’s law and Gay-Lussac/s law are 
only obeyed by actual gases at low pressures it has been found convenient 
to introduce the conc-ejjt of an ideal gas, that is, a gas which under all 
conditions would obey both laws. The simultaneous variation of all 
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three variiibles, temporjiture, pressure and volume of an ideal ; 2 ;as may 
1)6 derived by a combination of Boyle's and (biy-Lussae’s laws, (^onsider 
a given mass of an ideal gas under the conditions /n, ci and Ti and let 
the pressure be elmnged at constant temjierature to p 2 . By Boyle’s 
law the resulting volume ?'/ is given by (3.2), p-vi = pivu Maintaining 
the i)ressure constant at p 2 . let the temperature now* be changed to 7’-. 
The resulting volume V 2 will be given by ( Jay-Lussac’s law 


V 2 IT 2 == e//7\. (3.0) 

Substitution for r/ gives 

JhlT^ - pnx'p^Tx (3.10) 

or 

pivJTi ^ piv^lTz. (3.1 1) 

Thus pvjT is constant 

or pv = NT (3.12) 

where R is termed the gas constajit and has a value PqVoIT ~ 22,41 4/273. Ki 
= 82.055 cc. atm. per degree per mole. 


Wc shall discuss in detail the extent to which gases ai)proximiLte to 
this fundamental gas law after an empiiry into tlu^ theoretical significance 
of this law from the standpoint of the kinetic tlieory. 

5. The Kinetic Theory of Gases: Among the first to suggest the ('x- 
planation for the behavior of gases was Daniel J5crnouilli (1738), The 
kinetic theory which has been built u]> since his time rests upon two 
postulates: The Daltonian conc,cpt of discrete particles (molecules) as 
the unit and the postulate that the i)a.rti(4(‘s are in continuai and (4uiotic 
motion, which motion manifests itself by the phenomenon of temperature. 
In its simplest form, the kinetic theory further assumes that the particles 
arc spherical in foimi and perfectly elastic, in collision with themsi'lves or 
with the walls of the containing vessel. The pressure on the walls of 
such vessel is due to the force of the impacts of these molecuhis. It is 
readily seen that such a concept is (qualitatively in agrcH^incnt with the 
known facts. AVhen the gas is compr(;ssed, the number of molecules per 
unit volume increas(^.s and, licmre, the number of imj)acts per unit time on 
the walls of the containing vc^ssel, i.c., the jjressure. Increase of tempera' 
ture at constant voluJiie increases the average vcdoc.ity of the imdeciiles 
and, hence, the force with w4nch they strike the walls. The pressure is 
therefore increased. 

The kinetic theory may also be apqdied quantitatively to the explana- 
tion of the properties of the gaseous state, the more comi)let(4y the more 
rigorously true are the assujuptions ii\H)n which the dei ivations are based. 
This close interq^retation of gaseous behavior constitutes a triumphant 
attainment of a long succession of scientists, i)rincii)ally mathematic.al 
physicists, of whom the outstanding contributors are Clausius, Clerk 
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Maxwell, Boltzmann, van der Waals and Jeans. We shall illustrate such 
a quantitative application by the simplest form and show that, in this 
form, the laws of a perfect gas are indicated. 

Consider a mass of gas enclosed in a cube of length, L In order to 
calculate the pressure let it be assumed that the molecules, which are, in 
reality, moving with velocities varying from zero to infinity, are all mov- 
ing with the same velocity, it, which is the sciuare root of the mean square 
velocity. This velocity, which will be considered in more detail subse- 
quently, is resolvable into components normal to the three directions, 
related to u in the following way: 


Ux^ “h “h 


(3.13) 


Pressure is a force i)cr unit area, and, from Newton’s second law, is equal 
to the product of the mass, m, of a particle and its acceleration^ a. 


dll d{mn) 
’’ dt dt 


(3.14) 


A molecule with component of velocity, Ux, in the direction norm.'if to the 
side upon which it impinges, apj)roaches this side with inonientum mux\ 
after impact it rebounds with a momentum — inuxf the change in mo- 
mentum being 2mvx^ The number of impacts on the two walls which 
are perpendicular to the x axis per unit of time is UxU, and the total change 
in momentum in one direction per unit of time is 2mux^ll; the total 
change in momentum per unit of time in all three directions is 2mux^ll 
+ 2vniy^ll -j- 27HUs^ll, which expression, by equation (3.13), is equal to 
2mu^lL Since the total area upon which this force is exerted is 6p, the 
force per unit area, that is, the pressure, is or mu^lSVj where v is 

the volume of the cube. 

If instead of one molecule in the cube, there is one mole of the gas, 
that is, N molecules, where N is the Avogadro number, the expression for 
the pressure becomes 

p ~ Njuu'I^v 
or 

pv — N mil? I ’3, (3.15) 

Since the total kinetic energy of the molecules is Nmiirl2 it follows that 

pv — 2E13, (3.16) 


where E is the kinetic energy of translation of the molecules. 

The relation between the energy and the temperature must now be 
examined. In general, when two bodies arc placed in '‘thermal contact,^^ 
energy flows from one to the other. This flow of energy from the hotter 
to the colder body will continue only so long as a dififcrcnce in temperature 
exists between the bodies. When no further energy flow occurs the 
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]iOilies are said to be at the same toiiii)crature. Such is the fundamental 
concept of temperature. On the other hand tlie units whereby numerical 
values may be assigned to diiTerent temperatures are purely arbitrary. 
The mechanism l:)y which this eiuwgy exchange occurs between gases at 
two dillercnt tem])cratures de]Hmds, acconling to tlie kinetic tlieory, on 
tlie exchange of energy lietween individual molec'ules on collision. If the 
molecules have on tlie average ecpial energies, then no exchange can occur 
and, by definition, the gases are at the same temi^eraturo. It may be 
rigorously proven by kinetic theory that for all gases, regardless of their 
nature, the temperature is determined by the a.verage kiTietic, energy of 
the molecules alone; thus mirl'l oc T. Th(‘ clioice of the i)ropi)rtionality 
factor is again arbitrar 3 ^ It is so chosen that the volume of an ideal gas 
in a constant pressure gas thermomob'r is directly jiroportional to the 
absolute teurperature. This gives 7//aV^ = lM\,Ti2N, or 

pv = (3.12) 

which is tlie ideal ecpiation. 

6. Kinetic Theory and Avogadro’s Hypothesis: Ecpialion (3.12) is 
valid for a given mass of a particular gas. If the mass of gas taken as a 
standard is the molecular weight expressed in grams, the constant R 
assumes a definite value, and the general et] nation for any mass of an 
ideal gas is 

pv = wRTIM, (3.17) 

where w is the mass of the gas consideicd and il/ its molecular weight, 
idle experiments which led to the above generalization are also the 
experiments that led to Avogadro’s hypothesis; in fact, tliis hypothesis 
is embodied in the aliove ecpiation. 

It has been shown that two gases arc a.t the same teinjierature when 
their mean kinetic energies are ecpial, that is to say when 7ni?o^/2 = 

Equal volumes of the two gases Avill exert the same ])ressure when 
nxmiiirl'S = since, as has been shown, each of these terms is 

equal to the pressure-volume product, Ui and being the numbers of 
molecules of the two gases in equal volumes. AVhen the two equations 
hold simultaneously 

Til = Til 

that is, equal volumes of any two gases under the same conditions of 
temperature and pressure contain the same number of molecules. This 
is the important gcmeralization of Avogadro. 

The facts ernlxxlied in the above equations arc in agreement with the 
observations of Gay-Lussac and Humboldt that the reacting volumes of 
gaseous substances at the same tempeiature and pressure are in the ratio 
of small whole numbers. According to one of Dalton's fundamental 
assumptions, chemical reactions take place only between whole numbers 
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of atoms, from which the followini^ expression is obtained, 

nil : m 2 = kiQi : k-Q'i, (3.18) 

where ki and k^ are integers and Qi and Q2 are stoichiometrical weights of 
the two gases. Since the gases are at the same temperature and ]:>ressure, 
?Wj 7 /i 2/2 = m 2 y’rl 2 and ninhurl'S — where Ui and are now the 

nuinl)ers of molcniles })er unit volume of the two gases and are equal. 
The densities of the gases pi and pi are tlicrefore iixmi and niiih. The 
densities are also eciual to Qitvi and wdiere Vi and ih are tlie reacting 
volumes. lienee 


(hhi : Qthh = Pi : pi = nii : m 2 = kiQi : hAh (3.19) 


or 

Vi : ih ~ k2 : ki. (3.20) 

I 

Tliis equation expresses mathematically the observation of Cbiy-Taissac 
in connection with volume relatioTishii)S of gaseous reacd-ants. \ 

7. Diffusion Through Capillary Tubes: Tlie plionomenon of haseous 
diffusion caji bo strikingly visualized with the aid of tlie kinetic H^heory. 
Let A (Fig. 3.1) be a vessel containing an equimolecailar inixlWre of 
oxygen and hydrogen, connected by capillary tubes to the vessel B in 
which a vacuum is maintained. Provided tlie diameters of the c:ipillary 
tubes are much smaller than tlie average distance between molecules, it 

is found that four times 
as much hydrogen diffuses 
til rough the tubes as oxy- 
gen. Only those niole- 
] ^Vacuum cules which strike the 
ojienings of the tube will 
bo in a position to diffuse. 
Although there is the same 
Fi( 7. 3.] number of each kind of 

molecule, the hydrogen 
molecules are moving with much greater velocities, and therefore more 
of them will strike the openings per unit of time tliaii oxygen mole- 
cules. The velocities of the two types of molecules are given by 



W02 = '^‘Apvlnio^n = '^I'^RT Ivio^n 

and 

WHa = Vs^/wn^a = '^'SRTl'nLu^n. 

Since n is the same in the two cases, vnJuo^~= \32/2 = 4. This means 
that hydrogen has four times the chance of diffusion that oxygen has, 
and therefore its accumulation in the evacuated vessel should be four 
times that of the oxygen. Evidence confirming this deduction was pre- 
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sented by Oraliain from his experiments dealing with the dilTusion of 
gases through porous ])lates. 

Graham’s Law of DilTusion may therefore be expressed in the form: 
Oases dijfiise at rates ichlch are ineersily proportional to the square roots of 
Ihcir densities. 

8. Thermal Diffusion: Gases niay also be separated by dilTereiiees in 
tlic rate of diffusion under a temperature gradient, ddie apparatus used 
liy Reynolds in his study of thermal dilTusion is shown in Rig. o.2. The 
two chambers, .1 and 7i, were con- 
nected by capillary t\ibes R, made of 
meerschaum, and also by a tube of 
comparatively large diameter, con- 
ttiining the tap F. M was a ma- 
nometer. The chamber B was siir- Steam 
rounded by ice ami A by steam. A 
gas was introduced into the chamlicrs, 
and, with the tap F open, ecpiilil)- 
riuni was obtained. AVheii tap F was 
closed, the ])rcssure in the hot cham- 
ber increased, as indicated by the ma- 
nometer. Tlic differeiK'-e in pressure 
in the two vessels reached a definite 
amount, which was a maximum when 
the original jnessure was of the order I'ha. 13.2 

of one or two centimeters of mercury; 

at one atmosphere jiressure, the diiference was not iierceptible. The 
lower the original pressure, the greater was the percentage difference in 
jircssure registered. 

If T 2 and 'J\ were the temiieratures of the hot and cold chandlers 
respectively, then, when taj) F was oiicn ami there was thcrefoie no 
pressure difTerence, the number of molecules in A was iiivaa'scdy iiropor- 
tional to T 2 ] the number in B was inversely proiiorlional to 'J\. When 
tap F was closed the number of molecules leaving A was proi)ortional to 
the number preseiiL and also to their average velocity, i.e., propor- 
tional to 1/7’^ and also to VTs, or proportional to their product I/VT 2 . 
Likewise, the number leaving B was proportional to 1 /VTi. Since 
1 /VTi > 1/V7''2, more left B than left A, and the pressure in A imaeased. 

The jn’oblem of thermal dilTusion accpiired importance by reason of 
the jjossibility of its use in the separation of gaseous isotojies. Jt has 
been shown theoretically ^ and experimentally ^ that if a gaseous mixture 

^ Enskog, Physik. Z., 12, 538 (1911); Ann. Physik, 38, 750 (1912), ( 'liajaiian, 

Phil. Trans., 217A, 115 (1910); Phil. May., 34, 146 (1917). 

^ Lhapmim and Dootson, Phil. Mag., 33, 248 (1917). 
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is present in a container one portion of which is kept hot, and another 
cold, an equilibrium is attained in which there is an increased concentra- 
tion of tlie larger or heavier molecules at the cold end and vice versa. 
This method of separation grew in practi(!al importance with the 
discovery by Clusius and Dickel ^ of a simple way of cascading the effects. 
This involves the use of a horizontal temperature gradient l)ctwccn two 
vertical walls. Convection which might normally l)e expected to ob- 
literate separation is actually responsible for an accumulative effect. In 
this inarmer a multiijlication of the effect by a factor up to 50 per meter 
of length of the vertical walls has been found. 

9. Gas Mixtures: Dalton’s Law states that the pressure of a gas mix 
turc is equal to the sum of the partial pressiu'es of tlio gases (;omj)osing 
the mixture. For gases to which the fundamental gas law in its kinetic 
derivation applies, this follows at once. For, according to the theory, 

PiV = (3.15) 

P‘2V - 

pv = 4- 

and, hence, 

P = A- P2, ^3.21) 

where mi, m^ are the weights, n\, are the iiiunbcrs and v\, ?/a are the 
vc]o(;itics of the two gases; pi and p^ are the prcssuj'os exerted wlieii ciich 
of the gases separately occupy the volume v, and P is the pressure exerted 
when both ocauipy the volume at the same time. 

10. Barometric Formula: It is a practical o]>serva-tion that tlio atmos- 
pheric pressure diminishes with increasing heiglit above the earth. ^This 
may be accounted for in terms of the gravitational attraction on the 
molecules of the atmosidierc. Consider a column of gas of unit cross 
section and lieiglit h. Tlic i)ressure at the top of the column will be less 
than that at the bottom by an amount which is the weight of the gas, 
since the weight is the force whicli tlie column of gas exerts and the force 
per unit area is the pressure. The volume of gas l)eing considered is h cc. 
Hence if p is the average densit 3 q its mass is ph and its weight phg uliere g 
is the acceleration due to gravity. 

Consider a thin section of this column of height dh. Let the pressure 
at the height h be p and at li + dh be p — dp. Hence as l)efore 

dp = — pgdh. (3.22) 

By the gas law (3.17), pv — idRTIM. Since p =wlv, 

p = MpIRT ^ (3.23) 

^Naturunss., 26, 546 (1938); 27, 14S (1939). See Gillespie, J. Chem. Phys., 
7, 530 (1939). 
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and 

dp/p = - MgdhlRT 

or 

dill p = - MgdhIRT. (:^.24) 

Iiitepcratinp; from po the pressure at sea level to p the pressure at tlio 
height h, gives 

In (pIpo) = - Mgh/NT, (3.25) 

_ Mph 

p = Poc (3.20) 

frr)m which equation the pressure at any height may ho ealeulatod. 

A useful ajiplieatioii of this principle was first made by Verrin in the 
calculation of the Avogadro constant by th(‘ so-called 'bsedinu'utation 
eijuililjrium.” On the assumjition that suspended jiarlicles would behave 
like molecules of a gas, a suspension of gamboge partichvs in watcM* was 
examined under a microscope and the number of particles in the fa'ld of 
view at different heights determined. 'Fhe imiss of a single partich' was 
obtained from the density of the bulk material and a direct measurement, 
microscopically, of the volume of the particle. Tlu^ Avogadro constant 
could then be calculated in the following manner. Since the ])ressiiro of 
a gas is directly ])ro])oi’tioiial to its density, the ladation between pressure 
and height given above may be written: 

d In n = - MgdhIRT - - NiugdhlRT, (3.27) 


where n is the number of ])articles ])or cc., N is the Avogadro number and 
m is the mass of a particle. Integrating between the two heights /q and 
// 2 , for densities iii and 112 '. 


Ui 

ni 


Nnn/.j j 


(3.28) 


The quantities involved in this e(iLiation were all determined by Perrin 
and hence N could be calculated. The value found wais 0-8 X lO'-'h 
Jiatcr work by Svedberg, Westgren and others using gold and selenium 
colloids gave a mean value of 0.05 X in good agreement with values 
determined by otlier methods. 

11. The Distribution of Velocities Among Molecules: In the preceding 
paragraphs the deductions have been made with an assumed constant 
velocity, v, the root meaii square velocity. As we have seen, it leads to 
conclusions in agreement with the fundamental gas law and other laws 
of gaseous behavior. The velocities of the individual gas molecniles are, 
how’cver, constantly changing as a result of collisions among themselves. 
The molecules will possess velocities varying between a momentary state 
of rest and velocities much higher than the mean velocity; these high 
velocities would be acquired by several successive and favoraj)lc collisions. 
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Now, this varying velocity of gas molecules in a volume of gas maintained 
at constant temperature and therefore at a constant mean kinetic energy 
is, as we shall later see, of very great im])ortajice in determining wliether 
cheinie,al reaction results from such collisions. The law which goverms 
the flistrihution of velocities in such a gaseous volume was deduced by 
Maxwell on the basis of i)robability considerations. 11 is law may be 
exi)ressed thus: The number of molc(uiles, diV, out of a total number, A^, 
whose velocities lie between c and c + dc is given by the equation: 

4.N 

dN = “7— (3.29) 

\Tra^ 


The derivation of this ecpiation is complex. One method of derivation 
is given in Appendix I at the end of this l)ook. It is sufficient for our 
purimsc here to illustrate the results that arc obtained from tlijc use of 
this equation. In the following table W'C summarize the results (il‘ apply- 
ing such an ecpiation to the distribution of vc^locitics in numbers ]\er 1000 
molecules of oxygen at 0° (h According to Meyca*,’^ on the averj^ge, the 
number of molecules within the given vclocit 3 ^ limits are: \ 

\ 

TABLE 3.1 

DiSTiiiniTTiON on Veiamuties in Oxyoen at 0° C. 


Erum 13 to 14 
81 to S2 
1()() to 107 

21 4 to 2 1 5 per thousand 
202 to 203 have velocities 
151 to 152 
91 to 92 
and 70 to 77 J 


less than 100 meters per second 
lic^twcx'ii 100 and 200 meters per second 

“ 200 and 300 

“ :i00and400 “ “ ‘‘ 

“ 400 and 500 , " 

“ 500 and 000 

‘‘ 000 and 700 “ “ “ 

ahovcj 700 nietei s per second 


It is evident that if such data be plotted in the form of a diagram 
(Fig. 3.3), with the pcrc*cnta.ge numlrcirs within given velocity limits as 
ordinates against the vcdocitics as abscissas the curve obtained shows a 
maximum value at a given V(dc)cit 3 \ We may term this velocity the must 
probable velocii}/; in the Alaxwcll ecpiation given above, the cpiantity a 
is this nicest probable velocity. Since it corresponds to the jnaximum of 


the curve ill Fig. 3.3 its value can be found by placing d 



At a given temperature T, it has the value 


a '^2hTlm — 12,900VT/jlf em. per sec., (3.30) 

where m is the mass of the molecule and k is the gas constant per molecule, 
1 Kinetic Theory of Gases, Longmans, Green and (i)., 1899. 
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equal tliercfore to R/Xa where R is the ^as constant per mole and Xa is 
the Avoj;adro iiuniber. In the alternative form M is the niolociilar \^ ei^ht 
of the gas. For a given gas, therefore, the most i)rol)alde velocaty in- 
creases as the square root of the absolute temperature. That is to say, 
as the temi)cra,ture increases the maxiinuni occurs at increasingly large 
velocities as shown in the diagram. 



Fic;. 3.3 Distribution of velocities anioiig in()]ecul(‘s at two teinporaturcs 
(a) most probable velocity; (mo) average velocity; 
root mean siiuarc velocity 


The average velocity of the molecules at any given temperature, ?/«, 
is the sum of all the vcdocities represemted, divided by the total number 
of molecules. The value of this average velocity is: 

= = j = 14.500 (^--j cm.porsec. (4.51) 

The root mean aquarc vclocitij is obtained by a similar process of sum- 
mation and has tlie value 


= 15,800 Vr/jW cm. per see. (3.32) 
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It was shown in section (5) of this chapter that, for one mole of gas, 
pv = RT = \nmu^ = Mu^l3 since nm for one mole is equal to M, the 
molecular weight. It is therefore evident that Uj of the derivation in 
section (5), is equal to {SRT/My^^ and is therefore identical with the 
quantity which we have here named ^lc^, the root mean square ve- 
locity. Since this is the velocity which represents the mean kinetic 
energy of the gas molecules it is sometimes called the mean energy velocity. 
The tlirec ordinates on the diagram, Fig. 3.3, represent the most probable, 
the average and the root mean square vc]o(;ities. 

An approximate! form of the distribution law, which is sufficiently 
exact for many a]j[)lications to chemical processes, may be obtained l)y 
considering distril)ution of velocities in two dimensions instead of three. 
The advantages of this approximation are its simplicity and the case with 
which it may be apjdied. For the distribution of velocities in two 
dimensions only, ' 

(IN = (2iV/a2)c-<-"/«“)cdc. ^ (3.33) 

In this equation the const.ant, a, is once more the most inobablo Velocity 
— {2RTI If Ej tlie kinetic cnergjr of the molecules, 1)6 scl^ equal 
to \Nmd^^ the equation l)ecomes 

dN = {NIRT)e-^i^^'^\lE. (3.34) 

This expression may lie used to determine the number of molecules Ne 
which have a velocity in excess of that which corresponds to the mean 
kinetic energy E of the molecuhis. 

The general effect of temperature on the distribution of velocities 
may be seen from the distril)ution (‘urves plotted for two temperatures. 
Increase of tenqieraturc decreases the fraction at low velocities. It in- 
creases the fraction at high velocities. It should also be noted that the 
higher the temperature the lower is the fraction having the most probable 
velocity at the given temperature. 

The Maxwell equation (3.35) shows a close similarity to that derived 
for the distribution of molecules at different heights under gravitational 
attraction (Equation 3.20) when it is remembered that the number of 
molecules per unit volume can replace the pressures. (Jiiitc generally, 
for distribution in a non-homogencous field, Boltzmann deduced that the 
number of molecules, n, per cc. with a poteidial energy Ep per mole was 
related to the number, no, per cc. where the potential energy was zero by 
the expression 7 i = Also, for quantized energy, whether elec- 

tronic, vibrational or rotational (Chapter 4) the fraction of the molecules 
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possessing a quantum of energy per molecule is given tlio exJU■t^ssion 
or where A~e = E^ Nk = /?, and N is Avogiulro’s number. 

12. Frequency of Collisions: It is desirable to know not only the 
energy of colliding molecules but also the frequency with wliich they 
collide. Let us understand by a collision the approach of t wo molecules 
to within a distance, o', of each other, where cr is the diameter of a molecule 
elTective in sucli collisions. To facilitate the calculation let us imagine 
one molecmle nuiving in a mass of stationary molecules. It will jiossess 
a motion equal to tlie mean relative velocity, r. 

Imagine a system of molecules, eacli moving with the average velocity 
Ha- Consider one of the molecules rejiresented by the iioint .1 in Fig. 3.4 
moving in the direction AB, If at the iioint B it collid(‘s with another 
molecule its direction of motion will in general be changed, depending 
upon the direction of motion of the mohamlc 
struck. Thus, if the second molecule were 
travelling in the direction CVi, resulting in a 
head-on collision, the first molecule wamld 
have its direction c-omi)letely reverse<l and 
wu)uld return from B towuirds A, If, on tlu^ 
other hand, the collision of the molecule at B 
W’as a grazing collision in wdiicli it only just 
touched a second molecule, its direction of 
motion w^ould be unaltered and it would con- 
tinue its motion after the collision from B 
towuirds 0. Betw^cen these twuj extremes, of 
head-on or grazing c.ollision, any intermediate tyiie is possible w'hich 
would result in the molecule JiioAung towards any i^oint on the circle cir- 
cumscribing ])oijit /i. vSince all these directions are ecpially j)robable 
the average direction, when a large number of molecules arc so con- 
sidered, wall be BD or BE, that is, a direction making an angle of 00° 
witli the original direction of motion of the molecule. This is ecpiivalent 
to the statement that the angle between the directions of motion of twm 
molecules in collision is on the average 90°. Theii laxative velocity by 
the law of Pythagoras is therefore V2(/„. This is therefore the mean rela- 
tive velocity, r. If the moving molecule be imagined to have a ra.dius 
equal to a instead of a diameter equal to this amount, the stationary 
molecules may be thought of as iioints. In one second, such a moving 
molecule will sweep out a volume clement 

^2Ua X TTO-^. 

If the concentration of stationary molecules be n per cubic centimeter, 
the number of encounters between the moving molecule and the station- 
ary points will be But each molecule can be regarded as 



A 

Fia. 3.4 
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undergoing this same procedure. Hence the total number entering into 
collision per cubic centimeter per second among n molecules is 

The actual number of collisions will be one half this number since two 
molecules entering ui)on a collision with each other only give rise to one 
collision. This would give a value 

l(\2Ua7r(TV). 

Now the average velocity is given by the relation (3.31) : Wa = ^^kTIwm. 
Hence the number of collisions is: 

2nV-yJTrIcTlm. 

13. Mean Free Path: If the velocity of a i)artiolc be Ua and the particle 

makes '^2TUa(T‘^n collisions per second it is ai)i)arent that the ])arucle will 
traverse a path, \ 

I = V27raacr-?i = (3.3G) 

without encounter witli other jnolecules. This distance is known as the 
mean free path. 

14. Viscosity of a Gas: The mean fiec patli is related to the viscosity 
of a gas by the exj^ression 

V = Ipidr (3.37) 

where tj is the viscosity and p is the gas density. In agreement with this 
equation it is found that the viscosity of a gas is irfdcjiendent of the 
l)ressurc over shoi’t ranges of i)ressurc. Doubling the pressure doubles 
the density, but, at the same time, the mean free path is halved. The 
velocit}^ of the gas molecules is pro])ortional to the square root of the 
absolute temperature. It follows, therefore, from the above relationship, 
that the viscosity should also vary as the square root of the absolute 
temperature. Actually it increases more rapidly, so that we must con- 
clude that temperature exercises some influence on the mean free path, 
increasing it with increasing temperature. Sutherland has attempted an 
explanation of this on the basis of the existence of attractive forces be- 
tween real gas molecules. If two molecules of an ideal gas were moving 
in such a manner that they just escaped colliding with each other, two 
such molecules in a real gas would be pulled into collision by their mutual 
attractions. Hence the frequency of collision in real gases will be higher 
than that cahmlated by the previous expression. The relative effect of 
the attractive forces will diminish, however, as the temperature rises, 
since the kinetic energy of the molecules will be higher. At extremely 
high temperatures the attractive forces will be completely negligible; the 
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frequency of collision and the mean free ])iitli will have their ideal values. 
Now an increased frequency of collision means a decreased mean free 
path. Hence at lower teniperatures a real j!;as will have a free ])atli which 
is less than the ideal hut it will increase as the tem])erature increases up 
to the ideal value. Sutherland shows tliis elTect to be given by the 
equation: 

Ul = 1 f {Cm, (3.38) 

where is the limiting mean free patli at liigh temperatures (the ideal 
value); I is its value at tlie temperature T and C is a constant wliost* 
value ranges from 50 to 300 for iliffercnt gases. Hankine has utilized 
detcrmiiia-tions of gaseous viscosity to detern\ine the dimensions of gas 
molecules. Some of his data, compared vith magnitudes deducted from 
crystallographic analysis h}^ t.he X-ra}'^ method, are reproduced in the 
following table. 


TA15LE 3.2 

Molecttlah KAnn rnoM Chtstal Measituiiments and Oaseoi^s Visoositieb 


Cl:iH 

llailius 

(UiaKK) 

iCidnis 

(Uaiikint') 

Ciiis 

K.tduis 
Oil .'IRK) 

(RarLkiii(') 

Iloliuiu 


O.OIXIO “nil. 

Hj^diogen fluoride 

0.05 

1.17 

Neon 

0.05Xl0“«cni 

1 17 

Hydrogen 1 chloride 

1.02 

1.13 

Argon 

1.02 

1.13 

Hjnlrogon ))r()nn(io 

1.17 

1.58 

Krypton 

1.17 

1.59 

Hydrogen iodide 

1.35 

1 75 

Xenon 

1 .35 

1 .75 





It will be noted that the examples cited yield values for the molec'ular 
radii of the order of 10“® cm. The utility of these data in calculating 
the number of collisions among gas molecules is ajjparent from tlic 
preceding paragra])lis. 

15. Mass of Gas Striking Unit Area: This quantity is of imi)ortancc 
in calculations of reaction between gases and solid surfaces. Consider 
a unit cul)e of 1 cm. side containing n molecuh's. The iiuml)cr ai)j)roacdi- 
ing one side of the cube at any instant will be apjiroximately 7i/6, since 
there arc six sides to the cube. However, when full account is taken of 
the direction of approach of the molecules to the wall, the correct number 
is ?i/4. If Ua is the average velocity of the molecules, all of those mole- 
cules that are within a distance Wa of a wall will strike it in one second. 
The number of molecules striking one side of the cube, that is, an area 
of 1 cm.2 in each second will be nnJ4. If m is the mass of each molecule, 
the mass of gas striking the unit area will be iinvual^- 

Now n being the number of molecules in 1 cc. is related to the prevail- 
ing pressure and temperature hy the gas law: n — p/kT. Furthermore^ 
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the average velocity (equation 3.31) is also a function of the tempera- 
ture: Ua = ^SkTIirm. Making these substitutions, the mass of gas, W, 
striking unit area in unit time has the value: 

W = nmuj^ = p-m'^ISkTIwmlAkT = 

or in terms of the molecular weight M and R the gas constant per mole, 
§.32 X 10^ ergs: 

W = p^JMI27rRT. (3.39) 

16. Heat Capacity of Monatomic Gases: The mean kinetic energy of 
a gas at temperature T is given by the equation (3.16) of the kinetic 
theory, 

E = lpV = IRT. 

If, under the given experimental conditions, tlie heat supplied tot a gas is 
employed solely to increase the kinetic motion of the molecules,\ the in- 
crease in the mean kinetic energy AE is exactly equal to the increase in 
internal energy At/, the volume being kept constant. As shown in 
Section 14, Chap. 2, the true heat capacity at constant volume is:\ 

a = dUldT 

and hence, for the present case, 

Cv = dE/dT = '^R = 2.979 cals, per mole. (3.40) 

The heat capacity of such gases at constant volume should thus be in- 
dependent both of the temperature and the nature of the gas. This is 
true for all monatomic; gases, including helium and the other rare gases 
and mercury vapor. Experiments have been made with helium at the 
temperature of liquid hydrogen 15° K.), and also at very high tem- 
peratures by determining the rise in temperature produced by the ex- 
plosion of gas mixtures. The heat of the explosion increases the gas 
temperature to an extent depending on the heat capacity of the gases 
present after reaction. By studying the effect of additions of monatomic 
gases to explosive mixtures the heat capacity could be determined over 
the temperature range in question. Over this whole temperature range, 
255-2000° C., the molar heat capacity at constant volume was found to 
be ^Rj for monatomic gases, within the experimental error. 

The mean kinetic energy, '^RT, is associated with the three components 
of the motion of the gas molecules. According to Maxwell, the molecule 
possesses three degrees of freedom of translatory motion, all equivalent, 
and such that, along the three component axes, x, y and 2 , the energy 
may be resolved 

^mux^ = imuy^ = = \{^pv) = ^RT, (3.41) 
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Every gas possesses these three degrees of frcodoni of translatory motion 
and to the heat capacity of every gas at constant volume tliere will be 
the contribution of i)er mole from such translatory motion. Inspec- 
tion of Table 3.3, however, indicates that the value of for tlie gases 


TABLE 3.3 

(\ FOR Various (iASEs 


Gas 



Temp. 

ill ° r. 



(p 

lOO** 

200° 

.wo° 

1 200° 

2000° 

Argon 

2 . 0 s 

2 98 

2.98 

2.98 

3.0 

3.0 

No, O2, TTCl, CO. . 

4.‘)0 

4.93 

5 17 

5.35 

ri .75 

0.22 

IL 

4.85 

4.93 

5.00 

5.21 

5 70 

0.20 

CU 

5.97 

0.32 

0.53 

0.78 

(1.9 

7.0 

CO 2 , SO2 

(OJI.)A) 

0.80 

32 

7.43 

32.0 

8.53 

41.0 

9.43 

11 I 

11.5 


other than the monatomic gases exceeds the value IR — 2.989 cals, per 
mole. It will be noted that the value of Cv increases with increasing 
complexity of the molecule, the molecule ether, (CdbOisO, showing vahms 
as high as 30-40 cals, per mole. In a later cha})t(‘r we shall return to a 
discussion of the heat capacities of diatomic and polyatomic molecules 
to show that intra-molecular motions, the rotation of the molecule as a 
whole, and the vibrations of the constituent atoms with resiiect to one 
another, are responsible for heat capacities in excess of those ascribable 
to translatory motion. 

17. Heat Capacity of Monatomic Gases at Constant Pressure: If a 

gas be heated at constant iircssure, more heat is required to raise tlie 
temperature one degree than is required at constant volume. For, at 
constant pressure, increase in temperature results in a volume cx]>aiision. 
The heat added at constant jiressure is sjicnt partly in increasing the 
internal energy and i3artly as work done pAv against the external pressure. 
The relation between Cp and Cv is therefore given, in accord with the 
first law of thermodynamics, by the equation 

CpiT. - Ti) = Cv{T 2 - T,) +p-Av 

— Cv{T^ 2. — Ti) + p{v2 — wi), (3.42) 

where Vi and V 2 are the initial and final gas volumes. If the gas laws are 
obeyed, it is evident that 


Cp{T2 - Ti) = Cv{T2 - Ti) 4- R{T2 - Ti), 


(3.43) 
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for one mole of the gas in question. Hence the relationship, 


Cp = Cl} R 

or 

Cp - Cy ^ R 

or 

CpIC, = 1 + (i^/a). (3.44) 


Since, for monatomic gases, (7„ = - 2 ^^ it follows that the ratio of CpjCv for 
such gases is 1 + (ii) = l.G()7. The above will l)e true only if the in- 
ternal energy of the gas is independent of the volume, that is, for an ideal 
gas. It may be shown for the general case, namely, for any gas, liquid 
or solid, that 




aHT 


(3.45) 


where a is the coefficient of thermal eximnsion and /3 is the compressibility. 
Since for an ideal gas pv = JIT this equation reduces to Cp — Co = R. 
Hence CpIC^ = 1.0(57. This ratio is found for all monatomic^ gases. 
For polyatomi(; gases, as (^v increases the ratio CpjCv falls. ThVis, for 
nitrogen it is J .414, foi' carbon dioxide 1.303, for ammonia 1.317, for benzol 
1.13 and for ether vapor 1.08.^ 

18. Thermal Conductivity of Gases: Specific thermal conductivity, 
K, is defined as the number of calories required to enter unit area of 
plane A in order that the temperature of jdaiies A and B may remain 
constant at T + 1° and T° lespectively, when the planes are unit distance 
apart. It is apparent that the carriage of heat from ong plane to another 
will be a function of the number, and velocity, u, of the gas molecules, 
the mean free i)ath, I, and also the heat capacity, which in its turn is 
dependent on the number of degrees of freedom, /, of the gas molecule. 
This is expressed by the relation 


K = k-l-uf-n (3.46) 

or, since u varies inversely as a/m, where M is the molecular weight, 

K = k'lfHM. (3.47) 

This relationship is shown by the following table. 

It will be noted that with an almost ten-fold variation in thermal 
conductivity shown by helium and argon the (puintity, k'^ remains 
sensibly constant (8.6, 8.8), the number of degrees of freedom,/, being 
the three degrees of freedom of translatory motion. With the diatomic 
gases, more than three degrees of freedom arc required. With/ = 5 a 

^ For experimental methods of measuring this ratio sec Mack; Laboratory 
Manual of Physical Chemistry, D. Van Nostrand Co., New York, 1934. 
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TABLE 3.4 


TiIEUMAIj C^ONDl'CTIVITlES 


Gas 

K X 10“ 

f 


// 

lie 

330.0 

3 

2.00 

S.O 

II 2 

307.0 

.5 

i.n 

G.S 

CO 

5 ! 2 

.5 

.5.20 

0.7 

N2 



5.29 

O.S 

O2 

.57.0 

.5 

5.00 

o.s 

Ar 

30.0 

3 

0.32 

s.s 

(X)2 

33.7 

(» 

0.()3 

0.5 


reasonable eoustancy of A:' is obtained with wide variations in thermal 
conductivity. With tlie triatoiuic molecule, (H)^, six dejz;reos of freedom 
are indicated. A^ain, with the diatomic and i)olyatomic molecules we 
must look for additional degrees of freedoju in the iiitra-molecular motions, 

19. Expansion of Gases: In discussing the heat ca])acity at constant 
volume of a monatomic gas we assumed that all the heat (Miergy ab- 
sorbed was converted into kinetic, energy of the gas juolecules. At 
constant i)ressure, we considered also the energy involved in the expan- 
sion of the gas. There is, in addition, one other inodes of (‘nei gy consumj)- 
tion which must 1)e considered. If the gas molecules i)ossess an attra(;tion 
for one another, energy must be cxi)ended to overcome such attrac- 
tion when the gas is ex])anded, that is to say, when the distance between 
the individual molecules is increased. (hiy-Lussac first attempted to 
ascertain whether such an effect existed by allowing the gas from one 
vessel, I, to stream into an evacuated vessel, II, until pressure ccpii- 
librium was established in the complete system, I -|- II. By having the 
system ijnmersed in water in a calorimeter he ho])ed to be able to notice 
any temperature variation. In his experijiients, (lay-Lussac noted no 
such change in temperature and concluded that the effect of attraction 
among the molecules was negligible. More exact experiments show that 
a very small decrease in temperature always occurs. If the tem])erature 
is to be maintained constant, heat must be absorl)ed, tliat is, (/>(). 
But since, in this experiment, there is no communication between the 
gas and the surroundings, the expansion of the gas docs no work on the 
surroundings and w ~ 0. Hence by the first law AU = r; > 0 or for real 
gases (dUjdv)T > 0. It is further found that the lower the ijressurc in 
vessel I the smaller is the temperature change, that is, the smalle^r is the 
change in internal energy necessary to maintain constant temperature 
during the expansion and, on extrapolation to zero pressure, AU = 0. 
Hence for an ideal gas {dUIBv)T = 0. 

20. Joule-Thomson Effect: Experiments by Joule and Thomson (later 
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Lord Kelvin) gave further evidence concerning the conclusions drawn 
above from Gay-Lussac’s work. The difference between the two experi- 
ments is that in Gay-Lussac’s system no external work is involved and 
for real gases the decrease in temperature on expansion is due to the 
internal work against the forces of attraction. In the Joule-Tliomson 
experiments external work may be involved since the gas communicates 
with the surroundings. 

The experimental method employed by Joule and Thomson was to 
cause the change from a high pressure pi to a lower pressure p 2 to occur 
slowly by interposing a resistance to the gas flow in the form of a porous 
plug. As the gas passed through the plug under compression on the 
high pressure side, the volume on the low pressure side was increased. 
Diagrammatically this is illustrated in Fig. 3.5. For a volume decrease 


— 

VI 1 

i 

Vz 1 1 

Z1L“ \ 



Fia. 3.5 


Vi on the high pressure side and a volume increase Vi on the low i^ressure 
side, the external work w done by the gas on the surroundings is ■ 

w = P 2 V 2 — ViV\. (3.48) 


The apparatus being insulated, the process is adiabatic. Hence if Ui 
and U‘z are the corresponding energies it follows from the first law, since 
3 = 0 , that 

U‘i — Ui == — ID ~ piVi — P2U2 


or 


C2 P2V2 — “h pil'i 


or 


Ih = Hi, 


(3.49) 


that is, the heat content remains constant. 

The change in temperature which occurs may be expressed by the 
Joulo-Thomson coeflicieiit (dTldp)jj. Since H is a function of p and T 

dll = {dlIldT)j,dT + {dIIIdp)Tdp (3.50) 

or, since dll = 0 



(3.51) 
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and the magnitude of the Joule-Thomson coefficient is dependent on the 
isothermal variation of U and of pv with pressure since Cp is a definite 
numerical quantity. Now 

(dUJdp)T = (dUldv)T(^vldp)T> (3.52) 

It has been shown that for real gases (S U/dv) r is always ])ositive. On the 
other hand (de/d/Or is negative. idVI<ip)T is tlieroforc negative. The 
variation of pv with p will be discussed in detail later where it will bo 
seen that at ordinary temperatures and moderate pressures (d(/n')/d;))r 
is negative for most gases with hydrogen ami helium as conspicuous 
exceptions. Hence under these conditions tlie Joule-TJiomson coefficient 
will normally be i)ositive, but negative for liydrogen and helium. At 
sufficiently high pressures {d{pv)ldp)T becomes ])ositive for all gases. 
The two factors {dUldp)T and {d(pv)ldp)T may thus enhance or oppose 
each other. It may be stated that there exists for oNMuy gas a chaTac- 
tcristic temperature at which {dTjdp)ii is zero; below this tcmi)erature 
the coefficient is negative and above it, positive. Table 3.5 gives the 
value of the coefficient for several gases. 

21. Approximate Molecular Weights: The fundamental gas law can 
be utilized to determine the a])|)roximate molcfudar weights of gases and 
vapors. If we write equation (3.12) in tiie form 

pv ~ nUTf 

where n is the number of gram niole(5ules of gas or va])or, we can substi- 
tute for n the quantity w/Al wIktc w is the mass and M the molecular 
weight of the gas. The equation becomes pv = wIlTjM and by de- 
termining the four quantities y, Wy and tlie molecular weight may 
be calculated. The equation is the basis for the JIumas, Victor Meyer, 
and Lumsden metliods of Jiiolccular weight determination.^ 

22. Apparent Deviations from the Ideal Gas Law : The vapors of such 
substances as sulfur, iodine, i)hos])horus iicntacddoride and ammo- 
nium chloride, investigated by Duinns, do not conform to the ecpiation 
pv = iiHT, Thus, ammonium chloride, in tlie vapor state, gives pres- 
sures grcatl}^ cxcccrling those calculated from the above ecpiatioii. The 
abnormally high pressure can be accounted for by the dissociation of the 
molecules in the vapor state into ammonia and hydrogen cliloride ac- 
cording to tlie equilibrium 

Nll4Cl;:~NIL + HCl. 

1— at a a 

If this chemical equilibrium exists and a is the fraction of ammonium 

^For the experimental methods involved in such determinations, see Mack: 
Laboratory Manual of Physical Chemistry, D. Van Nostrand Co., 1934. 



94 


ELEMENTARY PHYSICAL CHEMISTRY 


Ch. 3-22 


TABLE 3.5 

Joule-Thomson Coefficients 


Gafl 

c. 


k = 

= ATf^^p at PrcRsvirc-i 


0 6 

2 

]() 

1.-, 

JO sitiii. 

riydrogcn .... 

6 .S 

- 0 . 030 " 






90.1 

- 0 . 044 “ 





Carbon Dioxide 

0 

1 . 35 “ 




1 . 46 '= 


20 

1 . 14 “ 

1 . 2 P ^ 

1.3D 

1 . 37 '' 

1 . 20 “ 


40 

0 . 96 “ 




l.OF 


100 

0 . 02 “ 




1 



)j =0 

25 

50 

100 

J .'!() lvK./ciii.“ 

Air^ 

-55 

0.11 

0.40 

0.3 

0 . 2 S 

\ o . l 8 


O.C) 

0.27 

0.25 

0.21 

0.19 

\o.lG 


10 

0.20 

0.18 

0.17 

0.15 

\) A2 


150 

0.09 

0.09 

0.07 

0.06 

t |.05 


250 

0.02 

0.02 

0.02 

0.0 1 

d.oi 



3) - I 

4.5 

C. l m. 11 k. 



Air* 

0 

0.399 

0.378 

0 359 




50 

0.298 

0.278 

0.270 




100 

0.224 

0.210 

0.213 




“ Joule-Tlioinson. 

** Natnason, Wicd. Ann.^ 31, 502 (IS87). 

« Kostcr, Phijfi. Rev., 21, 200 (1905). 

‘^Nooll, FoiKcli. Arboitcn No. 18*1 (1916). 

®Iloxtoii, Phya. Rev., 13, 438 (1919). 

chloride dissociated, the total number of gram molecules present will be 
?i(l + a), so that 

pv = n(l + a)RT (3.53) 

and the gas law is found to hold when the chemical dissociation is taken 
into account. That this chemical dissociation actually oc-curs is proven 
by diffusion experiments carried out with the apparatus represented in 
Fig. 3.1. It was found that the gas which diffused through the capillary 
tube contained an excess of ammonia. This can only be the case if the 
ammonium chloride is split up into hydrogen chloride and ammonia 
molecules, in which case the lighter ammonia molecules would diffuse 
more rapidly. Similar phenomena of chemical association and dissocia- 
tion were found to occur in the gases investigated by Dumas. 
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23. Real Deviations from the Ideal Gas Law: With incroased rofinc- 
nient in experimental technique it was IVniiul that the gas laws of lh)ylo 
and Gay-Lussac did not hold exactly. For any p,iven j^as, the maj2:nitu<le 
of the discrepancy increased with increase in j^ressure and lowei'inp; of 
temperature, with every indication that Ihe jias law would hold exactly 
only at infinite dilution of the j!;as. As an example of the maf^iiitude of 
the variation, a number of values for M for methyl ether, deter mine<l at 
various temperatures and pressures, and calculated on the basis of the 
ideal p,as law pv = wRTjM, are ^iven in Table 3.0, and rei)reseiited in the 
accompanying diagraju, Fig. 3.0. 


TABLE 3.6 


Tciiip. 

Pi l';. 

M 

'I'l'lup 

J’k'S 

M 



M 

-19.1 

76.00 

47.695 


76.00 

47.22 

98.0 

70.00 



62.22 

47.42 


73.80 

47.19 


71.37 

46.48 


33.S3 

46.84 


35.63 

46.59 


34.31 

46.30 


1 9.5-1 

46.47 


18.55 

46 38 





9.76 

•16.365 

21.5 

76.00 

l(».91 




-14.5 

76.00 

^17.53 


35.28 

•16.175 





74. 1 2 

*17.195 


19.19 

•16.255 





37.73 

-16.83 


1 8.98 

46.25 





The figure shows that the isothermal M curve's (‘onves’ge to the same 
value for M at p = 0, the value there being exaf*tly that demanded by the 
theory. At all other values 



of the pressure 71, deviations 
exist and, for equal values 
of p, they are greatej' the 
lower the temperature. 

These discreimiicies, 
which arc illustrated by the 
al)ovc example, but which 
are found to exist to a 
greater or less extent for all 
gases, cannot be explained 
on the basis of the chemical 
association or dissociation 
of the molecules. Diffusion 
experiments do not reveal 
any such influences at work 
as were found with ammo- 
nium chloride. Some other elTect, or effects, must be the cause of these 
departures from the ideal gas law. 


Fia. 3.6. Isothermal Molecular Weiglit Curves 
for Methyl Ji^ther 
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24. Van der Waals^s Equation: A careful study of Fig. 3.7, which 
shows how the product jw varies with pressure for a number of gases, 
reveals at once that the deviations of real gases from idealit}?' must be at 
least twofold. The pv curve for an ideal gas would be a horizontal 
straight line showing constant pv for varying pressure. Against this, 
hydrogen and helium show pv increasing with increasing pressure, whilst 
for all other gases pv first decreases to a minimum, then increases again. 
Two factors, one causing an increase in pv and one causing a decrease, are 
to be sought. 



The simplest method of accounting for these deviations was put 
forward by van der Waals in 1873. The two factors suggested were (1) 
the volume of the molecules themselves and (2) the existence of attrac- 
tive forces between molecules. 

Since the molecules are not points but possess finite dimensions, the 
actual free space in a volume, v, in which the molecules can move will be 
(u — h) where h is related to the volume of the molecules themselves, 
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since that space already occupied by one molecule is not at the same 
instant available to another. 

The Joule-Thomson effect and the variation of the viscosity of a p:as 
with temperature, as already discussed, imlicate the existence of attrac- 
tive forces between molecules. These attractions, pulling the molecules 
together, actually assist the external pressure whit*h jnislies them together 
and may be considered to correspond to an internal i)rcssuro. The range 
of action of tliese intermolecular forces is very small and thus they are 
effective only when molecules apinoacli each other closely, that is to say, 
virtually collide. It has been sliowii that the probability of a collision 
between two molecules is proportional to the square of the nund)er of 
molecules per unit volume. Assuming that the less probable collision 
of more than two molecailcs does not contribute appreciably to the at- 
tractive force, tlie force should vary directly as tlic square of the gas 
concentration or, in otlier words, be inversely proportional to the square 
of the molar volume. Now a molecule in the interior of the gas is 
surrounded uniformly in all directions by other molecules whose at- 
tractions for it will therefoje neutralize each other. A molecule in the 
surface of the gas, however, will be drawn towards the body of the gas. 
Hence the pressure actually excited by attracting molecules is less 
than would be expected for non-attracting ideal molecules. The deficit 
is the internal pressure which is proportional to the attractive force or 
e(iual to afv"^ where a is a constant characteristic of the gas. Making 
tliis coirectioii together with the volume correction factor, the ideal 
equation becomes 

{p + alv^){v — 6) = RT, (3.54) 

which is the van der Waals cciiiatioii. 

The ecpiation may be expanded as follows 

pv ~ RT hp — a/v + ahlv^. (3.55) 

For moderate pressures where v is large, the last term ahlv^ may be neg- 
lected since a and b are small. Ilencc the equation may be written 

pv = RT p{b — afpv) (3.5G) 

which, taking pv in the last term as approximately RT^ becomes 

pv ^ RT + p(b - aIRT). (3.57) 

This form of the equation explains the initial slopes of the pv — p curves 
in Fig. 3.7, for when b > alRT, pv Avill increase with p and when b < aIRT, 
pv will decrease as p increases. The value of the constant a is relatively 
small for hydrogen and helium, hence pv increases with p. For other 
gases a is much larger and pv decreases. It can be seen, however, that 
temperature plays an important role in this connection for, whatever the 
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viilues of a and h, if T is large enough a!R7^ will always be less than b 
while for low ienipenitures the reverse will be the case. In Fig. 3.8 
pv — p curves for nitrogen at a series of temperatures are given to il- 
lustrate what occurs with all gases in the lower prt^ssure range, namely, 
pv increasing at high temperatures and decreasing at low temperatures. 
It is apparent that tliere exists a temperature for every gas such that 
h = alRT. In this case pv = RT\ the gas at small pressures behaves 
ideally. This is called the Royle temperature or simply the Boyle i)oint. 
For nitrogen, the value is a])out 55° C. 



Ill the higher pressure range, whore the molar volume is small, the 
term ahk)^ is no longer negligible and at lower temperatures pv passes 
through a minimum and increases again. Thus when hp — alv + ablv^ 
= 0, pv again has the ideal value RT. It would, however, be incoirect 
to say that the gas is ideal siinjdy because pv = R7\ since the slope of the 
curve at this point does nt)t correspond to being independent of p. 
Similarly at the minimum point of the curve although jw is here inde- 
pendent of p since the tangent to the curve is horizontal, the value of pv 
is less than Rl'; the gas is not ideal. 
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25. Exact Molecular Weights: It is evident that, if the values nf a 
ami b in van dor AVaals’s equation are known, it becomes possible to de- 
termine molecular weif^lits with the exactness with which the ccpiation 
interprets the exjieri mental results for the variation of p, v and T, In- 
sertion of the necessary data for p, r, 7C, a, and 5, in the equation 


(p + olv^Aiv -h) = wRTIM 

will therefore give values for M ap])roa(‘lu'n 2 ; those ol)tained from exact 
atomic weiglits and a knowleilgc of tlie formula of the molecule. As, 
however, the equation is not theoretically exac t, tlie molecular weights 
so determined arc eorres])ondingly somewhat divergent from the theo- 
retical values. 

This problem of exact molecular weight determination by measure- 
ment of gas density has been the esinaaal object of study by (luyc and 
his collaborators. They have utdize<l an e(j nation, due io Daniel 
Berthclot, connecting tlie several variables, of the form 


w 

pv = RT 


1 


d- 


JLz 

128 Pc 




(3.58) 


The fuller significaince of this equation will oiil}^ be evident after a dis- 
cussion of the critical tempeiature, T^ mid the cr itical prc'ssure The 
formula, however, ])roved us(‘ful in detc'rniining exai't mohaailar weights. 

The cxporiincntal imdliod of determining exa-(;t molecular weights, 
developed to a high dognic of ])erfection by (Juye and his collaborators, 
is known as the incihod of Li mill ng densHij. It consists in determining the 
density of gases at successively lower jirc'ssures. Since, at low pressures, 
pv “ RT + pijb — a//i 70, piMs a linear function of p. Thuspy — RT -|- 
KtP, wdiere Kt is a constant for a gas at a given tem])erature. This may 
be written 

pv = pih + HtP, (3.59) 


where Vi is the volume w hich one mole of the gas wamld occujiy at p and 
T if it were ideal. If Tlf is the molecular waaght, d. is the actual density 
and the ideal demsity, tlien v = Mjd and = M jd^. 'i'lius. 


V_ ^ Ji 

d d, M ^ 


( 3 . 00 ) 


When, for a knowm mass of gas, qw or pjd is plotted against p a straight 
line results, wdiicli may be extra.polato{l to zero pressure giving or 
pjd^. Since pvi for one molo of gas is 22-114 ce, atm. the molecular weight 
may be calculated. Similarly fr<jin pjdi the value of di at one atmos- 
phere may be obtained and thence 71/ = (Cidjiaim. 

2b. Other Equations of State: There arc many other modifications of 
the ideal gas law the object of which is a closer interpretation of the 
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experimental data. They are all variants of the ideas involved in the 
van der Waals equation. One equation which reproduces experimental 
data with considerable accuracy, though difficult to apply, is due to 
Keyes. It takes the form 

(p + )("-«) = (3-61) 

In this equation a and I are constants, and the logarithm of 5 is a function 
of the volume. 

An equation, due to Dieterici, has the form 


p(y -h) = RT{c-^i^'^'>), 


(3.62) 


27. Energy Changes Accompanying Expansion and Compression of 
Gases: Consider the expansion and compression of an ideal ghs. The 
volume change may occur (a) isothcrmally , i.e. at constant temperature, 
or (ft) adiahaiicaUy, i.e. without gain or loss of heat by the system. 

(a) Isolhervial expansion: Assuming Af/ == 0, it follows from xhe first 
law, equation (2.4), that 


\ 


q = w, 



where q is the heat absorl^ed and w is the 
work performed by the system in compress- 
ing its environment. For an infinitesimally 
small volume cliange, dv^ during which the 
pressure, p, may be regarded as constant 

q = w = p’dv. 

For a finite volume change, vi to V 2 f p will 
vary continuously with the volume. The 
work done will be the sura of the individual 
elements, pdVj which are involved in the 
change. Graphically this is the area under 
the curve, p plotted against v, between the ordinates at vi and V 2 (Fig. 3.9). 
Mathematically this is expressed thus: 


Fia. 3.9 


Assuming that ptJ 


pdv, 

»i 

RTf it follows that 


n dv 

= I RT— = 
Jr, I' 


V-I Pi 

RTln - = RTln — 
vi po 


(3.63) 


(3.64) 


For an isothermal compression, an equal amount of heat, q^ will be given 
up to the surroundings. 
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(b) Adiabatic expansion: In this case, q = 0. Hence 


AI/ = — i;) = — p\v. 


Since, in the expansion, work is done by the system on the siiiToiindiTi^s, 
the temperature of the p;as must fall. Tlic mas^nitude of tlie decrease in 
temperature may be calculated when it is recalled that AU ~ Cp^AT. 
llencej Cv-AT = —p^Av. For an infinitesimal change, 


and, on integration, 


CpdT — — pdv 
C,(ri - r-,) = {"inh. 


(3.C5) 


(3.G0) 


This assumes that Cv is a constant and is exact only for monatomic gases. 
Alternatively, since pv — Rl\ 


that is 
or 


C\dTIT = - Rdvlu 


Cvdln T = ~ Rd Inv 


th 

CJn ™ = R In “ 
I 1 ^2 


(3.67) 


(3.68) 


Since Cp — Cv = R and putting Cp/Cv — 7 


or 

Whence 


In - (7 - 1) In {ihM 

TivC~^ == 

P\vC = p'lVp. 


(3.69) 

(3.70) 


In an adiabatic compression the gas tonii)crature will rise to an extent 
corresponding to the equations already given for adiabatic expansions. 


KxiciicisEs (3) 

1. The volume of one mole of a i:)erfect gas is 22,41 4 c.cs. at 0® C. and 760 mms. 
Calculate its volume at 25° Ch and 755 mm. 

2. Calculate the volume of 10 g. of helium (assumed ideal) at 25° C. and 
760 mm. 

3. Calculate (a) the average velocity, (5) tlie root mean square velocity, and 
(c) the most probal^le velocity of a hydrogen molecule at 25° C., in meters per 
second. 

4. Calculate the barometric pressure at a height of 1 kilometer above sea 
level assuming uniform temperature of 25° C. in tlie atmospliere. 

5. Calculate the number of collisions made by one hydrogen molecule per 
second at (a) 0° C. and 760 mm., (/>) 0° C. and 0.01 mm. What is the mean free 
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path in each case? The diameter of the hydrogen molccide may be talten as 
2 X 10“8 cm. 

6. Calculate the total number of collisions occurring under the conditions 
indicated in prol)]cin o. 

7. What fraction of the molecules of a gas at 300° K. has an energy greater 
than 30,000 cahjries i)cr mole? 

8. What is the weight of hydrogen striking one square centimeter of a nickel 
surface at 200° and 200 nirn. pressure? 

9. When 377 (i(;s. of electrolytic gas (2H2 + O2) were adiabatically compressed 
to 30.2 CCS. the mixture exploded. The initial temperature was 18° and the 
pressure, one atmosphere. The mean value of CpjCv = 7 = 1.4. Calculate the 
temperatuie and pressure at the moment of the explosion. 

10. ]l]xi)re.ssing pressure in atmospheres and taking the volume of the gas 
at 0° C. and one atmosphere as unity the van der Waals constants a and h for 
methane arc 0.00449 and 0.001910 resjiectively. CVilculate the pi) pi’oduct for 
methane at 0° C. and 100 atmospheres and comiiare your results ^\Jt^^lg. 3.7. 



CITAPTiai 4 


THE ATOMIC CONCEPT OF ENERGY— ENERGY QUANTA 

1. Principle of Equipartition of Energy; Tlio average kinetic or transla- 
tory energy of a gas is reprcsontal)le in terms of its motion along tliree 
co-ordinates of that motion and is o(iual to ll^T per mole(uile for each of 
the three directions in whicli it can move. This conclusion is a special 
a])plication of a general principle, due to the theoretical work of Maxwell 
and Boltzmann, known as the principle of Equipartitit)n of l^hiergy. It 
was extended by Boltzmann not only to kinetic energies but also to 
potential energies when these latter ai’c representable as the sum of 
(juadratic terjns anah)g()us to the terms which we have used for 
kinetic energies. For the total energy of a. system we assign a (jinintity 
\hT per molecule for each degree of freedom of kinetic energy and also 
for each term in the ex]ircssiou for i)()tential energy which can be r(‘,prc- 
sented in the form 

It has been shown that the three degrees of freedom of kineti(*. energy 
are insufficient to dcs(a*ibc the energies of diatomic or ])()lyatomic mole- 
cules, as the data on heat cai)acity and thermal conductivity ha ve already 
indicated. In the case of diatomic gases, Boltzmann ])ointed out that 
the molecules may be regarded as dumb-))ell structures and that colli- 
sions may cause them to rotate about the center of gravity of the struc- 
ture. iSuch rotation may occur wuth two degna^s of frecahun of rotation. 
Together with the translatory motion this re])i‘csents live degi“ees of 
freedom in all and, hence, 1)y the ju inciple of Equi])artition of En(*Tgy, the 
total energy should be ^IKT per mole and the heat capacity at constant 
volume ought to be Taldes 3.^ and 3.4 have already given experi- 
mental evidence in support of this deduction. 

Certain diatomic gases, however, show heat capacities at constant 
volume in excess of notably chlorine, Table 3.3, and, in one case 
discovered much more recently, namely hydn^gen, at low temperatures 
(<273° K.) the heat caj)acity falls steadily from 111 to the ^^11 charac- 
teristic of a monatomic gas. Values in excess of suggest at once 
another type of energy with other degrees of freedom, for example, 
vibrational energy, due to the vibrations of the atoms about their mean 
positions at a given distance from one another in the molecule. Such 
vibrational energy would involve not only kinetic but also potential 
energy. All these obseivations suggest, however, two problems. Why 
do diatomic molecules at room tomj)erature indicate, by their heat 
capacities, that vibrational energy is in some cases ])resent and in other 
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cases absent? Secondly, why do most diatomic gases show rotational 
energy while hydrogen at low temperatures appears to lose its rotational 
energy? The answers to such questions require the development of an 
atomic concept of energy, the concept of energy quanta. 

2. Origin of the Quantum Concept. Radiation: The concept of 
quanta originated with Planck in 1901 in an effort to interpret experi- 
mental observations on the distribution of energy in black-body radia- 
tion. A black-body, or full radiator, has the property that, for mono- 
chromatic radiation of any wave length, X, the energy emitted per unit 
area at any temperature is equal to that absorl)ed. The black-body is an 
ideal radiator but certain materials, such as lamp black, approach the 
ideal surface very closely. Experiments to determine the laws of dis- 

tribution of black-body radiation were 
40 - \ 20 oo K carried out with great precision by 

\ laimmer and Pringsheim in the years 

35 - \ 1897-1901. Their results are shown 

\ diagrammatically in Fig. 4.1 where 

1 30 - \ the ordinates represent the absolute 

g \ values of the energy emitted, E\y that 

25 - \ is, the energy emitted per scpiare 

^ mo° \ centimeter of the black-body per sec- 
's 20 - / \ \ ond in the wave length interval be- 

^ / \ \ tween X and X ■+■ dX. The abscissas 

I" 15 - / \ \ wave lengths of radiation ex- 

g / \ \ pressed in /X = 10“^ cm. These curves 

10 _ I 1500 A \ show maxima of ftinission at' wave 

/ \ lengths dependent on the temper a- 

5 _ / / ture. At 72.3° K. the maximum is 

II / y about 4^1 and the radiator shows a 

ll/y red color. At 1646° K. the maximum 

^ Wave Length ^ emission is at wave length 1.78/jt and 

the radiation has changed to a bright 
Fig. 4.1. The Lummer-Pring- ^hite color, 
sheim Data on Radiation Distribu- 3 . Stefan-Boltzmann Law: The 

tion for a Black Body , . ■ -n- yi i 

area under any given curve in Fig. 4. 1 

represents the total energy emitted per square centimeter of the black- 

body per second at a given temperature. The energy emitted obviously 

increases rapidly with temperature. The actual relation was pointed 

out empirically by Stefan and interpreted by Boltzmann. The Stefan- 

Boltzmann Law states that the total energy, flux, Etj from a black-body 

is proportional to the fourth power of the absolute temperature. Thus 


^00 

Jr = I ExdX = 

Jo 
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If be expressed in ergs per sq. cm. per see. the value of the propor- 
tionality factor O’ is 5.709 X 10~\ ISince radiant energy is propagated in 
space with finite velocity there must be, in any given volume, a definite 
amount of energy, that is, there exists a certain density of radiation. 

This is represented by n\ or Up as the density of radiation emittcHl in 
the wave length interval between X and X -f t/X or the frcMpioncy interval 
between v and v H- dv. The value of the energy will depend on the size 
of the interval d\ or dv. Thus the energy density of the total radiation, 
ut, at a given temperature is given by 

ut = f itpdv = aT^ (4.2) 

•^0 

and follows the Stefan-Boltzmann Law. Tlie constant a is related to 
(T by the relation a = 4cr/c where c is the velocity of light. 

4. The Distribution of Radiation: Numerous elTorts were made to 
express the density of radiation of a particular wave length as a function 
of the temperature. An attempt by Tjord Ilayloigh in 1900, refined by 
Jeans in 1909, based upon the principle of ajui partition of energy led to 
the Rayleigh- Jeans Distril)ution Equation: 

uxdX - {SirkTl\^)d\ (4.3) 

or 

E^d\ = (27rckTI\^)d.\. (4.4) 

The principle of cquipartition leads to the conclusion that the intensity 
of radiation must increase continuously witli decreasing wave length and 
must become infinitely great for very small wave lengths. Uie Lummer- 
Priiigsheim data of Fig. 4.1 do not confirm this. Actually the Rayleigh- 
Jeans formula only applies to the data at any given ttunperature in the 
region of longer wave lengths such as the infra-red and heat radiations. 

5. Planck’s Distribution Law: In view of this and other failures to 
account for the experimental data of black-body radiation, Planck 
abandoned in 1901 the classical method of approach to the problem of 
radiation. Instead he assumed (a) that in a black-body enclosure there 
existed linear oscillators or vibrators of molecular dimensions, (b) that a 
vibrator cannot take up energy continuously but discontinuously in 
multiples of a unit quantum € which is in its turn i^roportional to the 
frequency, v, the proportionality factor being a universal constant, h. 
Hence the fundamental equation for the quantum, 

c = hv, (4.5) 

where v — c/X, c being the velocity of light and X the wave length. 
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Planck deduced (see Appendix 2) that the average energy, €, of a 
vibrator of frequency v is given by the equation, 

hv e 

^ “ QhvjkE ^ J ~ ge/A-r _ I ' 

This expression is of interest because it displays the nature of the break, 
made by the Planck postulates, from tlie principle of ecjuipartition of 
energy. If we let the (luantity e/kl' approach zero, that is for low values 
of e or high values of temi)eraturc, we obtain on expanding, according to 
the exponential theorem, 


= kT, 




(4.7) 


which is the result required for a vibrator on classical equipartition theory 
for one degree of freedom of kinetic, and one of potential cnergyl On the 
other hand, at suflicieiitly low tenq)eratiires the denonunator tends 
towards infinity and the average value of the energy, e, a])i)roaches zero. 
The principle of equiijartition of (nicrgy thus becomes a limiting law 
valid for low frequencies or for long wave lengths or alternatively for high 
temj)eratures. This is i)recise]y the region in which the Rayleigli-Jcans 
Law^ finds its approximate validity. 

Tlie Jdanc,k expression for the density of radiation of a given fre- 
quency becomes: 


Updv = 


Sw/iv'^dv 


(4.8) 


Since v = c/X, dv = — cdX/X^ and 
Uvdv — — uxdX — 


STrhcdX 


(4.9) 


This equation w^as found to reproduc,c cxcellcjitly the data of experiment 
on black-body radiation. '^Fhe proportionality constant, Planck’s con- 
stant, hy was found to have the value h = 0.55 X erg. sec. It 
has the dimensions of energy X time, has, therefore, the dimensions of ac- 
tion. Since the frequency has the dimensions of rcci])rocal time, the 
product hv = e is an energy quantity. 

The concept of an energy quantum developed thus by Planck to 
account for radiation phenomena led immediately to striking develop- 
ments in all branches of science dealing \vith the energy of atomic and 
molecular systems. The more im^iortant of these as they relate to 
physical chemistry wall now be briefly sketched. 

6. The Photo-Electric Effect: Leiiard, in 1902, investigated the phe- 
nomenon known as the photo-electric effect, the liberation of electrons 
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from metal surfaces by impingjing ultra-Auolet light. The electrons were 
found to have velocities which Avere iiidepcndeut of the intensity of the 
light but Avdiich were dependent on the freciueiu'y of tlie light, increasing 
in velocity with increasing freqiieiic}'. If the electronic velocities were 
ineasui ed by the voltage T" required to prevent all the liberated electrons 
from leaving the metal it Avas found that V varied linearly with the 
frequency of the light, or 

V = Cp - To, (4.10) 

where C and To are ])osiliAx constants, To characteristic of the metal 
emi)l()ye(l, T independent of the metal and the same for all metals. If 
Ave multiply equation (4.10) by c, the electronic charge, and rearrange^, 
we obtain 

c(l “h T^)) = Ci'v. (4.11) 

Noaa^ cV is an energy (juantity ecpial to the kinetic, energy of the electrons 
IcaAong the metid Avith the Inghest velocity. It follows, tlierefori^, that 
tlie jirodmd Cev must also liave the diniensiojis of energy. Since the 
frequency p has the dimensions of reciprocal time, (U: must then have 
the dimensions of action as does, also, Planck’s constant, h. As C is a 
universal constant and e also, the ])roduct bV must also lie a universal 
constant. ]\Tea.surenients of the i)h(do-e!ectric elTecd sliowed that the 
constant Cc has the same magnitude as /? = 0..^)5 X 10 erg, sec. We 
can therefore express the relationship betwc'en tlie electronic vi‘locitie,s 
aiifl the frequency of the im|)iiiging radiation l>y moans of the eciuation 

cV — Iniv^ ^ hp — fiPi). (4.12) 

The quantity hp measures the energy absorbed liy the electron from the 
radiation; Iipq = cVq is tlie work necessary to get the electron tlirougli 
the vsujfaco of the metal. The potential, Vu, is known as the ‘Scor/c 
junciionP for electrons jiassiiig tliroiigh the surface. 

If X-radiation be used instead of ultra-violet liglit to libejrate the 
electron, tJic fretpieiicy of the X-rays is so large that tlie (piaiituin hp is 
very large coinjiared to the (piantity, Jipq. Hence, to a close aiijiroxima- 
tioii, the velocity of the lilieratod electron is given by the expression 

— hv. (4.13) 

The converse of this process also ocaairs. If we direct a stream of elec- 
trons against any solid, X-rays are jirodiiced, and it was early discovered 
that the “hardness’^ (frequency) of the rays increases with the voltage 
applied to the impiiigiiig electrons. 

Measurements of tlie photo-electric effect constitute one important 
means for determining the precise value of Planck’s constant, A. 

7. Einstein’s Concept of Light Quanta: In 1905 Einstein definitely 
proposed that light might be regarded as atomic or corpuscular, the 
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energy of the individual light quanta being given by the product of 
Planck^s constant, h, and the frequency of the light. In the photo- 
electric effect, one light quantum liberated one electron. This explained 
why the number of emitted electrons was proportional to the intensity of 
the light. In photo-chemistry one light quantum activated one atom 
or molecule of the photo-active constituent. For each elementary process 
involving simultaneously light energy, one quantum of the energy in 
question must be either produced or consumed. The Einstein proposal 
was therefore also fundamental in the theoretical treatment of fluorescence 
and luminescence produced by chemical action; it provided the setting 
in which the Bohr theory of spectra could l)c developed. 

8. Bohr Theory of Atomic Spectra and the Quantum Concept: The 
emission of line spectra by atomic systems in states of excitation obtained 
a quantum interpretation in the postulate put forward by Bohr in 1913 
that when an atom falls from one energy level, Em to a lower level, Ejm 
the frequency of the emitted radiation is expressible by the equation 

En - En. = hv, \ (4.14) 

A quantum of light energy, Jiv, is also involved when absorptioi^ raises 
an atom from a lower to a higher energy level. We shall illustrate the 
applical)ility of this postulate in a discussion of the spectrum of atomic 
hydrogen. 

In 1885 Balmcr pointed out that, in the case of the ordinary spectrum 
of hydrogen, consisting of a series of lines known as Ila, Hy, Ha, etc., 
extending from the red into the ultra-violet region, the wave length of 
each line of the scries then known could be reprcscntcd^satisfactorily by a 
formula to which we shall give the form 


where n has the values 3, 4, 5 and 6 for H„, ll/s, ITy, Hs. In 1890 Kyd- 
berg showed that for a number of elements (alkalis and alkaline earths) 
the spectral lines of each c.ould be arranged in series and expressed by a 
formula similar to that just considered and in which the quantity 
was approximately constant. Bydberg and subsequently Bitz showed 
that two different series each described by a Balmer formula could be 
combined to give yet another series with emission lines of observed fre- 
quencies. Thus, we might have a whole group of series representable by 
a general formula 



(4.16) 


Such BCTics have actually been observed. Lyman found a series of 
hj^drogen lines in the ultra-violet in which m = \ \ Paschen found a series 
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in the infra-red in which m = 3, Brackett one in the infra-red with 
m = 4, and Pfiind one in wliioli m = 5. In each series m is constant and 
n takes on successive values m +1, w + 2, m + 3, etc. If we multiply 
each side of our general formula by Planck’s constant, /i, we obtain the 
expression 

hv = RchillnC^ - l/n^). (4.17) 

Comparing this with the Bohr postulate (4.14), hv = En — E^, where 
En and Em correspond to the energj’' of the system l)ofore and after 
emission of tlie quantum hv, it follows also that, apart from an additive 
constant, we may write 

En = - Rchhi^ (4. IS) 

the negative sign indicating that the energy of the atom increases as n 
increases. We reproduce in Pig. 4.2 an energy diagram for hydrogen 
which indicates some of these transitions from a liigher to a lo\ver energy 
level. The Bohr postulate is really a two-fold postulate (a) that the 
atoms exist and can only exist in a set of discrete states c-orresponding to a 
discontinuous vseries of energy values and (6) that transitions from one 
state to another involve absorption or emission of light quanta of magni- 
tude, hv{rn. n)- Furthermore, the development of the quantum imstulate 
led to the identification of 711 and ti as the quantum states of the atom, the 
orbits which the electron occupied after and before the transition. Orliits 
could be either circular or elliptical. In the 7ith quantum state, n 
diifcrent orbits were allowed, one circular and n — 1 elliptical orbits. 
All of the ellipses had their semi-major axis equal to the radius of the 
circular orbit of the 7tth state. Two quantum numbers are required to 
determine the major axis and the eccentricity. In more com])lex atoms 
than hydrogen the electrons arc subject to magnetic and electric fields 
due to other electrons in the atom. To specify these effects an additional 
quantum number is necessary. Finally, to si)ecify the spin ascribed 
to electrons a fourth quantum number is employed. 

9. Ionization by Light Absorption: There is a practical limit to the 
quantized absorption of light energy by atomic systems which obtains 
when 71 = 00 in the scries relationship hv = Rch{^ Im^ — l/ri^). As we have 
seen, the absorption of light produces a change from a stationary state 
of lower energy to one of higher energy and these changes are revealed 
in the form of absorption line spectra. The line spectrum of absorptio]i 
by atoms is much simpler than the emission spectrum, because, in an 
unilluminated atomic system, the great majority of the atoms arc present 
in the stationary state of lowest energy, the normal state, and such atoms 
can only undergo a few transitions from that state to those of higher 
energy. Thus, in the case of sodium as an example, normal sodium atoms 
can absorb light of the two wave lengths 5891.8 and 5897.8 A ^ respec- 

^ Wave lengths are expressed in Angstrom units = 10“® cm. 
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lively, the first resonance lines of the sodium atom. The energy gained 
is, according to the quantum relation, En — E^ = hv = approximately 
2.09 electron-volts or 48.2 kcal. per gram atom. An electron-volt 
(e.v.) is the kinetic energy acquired by an electron when accelerated 
through a potential of one volt. For one faraday of electrons this eii- 



Fiq. 4.2. Energy Diagram fur Hydrogen Atom 

ergy will be 96,494 volt coulombs = 96,494 joules = 23.06 kcal. Sodium 
atoms in these excited states, so-called excited atomSy may re-emit their 
energies as fluorescent light of the frequencies absorbed, yielding therefore 
the same two lines in emission, the well-known D sodium lines. Normal 
sodium atoms can also absorb the second resonance lines (3306 — 3302 A) 
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corresponding to 8G.0 kcal. of excitation energy. Still further in the 
ultra-violet the absorption of light of wave length 2412.8 A frees the 
electron from the rest of the atom, anti ionization of the atom is i)n)tluced. 
The energy corresponding to this frequency of light is for one mole, 
Nhv = NhcjX = 2.837 X 10“^/X kcal. when \ is expressed in cm. Thus 
for X = 2412-8 A = 2412.8 X 10*^^ cm., Nhv = 117.6 kcal. = 5.10 e.v., 
which is the ionization potential of sodium. At this point, the character 
of the spectrum changes. The abst)ri)tion spectrum is no longer a line 
spectrum but a s])ectrum showing continuous absor])tion. The tpian- 
tum restriction of Bolir is no longer opeiative. The exjdanatioii for this 
is that any light of higher frequency than Ibis limiting frequency i)ro- 
duces a dissociation of the atom intt) an ion and an electron 

Na -{- hvc — -f- c“. 

All energy in excess of the critical energy, = 5.10 e.v., can be ab- 
sorbed, the excess over that required for ionization ])cing converted into 
the kijietic energy of the two separating fragments Nat' and c~, lii 
atomic spectra, therefore, a continuous absor]>tiou spectrum is indicative 
of the absence of the quantum restriction due to ionization of the absorb- 
ing atom. 

10. Molecular Spectra: The si)ectra of molecules arc necessarily more 
complex than tliose of atoms. In the latter case, motion of the electrons 
about the nucleus only is involved. With molecules, in addition to 
the motion of the ehu'trons, two new i)osKibilitics arise, a rotation of the 
nuclei about the center of gravity of the mole(aile and a vibration of the 
nuclei about theii' mean positions in the molecule. The molecular energy, 
therefore, apart entirely from any energy of motion which it may poss(‘ss, 
can be regarded as consisting of these parts: (a) rotational, {h) vibrational 
and (c) electronic energy. 

E = Er + E, + Ee. (4.10) 

Of these, the rotational energy, E,j is frequently much smaller in magni- 
tude than the vibrational, which in its turn is normally smaller than 
tlie electronic energy E,,. 

As with atoms, it is found that the molecule can have only a set of 
discrete values corresponding to a set of energy levels, emission or ab- 
sorption of light occurring in quanta governed by the frequency condition 
of Bohr hv = E' — E". In spectroscopic practice today E' is the desig- 
nation for the higher energy level so that the transition E ' — > E” is an 
emission while A'" — ^ E' is an absorption. Associated with each elec- 
tronic level which a molecule may possess, one for each discrete value of 
Ect the magnitudes of the separations between these levels being com- 
parable with those in an atom, there is a set of vibrational levels desig- 
nated by y = 0, 1, 2, 3, etc., one for each value of Ev The separation of 
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the vibrational levels is in general much smaller than the separation of 
the electronic levels. These vibrational levels slowly decrease in spacing 
as the number of the level, v, increases. Each vibrational level, Vf has 
associated with it a set of rotational levels, each corresx)on(ling to a 
discrete rotational state, J, of the molecule in the particular vibrational 
and electronic state. These rotational levels are always closely spaced 
relative to the vibrational levels. They crowd close together when J is 
small and beciome more widely spaced as J increases. The spacing varies 
from one vibrational level to another and also from one electronic level 
to another. In Fig. 4.3 we reproduce a schematic diagram inrlicating 
two electronic states A and B of a diatomic molecule, with vibrational 
levels y = 0, 1, 2, 3, etc., and rotational levels / = 0, 1, 2, 3, etc. The 
energy of the electronic state Ee depends only upon the state of electronic 
excitation; Ev dei)ends both on the electronic state and the value of V] 
Er depends upon the electronic state and the values of v and J. \Transi- 
tions may occur between energy states in one electronic state and J^nother 
or between vibrational-rotational states within one electronic siatc or 
between rotational states within a given vibrational state. There are 
certain restrictions on these transitions which have been learned from 
observation. W ith changes in vibrational-rotational states within a given 
electronic state, v usually changes by 1 or 2, Changes between rotational 
levels alone have only been recorded for the vibrational state z; = 0 in 
the so-called pure rotational spectra; the rotational Icycl J in such cases 
never changes by more than 1. 

The observed spectra of molecules therefore correspond to these 
many possible changes in energy levels. Instead of a line spectrum 
as with atoms, we receive a band spectrum, each band resolvable under 
high resolution into lines which are determined by the changes in rota- 
tional levels which have occurred. Pure rotation bands, for t; = 0, 
correspond to such small energy changes that they are to be found only 
in the far infra-red. Vibration-rotation bands are somewhat larger in 
energy change and are normally {o be found in the near infra-red. Elec- 
tronic bands occur in the visible and ultra-violet since the energy level 
changes are comparable with those in atoms. 

11, Energies of Molecular Levels: It is outside the scope of this 
volume to develop the quantum theory of band spectra in its determina- 
tion of the energies associated with the various energy levels of a molecule. 
It will suffice for our purposes to state the conclusions which have been 
reached during the past decade, from the standpoint of quantum me- 
chanics, in respect to these magnitudes. 

T]m energy of rotation, which is entirely kinetic, of a rigid diatomic 
molecule, pictured as a rigid dumb-bell (no vibration of the nuclei) 
rotating with one of a discrete set of angular velocities about an axis 
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through its center of mass and perpendicular to the nuclear axis is given 
by the expression 

Er = hcBJiJ + 1), (4.20) 



Fig. 4.3. The Energy Levels of Two Electronic States A and 15 of a Molecule 

where J may have the values 0, 1, 2, 3, 4, etc., and the constant B has 
the value 

B = /i/SttVJ. (4.21) 

In this expression I is the moment of inertia of the molecule and is ex- 
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pressed, in. terms of the masses M\ and M 2 of the constituent atoms and 
their distances r\ and r^i from the center of gravity of the molecule, by 
the equation 

1 — M\r^ + M2r2^. (4.22) 

It will be noted that Miri = M 2 r 2 by definition of the center of gravity 
and ri + 7*2 = r, the distance of the atoms from one another in the rigid 
molecule. Consequently, 

M 1 M 2 

I = Miri® -f M.ro^ = ~ (n + (4.23) 

ilii AJ’z 

where fi is the reduced mass equal to 7ifiMo/(Mi + M 2 ) or alternatively 

lljjL = 1/Mi + II M 2 . (4.24) 

If the rotating, non-vibrating molecule is assumed to bej no longer 
rigid but may ex 2 :)and under the influence of centrifugal force, the ex- 
pression for the energy is extended to take account of this by\ means of 
correction terms tlius: 1 

Er = + 1) + DJ%I + 1)2 + . . .). (4.25) 

In these expressions the term Be refers to a quantity hlSir^cIc where h 
is the moment of inertia of a supposedly rigid moh^cule with r = r^,. 
Dc is a small, negative correction constant also expressildc in terms of 7^. 

The vibrational energy term according to quantum mechanics is 
given by the expression 

Ev — hc(cjJe(v + 1) — Xc(M)c(v -f 5)2 + ■ • ■)• (4.26) 

The vibrational quantum number may have values, w = 0, 1, 2, 3, etc*., 
We is the frequency expressed in cm.-^ (1 A) and ewe — vi?i the frequency 
of vibrations in scc.~^ of small amiditude about the eciuilibrium positions 
in the molecule; the second and higher terms are correction terms intro- 
duced because the vibrations of the nuclei are not strictly harmonic. 
The form of this equation is of interest in that it indicates that a molecule 
even in its lowest vibrational state possesses a definite amount of vibra- 
tional energy, Ev^Oj which, negleciting higher terms, is given by, 

Ev=q = ihewe = ihv. (4.27) 

This is the zcro~point energy which molecules possess even in their lowest 
energy states. The existence of such zero-i^oint energy had long been 
suspected. The quantum mechanics definitely established its existence 
when it demonstrated that the quantum number came into the energy 
expression in the form (y + §), 

For vibrating molecules, the expression for rotational energy is 
similar to that given above (4.25) except that the coefficients .S*., De, etc., 
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are changed to Bvj Dv, etc., corresponding to an effective moiuent of 
inertia, Iv, of the molecule in the vibrational state, v. The quantities 
Bv and are often expressible by empirical relationships 

By = B(. — (x{v -|- 2 ) 4" * * ■ (4.28) 

Bv = Be — 4“ 2 ) 4“ ■ ■ * (4.29) 

12. Potential Energy Function of a Diatomic Molecule : Consideration 
may now be given to the potential energy of a diatomic molecule in a 
given electronic state in virtue of the force which the constituent atoms 
exert, on each other at varying distances apart. This force is the alge- 
braic sum of an attractive and a repulsive force. At large distances of 
the atoms the attractive force may pretlominate and the potential energy, 
V, decrease. If the interatomic distance r continues to decrease, the 
potential energy must finally begin to increase since, at small values of r, 
the electrostatic repulsion of the two siinilaily charged nuclei will exceed 
all otlier effects. Consequently, at some distance, r^., the potential 

energy curve will pass through a minimum. This type of interaction 

between two atoms is the type which gives rise to sta])le diatomic mole- 
cules, with an equilibrium nuclear distance of aj)i)roxiniately There is, 
however, another type of interaction between two atoms corresponding to 
a net rejiulsion at all distances, 
in which therefore the potential 
energy, F, steadily increases with 
decreasing r. On the basis of 
tlie new wave mechanics this re- 
l)ulsive curve represents the ap- 
liroach, for example, of two 
hydrogen atoms in such a way 
that the electrons tend to take 
up positions on the outside of 
the ai)])roaching nuclei. In the 
apjwoach leading to molecule 
formation the electrons tend to 
assume positions between the 
two nuclei thus forming a bond 
))etween them, a bond corre- 
sponding to the shared electron 
pair of Lewis’s valence theory. 

The two curves in Fig. 4.4 illus- 
trate both these possibilities, the 
full line curve indicating that 
potential function which leads 
to a stable molecule, in a particular electronic state, which may of course 
be either the lowest electronic state or any higher electronic state that 
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gives rise to a stable molecular form. The electronic state is specified 
by the ordinate, E., the electronic energy (which may be zero) on the 
potential energy axis of the diagram. 

We can represent vibrational energy levels of such a stable electronic 
state by a scries of horizontal lines. The ordinate for a particular vii)ra- 
tional level, say - 4, is the total energy Ee + Ev, where E, is the height 
of the fourth vibrational level above the potential energy ininiiu^^^^ 
T/je level v = 0 represents the lowest vibrational level, with its zero- 
poih/f energy, Ev=.q. The vibrations of the nuclei along the intornuclcar 
axis about their mean positions, is denoted by the horizontal lines the 
extremities of each line, as measured on the r axis, representing the 
minimum and maximum values of r during one period of vibration. 
Consideration of the nature of a vibration will disclose that, at these 
extreme positions, where the direction of vibration changes, the nuclei 
are momentarily at rest. The kinetic energy of vibratory motion 
vanishes, the potential energy reaches its maximum value \Ee + Ev. 
In the period between these extreme positions the kinetic energy increases 
at the expense of the potential energy, the kinetic energy at aky inter- 
mediate distance in a particular vibrational level being givenuiy the 
ordinate at that distance from the horizontal level to the full-line poten- 
tial energy curve. 

The energy which is necessary to separate the constituent atoms from 
the distances they occupy in the lowest vibrational state to an infinite 
distance apart, i.e., to produce free atoms, is of course the heat of dissocia- 
tion of the molecule into atoms. Some of the best available data of such 
heats of dissociation, wliicli arc equal numerically to the heats of forma- 
tion from the atoms (see Chapter 2, Section 19), have l)een obtained from 
the data on spectra of such molecules. In the diagram is shown the 
quantity, Dc, the energy dilTerence between that of the two atoms at 
infinite separation and the minimum, M, in the potential energy curve. 
This energy quantity is greater than the ordinary heat of dissociation 
AH by the zero point energy of the molecule 

D« = AH + -i/ico), = AH + (4.30) 

13. An Empirical Potential Energy Function: It is useful to have a 
formula which is capable of expressing the potential energy of a diatomic 
molecule as a function of the distance of nuclear separation, r. Several 
such functions are known, more or less significant theoretically. An 
empirical expression due to Morse is, however, a sufficiently good approxi- 
mation in many cases and is capable of reproducing rapidly the potential 
energies of a two atom system in terms of the energy, De, the distances, 
r and r*,, and a constant a related to the frequency of vibration in the 
equilibrium position. The Morse expression takes the form 

7 = 


(4.31) 
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The constant a has the value a = 0.1227a)c where cog is the fre- 
quency of the equilibrium vibration expressed in and fi is the re- 

duced mass of the molecule. Since 03c is expressed in \vave numbers 
(oin.""^) the value of wliich is usually expressed in electron-volts or in 
calories must be brought to the same units; 352 wave numbers = 1 kilo- 
calorie; 8100 wave numbers = 1 electron-volt. With coc and D„ in 
wave numbers the constant a is obtained from the ccpiation in Angstrom 
units (10~® cm.) wliich is the usual unit in which r is expressed. The 
eciuation may therefore lie written in the form 

V = Dr(10-^ - 2 X 10-*), (4.32) 

where 2.303.T = a(r — r,.) or (r — r,.) — 2.303.r/a. Wo shall see that 
such an empirical expression has considerable utility in expressing the 
])otential energies not only of two atom systems, but also of systems con- 
taining three and four atoms. Also, we shall sec that the potential 
energies of such systems are important in the iiroblem of rate of chemical 
change. 

14. The Binding of Atoms in Molecules: la our discussion of the 
potential energy of a diatomic molecule concerning curves of attraction 
leading to stable molecules and curves which are of a repulsive character 
throughout, w^e associated the attraction and re])ulsioii with the location 
of the electronic charges with I'espect to the approacliing nuclei. Iii the 
attractive curve, leading to a stable molecule, the ch^ctroiis were between 
the approaching nuclei. This conc.ei>t, wdiieh derives from the new 
quantum mechanics, regards the bond in the diatomic covalent molecule 
as due to the pairing of tw^o electrons which were unpaired in the atoms 
from which the molecule was formed. On the basis of this concept 
London has developed a (piantuni mechanical interpretation of valence 
which is ill essentials identical wdth the shared pair of electrons charac- 
teristic of the Lewis theory of the covalent bond. The valence of an atom 
is determined, according to London, by the number of its unpaired 
electrons. In the formation of a bond tlie spins of the two electrons 
forming the bond must be different, one positive, one negative, a pair 
of opposite spins constituting saturation. These conclusions correspond 
exactly with chemical experience in the matter of saturation valence of 
atoms and lead to the shared-electron pair formulas of a wide variety of 
chemical compounds wliich was characteristic of the Lewis theory of co- 
valence and its later development hy Langmuir and others. On the 
other hand, there exist compounds in which the Ijinding is ascribable to 
tiie electrostatic attractions between oppositely charged ions which 
attain their charges by gain or loss of electrons from the neutral atoms 
from which the ions were formed. Such corniiounds are said to exhibit 
elcctro-valence. The alkali halides approach most nearly the ideal ionic 
binding. The diatomic molecules of some of the elements, as well as the 
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diamond crystal, are examples of the non-polar covalent binding. Fajans 
and his co-workers have shown, however, that the physical and chemical 
properties of many simple inorganic sulistances clearly indicate that they 
cannot be classified as belonging to one or other of these two extreme 
types. Intermediate types of linkage are frequent, involving varying 
degrees of jiolarization or of deformation of the anion in the field of the 
cation. The measurement of molar refraction of the ions has been 
especially useful in the demonstration of the intermediate types of bind- 
ing with compounds derived from ions of nol)le gas character. The type 
of binding becomes less ionic and more covalent when (1) the polarizing 
field of the cation is greater, i.e. when its cliarge is higher and its size 
smaller, and (2) when the polarizability of the anion is greater. Crystal 
structure, ionic distances, lattice energies, solubilities and complex ion 
formation give additional information with ions of all tyjies.as to the 
character of the binding and its deviation from the ideal ijoiiic type 
(see Chap. 7.12). \ 

15. Raman Effect: An effect, which had previously been j)rcclictcd by 
Smekal upon the basis of quantum theory, was discovered ex[)erimeutally 
by Raman in 1928. lie observed that when any medium, solid, liquid 
or gaseous, is exjjosed to light of a given fretpieiicy v,j the light scattered 
at right angles contains frequencies differing from Vi wdiicli arc charac- 
teristic of tlie scattering medium. If Vs rcju’csents a scattered frequency, 
the difference Vi — Vhj called a Raman frequency, is usually found equal 
to a rotation or vibration fretpiciicy of the molecule. The mechanism 
of the Raman effect involves the elevation of the energy of the molecule 
to a higher level by alDsorption of the incident quantum followed by the 
emission of the Raman scattered radiation whereby tlie energy falls to a 
level usually betAveen tlie initial and excited states. The Raman fre- 
quency corres])oiids to the energy difference between the initial and final 
states. Ill some cases the final level is lower than the initial so that Vg is 
greater than v^. 

Study of the Raman effect provides an alternative method of obtain- 
ing infra-red frequencies, since appropriate clioice of the incident light 
will bring the scattered light into a spectral field more convenient for 
measurement than direct observation in the iiifra-rod. The experimental 
technique has been especially developed by R. W. Wood ^ and since 1928 
an enormous amount of information on the characteristic intra-molecular 
motions has been collected, which, as will be shown, is of especial value 
in determining not only the inter-nuclear dimensions of molecules but also 
their physical properties. 

The Raman effect is not only advantageous as a confirmation of direct 
infra-red observation but is actually complementary. Thus any vibra- 


1 R. W. Wood, Phys. Rev,, 36, 1421 (1930). 
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tions which are symmetrical with respect to the center of symmetry of a 
molecule arc not observed in the infra-red; only those vibrations which 
bring about a change in the electric moment will be active in absorption. 
On tlie other hand a vibration is active in the Haman spectrum when it 
is accompanied by a change in the jailarizability of the molecule. For 
instance^ the homonucloar molecules 11;;, Ns show no infra-red sj)ectra 
but do have rotational Itanian spectra. Again, the symmetrical stretch- 
ing frequency in CO 2 wherein the two oxygen atoms nu)ve symmetrically 
towards and away from the carbon atom, is imictive in the infra-red 
since no change in the electric moment of the molecule is iinmlved during 
the vibration ; the polarizability, on the other hand, may be exi>ected to be 
different for the cxpando<l and contracted forms of the molecule and thus 
the vibration will bo active in the Rainaii spectrum. The Raman elfcct 
thus confirms and also comjdements direct infra-red study. 

Hi. The Wave Theory of Matter: Progress in the quantum theory of 
energy made familiar the concept of units of energy, light quanta, or 
photons/ with the disttontinuous structure hitherto characteristic of 
matter. The reversal of this mode of thought, the con(Hq)t of material 
])articlc.s with the wave nature of light, was ])ro]K)Scd in 1924 by Louis de 
Broglie. It led to the Avavc mechanics of Bchrodinger and to the (pian- 
tum mechanics of Heisenberg, two aspects of the general i)ro])lem of wave 
theory of matter intensively developed in the last years. The wave 
theory of matter assigns to each material jiarticle a wave of a charac- 
teristic wave length bearing the same relation to its mass and velocity as 
was found in quantum theory for the photons. This relation is ex])resscd 
in the equation 

X — himv (4.33) 

where X is the wave length of the particle with mass m and velocity h 
being again Planck’s constant. 

It is of interest to point out the .significance of this equation when 
a})i)lied to the electron, the smallest unit to which material i)ro])crties 
have hitherto been assigned. The velocity of the electiams i.s determined 
by the applied potential P, i.e, ^inv^ — eV. Ilencc X = h/\^moV which 
yields, on insertion of the numerical values for X, m and c, tlie equation 
X = ^^50/1^ Angstrom units, or wave lengths of the same order of 
magnitude as X-rays. Ilcjein lay a possibility of experimental test, 
since the wave lengths of X-ray, s are determinable by well-known re- 
flection and diffraction methods using crystals. (See Cliapter 7.) 

Such a test was ai)plied by Davisson and (Icrmer^ successfully in 
1927. They showed that a stream of electrons emitted from a hot fila- 

1 G. N. Lewis, Nature, 118, 874 (1926). 

2 Davisson and Gcrmer, Nature, 119, 558 (1927); Phys. Rev., (2), 30, 705 (1927) 
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merit was selectively reflected from a single crystal of nickel in a manner 
entirely analogous to the reflection of X-rays first studied by W. H. and 
W. L. Bragg. The intensity of the reflection in a given direction was 
governed, as with X-rays, by the lattice structure of the crystal. With 
this experiment, therefore, the fusion of the corpuscular and undulatory 
aspects of both matter and energy was achieved. It gave a marked 
impetus to the examination of matter from the standpoint of wave theory. 
Simultaneously, G. P. Thomson showed that electrons could be diffracted 
on passage through thin metal foils with the production of diffraction 
patterns entirely analogous to those jiroduced by X-rays when the Laue 
technique is employed (Chap. 7). 

Stern and his collaborators (1932) showed that molecular beams of 
hydrogen and helium showed the same type of behavior as electrons 
when reflected from crystal faces, a still more impressive demonstration 
of the wave aspects of material i)articles and of the necessity of substi- 
tuting the new wave mechanics for classical mechanics when dcalmg with 
atomic phenomena generally. \ 

17. X-ray and Electron Diffraction of Vapors: We shall illustrate this 
fusion of the particle and wave aspects of matter and energy brief 
reference to the work of Debye on the scattering of X-raj^s by gases and 
vapors and its analogue in the work of Mark and Wicrl substituting 
cathode rays or electrons for the X-rays. In each case the scattering 
produces interference patterns which can be recorded photographically. 
The mathcmjitical analysis of the results is very comilex but the method 
is steadily increasing in imi)ortance for the dctenniiiation of molecular 
dimensions in gases, vai)ors and liquids in the way that X-ray studacs pf 
crystals have permitted the determination of the dinieiisions of crystal 
lattices (see Chapter 7). 

Largely due to the work of Pauling and Brockway and their students, 
using the diffraction of electrons, a considerable body of data has now 
been accumulated concerning the inter-atomic distances and valence 
angles in a wide variety of gases, leading to a more precise knowledge of 
molecular structure than was hitherto possible. Data so accumulated 
supplement the conclusions from spectroscopic and other methods of 
measurement of such molecular magnitudes. The electron diffraction 
method is superior to that using X-rays since higher intensities can be 
employed, with the result that brief exposures suffice to give the desired 
interference photographs. 

18. The Electron Microscope: The wave nature of the electron has 
also been utilized in the development of the electron microscope. The 
great utility of this new instrument arises from the limitations of the 
optical microscope and ultra-violet microscope which utilize visible and 
ultra-violet light respectively as the illuminating agent. Apart from the 
limitations due to the optical deficiencies in the lens systems, the limita- 
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tion in possible magnifying power arises from the wave length of the me- 
dium used, lu visible liglit the wave length is of ilie order of 4-- 8 X 10""^ 
cm. Objects which are smaller tlum this wave length cannot easily be 
resolved. In the ultra-violet tyi)e of microscoj^e, by decn^asing the wave 
length of the medium the resolution can bo doubled, magnifications of 
around 2500 are possible and objects separated by distances of the order 
of i X 10“^ cm. can be seen. 

The electron microscope permits a large increase in resolution because, 
in agreement with the wave theory of matter, a beam of elec, Irons under 
liigh potentials, of the order of GO kilovolts, has an associated wave length 
of the same order as that of X-rays and many times smaller than that of 
ultra-violet light. As a result it has been found that magnifications up 
to approximately 100,000 may be emjdoyed without exhausting detail 
and sepai-ations of 2 X 10"^ cm. can be observed. Special focaissing 
mechanisms arc necessary. A magnetic field can be employed to act as a 
converging lens. Throe such magnetic lenses serve in lieu of the con- 
densing lens, the magnification lens and the image projector. Tlie elec- 
tron beam is produced by means of a heated filament; the whole mi- 
croscope system obviously must be highly cviuiuated. After ])assing 
through tlie olijoct examined, the emergent eletd-i'ons strike a fluores- 
cent screen, the image on which can be i)ln)tographed. Alternatively, 
direct exposure of a photogra])hic plate to the emerging electrons yields a 
photo-micrograph. 

ExKucisns (4) 

1. Calculate the density of radiation emitted from the surfa(*,e of the sun, 
assuming it to be a blade body at a temperature of K. 

2. Calculate the average energy of vibration of a chlorine molecule at 0° 
given that the vibration frequency is 1.70 X 10^^ secj.“^ 

3. Derive a numei’ieal relation between tl)e velocity, r, in cm. per sec. with 
which electrons are emitted in the p)ioto-el(;ctri(j effect and tlie l etarding iiotcntial, 
V, in volts necessary to inhibit the emission. 

4. Taking 3 X 10""^® sec.^i as a mean value of tlio frequency of X-rays, calcu- 
late the number of quanta that aic equivalent to one caloric. 

5. Show that the ionization potential of the liydrogeii atom given in Fig. 4.2 
as 13.54 volts is consistent with the energy in the first level of 21 5.00 X 10 erg. 

G. Calculate the zero-point energy fin hydrogen molecules, given that 
We = 4417.19 cm.“^ and the anharnionic constant Xo = 0.02973. 

7. Calculate the theoretically possible wave lengths of Raman lines that could 
be obtained, using the meicury line 4358 A. as the exciting source, for hydrogen 
cliloride, whose fundamental frequency is 2989 cm“i. 
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THE GASEOUS STATE. II 

1. Rotational Heat Capacity of Gas Molecules: Tlie kinetic energy 
of rotation of a diatomic molecule has been expressed by means of the 
equation (4.20) 

Er = hcBJ{J +1), 

where /, the rotational quantum number, may have the values 0, 1, 2, 3, 
etc., and the constant B = hlSTr^cl involves the moment of idertia, I. 
The size of the quantum is evidently determined by the inagnitiide of B 
which, in its turn, is inversely proportional to the moment of inertiL The 
larger the latter, the smaller the (piantum. Furthermore, it has been 
shown that the (luantuni interpretation of energy cpiite generam^ aj)- 
proaches the classical interiu’ctation based upon tlie jn’inciple or equi- 
partition of energy the smaller the magnitude of tlie quantum, the more 
nearly, that is, the discrete discontinuous quantized energy approaches 
the concept of continuously varying energy. Since the moment of inertia 
is, in its turn, dependent on the masses of the constituent atoms wc may 
cxiicct small (pianta of rotational energy with relatively large masses and 
conversely relatively large rotational ipianta with small atomic masses. 
Our knowledge of the rotational energy of gas molccules^as dcduccd from 
heat capa-city measurements is in entire accord with these conclusions. 
For all molecules, save those of hydrogen and its isotopes, the moments of 
inertia arc so large and the quanta so small that the rotational motion of 
the molecules is cjlcctivdy classical. Hence, in most diatomic molecules, 
with two degrees of freedom of rotation, we expect, and find, a contribu- 
tion from rotational energy of 2{\kT) = kT per molecule, or, correspond- 
ingly, a contribution of R calories per mole to the rotational heat capacity. 
For polyatomic, linear molecules also having two degrees of freedom of 
rotation, the same contribution obtains. For non-linear polyatomic 
molecules, where there are three degrees of freedom of rotation, we may 
expect, and find, a contribution of ^JcT ])er molecule from rotational 
energy and a corresponding contribution of IR calories per mole for the 
rotational heat capacity. 

The case of hydrogen is exceptional by reason of the smallness of the 
moment of inertia. This is small for two reasons. Since I = its 
value is small in the case of hydrogen because the reduced mass n is the 
smallest possible, since Mi and il /2 = 1 and also because the interatomic 
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(listancej r = 0.75 A., is also the smallest known interatomic tlistance. 
The value of 7 is therefore 0.4G7 X g. cin.^ as compared with normal 
moments of inertia such as 19.25 X g. cin.“ for oxygen. The rota- 
tional motion of hydrogen molecules is effectively classical only above 
0° C. Below this temperature the rotational energy is less than kT and 
approaches zero as the temper.ature approaches zero. The (piantization 
of the rotational energy accounts therefore for the observed data on tlie 
licat cn])acity of hydrogen which show tlnit, at K., the total heat 
capacity is 2.98 cals., characteristic of a monatenuie gas. 

2. Ortho- and Para-Hydrogen: The case of hydrogen becomes more 
complex by reason of the existence of two spin-isomers of molecular 
hydrogen. On the Inisis of quantum mechanics it was predicted by I). Al. 
Dennison and by JJeisenljorg and JIuud tliat two kinds of hydrogen or, 
quite generally, two kinds of molecules with identical nuclei, should exist, 
on the assumption that the two nuclei of the molecule possess nuclear 
si)ins which may have cither a parallel or an anti-parallel orientation. 
These different orientations would, combiiicd witli certain values of the 
rotational quantum numbers, distinguish the two modifications from each 
other. On this theory, i)ara-hydrogen molecules possess anti- parallel 
nuclear spins and even, rotational quantum numbers, J = 0, 2, 4, etc. 
Ortho-hydrogen would ])ossess paraUci nuclear sjhns and odd rotational 
quantum numbers, ,7 = 1, 3, 5, etc. In ordinary liydrogeji tliese two 
forms should ])e present in the ratio 1 pnra- to 3 ortho-, and this ratio 
would account for the alternating intensities in the molecular spectra ob- 
served by Afecke. Bonhoeff'er and llarteck, in 1929, verifiofl these j)re- 
dictions exjKwimentally by isolating pure para-hydrogen, formed from the 
normal 1 ; rS mixture at licpiid hydrogen temperatures in presence of 
catalysts sucli as charcoal. By measurements of thermal conductivity, 
which, as already shown, is related to heat capacity, they verified tlie 
assignment of even rotational (piantuin numl)cr,s to the f)ara- variety. 

In the ncigliborhood of the absolute zero the rotational energy of para- 
hydrogen is zero since all molecules occupy the rotational level, J = 0. 
Since ortho-hydrogen molecules wmuld all be in the level J = 1, the equa- 
tion for the rotational energy shows that such ortho-molecules would have 
a v^alue of Er = 337 cals, per mole. At such low tem])e?rjitures the equi- 
librium mixture is j)ractically 100 per cent i)ara- so tluit the rotational 
energy of the equilibrium mixture would be zero. If, as is true in the 
absence of catal 3 ^sts, the equilibrium mixture was not established, tlie 
rotational energy of normal hydrogen would be found from that of its 
components, = 2 X 337 = 252.9 cals. The at- 

tached table, calculated by Giauque, shows the rotational energies of 
para-, ortho-, equilibrium and normal hydrogen over the whole range 
from 0° to 298° K. 
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TABT.E 5 1 

Botational Enekqik8 of Hydrogen Gas in Galortes ter Mole 


Temp. 

® K. 

I’lira- 

llydioKeii 

Orlhcj- 

IlydroEen 

Equilibrium ^Mixture 

I „ 

Normal 1 : 3 

Go P-IU 

/ iy - U 2 

0 

0.00 

337.17 

100 

0 

252.88 

20 

0.00 

337.17 

99.82 

0.63 

252.88 

40 

0.05 

337.17 

SS .61 

38.63 

252.89 

50 

0.20 

337.18 

76.89 

78.38 

2.52.94 

100 

30.56 

338.59 

38.51 

219.78 

262.17 

200 

290.22 

393.59 

25.9 

366.76 

367.75 

273.1 

473.34 

502.10 

25.1 

491.84 

494.91 

29S.1 

529.12 

546.92 


5^12.16 

^|42.47 

i 


In tliese ciilculaiioiis tlie nuinhcr of molecules in tlie roiational 
state J is j^iven by a si)erial form of the Boltzmann distribiiticm law, 
Nj = Tlie value of pj is 2,1 + 1 w^lion J is eve\i and 

3(2/ + 1) when J is odd. These values of 7;/ lead to the high tcuipera- 
ture ratio of 3 ortho- : 1 jDara-. Tlie rotational heat capacities deduced 
from these data are shown diagrammatically in Fig. 5.1. 



3. Rotational Heat Capacity of Deuteriunr: Similar conditions obtain 
with the hydrogen isotope, D2. The following divergences occur: the 
moment of inertia 9.31 X 10~^^ g, cin.^ is twice as large, due to /i, the 
reduced mass; the ortho- states of the D2 molecule have even rotational 
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quantum numbers, the para- have the odd and the ratio at high tempera- 
tures is 2 ortho- : 1 para-. The rotational energies calculated by Johnston 
and Long are given in Table 5.2 and the derived heat capacities are shown 
along with those of ortho-, para- and normal hydrogen in Fig. 5.1. 


TABI.K 5.2 


Rotational Eneiigies of Deoteuifm Oas in Calohies peu Mole 


Temp. “ Iv. 

0 -D 2 

p-I)2 

c-l)2 

n-Da 

UD 

0 

0.00 

170 22 

0.00 

56.71 

0.00 

20 

0.01 

170.22 

3.16 

56.74 

1.27 

25 

0-00 

170.22 

8.10 

56.80 

4.50 

50 

14.62 

170.61 

46.74 

66.62 

49.31 

100 

113.5-1 

197.20 

160.81 

161.43 

154.15 

150 

265.3S 

274.32 

268.35 

268.36 

232.99 

200 

309.41 

370.54 

369.79 

369.79 

355.30 


The molecule hydrogen deuteride, HD, has a moment of inertia equal 
to 6.21 X g. cin.2 It exists in only one form since tlio two nuclei 
are not of equal mass. The rotatioual energy data are si) own in Table 5.2 
and the rotational heat capacities in Fig. 5.1. An inspection of Fig. 5.1 is 
very instructive as to the influence of moment of inertia and of odd and 
even quantum states on the rotational lieat capacity. This assumes 
measurable values at the lower temi)eraturos in the case of Dg comj);i,rcd 
with llz because the moment of inertia is higher and lienee the quantum 
of rotational energy is smaller. The heat cai)acity as.sumes measurable 
values at lower temperatures in the case of molecules with even quantum 
states, namely ortho-deuterium and para-liydrogon, as compared with 
molecules having odd quantum states, i^ara-deuterium and ortlio- 
hydrogen. The molecule II D assumes measurable values at lower iein- 
peraturcs than any of the other hydrogen molecules because the transition 
between levels with odd and even rotational quantum numbers is not for- 
bidden in this hetero-nu clear molecule as contrasted with the homo- 
nuclear molecules, H 2 and D 2 . One analytical method of determining 
concentrations of II 2 , D 2 , HD in mixtures, and for mixtures of ortho-para 
varieties, that of Farkas and Farkas, is based on the thermal conductivity 
method of determining heat capacities of the gas mixtures. 

4. Vibrational Heat Capacity of Gas Molecules : The siiectral evidence 
showed that the quanta of vibrational energy are often considerably larger 
than the quanta of rotational energy. It is therefore to be expected that 
vibrational energies of gas molecules cannot be treated classically. Ac- 
tually, only in a few cases do the heat capiicities of diatomic molecules 
indicate any contribution from vibrational energy at room temperatures. 
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The data on chlorine in Table 3.3 definitely show a small vibrational 
energy contribution. 

In discussing Planck’s Distribution Law' (4, 5) we found that the 
average energy of a linear vibrator with frequency v = cw is given by 
the expression 

€ hv hcoj 

^ ~ _ I ~ ^hcuiikT _ I ’ (4-6) 


At high temperatures, neglecting higher terms in the expansion, 


hv 


1 + hvl/cT 4- ■ • • - 1 


= kT. 


(4.7) 


For 1 mole of gas we must multiply the energy ])cr molecule, e, by Avo- 
gadro’s number N and obtain: 

Nhv Rd 

E, - Nf - ^ ^ . 

where we have made the substitutions Nk = R and 6 = hvjk ai\tl note 
that 6 has the dimensions of temperature, analogous to the characteristic 
temperatures of solids (Chap. 7). Differentiation of this expression with 
respect to T gives the vibrational heat capacity in terms of 0 and T. 



C(vib) — 


dEv 

dT 


= R 


((.o/r _ 1)2 


(5.2) 


Inspection of this formula shows that, at high temperatures, the value of 
C(vib) approaches the classical value of R cals, for one mode of vibration, 
the kinetic and potential energies contributing RI2 calories for each de- 
gree of freedom of vibration. At low temi)eratures, the value sinks to 
zero. We can illustrate the applicability of such an equation to the 
calculation of vibrational heat capacities by considering the case of 
chlorine, for which we shall use a value of 6 — 810° derived from spectral 
data. Table 5.3 shows the experimental and calculated values at a series 
of temperatures. 


TABLE 5.3 


Vibrational Heat CArAciTY of Chlorine 6 = 810° 

T°K = 243 270 31S.5 391.4 451.7 

OVib) experimental = 0.840 0.977 1.148 1.459 1.553 

C(vib) calculated.. .= 0.848 0.985 J.1S8 1.407 1.530 


The 6 values for a number of other diatomic gases are: 1 2 = 30G; 
Bra = 463; O 2 = 2250; NO = 2705; Na = 3370; HI = 3198; HBr = 3785; 
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HCl = 4276; = 6100. The big increase in d as we pass from the 

lialogens to oxygen indicates why, at room temperatures, the vibrational 
heat capacity of oxygen is negligibly small. 

In the case of polyatomic molecules there are more modes of vibration 
than one. In a molecule of 7i atoms the total number of degrees of 
freedom is 3n. Of these, three are translational degrees of freedom. In 
diatomic and linear polyatomic molecules there are two degrees of freedom 
of rotational motion. Hence, there are 3//- — 5 vibrational degrees of 
freedom in a linear polyatomic molecule and 3n — 6 in a non-linear mole- 
cule. As an example of a linear molecule we choose carbon dioxide, in 
which ??- = 3 and there are therefore 3?i — 5 = 4 modes of vibration. 
The vibrational heat capacity of carbon dioxide is well interpreted by 
calculated data, obtained by use of the same heat capacity foj'mula that 
was adequate with chlorine, om])loying, however, four values of 0, 960, 
960, 1920, 3360. The water vapor molccade is non-linear. For this 
molecule we have three values of 0 = 2340, 5350 and 5500. The ammonia 
molecule has six modes of vibration, with four distinct fundamental fre- 
quencies of which two are double. In the case of methane the spectral 
analysis by Dennison indicates one single, one double and two triple 
frequencies, nine in all, of four iiidei)endent frequencies. 

5. Isotopes and Vibrational Energy: The effect of isotojne sul)stitution 
on vibrational energy and heat cai)acity will be most i)ronounced in the 
case of the hydrogen isotoj)cs. The three isotoi)ic molecules ID, HD and 
D 2 each i)osscss the same value for the dissociation energy to the potential 
minimum, D^., recently estimated by Beutler at 108.91 it 0.02 kcal. 
The spectral data from which the energy of the various vil.wational states 
of the tlirce molecules can be computed are contained in Table 5.4 where 


TABLE 5.4 

SPBCTIlOSCOriC C'ONSTANTS FOll IlYDTtOaEN ISOTOPEB IN 

Wave Numbeub (cm.'^) 



Ih 

IID 

1)2 

OJe 

4417.19 

3826.G 

3125.4 

XeO)e 

131.315 

98.52 

65.72 

B, 

60.872 

45-668 

30.645 

Ote 

3.0G71 

1.9931 

1 .0859 

-D, 

0.04652 

0.002618 

0.001165 

/3. 

0.00101 

0.000495 

0.00018 


the symbols have the significance applied to them in the preceding 
chapter (4.20). 

It is evident from these data that hydrogen will possess the largest d 
value, deuterium the smallest and hydrogen deuteridc the intermediate 



128 


ELEMENTARY PHYSICAL CHEMISTRY 


Ch. 5-6 


value. As a consequence, the vibrational heat capacity will become 
measurable with deuterium at lower temperatures than for hydrogen 
deuteride which in its turn will show vibrational heat capacity at lower 
temperatures than hydrogen. 

The data for coe and XeCi^e also permit the calculation of the zero-point 
energies for the three molecules from the equation (4.26) 

Ep^O = hc(lcje ~~ 

giving the following values: 112 : = 6183.5 cals., HD : 5366.4 cals, 

and Dz : 4394.5 cals. Using the Bcutler value for the dissociation energy, 
De, we obtain, by subtracting these values for the zero-point energies, the 
following values for the chemical heats of dissociation of the three hy- 
drogen molecules, the value in each case referring to 0° K. 

Dll, = 108.91 ~ 6.18 = 102.73 kcal. 

Diid = 108.91 ~ 5.37 = 103.54 kcal. 

Dd, = 108.91 - 4.39 = 104.52 kcal. \ 

Similar, though less pronounced divergences, exist in isotopic com- 
pounds of any element. It will be shown that such difTerences in zero- 
point vibrational energy are of fundamental importance in the reactivity 
of molecular si)ccies, and, hence, are of imi)ortance in separations of 
isotopes depending on differences in reaction speed. 

6. Dipole Moments : Witliiii recent years a i)owerful new tool for the 
investigation of molecular structure has been developed based upon the 
determination of electrical dipole moments. If the center of action of 
the positive nuclei in a molecule coincides with that of tlje electrons in the 
molecule, we term tlie molecule non-polar. It will show no tendency to 
take up any definite position in an electric field. If the positive and 
negative centers of action do not coincide, the molecule is said to be polar. 
It can then be regarded as equivalent electrically to a rod negatively 
charged at one end and positively charged at the otlier. In an electrical 
field the molecule would suffer an orientation, the negative end arranging 
itself towards the positive polo and vice versa. Such molecules possess 
electrical dipole rnoinents whose magnitude /x is given by the product of 
the charge on one end e and the distance s separating the charges 

p — e.s, (5.3) 

Any molecule when placed in an electrical field will suffer a slight 
displacement of the electrons and nuclei in opposite directions, the extent 
of the displacement being projiortional to th e-intensity of the field, and 
zero when the field is removed. We may speak of a moment thus pro- 
duced as an induced electrical moment. If in a field of strength F the 
induced moment is aF then a is called the displacement polarizability of 
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the molecule. The displacement of the electrons with respect to the 
nuclei towards the positive pole of the applied field may be called the 
electron polaiiaation, Pe. As a result of the deformation of the electronic 
orbits the nuclei will be displaced with resj^ject to one another. This is 
termed the atomic polarization, Pa. The extent of this displacement will 
be small compared with Pc. The orientation by a field of a molecule 
with i)ermanent dipole moment gives rise to an orientation polarization, Po. 

The thermal agitation of tlie gas molecules will tend to nullify any 
orientation of molecules in an electric field. As the temperature ijicreases, 
therefore, the orienting influence of tlie field decreases. Tlie relation 
connecting these quantities was obtained by l^ebye in the expression 

The quantity ao in this equation represents the electronic and atomic 
susceptibilities and is indei>endcnt of teiuj^erature, ^ is tlie di})ole mo- 
ment, N is Avogadro’s number, k the gas constant per molecule and T tlie 
absolute temperature. The quantity P is the molciailar iiolarization of 
the substance. Its value can be determined from measurements of the 
dielectric constant, £), since, according to the Clausius-Mosotti Law 


D - 1 M 
~D + ' 2 ’ d 


( 5 . 5 ) 


where M is the molecular weight of the suhstance whose flensity is d. 
This relation is the analogue of the JAU'cnz-J^orentz formula for the 
molecular refractive power of a medium of refractive index, n, 


7f -J_ M 

11“ + 2 d 


( 5 . 6 ) 


Comparison of the two formulas shows that under conditions in which 
they are obeyed D = n'L 

The Debye expression can be expressed in the form 


where 



A + BIT, 

4w N 

and = 


(5.7) 


by measuring the dielectric constant, and hence, P, at a series of tem- 
peratures the quantities A and B can be determined. For non-polar 
molecules there will be no effect of temperature, P will be constant and 
equal to the electronic and atomic polarization. If P varies with the 
temperature, B and hence can be determined from the slope of the plot 
of P against l/2\ 
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The values of n so obtained are of the order of magnitude, e.s.u. 
This follows from the size of the electronic charge 4.80 X 10“^° e.s.u. and 
the normal molecular di.stancc, 10"® cm. The following are data of C. P. 
Smyth and Zahn for three gases, two non-polar and one polar. 

TABLIC 5.5 

Dielkctric Constants of Gases 


Kthylene 

Acetylene 

Sulfur Dioxide 

T°K. 

(D-l)v 

7“ K. 


7° K. 

(D-l)v 

237.4 

.001450 

197.4 

.001334 

267.6 

.009530 

296.3 

.001444 

295.7 

.001333 

297.2 

.Q0876S 

366.5 

.001447 

.365.6 

.001335 

366.9 

.|907323 

460.9 

.001437 

460.5 

.001333 

443.8 

.006336 

A = 10.79 

B = 0 

A =9.96 

B = 0 

A =10.70 

.BJF16JS.5 


In the table v refers to the volume occupied by 2.701 X 10^® molecules 
that is to say tlie Avogadro iiuuil>er per cc. at 0° C. and 760 mm. Since 
the gases studied are not ideal one cannot use the relation v — TI273 but 
must correct this quantity by means of van der Waals’s equation. This 
was done for the data cited. The values of B derived, indicate tliat 
neither ethylene nor acetylene has an electric moment but that sulfur 
dioxide shows a value of B from which a moment /xsog “ 1-61 X 10"^® 
can be calculated. The induced polarization A is iicmly the same for 
the three substances. 

Tlie conclusions to which such studies load would be beyond the 
scope of the present volume. A very useful summary of the work 
has been given by Sidgwick,^ of which we shall cite some of the more 
elementary conclusions. Inert gases arc non-polar. The diatomic ele- 
mentary gases having similar atoms H 2 , N 2 , O 2 and probably Cl 2 , Br 2 and 
1 2 are non-polar. Diatomic molecules with dissimilar atoms have dipole 
moments as in the case of HCl, HBr, PII and CO. Triatomic molecules 
of the type AB 2 should be non-polar if A is the central atom, the two 
bonds are the same and the molecule is linear. This is true of CO 2 and 
CS 2 which are therefore presumably linear. The polarity of SO 2 indicates 
non-linearity as do also infra-red spectra and other lines of evidence. 
When the bond is a single bond as in H 2 O and H 2 S, the molecule is alwaj^s 
polar indicating that the molecule is non-linear. If one assumes an angle 
(p between the bonds the moment M should be equal to 2?^ cos (^/2) 

^ Sidgwick, The Covalent Link in Chemistry, pp. 138-198, Cornell University 
Press, 1933. 
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where in is the moment of ii single bond A-B. The values of <p so ob- 
tained indicate tlie essential correctness, even with these molecules, of 
the concept of the tetrahedral angle developed by van’t HolT for the 
stcreochemistr)’' of carbon compounds. 

Tetratoiriic molecules ABa witli the A-B bonds single should be non- 
polar if all the atoms lie in a plane and all the valence angles are equal. 
On tlm tetrahedral model a triangular pyramid should be formed with A 
at tlie apex. The molecule should then be polar. Tliis is true of am- 
monia, phosphine, arsine and the trihalidcs of phosphorus, arsenic and 
antimony. 

Pcntatomic molecules AB 4 should be non-polar on the tetrahedral or 
plane model. This is true of methane and the tetrachlorides of carbon, 
silicon and titanium, and the tetraiodide of tin. The plane molecule can 
be shown to be impossible because trans-metli 5 denc chloride CJI 2 CI 2 
should then be non-polar whereas it has a moment. 

All the saturated paraflin hydrocarbons examined liave been found 
non-polar. The moments of primary alcohols vary little in a homologous 
series. This is true also of a group of dialkyi ki^tones. The results in 
Table 5.5 indicate that symmetrical double and triple bonded hydro- 
carbons are non-polar, i)resumably linear molecules as indeed other evi- 
dence also indicates. 

The examples cited sIioav the potentialities of these studies of electric 
moment. By correlating them with the conclusions to be reached from 
Raman spectra, infra-rod spectra, data from the scattering of X-rays 
and electrons, the chemist is acciimulating an increasingly important body 
of evidence concerning the shape, size and spacial configurations of 
molecules. 


Exercises (5) 

1. C^alcAilatc the rotational energy i)er mole of para-deuterium at the abso- 
lute zero. 

2. Using the rotational energies of i)ara-hydrogen given in Table 5.1 show that 
the rotational heat capacity will pass through a maximum between 100° K. and 
200° K. 

3. What is the vibrational heat capacity of bromine at 100° C.? 

4. Calculate the molecular polarization of benzene given that its density at 
20° C. is 0.8790 and its refractive index is 1 .5014. 

5. Calculate the permanent moment of the ammonia molecule, given that the 
molecular polarizations at 00° and 175° C. are 51.2 and 39.5 respectively. 

6. The electric moment of chlor])cnzcne is 1.52 X 10 e.s.u. Calculate the 
moment of ortho-di(;hlorbenzene, assuming the regular hexagon structure for 
benzene. The observed moment of the dichlorbenzene is 2.25 X 10“'® e.s.u. 
What angle between the chlorine-carbfjn bonds would be necessary to bring about 
agreement between the observed and calculated results? 



CHAPTER 6 


THE LIQUID STATE 

The liquid state is intermediate to the solid and the kh-scous states. 
It results from the solid state, the transition oecurring at the melting 
point, with absorption of the latent heat of fusion. It results from the 
gaseous state either by abstraction of heat energy from the gas or by 
compression of the gas. Fall of temperature accompanies the with- 
drawal of heat energy, the diminished kinetic energy of the molecules 
becoming insuflicient to overcome their mutual attraction.! Alter- 
natively, compression of the gas brings the gas molecules int\) closer 
proximity to one another and thereby favors the operation of theyittrac- 
tive forces. Of the two factors, the lowering of temperature is tile more 
important. For every gas there exists a critical temperature abovcywliich 
it is impossible to liquefy a gas by compression. The pressure which 
suffices to produce liquefaction at the critiiial temperature is known as the 
critical pressure. The volume occuincd by the substance umler the 
critical conditions of temperature and pressure is known as the critical 
volume. 

Wo have already seen that the homogeneous distribution of a gas 
throughout the volume of the eontaiiiing system is satisf.'ictorily formu- 
lated in terms of individual molecules moving with velocities determined 
by the Maxwell distribution law. The van der Waals equation reveals 
the existence of molecular forces of attraction which account, in part, for 
the deviations from ideal behavior. These molecular forces, F, vary 
rapidly as the inverse power of the distance, d, between molecules, prob- 
ably as the inverse seventh power, F oc l/(f. The forces are thcrefoi'e 
considerable at close proximity but fall away rapidly with inci'easing 
distance, so that their effective range is small. Molecules which come 
within this range of each other without the necessary kinetic energy to 
overcome these forces of molecular attraction tend to form a conglomer- 
ate of molecules which may be regarded as the incipient formation of a 
liquid. Were the velocities of all the gas molecules identical there would 
be a definite temperature at wliich all the gas molecules would form such 
a conglomerate, or liquid. This temperature would be the critical tem- 
perature. In actual gases, however, the critical temperature must be 
defined as the temperature in which the aveiage kinetic energy of the 
molecules is equal to the summation of the work done against the attrac- 
tive forces over the clTcctive range. 


* « 
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Below the critical temperature, gas molecules with insufficient kinetic 
energy to overcome the attractive forces of a liquid conglomernto will 
become part of the liquid on collision. The mokumles in the liquid will 
have, however, a distribution of velocities so that occasionally some of 
these molecules ^Yill have sufficient kinetic energy to escape from the liquid 
into the gas. ])cpending on which of the two processes i)redomin:ites 
w’C have either condensation or evaporation. The rate of condensation 
obviously depends on tlie concentration of gas molecules ami there- 
fore on the gas pressure. Increase of gas iiressure ima-eases the concen- 
tration of gas molecules and therefore increases the liquefacdion. Al'hen 
the rate of evaporation equals the rate of eundensatic.n %ve liave a position 
of stability showing no net change wiili time. This condition is defined 
as an equilibrium and the gas pressure necessary to establish this condi- 
tion is known as the vapor ])ressure. It obviously depends on the tem- 
perature, since this latter determines the distribution of velocaties of both 
gas and liquid. 

The molecules -whic.b escape from a liquid medium are those wdiicli 
have velocities in excess of the average velocities of the licpiid molecules. 


Their escape causes a reduction in 
the average velocity of the re- 
maining molecules. The tern i)era- 
ture of the residue is eonsecpientl^’' 
lowered. The heat iiccessary to 
re-establish the initial t.cmi)era- 
ture is, of course, the latent heat 
of vaporization of tl)e licpiid. 

1. Isothermal p^v Curves: It is 
eviilent that, above and below the 
critical temperature, a difference 
of behavior will be noted on com- 
])ressing a gas. Above the critical 
temperature, no liquid i)hase ap- 
pears, no matter how higli the 
l)ressure. Below the critical tem- 
perature liquid sooner or later 
makes its appearance. AVe may 
readily indicate this varied be- 
havior by a diagrammatic repre- 
sentation of the pressure- volume 



relationships at various tempera- 


Volume 


tures. The curve for a given Fiq. g.1. p-v Iso thermals 


temperature is knowm as a j)-v 

isothermal. The diagram, Fig. G.l, reproduces a number of such iso- 
thermals for carbon dioxide, whose critical temperature is 31.1® C. It 
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will lie observed that above this temperature the curves are continuous 
and resemble the rectansuhir hyperbola demanded by Boyle’s law. 
Below the critical temperature the curve is discontinuous. It exhibits 
three sections. Tlie right-hand .section of the curve corresponds to the 
gas compression curves aljove the critical temperature. The center hori- 
zontal section is the section in which both gas and liquid are present. It 
should be noted that the pressure is constant throughout a very consider- 
able volume change. The ])re.ssurc is, indeed, the vapor pressure of the 
licjuid at the given temperature. The left-hand section of the discon- 
tinuous curves is the compression curve of the licpiid alone, all the vapor 
having been converted by coniiwession into the liquid state. 

The diagram indicates that, the higher the temi)crature, the higher is 
the vapor pressure and the shorter is the region of coexistence of liquid 
and gas. This is true for all liquids. At the critical temperature, the 
discontinuit 3 ^ becomes a simple inflection in the curve. Thesi p-v iso- 
thermals were estalflishcd experimentally by Andrews for carl)oA dioxide. 
Similar diagrams may be obtained for other vapors and their liciViids. 

2. Van der Waals’s Equation and the p-v Isothermals: We l^ave al- 
ready indicated that, 1)}'' means of the van der AVaals eciuatioii, \ 

=RT, (6.1) 

it is possible to interpret the p-v relations! lips of actual gases more accu- 
rately than is possible with tlie fundamental equation pv = RT. The 
van der Waals equation should therefore a])ply to the isotherinals above 
the critical temperature and it is of interest to see how the values of a 
and h so obtained interpret the Ijehavior below the critical temiieraturc. 
Actually, test of this point shows that van der Waals^s equation docs not 
reproduce the discontinuous jiortions of the isotherinals but gives a con- 
tinuous curve of the form indicated bj^ the dotted line in the 21.5° iso- 
thermal. This behavior may be better understood by employing the 
equation in the expanded form 

— {h -\- RTIp)v'^ + avjp — ah/p = 0. (6-2) 

This is a cubic equation and there are, therefore, three values of v for 
each value of p. In the 21.5° isothermal the three values are indicated 
as Vij V 2 and vj. They are tliree real values. As the temperature is 
raised these values, vi, V 2 and become more nearly equal, until at the 
critical temperature, they become equal. 

vi = V2 = Vs = Vc. (6.3) 

Since the temperature and pressure arc botlT critical, this value of v is 
the critical volume. Its value must be such that 


(v - VcY == 0. 


(6.4) 
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Expansion of this equation 

— Vc^ = 0. (0.5) 

If we equate the coefficients of v-, v and 1) in this equation with the 
corresponding coefficients in van der Waals’s etpiation for the critical 
temperature and pressure 


, RTA a ah 

— ( 6 + — - ) V- 4- — y — = 0 

V Pc J pc Pc 

(C).G) 

we obtain 


3cr = b R7\!p^.^ 

(0.7) 

3r/-^ = a//)„ 

(0.8) 

and 


iv' = ab/pf. 

(0.9) 

From (0.8) and (0.9) it follows that 


V, = 35, 

(0.10) 

from (0.8) and (0.10) that 


Pc — «/2752, 

(0.11) 

from (0.7), (G.IO) and (0.11) that 


T, = 8a/2757ih 

(0.12) 


The experimental values of a and b obtainc<l from Amlrews’s data for 
carbon dioxide were used to calculate the critical tcnii)eraturc and pressure 
by means of equations (O.JO), (0.11) and (0.12), An agreement within 
twenty per cent of tlie experimental values of these latter constants was 
obtained. This agreement is evidence of the truth of the fundamental 
khias involved in tlie van der AAbials equation. The critical data furnish, 
moreover, one means of ol)taining approximate values for a and h in the 
c(|uation of state. J3y reason of the ap])lica]>ility of his ecpiation, van der 
Waals suggested tlie term ‘continuity of state’ as indicating an essential 
continuity in the transition from one set of isothermals, above the critical 
tcm])oraturc, where tlie conditions are indisputably gaseous, to those 
below the critical temperature where they arc also liquid. 

3. The Equation of Corresponding States; The equations (0.7), (0.8) 
and (0.9) of tlie jireceding section can be utilized to give the following 
values of a, b and R in terms of the critical constants: 

Vr, SP(Vc 

a = ^ = 3 ; ^ = 3 ^ ' 

Substituting these values in the van dor Wauls equation one obtains 



(0.14) 
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Dividing by Pc^c/S there results 

(p ^vc^\(^v \ T 

This equation may now be written 

(P + 3/y2)(3y - 1) - 8T', 


where 


P = pipe] V = vivc 


and 


T' = TITc 


(6.15) 

(6.16) 
(6.17) 


These fractions, 7^, V and T\ are known resi)ectively as the reduced 
pressure, voliiine and temperature. It will be noted that equation (6.16) 
is unlike the van der Waals equation in that it contains no constants 
characteristic of the substance in question. This ecpiation should be 
equally applicalde to all gas-liquid systems. It suggests the cojnditioiis, 
therefore, under which such different systems should be compared. They 
should be compared at equal values of P and V or P and T" or lAand T\ 
at equal reduced temperatures, volumes or pressures. One intipresting 
illustration of the truth of this may l)e cited. In (‘.oinparing the Wo])er- 
ties of different liquids it was found experimentally that regularitiei^ could 
be traced if the properties of the liquids were measured at the boiling 
point of the liquids. Thus, it was shown by Kopp that the molecular 
volumes of series of organic compounds were an additive function of their 
component atoms, the tyi)e, number and method of linkage, jn’ovided 
comparisons were made of the molecular volumes of the species at tlicir 
own boiling points. Now, it happens that the boiling points of most 
liquids are at the same corresponding or reduced temperature, the boiling 
l)oint on the absolute scale being approximately two thirds (more accu- 
rately 0.62) of the critical temperature on the absolute scale. Compari- 
sons of proj)ertics at the boiling point are therefore in harmony with the 
theorem of corresponding states as here developed. The theorem does 
not depend on the van der Waals equation since other equations of state 
also may be shown to yield equations of corresponding states. 

4. Vapor Pressure: In the p~i} isothermals already discussed it has 
been shown that in the region of coexistence of liquid and gas, the pressure 
remains constant so long as the two states are present, rurthermore, as 
the temperature increases, these pressures, which are the vapor pressures 
of the liquid, also increase. This effect of rise in temperature on the 
vapor pressure of a liquid is in accord with the kinetic ideas already 
developed. A rise in temi)erature means an increased kinetic energy of 
the molecules of the liquid, so that a larger proportion will have a velocity 
which will carry them through the attractivn-forccs operative in the sur- 
face layers of the liquid. Hence, a larger number will escape, with a 
resultant increase in the vapor pressure. Due also to the increased 
kinetic energy of the molecules, the field of molecular attraction will act 
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as though it were diminished, since the molecules of the liciuid will be 
able to move farther apart before the molecular forces cause their return. 

AVe can express the variation in vapor pressure with temperature with 
the aid of the principle of distribution of velocities discussed in a pre- 
ceding chapter. Let us assume that, over a given temperature range, a 
molecule must reach the surface with an energy in excess of in order 
that it may leave the liquid for the gas ])hase. The number of such mole- 
cules will be proportional to the number in the wliole liquid which have 
such an energy content. AA'^e saw in Chapter 3 that the number of mole- 
cules having an energy in excess of L is given approximately by the 
expression 

ul = (6.18) 

On the assumptions made, therefore, we may set the vapor pressure, 
equal to this (juantity multiplied by a constant proportionality factor, c, 
and obtain 

y ~ or, In p •■= In c — LIRT, (6.19) 

If this equation expresses the relationship betAveen vapor pressure and 
temperature it is apparent that if we i)lot In p a-s ordinates against 1/T as 
abscissjis a straight line relationshii) must result. Actually, for grai)hical 
purposes, the equation is used Avith the logarithms to the base, 10, in 
which case R X 2.303 = 4.57 and 

log p = log c — (6.20) 


Such a procedure actually does yield the straight line relationship antici- 
})atcd j)rovided the temi)cratiirc range is not too great. Jt follows that 
the intercept on the pressure axis, i.e., the value for 1/7^ = 0, gives the 
value of log c. The slope of the straight line gives the value of L/4.57, 
That L cannot be constant over a Avide range of tem])eraturcs is apparent 
for the reasons already cited in the first paragra])li of this section. AA^e 
may regard the quantity L as equivalent to the latent heat of vaporiza- 
tion. Indeed, avc shall later shoAv that the same relation may be derived 
thermodynamically for a liquid at Ioav vai)or jwessures where the va]')or 
obeys the gas laws, in which case the thermodynamic expression for the 
relation between heat of vaporization and ])rcssure is given by the 
Clapeyron-Clausius equation, 


X = 


RT^ dp 


V 


dT 


d In p 


RT^ 


( 6 . 21 ) 


which, on integration, gives the result, 

In p = — \IRT + const., (6.22) 


an equation identical Avith that already deduced from approximate kinetic 
considerations. The value of X is itself dependent on the temperature 
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and, indeed, Ijeoomes zero at the critical temperature. Hence the limited 
applicability of such equations. 

5. Ramsay and Young’s Rule: It is a consequence of the theorem of 
corresponding states that, at corresponding temperatures, the correspond- 
ing pressures will bo the same. This has l)ecn tested by Kamsay and 
Young and found true for a large number of liquids. If pi and p 2 are 
any two vapor j^ressures of a licpiid at temi)cratures Ti and T^y then, 
the corresponding temi)eratures TJTc and TijTc must l)e the same for any 
otlier liquid at the vapor pressures pi and Ilciicc T^ITc T 2 IT 0 
= TijTi should be the same for all liquids. Ramsay and Young meas- 
ured the temperatures at which the vapor pressures were 70 and 20 cm. 
respectively and found the ratio of these teni])eraturcs to be a constant, 
1. 1 1, for a large number of licpiids. This rule is not universal. For liquid 
hydrogen the ratio is 1.23. For cthjd alcohol the ratio is 1.09.;' 

G. Trouton’s Rule: If the corresponding pressures of liquids are the 
same at corresponding teunperatures a further interesting conclusion can 
be drawn from the Clapcyron-Clausius equation (0.21). For tlie boiling 
point, Tuy and employing the theorem of corresjmnding states 

X din;; dlnn d]^^pJpc \ 

dT]<IT„ ^ ^ d In Th ^ ^ d ill TbIT, ’ 

Consequently, the quantity X/Tb should be a constant for all liquids. 
This rule was established empirically by Trouton, who showed that, as 
an average, 

X/Tb = 20.7 cals, per degree. (0.24) 

This ratio is also only an approximate rule, deviations occurring with low 
boiling liquids, e.g., li(pii(l hydrogen, and also for a number of groups of 
licjuids, including water and esj)ecially the alcohols. 

7. Vapor Pressure and External Pressure: In the i)receding sections, 
vapor pressure has been considered with a liquid in contact with its 
saturated vapor alone. A condensed system, solid or liquid, may, how- 
ever, exist under a pressure different from that of its own vapor. For 
example, if the vapor contains an indifferent gas, the total gas pressure 
is the sum of two pressures, that of the vapor and that of the foreign gas. 
This is, indeed, the normal circumstance in a vessel containing air ad- 
mixed with vapor in equilibrium with the liquid. Under such circum- 
stances, the vapor pressure of the liquid is different from that in the iso- 
lated liquid-vapor sj^stem. The equation connecting vapor pressure and 
external pressure was derived by Willard Gibbs in 1876. 

At constant temperature, the change in vapor pressure dp with change 
in external pressure dP is equal to the ratio of the specific volume of the 
liquid V to that of its vapor V under the pressure p. 

dp/dP = v/V. 


(6.25) 
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Thus, the vapor pressure of auy liquid is increased by compression of the 
liquid and the same is true also for solids. Since v/V is a very small 
fraction, it follows that, for all small values of dP, the variation in vapor 
pressure with external pressure is generally nej;lif;ibly small. Thus, tlie 
vapor pressure of a liquid under its own saturated vapor pressure A\ill not 
be sensibly different from that when tlie liquiil is exi)osed to the pressure 
of the atmosphere. But, at the sn])er-})ressures now becoming familiar 
in technical work, variations in the vapor ])ressiire will be manifest. 
Thus, under the pressure ()f an inert gas ecpial to 300 atm()si)heres pres- 
sure, the vaiior i)ressure of water increases by about 20 i)er cent. In 
applying the ecpiation to siudi high values of dE it is necessary to know 
tlie variation of v and tlirough the pressure region from p to /\ 

8. Surface Tension: The molecules at the surface of a liquifl differ as 
regards the forces of molecular attraction from those in the interior of the 
liquid. In the latter case, the molecular forces are exerted ecpially in all 
directions. The molecides at the surface are umler a force whose re- 
sultant is in the dii’ectiou towards the main body of the liquid. The 
operation of molecular forces, even in a film, can be demon.straXed by the 
formation of a continuous film of liquid inside a wire ring. Indeed, one 
may ap])roach a definition of such forces by the study of such films. If 
one imagines a film of licjuid bounded on three sides by a wire bent in the 
form of a U and on the fourth side by a movahle rod, then, assuming the 
absence of friction, the tension of the film will tend to contract the film. 
A force, F, must be applied to the rod to maintain the film at its given 
size. If by means of the equation 

F = 2yl (0.20) 

we equate this force, F, to the surface tension, 7 , acting along the lengtli 
of rod, Ij on two sides of the film, ive have a method of niejisuriiig surface 
tension. For, if the rod be moved through a distance a:, so that the film 
is extended and its surface increased by 2x1, it follows that the work 
done is 

Fx = 2xyL (0.27) 

For unit area increase it is aiiparent that 7 ergs of energy will be reciuircd. 
The definition of surface tension that these considerations yield is tliat 
surface tension is the force in dynes per unit length of surface of liquid 
in a direction parallel to the surface. 

This force exerted by a film is connected with the downward field of 
force in the surface of a mass of liquid. For, in any increase in the surfarte 
area of a given mass of liquid, molecules whicli were not subject to a 
resultant force have to be pulled up to the surface against the resultant 
force in order to create the new surface. 
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9. Measurement of Surface Tension: Two manifestations of surface 
tension are utilized for the indirect determination of surface tension, the 
rise of liquid in a capillary tube and the formation of drops of liquid at 
the ends of capillary tubes. 

10. Capillary Rise: A liquid which wets a ca])illary tube will rise to a 
given height above the level of the horizontal surface of the liquid outside 
the tube. The surface tension y acts at the circumference of the tube 
which, if of radius r, involves a total force of 2Tvry. This force, at equi- 
librium, must balance the force exerted by the volume of liquid in the 
cai)illary above the level in the body of the licpiid outside. If the capillary 
rise is /?., the volume is Trr^/t and the hydrostatic pressure must be irr-hdg 
where d is the density and g is gravity. Equating the force of surface 
tension with that of hydrostatic pressure, 27rr7 = Trf%dg, whence it 
follows that 

7 = Irhdg. I (6.28) 

Accurate determinations of surface tension by tliis method have been 
made by Richards and his students.^ \ 

11. The Drop Weight Method: Relative surface tensions in tprrns of 
a standard liquid of known surface tension may be ol^tainod by dciprmin- 
ing the weight of drops of the liquids forming at the tip of a capillary tube. 
The surface tension is i)roportional to the weight of the drop formed. The 
exact theoretical relationship between surface tension and weight is a 
matter of very consideralde controversy, so that, in practical use, the 
surface tension ratio of a given liquid and a standard liquid, e.g., water, 
is set equal to the ratio of the weights of the drops 


yx 

yn^o 


(6.29) 


12. Surface Tension and Temperature: With rise in temperature the 
surface tension decreases, reaching a value of zero at the critical tem- 
perature. For the greater part of the temperature range the relation 
between surface tension and temperature is nearly linear. Near the 
critical temperature, the surface tension varies less rapidly with rise of 
temperature. It was shown by Eotvos and Ramsay and Shields that 
the variation of molecular surface energy with the temperature can be 
represented by an equation 

7(M/d)2/3 = ^(7^^ _ (6.30) 

where M is the molecular weight and d the density of the liquid. M/d 
is a volume and therefore has the drinensions of a surface. It 

refers to surfaces containing equal numbers of molecules. Ramsay and 

1 J. Am. Chem. Soc., 37, 1656 (1915); 46, 1196 (1924). 
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Sliiclds found that, for a number of liquids, k has the value 2,12. Such 
liquids are known as normal liquids. 

13. Molecular Association: For a number of other liquhls the experi- 
mental determinations give abnormal values of k. This result may l>o 
stated otherwise by pointing out that, if the normal value of k = 2.12 be 
emploj^ed, the value of M so detluccd is abnormally high. Thus, for 
water, a value of M considerably higher tlian 18, the value for water 
vapor, is derived. This result indicates that such liquids contain associa- 
tions of molecules. A similar behavior has ahead}" been referred to in 
the case of gases such as sulfur vapor which apparently diil not obey the 
gas law. Those liquids which, from surface energy measurements, appear 
to be associated are also those which in other resi)ects show abnormal 
behavior. They show" abnormal values for the constant in Trouton's 
rule. They do not follow- the Ttamsay and ^"oung rule. Water and the 
lower alcohols are conspicuous members of this group of abnormal or 
associated liquids. In general, the concept of association is linked wdth 
the presence in the molecule of a strong polar groLij)iiig. 

14. Density of Liquid-Vapor Systems: Tlie thermal expansion of a 
liquid with increase in temperature results in a decrease in density of a 
liquid with increasing temperature. At the same time the increased 
vapor pressure causes an increase in the concentration of the saturated 
vapor and hence in its density. As the critic^al temperature is api)roached 
the densities of licjuid and va])or a])proach each other and finally become 
indistingui,shal)le at the critical tern per a, t lire. C^ailletot and Mathias, in 
1886, observed that the mean density of liquid plus saturated vapor was 
jiractically constant over a range of temperature. More accurately, the 
mean density d,n of the system, varying ai)proximatcly linearly with the 
temperature, can be cx])rcssed by the equation 

dm ~ 4" do) — do at. (0.31) 

With such an equation it is obviously jiossible to obtain the critical density 
when the critical tem])erature is knowui. For still more accurate deter- 
minations of the critical volume, equations in higher iiowcrs of i may be 
used, e.g., 

dm — do -j- -f- ht^. (6.32) 

Eyring has called attention to the signifiijancc of this approximate 
constancy of mean density. This is readily understood if, in a liquid- 
vapor system, there are holes whose volume per unit volume of liquid is 
equal to the volume of the molecules per unit volume of the saturated 
vapor phase in equilibrium at the temperature in question. The holes 
need not be of molecular dimeusioiis. Eyring points out that tliis concept 
of holes in the interior of a licjuid gives an apiH*oximate measure of the 
free volume, Vf, in the liquid, a quantity which is important for all 
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phenomena in which motion of one part with respect to another is in- 
v(jlve(l. Viscosity of liquids is one such property that will be later 
considered. 

15. Molecular Volumes of Liquids; The volume occupied by a gram 
mole of a liquid is obviously dependent on the temperature of measure- 
ment since, as we liave seen, the density decreases with temperature in- 
crease. Ko]jp compared molecular volumes at tlie boiling point, which 
can ])e seen to be of advantage since the boiling points of liquids are, as 
already pointed out, corresponding temperatures of many normal liquids. 
Kojq") found that isomeric substances had ])rac.ticall 3 ^ equal molecular 
volumes. In an homologous scries of organic licpiids the addition of a 
CII 2 grouj) jnoduced a constant increase in the molecular volume. It is 
thus evident that, to a first ap])roximation, tlie Tiiolecular volumes can 
be regarded as the sum of the atomic volumes of the constitueijts. 

Such comparisons do not allow for the effect on tlje volume of the 
internal pressure of the liquid. That such inessures exist is evident from 
the presence in the van der Waals equation of tlie term ajv^. Indeed, this 
quantity is actually an approximate measure of the inte>rnal ])ressure, Pi. 
h'or liquids, at moderate values of p, tlie term ajv^ must be predominantly 
large. The evidence of surface tension is a further indication of tlie ex- 
istence of internal pressures which have been estimated to be as high as 
hundreds of atmospheres. ('Comparisons of molecular volumes of liquids 
should therefore be made under comparable internal pre\ssurcs, but the 
compressibility data and accairate values for the internal pressures would 
be required before these conq^arisons could be in.ade. 

IG. The Parachor: Another function devised by Sugden, the ])araclior, 
tends to eliminate the internal pressure difficulty in comparing molecular 
volumes. In 1923 MacLeod showed that the following relation between 
the surface tension, y, ami liquid and vapor densities was approxi- 
mately true: 

y/(i) - ay = C. (G.33) 

C was a constant independent of the temperature. The parachor P of 
Sugden is the product of the molecular weight, M, and the fourth root of 
the MacLeod constant 

p = MC^!^ = - d). (G.34) 

Since the vapor density is negligible compared with the liquid density, the 
parachor is essentially the product of the molecular volume, vi^ of the 
liquid and the fourth root of the surface tension 

p ^ ' (6.35) 

and can be regarded as the molecular volume at comparable internal 
pressures. The value of the jjarachor is independent of temperature over 
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a wide temperature range, and is found to be remarkably additive. The 
paraclior for a molecule can thus he obtained from the sum of values 
representative of the constitutive elements. There are, however, eiTects 
of change of valence and of nature of bonds which sometimes introiluce 
difliculties in its application. 

17. Orientation of Molecules: The idea of the ])olar molecule is almost 
as old as the molecular theory itself. The basis of this idea is that the 
field of molecular forces of attraction does not proceed uniformly from the 
center of the molecule but may be concentrated iii tlu; neighborhood of 
one of the atoms composing the molecule. The oxygen atom has long 
been recognized as one whoso field of foree is not e(,mi)letely neutralized 
by the fields of foree of neighboring atoms held in direct chemical com- 
bination with it. Foimicr acid, for instaiu'e, may be looked ui^on as hav- 
ing a large field of molecular attraetioii resulting in a high surface teusion, 
high critical tenijicrature, etc, Etliane molecades have a very small 
attraction for one another, as is evi(lonce<l by ilieir physical constants. 
A molecule comi)()SC(l, so to speak, of both, mimely, jn'oiiiouic acid, will 
then be a polar molecule, one in \\ Inch the molecular foice of attraction is 
more concentrated in one particular part, so tliat if th(‘so molecailes are 
oblong ill shape, the field of foree around one end, the — COOII end, will 
bo more pronounced. The existence of molecular orieiitatiou logically 
follows the concept of the ])olar molecule. 

Further insight into the jiroblem of orientation is obtained from a 
study of the behavior of insoluble films on litpiid surfaces. It has long 
been known that insoluble oils form eitlicr lenses or extendiMl films on 
water surfaces. The lenses form (piite gmierally with pure hydroc^arboii 
oils, wliile films are formed with insoluble substaiu'cs which contain one 
or more ])olai' groupings in tlie oil molecules. The fatty acids a, ml their 
esters arc tyjiical ods forming fibns. Sucli oil films Aveae soon found to 
reduce the surface tension of water very greatly Avhon spread over tlie 
water surface. 

Rayleigh, in 1890, observed that a definite minimum (piaiitity of oil 
was required to jiroduce a definite reduction of surface tension and ho 
measured the quantities of oil in terms of the area covercfi. He also 
pointed out that certain surface properties of water are due to contamina- 
tion wdth impurities such as grease. In the same year, Miss Puckels 
devised the technique of procuring clean surfac-es by wiping tlio surface 
with barriers or strips of material which push the impurities in fr(»ut of the 
strii)s, leaving a dean surface behind. If the barriers extended tlie wliole 
width of a rectangular trough filled with Avater, the liarriers resting on the 
edges and in contact W'ith the Avater surface, an area of c,loan surface could 
be secured and maintained by resting tlie barrier at a dofiriite jiosition in 
the water surface. She also revealed the spreading of films on surfacies, 
even from solid bodies, by dusting the water surface. The spreading film 
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pushed back the boundaries of the dusty area. She compared this out- 
ward pressure exerted by spreading films with osmotic pressure. She 
found that the surface tension of water was not perceptibly modified un- 
less a certain quantity of oil was spread on a given surface. 

Rayleigh confirmed this conclusion in 1899 and showed that the sur- 
face tension of water fell rapidlj'’ when the water area was reduced, for a 
given quantity of oil, below the critical area. He concluded that the oil 
molecules were floating objects, repelling one another when in a single 
layer in contact, and, therefore, that the point at which rai)id decrease in 
surface tension arose corresponded to an area of film one molecule tliick, 
now conveniently referred to as a monolayer, 

A floating barrier separating an insoluble oil film surface from a clean 
surface can be regarded as a semi-permeal)le membrane. Tliere is 
freedom of passage of the water molecules across the barrier, viajtlie body 
of the water. Owing to the insolubility of the film no such frefe passage 
across the barrier is available to the oil. If an oil film eiu'loaed by a 
floating barrier of length I exercises an outward pressure of F dynes per 
centimeter on the barrier, we can express this force in terms of tlieysurfacc 
tension y of the water on one side of the barrier and of yi on tliepil film 
side of the barrier, since for a displacement of the barrier, dx, we have 

Fldx = (7 — yi)ldx. (6.36) 

Hence the force = 7 — • 71 , the dilTerence in surface tensions on the 
two sides of the barrier. 

From 1904 to 1913 numerous experiments on the proi)eriies of oil 
films and the development of technique were made l)y Devaux, whp con- 
firmed the maximum extension of films and the thickness of molecular 
magnitude. It was Langmuir, however, in 1916 who proceeded to the 
direct measurement of the force, F, and, usmg pure. snhsta7iccs as oils for 
the monolayers, brought out quantitatively the dimensions of molecules. 

The experimental method designed by Langmuir and emploj^cd sub- 
sequently in a long series of researches by N. K. Adam ^ is shown dia- 
grammatically in plan and elevation in Fig. 6.2. A trough, d, is filled 
with water, separated into portions by two strips, B and C, of paraffined 
copper immersed in the water to half their thickness. Strip B is sup- 
ported by the walls of the trough and makes contact with the sides. 
Strip C is fastened rigidly to a beam balanced on a knife edge, F, which is 
supported by a stand not shown in the diagram. On one end of the beam 
a pan is fastened on which weights can be placed, and a counterpoise 
weight is attached to the other end. Strip C docs not touch the sides of 
the trough and is free to move in cither direction, S or S\ When pure 

1 N. K. Adam, ''The Physics and Chemistry of Surfaces,^' Oxford University 
Press, Oxford, Third Edition, 1942. 
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water is in contact with both sides of strip (7, the balance is in its zero 
position, adjustment of the Aveights having been made so as to bring strip 
C directly under the knife edge. On placing an oil, which spreads over 
water, between strips B and (7, the 
surface tension forces on C are upset; 
that of the pure water i)redoininatos 
and the strij) tends to move in direc- 
tion S\ but is prcA^entcd from doing 
St) by adjustment of the weights on 
the balance pan. To stop the oil 
from getting past the ends of the strip 
(7, two jets of air arc played at i)oints 
D and D'. These jets arc maintained 
at constant si)eed, and any effect they 
liave on strip C is adjusted in the lirst 
instance, before adding the oil to the 
water surface. 

A descrii)tion of the precautions 
tliat have to be taken, such as the 
assurance of an uncontamiiiatcd Avatcr surface, will not l)e detailed. The 
procedure to form the film consists in j)laciiig a knoAvn Aveight of the 
substance out of AAdiich tlie film is to be formed, dissolved in a foAv dro])s 
of benzene, on the surface between the strii)s B and C, the former being 
at the far end of the troiigli. After the benzene has eva-porated, the 
strip B is gradually moved towjird C. Pi'ovided a small enough cpiantity 
of substance has been used, no effect is noted on strij) C until the area 
between B and C lias been diminished beyond a certain point. After 
that, Avcights are jilaced in the iian to keep C in its zero ])osition, the areas 
betAveen B and C and corresponding AVcights being taljulatcd. The 
Aveights arc expressed in dynes per unit length of measured in the 
direction S\ and the area, measured in square centimeters, is divided by 
().02 X 10-^inlAIj AA^icre m is the weight of the substance composing the 
film and M its molecular Aveight. This gives the average area occupied 
by each molecule.^ 

The results obtained by Langmuir can best be illustrated by an ex- 
ample. For palmitic acid, the area per molecule at whi(di a sharp change 
in F (dynes per cm.) occurred Avitli compression of the surface is about 
20.5 sq. Angstroms = 20.5 X sq. cm. per molecule (cf. Curve 1, 

Pdg. 6.3) . Langmuir found that the area did not sensibly alter with varia- 
tion in the number of carbon atoms in the chain from tAvelvc to twcrity- 

1 P\)r cxporimcntal exercises on the areas occupied by oil films see Mack and 
Franco, T.aboratory Manual of Physical ( 'hemistry, D. Van Nostraiid Co., New 
York, 1934. 
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six. Now the molecular volume of palmitic acid is 300 cc., which is 
equivalent to 495 cubic Anp;Rtroms per molecule. Dividing this by the 
observed area, we deduce a length of about 24.2 Angstroms compared with 

a length and breadth of 4 or 5 A. 
Change of CH 2 in the length of 
the liydrocarbon chain produces 
a change of molecular volume of 
17.8 cc. = 29.4 cubic A per mole- 
cule. This corresponds to a 
change in length of the chain of 
1.43 A pe.r CHo group. This 
value detUiced^ from molecular 
films is to. lie comjiared ,with the 
results of X-ray sjiectniscuipy on 
solids containing hydrocarbon 
chains, from which a value of 1.26 
A is dediujcd. The differe^e may 

Area per molGciiIe, sq. hc clllC to diffci eiK'CS in (hU^hity of 

Fia. C.3. Putty ucicl films (1) on water, solid or to a tilt of the 

(11) on acid hydrocarbon in the film away 

from the vertical. 

Langmuir emphasized tlie polar characteristics of such film-forming 
molecules. lie jxiinted out tliat a fa.tty acid molecule has a hydrojihilic 
portion, the COOII group, and a hydrophobic portion, the hydrocarbon 
section. It is lateral adliesion between the hytlrocarbon portions of the 
molecules which keejis the molecules out of the water, Conferring insolu- 
bility. With small hydrocarbon sections as in the lower fatty acids, 
acetic, projiionic acid, this adhesion between hydro(;arbon sections is 
overcome liy the attraction of the COOH groups by the water molecules. 
The attraction between COOll group and water determines the orienta- 
tion of the fatty acid film, the polar COOII group being drawn into the 
water, leaving the outermost portion of the surface the hydrocarbon 
residue of the molecule. 

Naming the ])olar group the head of the molecule (in the case of the 
fatty acids, the COOH group), it appears that the head occupies a greatci' 
area than the cross-section of the chain. Where the film is S])read over 
distilled water, the cross-section of the chain gives the effective area, 
because of the different depths to which alternate molecules enter into 
the water. That this is so is shown by increasing the hydrogen-ion 
concentration of the water, which diminishes tlie attraction of the COOH 
group for the water and forces all these groups to the same level. Curve 
II shows the result obtained for any saturated fatty acid, spread over 
W/100 HCl solution. The larger area, 25 X 10“^® sq. cms., represents the 
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cross-section of the polar pjroui). Diiuiimtion in area, iina-eases tlic lateral 
pressure on the film molecules aiul forces the heads to ditTereut levels 
uidil the carbon chains arc again in close contact, corresponding to a 
cross-section of 21 X 10“^^' sq. cm. This is brought out by the break, d, 
ill Fig. 0.3, curve IT. 

18- Types of Film: The work of Langmuir and it.s extension by Adam 
has revealed four tyi)es of films of oriented molecules in surfaces, depend- 
ent on the extent of lateral adhesion betneeu the molecules. These are; 

(1) The condensed or closc-i>a(‘ked film, steejily oriented to the sur- 
face. The fattj^ acids and alcohols studied by Langmuir are such films. 

(2) The gaseous film nith sejiarated molecules, iiidei)endent in their 
motions. 

(3) Liquid expanded films, with strong lateral adhesion but less close- 
jiacking than in the condensed films. 

(4) Vapor-expanded films, with weak adliesion. These do not dilTer 
greatly in niaii}^ resjiects from the gaseous films. 

19. Gaseous Films; In these films the oriented moletailesbiang sej)aratc 
have two degrees of freedom of kinetic motion to each of whiidi wo may 
ascribe an energy of ]J\T. By analogy with the fundaiiKuital gas law, 
pv = RTj we may write the equation of a,n ide;il gaseous film in the form 

FA = kT, ((>.37) 

wdiere F is the force directed laterally outwards from the film, A is the 
area of the film and k is 8.314 X l()Vfi-02 X UF' = 1.372 X erg iier 
degree per molecule. At room temperature kT has, theiefore, the value 
~ 400 X 10“^ erg ])er molecule and, since the latter has an ariai of 
~ 10“^^* sq. cm,, it follows that, if the unit of area is llie square Angstrom, 
k becomes 1.372 and kT ~ 400. A ])eriect gaseous film would exert a 
force F of one dyne jier cm. at 400 square Angstroms. 

Adam found, by measurements of great delicacy, that the esttu’s of 
dibasic acids, 02145000- (Clh),,- 0000,115, with n = iO or 11, showed 
this behavior. With sucli films he found a curve on jilotting FA against 
F entirely analogous to the pv-p curve for real gases. At low values of 
F the value of FA was 400. The curve showed an initial fall due to in- 
creasing lateral adhesion of the molecules, paralkding tlie elTect of the 
van der Waals term a/v^ in the case of gases. At higher values of F the 
curve rose again, ])aralleling the effect in gases of the volume term, v-h. 

Hence, we may write tlie equation for an ideal gaseous film in the form 


II 

1 

II 

o 

(6.38) 

and the equation for real gaseous films 


a RT 


A^ + A-p 

(G.39) 
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entirely analogous to the van cler Waals equation. Tliis equation for 
the lowering of the surface tension by gaseous insoluble hlms bears a close 
relation to empirical equations developed l^y Frunikin and by Syzskowski 
to interpret measurements of the surface tensions of solutions of the lower 
fatty acids. Frumkin’s equation is of the form 



We may therefore conclude that soluble sul)stances in solution give 
molecules in the surface layers which behave as do the molecules in 
gaseous insoluble films. 

Various lines of evidence indicate that the gaseous film molecules lie 
flat on the water surface. This is most easily understood in the cases of 
molecules which have two jmlar extremities, as in the dibasic cstjers already 
mentioned, in molecules such as 

OII<( )^(CH2)io— )>OH 

on OH 

and its tetra-acetate. Molecules such as oleuc acid, containing a dou])le 
bond in the middle of the molecule in addition to tlie polar COOII grouj) 
at the end, form a gaseous film on acid permanganate solutions, owing to 
tlie affinity between permanganate and the double l)ond which is indi- 
cated by the oxidizing action of the permanganate at the double bond. 
On pure water surfaces, where this affinity is absent, oleic acid molecules 
form condensed films. It is obvious that the relative magnitudes of tlie 
lateral attractions and that between film and aqueous layer determine 
whether the film is gaseous or condensed. 

20. Transition from Gaseous to Liquid Films: The plot of FA against 
F gives with dilute gaseous films, as we have seen, curves analogous to 
the pv-p curves of gases. Langmuir predicted, and Adam and Jessop 
found, curves for the force F against the area A analogous to the curves 
shown in Fig. 6.1 for p against y, showing the transition from gaseous to 
liquid state. Thus, with myristic acid at a temperature of 14.5° C., at 
surface areas greater than 1000 sq. A, the curve is similar to that of a 
gaseous compression. Just below 1000 sq. A, and down to about 200 
sq. A, the curve is horizontal, no change occurring in F ( = 0.2 dyne per 
cm.) over this range of area. Below 200 sq. A the value of F rises steeply 
with decrease of area. With tridecylic acid, the next lower acid, at 
14.5° C. the horizontal portion occurs at F = 0.3 dyne per cm., between 
600 and 100 sq, A. With pentadecylic acid, the next higher acid, the 
horizontal portion of the curve occurs at F = 0.1 dyne per cm., over the 
wide area 2500 to 100 sq. A. In each case the horizontal part of the curve 
corresponds to the horizontal portion of the p-v curve in which gas and 
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liquid are co-existent. In the case of films we assume the ])resonce of both 
liquid areas of film and Kaseous film. The value of F ut the horizontal 
portion of the curve can be regarded as a surfjice film vapor iiressure. 

21. Condensed Films: These are the commonest, and owing to strong 
lateral adhesion the}” form one compact film or islands of film on the 
surface. Molecules seldom leave these islands. Two types have already 
been indicated in Fig. O.o. The areas per molecule range from 20.5 sq. A 
for the saturated fatty acids, 21.7 for the alcoliols to 40.8 for cholesterol 
and 52 for the lecithin group. It is the nature of the end cliain which 
determines the area, variation in length of carbon chain having small 
effect. 



These condensed films can show changes of state which may be re- 
garded as allotropic forms of the films. Below 28° C. the octadecyl 
derivative of urea forms a stable structure which may be regarded as a 
solid with an area of 26 sq. A at no compression. Above 28° C. the typical 
curve similar to I of Fig. 6.3 is obtained. The transition temperature is 
raised about 2° C. for each additional carbon atom in the chain. 

22. Expanded Films: This type is intermediate in area and other 
properties between the gaseous and condensed films, and is found with 
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long-chain aliphatic substances. For a given acid, such as myristic acid 
between 2 and 35° C., the properties of the expanded film show a regular 
progression. At the lowest temperature the film is condensed, in the 
manner indicated by Curve II, Fig. 0.3. At the highest temperature the 
film is wholly expanded. At the intermediate temperatures the expanded 
curves pass, at higher pressures the higher the temperature, int(j a transi- 
tion region where there is first a rapid decrease in area for slight change in 
pressure followed by a slower change which graduall}'' merges into a con- 
densed area curve. The transition region sets in, with myristic acid, at 
43 sq. A and 2 dynes per cm. at 7.2° C. and at 30 sq. A and 18 dynes per 
cm. at 23° C. 

Langmuir, in 1933, suggested that the upper, hydrocarbon, portion of 
such films should be regarded as a licpiid phase i-esting on the water sur- 
face, with the lower interface against the water containing the water- 
soluble groups ecpial in number per unit area to the number oi oil mole- 
cules and essentijilly a ‘gaseous’ film. On this view, Langinuin deduced 
that the outward s]n’oading force per centimeter at the lower interface 
would be given by tlie expression: \ 

F -F, = kTliA - Ao), \ (6.41) 

where A is the observed ai’ea and Ao a constant, F is the observed si)rcad- 
ing force and Fo the si)reading force of the upper hydrocarbon portion of 
the film on water. For a pure hydrocarbon film on water, Fo should be 
negative and Langmuir found that the curves for myristic acid could be 
represented by the expression: 

(F + 11.2) (A - (12 + 0.17Si° C.)) = kT. .(6-42) 

23. Chemical Reaction in Monolayers : The possibility of investigating 
the chemical reactions occurring in monolayers has been studied, largely 
by Kidtail and his co-workers. As examples of such reactions we may cite 
the following: The hydrolysis of stearolactone by alkalies in a film closely 
rescnnbles similar reactions in homogeneous S3^stcms. Irradiation of films 
of ergosterol ai)pears to yield vitamin D. The rate of oxidation of uni- 
molecailar films of unsaturated fatty acids by potassium permanganate 
solutions depemls on the degree of extension of the film. Compression, 
as we have seen, removes the unsaturated linkages from the surface, thus 
diminishing the o]q)ortunity for oxidation. The possibility of important 
biochemical apidications is indicated by the studies of the digtjstion of 
monolayers of proteins by enzymes. Here also the extent of compression 
influences the rate of reaction, paralleling differences in the metabolism 
of resting muscle and of muscle in a stretched state. 

In the field of sterol chemistry the study of monolayers has yielded 
interesting results. The older formulas for the sterol skeleton were shown 
to be incompatible with the areas occupied by such films when spread on 
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water. The corrected formula (Fig. 6.5) for the skeleton is in best agree- 
ment with film data. Film studies also re^Tal the stereo-chemical firrange- 
inent of substituents in tlie sterol molecule. Thus, Scliuliuiin and Kidoal 
showed that digitonin injected under a cholesterol monolayer increased 
the force F, at constant area, from JO to over 00 dynes per cm. Lang- 
muir, Schaefer and Sobotka studied tlie adsorption of digitonin by sterol 
monolayers on water and showcal that solid films were formed with 
cholesterol, cliolestanol and crgosterol ^vhd(', the films of c/n'-cholesterol, 
cpf-cholestanol and of calciferol remained licpiid. The iliflerences in be- 
havior between the natural sterols and the epi-sterols thus indicated, and 
paralleled in the formation or non-formation of digitonides in bulk, is 
attributable to the inversion of the hydrogen and hydroxyl substituents 
on carbon atom 3 of the sterol skeleton. The hydroxyl in the 3-]^osition 



of an c;n’-sterol molecule forms an angle with the interface entirely differ- 
ent from the angle in a natural sterol because of the difference in position 
in reference to the median plane of the molecule. 

Complex organic molecules such as the cellulose esters and synthetic 
polymers can also be studied by spreading on the surface of water or on 
alkali solutions. On the latter, denitration of nitro-cellulose occurs 
rapidly, so that the film is j)robably alkali (lellulose. The quantitative 
force-area evidence indicates that the chains of hexose groups lie flat on 
the surface and that lateral adhesion of the individual cellulose ehaiins is 
largely disrupted. 

Proteins can be spread on water either from concentrated aqueous 
solution (Oorter, 1925) or from the solid material on a quartz fiber 
brought into contact with the water surface (Rideal, 1932). Coherent 
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films are formed, which may be both solid and liquid. Langmuir has 
studied such films spread on water with ‘cylinder oil' (a hydrocarl^on oil 
which has been subjected to slight oxidation) as an indicator of the area 
of spreading. The cylinder oil forms a multi-layer which is visible to the 
eye due to its interference colors. The protein films can be determined 
as to their nature by the manner in which they spread or by placing an 
additional droj) of cylinder oil in the center of the protein film. If the 
latter is solid the film will form with a serrated edge and be torn apart by 
the drop of cylinder oil in V-shaped wedge-like tearing. Liquid protein 
films have a circular outline and the cylinder oil added to the film center 
will spread circularly (Fig. 6.(3). 

Monolayers of fatty acids on water are very sensitive to the ion 
content of the water. Divalent ions tend to facilitate the formation of 
close-packed chains at 20.5 sfj. A area. Absence of ions tends tp favor 



Solid Film Liquid Film 


Fig. 6.0. Shaded Areas, Cylinder Oil; Clear Areas, Protein Film 

films with close-jiackcd heads at 25 sq. A area. Langmuir and Schaefer 
have examined the adsorption of Ba+^ , Ca++, AD“^ and by stearic 

acid films. A monolayer of pure stearic acid adsorbs the aluminum ion 
from solutions containing one part of the ion in 2 X 10'’ parts of water. 
A molten ‘skim’ of stearic acid is colored green when a film is spread on 
water containing one part of copper in 3 X 10® parts of water. The vis- 
cosities of stearic acid films on water undergo a progressive change due to 
adsorption of such ion impurities. 

24. Built-up Films: Blodgett in 1935 developed a method of building 
up successive monolayers on a solid surface, particularly layers of barium 
and calcium stearates on glass slides or polished chromium plated metal 
slides. The Langmuir trough technique was modified in important par- 
ticulars. A waxed silk thread attached by metal clips to each side of the 
trough ^^ved as the boundary of the film. A monolayer of the substance 
to be studied was spread within the thread and then placed under con- 
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stant compression by deposition, outside tlie silk-tliread barrier, of a 
‘piston’ oil, using an oil such as oleic acid, wliich, so long as it is present 
ill more than a monolayer (lenses of oil apparent on the water surface), 
gives a constant surface jircssure of 29.5 dynes iier cm. at 20^^ C. with a 
linear decrease with increasing temperature of 0.07 dyne per cm. per 
degree C. The underlying water is jn‘eferaldy kept on the alkaline side at 
pH > 7.5. With stearic acid and calcium ions a calcium stearate soap 
film results. 

Ori dipping a polished slide through such a film under com])rossion 
nothing occurs in the first immersion. On withdrawing the slide, how- 
ever, a calcium stearate layer attaches itself to the slide, — COOJI group 
towards the glass or metal surface, hydrocaibon end uj)])ermost. This 
latter is easily demonstrated because the resultant surface is hydro[)hobic. 
A second immersion adds another layer on the downward trip, hydrocar- 
bon inside, — COOH group outside, and therefore hydroiihilic. The 
second withdrawal duplicates the first jwoducing a hydroj)hol)ic surface 
now three layers thick. In this maimer any odd number of hiyers can 
be built up on tlic slide, 21, 41, Gl, • • • 201 sequences in steps having been 
studied. These steps show vivid interference colors when viewed by 
white light. The thickness of the step-films can be measured by means 
of the interference of reflected monochromatic, light and give values of 
film thickness corresponding to the values of the long s]>acings in fatty 
acids determined by X-ray diffraction ineasurejuents. 

Langmuir, Schaefer and Sobotka utilized this built-u]) film technique 
to determine the thicknesses of sterol films. A single layer of sterol was 
superimposed on a Blodgett barium stearate step-film and, from the 
change in the position of the reflection max'imum, using monochromatic 
light, the thickness of a single film of sterol could be accurately calcu- 
lated. Similar use has been made of the built-up films in the study of 
single layers of proteins. It is possible, further, to study thus the bio- 
chemical activity of single films of proteins such as urease and trypsin to 
determine whether in the process of film formation donaturation of the 
protein occurs. 

25. Surface Tension of Liquid Metals: Liquid metals have been found 
to possess higher surface tensions than are shown by any other class of 
liquids. As compared with a value of 72.75 dynes per cm. for w^ater at 
20°, those for the liquid metals are as follows: mercury, 480 at O'^; tin, 
526 at 253°; lead, 453 at 350°; bismuth, 388 at 300°; antimony, 308 at 
750°; cadmium, 600 at 500°; copper, 1103 at 1130° C. With most of 
these metals the surface tension decreases with increasing temperature 
but with cadmium, and especially with copper, the surface tension in- 
creases. Between 1130 and 1215° C. the increase in y for copper is 0.74 
per degree. These high surface tensions cause, of course, enormous 
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capillary rises, which can he utilized commercially for introducing liquid 
metals between two metals that it is desired to bond by a metal solder. 

20. The Structure of Liquids: It has already l^een indicated that a 
liquid may bo thought of as a very dense gas with molecules close together 
by reason of tlieir forces of mutual attraction. The X-ray investigation 

of ]i(|uids initiated by Debye and 
Scherrer in 1910 shows, however, from 
the broad diffuse rings obtained with 
various liquids, that some arrange- 
jrient of the molecules in a liciiiid simi- 
lar to that found in the solid state 
must occur. Eyring has deVelo])ed 
a theory of licpiids wliic-h combines 
Ijoth points of view. The piuhjorties 
of th (3 liquid arc related to the free 
volume, Vf, which ca(;]i molecule may 
be assigned in a given li(]ui(l, ^hus, 
as indicated in Fig. 0.7, the free 
FiCJ. 0.7. Tlic Free Voininc vj and volume may be ascril)od to the threc- 
the iSpocilic Voluiuo vi dimensional siaice in whi(;h the center 

of gravity of the molecule may move 
without the molecule colliding with its neighl>ors. "Jhis is different from 
the specific volume of each molecule, vij which is the molar volume, y, 
divided by the Avogadro numbor. 

If a cubical arrangement of si)heri- 
cjil molecules of a liciuid ])C assumed, 
it is possible to relate the free volume 
with the specific volume. As shown 
in Fig. 0.8, the distance betwcnui the 
outside molecules is twice the cube 
root of the s])ecific volume. If tlic 
diameter of the molecules be d then 
the motion of one (shaded in the dia- h-S. Free Volume for Simple 

gram) relative to the others regarded ^ Packing 

as held stationary will attain a inaxi- 

mum value d) in oatdi diincnsion. The free volume is there- 

fore the cube of this distance, or, 

Vf - {2{vN^ - d)y = Siiv/Nyf^ - d)\ (6.43) 

The diameter, d, can be expressed in terms of the van der Waals con- 
stant, 6, 

d = (3&/27riV)i/=‘ = 0.781G(WA0'^'. (0.44) 

♦ ^ 

The properties of liquids can be expressed in terms of the free volume. 
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This applies to both thcrinotlynainic and kinetic ])roperties. As an 
example of the former \\ g can cite the vapor pressure of a licpiid, where the 
vapor is assumed to obey tlie ideal g,as laws. A molecule taken from tlie 
vapor phase to the liquid phase is brought fro!n a volume to a volume 
Vf. In the latter the molocmle is in a force-free hehl since there is a balance 
of all the attractions exerted on such a molecule in the interior of a. licpiid. 
The perfect gas laws may therefore be expe(‘ted to apjdy to both the 
initial and final states. Hence the work involved in the compression is 
given by the oxjwession kT In (cjc/) where k is the gas constant per mole- 
cule. This work may be equated to the heat of va])orization, X, i^cr 
molecule, 

X = kTh\ oVf Vf ™ (0.45) 

If the vapor pre^ssure of the licpiid is and the A'apor obeys the gas laws 
Pvg = JcT per molecule. Ilenc’e 

p = kTJv, - {kTlvf)c-^^^'^\ (0.40) 

This expression gives an explicit value for c in l^kpiation ((>.10). Other 
thermodynamic projierties of liquids may be staled thus in terms of the 
free volume of the liquid. 

27. Viscosity of Liquids: The viscosity of liquids distinguishes itself 
from that of gases under ordinary com])rc*ssions because the mean free 
path in licpiids is so very much smaller than in gases. \'isc>osity imiihes 
resistance to flow. Flow through tubes whoso diamc'tcrs ari^ large in 
comparison with the mean free jiath is known as IN>is(uiiIIe Flow. For 
small rates of flow the motion is determined by J\)iseuill(i’s Law, whicii 
states that the volume, v, of fluid of viscosity, rj, jiassing through the tube 
in time, i, under a pressure gradient {po — pi) is given by the expression 

Trr'* 

V = 0j2 - Pi)l, (<).47) 

where r is the radius of the tube of length /. The ex[jerimental deter- 
mination of viscosity of liquids depends on mea,surcments of rate of flow 
through capillary tubes. Actually, relative viscosities are usually d(*- 
termined by measuring the time taken for a given volume of liquid to 
flow through the capillary tube of a viscosimeter, omj type of wliich is 
shown in Fig. 6.9. This time is comjiared witli the time taken for a 
standard liquid (generally water) for the same operation. Jf t; and t are 
the viscosity and time taken for a liquid of density d, and i 7 u», Iw and dw 
are the corresponding magnitudes for water, then, 

d’t 


(6.48) 
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This method of viscosirnetry is evidently based on Poiseuille's law in an 
apparatus in which r and I are maintaine<l constant. The density ratio 
didu, takes care of the variation in (pz — Pi) since this is 
actually the head of liquid under which the flow takes 
place. The determinations are carried out at carefully 
controlled temperatures since, in the case of liquids, 
there is a marked decrease of viscosity with rise in tem- 
perature. At 100° C. the viscosity of water is only 
15.8 per cent of its value at 0° C.; at 25° C. the viscosity 
is only 40.7 per cent of its value at 0° C. In this respect 
liquids differ markedly from gases which, as we have 
seen (3, 14), at low pressures, slightly increase in vis- 
cosity with increase of temperature. I 

The transition in viscosity from gas to liquid was 
shown by Pliillips ^ who investigated the viscosity of 
carbon dioxide over a short teni])erature range at pres- 
sures from 1 to 100 atmospheres. In Fig. 6.10 are shown 
the isobars of the coeflicients of viscosity at various 
temperatures. The 1-atmosphcre isobar shows that the 
viscosity increases with the temperature in accordance 
with the kinetic theory of gases. In the neighborhood of 
this pressure also, Maxwell's law, that the coefficient of 
viscosity does not vary with the pressure, holds fairly 
well. The law, however, only holds as long as the gas 
approximates to the ideal condition. ^As the ijrcssure 
is increased considerably, new factors come into play 
and the viscosity increases with increase in pressure. 
The 40-atmosi)hcrc isobar still shows a positive but 
slightly smaller temperature coefficient for the viscosity. 

Fia. 6.0. The GO-atmosphere isobar indicates that viscosity is 

Viscosimeter independent of the temperature. At this pressure and 

(Bingham) over the tcmi)eraturc range shown, the average volume 
of the carbon dioxide is some twenty-five times that of the 
space occupied by the molecules as calculated from van der Waals’s h. 
The 70-atmosphere and higher isobars show negative temperature co- 
efficients similar to the temperature coefficients of viscosity of liquids. 
Thus, the change in the property of viscosity varies continuously from 
gas to liquid. 

The variation of viscosity wdtli temperature shows wide variation 
from linearity; it was pointed out by Bingham that the recijn’ocal vis- 
cosity, l/» 7 , or the fluidity showed, in general, a much more nearly linear 
variation with temperature. The importance of the fluidity as a measure 

' Proc.Jtoy. Soc.j 87A, 48 (1912). 
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of fluid flow was increased by the observation by Batschinski that, in the 
case of sixty-six non-associated liquids, a linear rclatit)nship exists between 
the specific volume and the fluidity, ex- 
pressible by the equation 

h 

V a + - ’ (G.49) 

V 

Indeed, this expression is valid for the 
fluidity of liquids far above their boiIiii»; 
points, other, etliyl acetate and benzene 
having been studied from 0° C. to tempera- 
tures of 100, 183 and 186° resi)ectivcly. 

Associated licpiids such as the alcohols 
show, however, deviations from this linear 
relation between volume and fluidity, the 
fluidity increasing more rapidly than the 
specific volume. The viscosity of associated liquids, therefore, decreases 
proportionately more ra])idly than that of iion-assocJatod licjuids. 

Numerous efforts have been made to relate the variation in viscosity 
with the temperature. The most recent eflbrts have indicated that the 
viscosity varies with temperature in an exponential manner, an equation 
of Andrade having the form 

7} = or log 7j = \IZ.bhT + const., (C.50) 

where rjo is independent of temperature and X is the heat of vaporization 
per molecule. The constant, 3.5, in the equation vai ies between 3 and 4 
for a large number of substances. Eyring has ])ointed out the reason for 
this regularity. The tightness of packing in a liquid hinders the flow of 
one molecule past another. Free volume is nec,essary for flow. To make 
a hole the size of one molecule reejuires work equal to A. Tim exponential 
depeJidence on temperature seems to indicate that the unit process for 
viscous flow rc(iuircs the formation of a hole one-third to one-fourth the 
size of a molecule. The flow appears to occur by the collision of two 
molecules followed by a rotation of the i)air through 90°. This requires, 
geometrically, a])out the volume deduced from the Andrade equation. 
Associated licpjids are exceptional in their behavior, with high and vari- 
able temperature coefficients. This is to be interpreted on the view that, 
in making the hole, it is necessary at the same time to break hydrogen 
bonds between molecules. Liquid metals also constitute an exceptional 
class as regards the above generalization. They have much smaller 
temperature coefficients. Eyring interprets this as involving the relative 
motion, not of atoms of the metals, but of ions and these are conspicuously 
smaller units. Indeed, if, for 3.5 in the Andrade expression, one substi- 
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tutes 3 (volume of metallic ion/volume of jnetallic atom) the temperature 
variation of viscosity in metals is well reproduced. 

The phenomenon of viscous flow in liquids is a particular case of the 
general phenomenon of reaction rates w^hich will be discussed in detail 
in Chapter 15. 

ICXERCIBES (6) 

1. For pressure expressed in atmospheres and volume taken as unity at 0° C. 
and 1 atmosphere, the van dor Waals constants for sulfur dioxide are, a — 0.01338, 
b = 0,002516. Caloulate the critical temperature and pressure and compare 
them with the observed values of 157.2° C. and 77.7 atms. 

2. The following are the vapor j)ressures of water at the temperature indi- 
cated: 

T° C. 100 80 00 40 

yj(mms.) 760 355 149 55 ; 

Calculate the lioat of vaporization. 1 

3. Calculate the Trouton constant for water from the results of problem 2. 

4. Using the Dieterici equation of state (3.62), find the relation between b 

and Vc. \ 

5. In a tube of radius 0.129 mm. carbon disulfide rose to a height of 4.20 cm. 
The tcmperaturci was 19.4° C. when the density of the liquid was 1.264. Taking 
g = 980.4, find the surface tension in dynes per cm. 

6. The molecular surface energy of formic acid decreases 0.902 per degree be- 
tween 15° and 45° C. Assuming the Itamsay and Shields constant to have a 
value 2.12 calculate the association factor for foi mic acid. 

7. The following are the densities of li(juid and gaseous oxygen at the tem- 
peratures indicated; 


T° C. 

dh 

do 

-210.4 

1.2746 

0.0001 

-180.0 

1.1415 

0.0051 

-154.5 

0.9758 

0.0385 

-140.2 

0.8742 

0.0805 

-129.9 

0.7781 

0.1320 

-123.3 

0.6779 

0.2022 

-120.4 

0.6032 

0.2701 


Calculate the constants of the rectilinear diameter and hence the critical density 
if Tc = - 118.8° C. 

8. Calculate the viscosity of a liquid, whose density at 25° C. is 1.256, which 
took 28.8 secs, to travel through a viscosimeter as compared with water of density 
0.997 taking 86.4 secs. The viscosity of water at 25° C. is 0.00891 poise (dyne 
sec. /cm.®). 

9. The surface pressure of oleic acid is 29.5 dyne /cm. Calculate the pressure 
in atmospheres exerted by oleic acid on a molecular wall of thickness 25 A. 



CHAPTER 7 


THE CRYSTALLINE STATE 

Thk majority of substances can exist in solid forms which are bounded 
by ])lane surfaces so oriented to one another tliat the whole possesses 
some degree of symmetry. A substance in this state is said to be crys- 
talline and the state is called the crystalline state of aggregation. All 
other solid bodies arc classed as amorjdious and are to be regarded as 
nothing other than liquids of great viscosity. Among such viscous fluids 
are glasses and certain resins. 

That amorphous solids differ from liquids only in degree is demon- 
strated by the fact that on heating they lose, by im])erceptible gradations, 
their rigidity and may become as fluid as water. Tlie absence of a 
definite transition point renders it futile to attempt to distinguish such 
bodies as solid under one set of conditions and li(]uid under another. 
With crystalline solids, however, matters arc very dilTcrent. Every 
crystalline solid has a definite transition point at which it undergoes an 
abrupt change into a liquid with absorption of heat. Even under great 
pressures the transition from the crystalline to the liquid state invariably 
takes place abruptly when a definite temperature, which depends upon 
the pressure, is reached. 

1. Crystal Symmetry: The various types of symmetry found in 
crystals include planes, axes and centers of symmetry. When a crystal 
has a plane of symmetry it may be divided by an imaginary plane into 
two parts which are mirror images of each other in that plane. An axis 
of symmetry is an axis of revolution of the crystal provided that during 
a complete revolution the crystal presents the same appearance more 
than once. The recurrence of the initial aspect of the crystal may be two, 
three, four or six times corresponding to rotations through 180°, 120°, 
90° or 00°, yielding diad, triad, tetrad and hexad axes respectively. A 
center of symmetry is a point such that any line drawn through it will 
intersect the crystal surfaces at equal distances on either side. 

2. Classification of Crystals: There arc recognizable, on the majority 
of crystals, sets of faces similarly oriented with respect to the symmetry 
of the whole. Such a set is known as tiform. Thus, the six faces of a 
cube together constitute a form, as do the eight faces of an octahedron. 
These forms can be gathered into groups which have the same axes, planes 
and centers — that is, the same elements — of symmetry. Such groups 
constitute the crystal classes, of which there are 32. Axes of reference 
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may be chosen for each of these classes such that the indices of all the 
faces of any one form are the same. When this is done, it is found that 
the crystal classes can be grouped into sets for which the axes are the 
same as regards equality or inequality of their lengths and of the angles 
they make with one another. These sets are the crystal systems, of 
which there are seven. These seven crystal systems with their axes are: 

I. 2' he Triclinic or Anorthic SyHem: Three axes of unequal length all inclined 
at unequal angles oilier than 00°, 60°, 45° or 30°. 

II. 22i(‘ Monocliidc or M onoaymmetric System: Three axes of unequal length, 
one at right angles to the other two, which are inclined to one another. 

III. The Rhombic or Orthorhombic System: Three axes of unequal length but 
at right angles. 

IV. The Tetragonal System: Three rectangular axes, two of which are of equal 
length. 

V. The Trigonal System: Three axes of equal length, forming equal angles 

(other than 90°) with one another. \ 

VI. !/7te Hexagonal System: Three axes of equal length lying in the same plane 

and inclined at 60° to each other and a fourth axis perpendicular to them and 
unequal to them in length, \ 

VII. The Cubic System: Three equal rcctanguljir axes. \ 

3. Crystal Form: It has long been recognized that the external form 
of a crystal, though apparently dependent on the conditions during crys- 
tallization, possessed a constancy exjjressiblc in two ways. The first, 
called tlie Law of Constancy of Angles, states that the angles between the 
faces of a crystal are constant. The second, called the Law of Rational 
Intercepts, states that the distances from the origin cut on a given axi^ by 
the faces of a crystal stand to each other as small integers. The ratio of 
the intercepts of a given face on all the axes is constant. A given face is 
designated by the Miller indices which are the reciprocals of its intercepts 
on the various axes. A face parallel to a given axis has an infinite inter- 
cept and thus a Miller index of zero. The face of a cube may be referred 
to as a 100 face. The diagonal plane of a cube becomes a 110 face. The 
face of an octahedron has a Miller symbol. 111. Any planes parallel to 
these as well as other similar fa(;es will have the same symbols since the 
choice of origin and axes is somewhat arbitrary. 

4. Space Lattice: The discovery by Abb6 Haliy that the fragments 
produced by the cleavage of larger crystals have the same form as the 
original crystal suggested that a repetition of the process Avould yield a 
fundamental unit, the unit cell, from which the crystal could again be 
built up. The unit cell would contain the minimum amount of material 
necessary to specify the crystal form and its elements of symmetry. An 
actual crystal may thus be conceived as a repetition of atoms or groups of 
atoms at definite intervals in directions corresponding to the axes of sym- 
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raetry. The regular arrangement in space of the points which locate the 
centers of such atoms is called a space lattice. 

5. T 3 rpes of Lattices. Cubic Lattices: From purely geometrical 
considerations it has been possible to show that only fourteen kinds of 
simple space lattice arc possible. The S 5 nnmetry of these corresponds to 
the seven crystal sj^steins. For the cubic system three dilTercnt tyi)es of 
lattice are found shown in Fig. 7.1 and termed the simi)lc, face-centered 
and body-centered. The dilTerentiation between tliese latter may most 
easily be achieved in terms of the relative spacing of ct)rrcsponding lattice 
planes. The planes to be considered arc the 100 pianos, the cube faces; 
the no planes, those i)erpendicular to a face diagonal and the 111 j)lancs 
wliich are per])endicular to a cul^e diagonal. Taking dioo, the distance 
between successive 100 planes of the simple cubic lattice, as a, duo be- 
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Fig. 7.1. (^ubic. Lattices 


comes a/V2 and d] 11 , (z/Vd. When dioo for the face-centered lattice is a, 
the edge of the unit coll is 2a and duo becomes a/'^2 while dm is 2a/ Vs. 
Similarly for the body-centered lattice dioo : duo : dm = 1 : ^2 : l/\^. 
Thus the 110 plane spacing particularizes tlie bod^^-centered lattice wliile 
for the face-centered lattice it is the 111 plane spacing whictli is different. 

6. X-rays and Crystal Structure: In 1912 Lane in an effort to de- 
termine the wave length of X-rays suggested that a crystal might act as 
a diffraction grating and pi’oduce interference since the interatomic spac- 
ing in the crystal and the wave length of the X-rays had each been esti- 
mated to be of the same order of magnitude, 10“® cm. Experiments by 
Friedrich and Knipping completely confirmed the suggestion.^ A ty]ncal 
Laue diagram for magnesium oxide is shown in Fig. 7.2. The analysis of 
such diagrams is rather complex and the subsequent discovery by W. H. 
and W. L. Bragg that crystals could be used as reflection gratings as well 
as transmission gratings following Laue led to considerable simplification. 
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Fig, 7.2. Laue Diagram of Magnesium Oxide 


7. The Bragg Equation: Consider Fig. 7.3 in whicli an incident beam 
of X-rays represented by A, A', A", A'" of single wave length X (AAi), 
strikes planes p, p parallel to some face of a crystal. The spacing be- 
tween the planes is d. Part of the beam AAi incident at a small angle 6 



Fig. 7.3 


is reflected at B along BC. Another part originating at A' will penetrate 
the crystal and be reflected at B' along the same direction B'BC. If the 
path A'B'B differs in length from the path AB by a whole number, n, of 
wave lengths, the two beams from A and A' will reinforce each other at 
B and an intense diffracted beam will result along BC. The condition for 
this enhancement can be found geometrically. Extend A'B^ to D and 
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draw BD which is then perpendicular to the planes. Draw BN perpen- 
dicular to A'D. Now B^B — B*D and AB = A'N. Hence the differ- 
ence in lengths of the two paths is ND, Since the angle NBD is also 
ND — BD sin 6 = 2d sin 6. Maximum reflection will therefore occur 
when n\ = 2d sin 6. This is the Bragg equation. For a given set of 
lattice planes and monochromatic X-rays, d and \ arc fixed and maximum 
reflections will be found at a series of glancing angles d such that n = 1, 
2, 3 etc. At all other angles the rays arc not in phase; they interfere and 
cancel each other more or less completely. The determination of 6 for 
the first order reflection correspond- 
ing to n = 1 will permit the spacing 
between the successive planes ex- 
amined to be expressed in terms of 
the wave length of the X-rays. 

If 6 is made very small or n very 
large it is possible to o])tain diffrac- 
tion even when d^\. This is the 
basis of the determination of the 
Avogadro niiml)er and the abso- 
lute determination of X using arti- 
ficial gratings (Chaj^ter 1, 16). 

The ai)paratus used by the 
Braggs (Fig. 7.4) is similar to a 
spectrometer (and is in fact used 
as such). In ])laco of an ordinary 
grating, the crystal is mounted at 
the center of a turn-table having a 
graduated circle, with the face of 
the crystal normal to the table. 

X-rays from a suitable source are 
])assed through absorljing screens Fig. 7.4. Uragg’s X-ray Spectrometer 
to render them as nearly mono- 
chromatic as possible and then tlirough two adjustable lead slits to ob- 
tain a well-defined beam. This beam is adjusted to strike the center of 
the crystal face, which is set on the axis of the turn-table in order that 
rotation of the turn-table will not throw it out of alignment. The re- 
flected rays are received in an ionization chamber mounted on an adjust- 
able arm whose position relative to the crystal face can be read from a 
second graduated circle. The ionization chamber contains some gas such 
as SO 2 or CHsBr, which is easily ionized by X-rays, and is in connection 
with an electroscope, by means of which the intensity of the ionization 
and hence of the reflected X-rays can be determined. The crystal face 
and the ionization chamber are rotated about their common axis, keeping 
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the angle between the face and the ionization chamber the same as that 
between the face and the incident beam,^ and the strength of the ioniza- 
tion produced by the X-rays at different settings is measured. 

8. Sodium and Potassium Chlorides: These were the first crystals 
studied by the Braggs. Table 7.1 gives some of the data obtained with 
sodium chloride using the characteristic radiation from a palladium 
anticathode. 

A test of the Bragg equation can first be made with these data. For 
the 100 planes, the first, second and third order reflections give ratios of 
sin 5.9° : sin 11.85° : sin 18.15° = 0.1028 : 0.2054 : 0.8115, or the ratios 
1:2:3 in agreement with cxi)ectation. Furthermore, for n = I and 
sin 6 — 0.1028, it follows from the Bragg relationship that dioo = 4.85X. 
Finally, the ratios dioo : r/uo ; dm for the three principal planes must be 
1/sin 5.9° : 1/sin 8.4° : 1/sin 5.2° = 9.781 : 0.844 : 11.04 = 1 ; 0.704 : 1.186. 

I 


TABLF 7.1 

Angles for Maximum Reflection from NaC8 for 
Palladium Kcx laxE 


Plunoa 

l.sL Oiclor 

2ii(l Order 

3i d ( )i (ItT \ 

100 

5.9 

11. S5 

IS. 15 

110 

<S.4 

17.0 


111 

5.2 

10.5 



This ratio is in excellent agreement with tlie relative spa-cings previously 
found for a face-centered cubic lattice, namely, 1 : 1/V2': 2/V3. Hence 
sodium chloride is face-centered. Potassium chloride was likewise shown 
to be face-centered. Fjxamination of the actual intensities of reflection 
from the various planes showed that whereas the 100 and 110 planes 
appeared normal, that is, showed maximum intensity in the first order 
and decreasing intensity in succeeding orders, the 111 planes were ab- 
normal in that the first order reflection was unusually weak and the third 
order reflection w\as missing, while the second and fourth orders presented 
a normal appearance. 

The face-centered character of sodium chloride and the peculiarities 
of reflection from the 111 planes may be interpreted by the ^‘sodium 
chloride*' lattice pictured in Fig. 7.5 in wdiich the black circles may be 
taken to represent sodium and the wdiite circles chlorine. With this 
arrangement 100 and 1 10 ])lanes contain both sodium and chlorine while 
111 planes contain either sodium alone or chlorine alone. When the 

^ This involves rotating the chamber through twice the angle of rotation of the 
crystal face. 
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difference in length of path of X-rays reflected from two successive 111 
planes containing only chlorine is equal to one wave length, there will be 
superimposed a ray, reflected from the sodium plane which lies half-way 
between the chlorine planes, whose corresponding path difference will 
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Fig. 7.5. Cubic Lattices 


be necessarily half a wave length. Interference will ensue and the net 
first order reflection will be weak. For the second order reflection from 
two successive chlorine iffanes the path difference is 2X and thus for the 
intermediate sodium plane, = X and enhancement occurs. Thus 
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the odd order reflections will involve interference and the even orders 
enhancement. If the intensity of the reflection from the sodium planes 
was exactly the same as that from the chlorine planes the interference 
would be complete and the odd order reflections would be absent. Since 
the scattering power of an atom depends on the number of electrons, 
which increases with the atomic number, the chlorine reflections are more 
intense than the sodium and the interference is not complete. With 
potassium chloride, as might be expected, the tw'o beams are almost 
equally intense; interference is practically complete and the first order 111 
reflection is absent. 

Granting that a modified cubic arrangement is correct, it is possible 
to calculate the distances between planes and hence to determine the 
wave lengths of tlie X-rays used. We first wish to know tlie side-lengtli 
of the elementary cubic cell. The first step is to determine the mass of 
substance, say sodium chloride, which is associated with each cjell. Tlie 
elementary cell has a chlorine atom at each cul)e corner and ohe at the 
center of each face. Rince each atom at a cube corner is also associated 
with seven other cubes, only J of its mass can l)e associated with ihe cube 
considered. But there arc eight such atoms. Hence these altogether 
contribute the mass of one atom to the unit ctdl. Each atom inVi cube 
face is associated with the adjacent cube and hence contributes only half 
its mass to the cube in question. The six sucli atoms altogctlier con- 
tribute the mass of three atoms to the cube. The total mass of (jhlorine 
to be associated with the unit ecll is therefore equal to that of four 
chlorine atoms. Similarly it can be shown that four sodium atoms are 
to be associated with the cell. We may tlicreforc say that the cell con- 
tains the equivalent of four molecules of sodium chloride. Now a gram 
molecule of sodium chloride occupies a volume of 27.0 cc. and contains 
6.02 X 10^^ molecules. The volume associated with four molecules is 
therefore 4 X 27.0/G.02 X 10‘^^ = 179 X oc. This is the volume of 
the unit cubic cell. The length of side of this cell is equal to the cube 
root of this number, which is 5.64 X 10~^ cm. Since one Angstrom (A) 
is equal to 10~“ cm., this is 5. 64 A. The distance between idanes parallel 
to a (100) face is equal to one-half of this value, or 2.82 A. Having ob- 
tained a value for dtoo, X can be calculated. Using rays from a palladium 
anticathode, it was found that, for sodium chloride, dioo = 4.85X, whence 
X = dioo/4.85 = 2.82/4.85 = 0.58 A. This is the wave length of the 
characteristic X-rays from palladium. It is clear that by means of this 
method a crystal can be used to determine the wave lengths of X-rays 
in a manner analogous to the determination of the wavelengths of visible 
light with an optical grating. This is in fact the method by which the 
absolute wave lengths of X-rays are calculated. 

9. Other Methods of X-ray Analysis: In addition to the Laue and 
Bragg methods two others are in common use. In the first a crystal is 
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rotated around one of its axes and exposed to X-rays at right angles to 
this direction. Various planes of the crystal arc thus brought succossivcly 
into suitable positions for diffraction to occur and corresponding spots in 
horizontal lines are produced on a cylindrical lilin liich almost completely 
surrounds the crystal. Tlie distance between lattice layers is then de- 
pendent on the distance between the horizontal lines. 

The ])owder method devised bj'^ Debye and Scherrer and independently 
by Hull employs a fine crystalline powder, in which, when exposed to a 
narrow beam of X-rays, all the ])rincipal })lanes will be oriented in all 
directions and so a sullicieiitly large number will fulfil the requirements of 
the Brjigg relation ami lines corresiiondiiig to maximum reflection in the 
various orders can be registered on a photographic strip in a semicircle 
with the powder at the center. The i)owder photograph obtained with a 
substance of known ci' 3 'stal structure ])erinits a calibration of the ap- 
paratus to be made. This method has been of ])articul!ir value in de- 
termining the crystid structure of metals and alloys which cannot I’eadily 
be obtained in large crystals. 

10. The Binding Forces in Crystal Structures; A very large number 
of substances, both elements and compounds, hiorganic and organic, 
have been examined by the X-ray method. It would be impossible to 
discuss all the results here. Since, however, only four ty]) 0 s of binding 
have so far l)een recognized in crystals, all tlic results may be summarized 
in terms of these. The four types are: (a) the Ct)valent Bond; (6) the 
Ionic Bond; (c) van der Waals Forces; (d) the Metallic Bond. 

11. The Covalent Bond and van der Waals Forces: The electron- 
pair bond, first postulated by Lewis and interpreted by (piantum me- 
chanics as two fdectrons of opi)osite spins, is pr(»bably the most freciuently 
occurring bond in crystals. It is found in the non-metallic elements, in 
the majority of organic compounds and also in many inorganic compounds. 

In the non-metallic elements each atom is joined by a covalent bond 
to one or more neighboring atoms such that each atom completes its 
octet of outer electrons. This number of nearest neighbors is called the 
co-ordination number of the atom and will be equal to the usual valence 
of the element. Thus, carbon in the form of diamond has a co-ordination 
number of four. These four atoms are arranged tetrahedrally to the 
central atom and the crystal thus has the zinc blende structure shown in 
I^ig. 7.5 cxcejjt that all the atoms are identical. The distance between 
the centers of neighl)oring atoms is 1.54 A. The (doseness of this value 
to that found for the C — C bond in aliphatic structures is suggestive that 
the linkages in diamond are covahmt. A diamond is thus a macro- 
molecule. The strength of the bonds is probably responsible for the 
hardness of diamond. Close inspection of the diamond structure shows 
a series of hexagonal rings which are “ puckered such that one para 
atom is above and one below the plane of the other four atoms. Similar 
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puckered rings are found in such saturated compounds as cyclohexane 
where single covalent bonds alone are present. 

In Group V elements, the valence being three, each atom is attached 
by covalent bonds to tlirec others, again yielding puckered six-membered 
rings. The crystals thus consist of layers and, since the valence of each 
atom is satisfied within the layer, there can be no covalent binding be- 
tween layers. This situation resembles that found in graphite in which 
the carl^on atoms form a layer lattice by mutual attachment to three 
others, the layers being 3.41 A apart. The layers, however, are planar, 
consisting of flat hexagons, the C — C distance being 1.42 A. Such flat 
rings are found in benzene, nai)lithalene and other aromatic hydrocarbons 
as well as in many of their derivatives which involve single and double 
covalent bonds. 

The distance between successive layers in tliese layer lattices is far 
too great to c.orrespond to a true chemical bond and the binding is 
attributed to van der Waals forces. Such relatively weak forces are 
easily overcome and the layers slide easily over each other acmunting 
for the high lubricating property. These forces are easily overcome 
also by change in temperature; thus, the elements in Group 0 form 
crystals dci)cndent on van der Waals forces alone and have correspond- 
ingly very low melting points. 

Selenium, tellurium and plastic sulfur having six valence electrons 
can share electrons witli two other atoms and thus form long chains 
which are held parallel by van der Waals forces. In rhombic sulfur 
the chains are found to extend to eight members only and these form 
puckered rings suggestive of the Sh molecules found in sulfur vapor. 

Here then there is some evidence of the existence of a molecule ai^ such 

0 

in the crystal. With iodine, capable of forming only one covalent bond, 
the crystal is entirely molecular; the lattice is face-centered rhombo- 
hedral with an iodine molecule at each lattice point. 

The formation of covalent bonds just discussed for atoms, wdth co- 
ordination numbers of 4, 3 and 2, docs not appear to be probable for 
higher co-ordination numbers. Many inorganic compounds possess 
low co-ordination numbers and the linkages in the crystal arc covalent, 
for example, hydrogen chloride, carbon dioxide, and the sulfides of 
tungsten and molybdenum. In sodium chloride, however, we have seen 
that the co-ordination number is six for each atom and an explanation on 
the basis of covalent bonds is impossible. Instead, electron octets are 
completed, not by sharing electrons, but by electron transfer between 
the atoms producing ions which are bound together by their mutual 
electrostatic attractions following Coulomb’s law. 

12. The Ionic Bond: Sodium chloride is a typical ionic lattice. The 
concept of a molecule in the lattice is entirely absent. The stoichiometric 
ratio of the ions in the crystal results solely from the requirement of 
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electrical neutrality requiring equal numbers of positive and negative 
ions. Ionic lattices can therefore be built up from complex ions contain- 
ing more than one atomic species. Thus, the CO.r imd SOr ions occupy 
negative lattice points as a unit, surrounded by iMisitive ions. 

The systematic investigations of Goldschmidt have been directed 
towards the elucidation of structure of compounds of the general type 
hlX, MX2, MX3, M2X3, and so on where M and X are atoms or ions. 
It is shown that the structure is determined by the ratio of the numbers, 
the ratio of the sizes and the properties of polarization of the atoms or 
ions. In each group, ]\IX or MX2, for example, only a limited number of 
structures are possible and a gradual transition from a typical ionic 
lattice to a purely covalent lattice is evident, following the decrease in 
co-ordination number. Figs. 7.6 and 7.7 illustrate some important 
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structure types of compounds MX and MX 2 . The lact that ion size 
can be used as a criterion of structure type indicates that the ions behave 
as spheres of definite size regardless of the crystal in which they arc 
present. From measurements of optical refraction, AVasastjerna found 
the radius of the 0“ ion to ])e 1.32 A. Study of the lattice dimensions of 
various metallic oxides permits a calculation of the sizes of the metal 
ions. Study of the halides then gives the sizes of the halogen ions and 
so forth* In this way data such as in Table 7.2 have been accumulated. 
It may be added that careful study has shown that ionic distances arc not 
exactly additive but give a very good approximation to the lattice 
distances. 

It would be expected that the size of the ion would differ from that 
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TABLE 7.2 

Ion JO Raoii in Ancjstuoms 
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2- 

J - 

0 

1-1' 

2-1- 

3-1- 

H- 

O 1.22 

F 1.33 

ITo— 1 22 
T\'e~l.r)2 

lA 0.68 
Na 0.98 

Be 0.34 
Mg 0.78 

A1 0..')7 

Si 0.39 

S J.74 

Cl LSI 

A ~1.!)2 

K 1.33 

(^a 0.9S 

So 0.83 

Ti 0.64 

So 1.9(i 

Br 1.90 

Kr~2.l 

Rb 1.48 

Hr 1.15 

Y 1.06 

Zr o.rr 

Tc2.I8 

I 2.19 

Xo~2.3 

Cs 1.6.') 

Ba 1.37 

1.22 

C:e 1.02 


of the correspoiidiiif^ atom. Tims, for a cation, tlie jiositivc charge 
causes tlie electrons to lie closer to the nucleus giving a smaller radius 
while, for an anion, the negative charge causes a mutual rei)ulsion of the 
electrons and consequently a larger radius. Table 7.3 gives some co- 
valent bond radii based on direct measurements such as for carbon and a 
combination with lattice data for ai)pr()priate compounds. Comparison 
of the size of 0.39 A, with that of Si, 1.17 A, and of F", 1.33 A 


TABLE 7.3 

Atomic Radii in Angstuoms 


C 0.77 

N 0.70 

0 0.66 

F 0.64 

Hi 1.17 

P 1.10 

S -1.04 

Cl 0.99 

Gel.22 

As 1.18 

He 1.14 

Br 1.14 

Sn 1.40 

Sb 1.36 

Tc 1.32 

I 1.33 
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with that of F, 0.04 A substantiates the expected efTeot of the ionic 
charge and shows, also, that positive ions in general will be smaller than 
negative ions. For efficient packing of ions tlie anions must surround 
the cations and simple geometry permits the calculation of the number of 
outer spheres required to surround and touch one sphere in terms of t)ie 
ratio of the radii of the spheres. The co-ordination number is thus fixed 
by the ratio of the ionic radii and the crystal structure is simply a question 
of the packing of spheres. 

The charge on an anion considered above as affecting the size of that 
ion as compared with the neutral atom will also have a corresponding 
effect on other neighboring ions. The jiositive field of a cation causes a 
tightening of the electrons of the anion decreasing thereby their polariza- 
bility, while the negative field of an anion loosens the electrons of the 
ration increasing the polarizability. Since cations are smaller than anions 
of the same structure, they exert the more intense field and have the 
greater polarizing i)owcr. The polarizing power thus increases with 
increasing charge and decreasing size. The cations such as Ag+, llg"*""' , 
which do not have an inert gas structure, would ).)e (ixj)cctcd to show liigh 
polarizing power. Thus, the valence bond in the halides of those ions 
is more nearly covalent in contrast to the electro valence of the alkali 
lialidcs. 

In the more comijlex ions such as those of the oxy-acids, tlie ion itself 
has a definite structure. In NOa" and COa*^ the oxygen atoms are cqui- 
laterally placed with nitrogen or carbon at the center, all in the same 
plane. ClOa", BrOa”, and SOa^ are pyramidal, the oxygens being in one 
plane. P04“, 80.1“, Cr04“, C10.i“, and Mn04~ are tetrahedral in oxygen 
with the other atom at the center. The crystal structure formed from 
one of these and a metallic ion again depends on the relative sizes of 
anion and cation; the dimensions of the crystal are determined by the 
possible packing. 

The silicates present features diverging from those of the salts just 
discussed. In the silicates, silicon is always found between four oxygen 
atoms as the extended researches of W. L. Bragg have revealed. In the 
ortho-silicates there are independent Si04 groups, the oxygen atoms 
arranged tetrahedrally, and behaving like cpiadrivalent acid radicals. 
The oxygen atoms may, however, act as bridges betw'een two silicon 
atoms and numerous possibilities result. Closed systems may be formed. 
Tims, two tetrahedra may ])e linked through one oxygen atom common 
to both silicons to yield Si-^O?; three may form a ring SbOg and six may 
form SiflOis, also a ring. Chains or bands may be formed, of indefinite 
extension. If the edges of two tetrahedra are linked by two common 
oxygen atoms a chain (Si03)n is formed. Two chains linked side by side 
give a band with the composition (ShOiOn- Metal ions can bind chains 
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laterally. Sheets may be formed of linked tetrahedra, each tetrahedron 
sharini^ three corners. Such silicates as mica belong to this class, of 
composition (Si206)ri. If every corner of the tetrahedron is shared with 
other tetrahedra, the extension occurs in three dimensions and the com- 
position is (Si02)n. The various forms of silica are of this type. When 
aluminum replaces silicon in such lattices the tetrahedron acquires a 
negative charge and consequently positive ions can be incorporated in 
the structure. Feldspars are of this structure. Zeolites arc more open 
structures, containing water molecules in the structure also. 

Water molecules also enter into the architecture of some crystals. 
In the compound BeS04 ‘41120 the water molecules are arranged tetra- 
hedrally around the cation forming a co-ordinated positive ion. In 
NiS04 -01120 six molecules surround the Ni ‘ . Similar observations 
extend to a number of the co-ordination compounds, discussed by 
Werner, involving ammonia, hydroxide, etc., as in Cl3Co(N;^3)6, etc. 
Among complex anions may be mentioned X2ptCli in which t\ie anion 
PtCb" is planar and K2PtClc in which the anion PtClo"" is octahedral, 
the six chlorine atoms being arranged at the corners of the ocl^hedron 
with the platinum at the center. The crystal as a whole is of the (i^alcium 
fluoride type, the potassiums in the location of the fluorine ioiis, the 
PtCle^ ions replacing calcium. 

13, The Metallic Bond : Metallic crystals are found to belong to one 
of three types, face-centered cubic, close-packed hexagonal or body- 
centered cubic. In the first two types the co-ordination number is 
twelve; in body-centered it is eight. It is obvious that covalent linkages 
due to electron-pair sharing are impossible. The crystal strength never- 
theless could not be accounted for if van dor Waals fortes were the only 
binding. It is therefore apparent that a special type of binding must be 
present. The metal crystal is an assembly of i)ositive ions, the electrons 
freed from the metal atoms forming a mobile “cloud” which binds the 
ions together. This view of the mobile electrons accounts for the high 
thermal and electrical conductivity of metals. 

Since the only material units present arc the metal ions the structure 
is again solely one of packing. Closest packing of spheres can occur in 
two ways. The only difference lies in the position of repetition. In 
the cubic close-packing, that is, face-centered cubic, the arrangement of 
the spheres is repeated every third layer. In the hexagonal close-packing 
alternate layers involve rei)etitioii. The body-centered lattice found in 
the alkali metals is a much looser type of packing. With such close- 
packed structures large numbers of “flow-planes” are present and the 
material is ductile and malleable and less liable to fracture under stress. 

Substitution of one positive ion by another of the same size will have 
no effect on the structure; solid solution is thus a frequent occurrence. 
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Even though the substituting ion is larger than the one it replaces, the 
lattice can assume the strain up to a certain extent, but after a critical 
concentration the original lattice structure becomes modified, Tims 
copper, which is cubic packed, will dissolve about 32 per cent of zinc and 
zinc, which is hexagonal, will dissolve about 5 per cent of copper, without 
change of the respective lattices. Between the a and T^-brasses so formed, 
three other different structures arc found. Frequently changes in 
structure are associated with compositions corresponding to simple 
stoichiometric proportions. This does not, however, necessarily i)rovc 
the presence of true compounds involving normal valences since in man}’' 
cases the distribution throughout the lattice is not regular. An es- 
pecially interesting case is typified by the cubic i)acked system Cu — An. 
For CunAu a well annealed crystal shows gold ions at the comers and 
copper at the face-centers, a so-called sn])crlattic('. If the crystal is 
melted and rapidly cooled again the ion distribution is quite random 
though the size and nature of th(‘ lattice remain the same. If ChiaAii 
were a true compound such an order-disorder transformation should not 
be possible. 

Despite the close-packed nature of the metals and alloys it is never- 
theless found that atoms of the lighter elements which arc therefore 
small can enter the spaces in the lattice without ]n‘oducing much change 
in the dimensions. Such interstitial structures are found in the borides, 
carbides aud nitrides of manganese, chromium, iron iind molybdenum. 

14. Hydrogen Bonds: In the analysis of the structure of cci'tain 
anions containing hydrogen, such as Il^POr or IlCJOa", measunMnents 
show that the distance between two oxygens from neighboring groups, 
2.G A, is greater than could be expected from a normal bonding yet is 
less than would be expected if bonding were absent. It has been sug- 
gested that the linking is through a hydrogen atom which due to a move- 
ment of electrons is alternately attached to one or other oxygen atom 
causing a resonance between the alternate structures. Such a linkage 
is reasonably common and has been called a hydrogen bond. Unfor- 
tunately the position of the hydrogen atoms in a crystal cannot be directly 
found owing to their very low X-ray diffraction and so must be inferred, 
but it appears probable that the structure involves — O — II — O — 
chains since, in ice, the distance between nearest oxygens is almost the 
same, 2.78 A. 

Water of crystallization in some cases may be accounted for by 
hydrogen bonds. Thus, in CuSOd-filizO and NiS04- 71120, four mole- 
cules of water are in a plane around the copper ion and six are co-ordi- 
nated octahedrally around the nickel ion. The remaining water molecule 
connects the hydrated cation te trailed rally with two oxygens of the 
anion. This may be represented in a plane as follows: 
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Hydrofoil l)onding may also be rcsponsil^le for the structure found in 
the fatty acids. The lattice .sj)aciiig; corresponding to tlie chain length 
for the fatty acid is found to be almost twice as great as tliat for the pure 
hydrocarbon with the same number of carbon atoms. This bonding of 
two acid molecules through their carboxyl groups causes the fatty acids 
to be arranged essentially in l)imolccular la^'^crs. 

Finally, hydrogen bonds are responsible for holding together long 
chains of atoms such as are found in the fibers occurring in I both the 
animal and vegetable kingdoms. \ 

15. Fiber Structure: Simple microscopic examination of such fibers 
as cellulose, silk and wool shows them to be made up of threadhuce units 
arranged almost jiarallel to each other. AVhen a beam of X-\i‘iiys is 
passed at right angles to the length through such fibers on to a photo^ 
graphic plate the resulting jiicture closely resembles a rotation photo- 
graph, showing that the fiber is built up of crystallites whose axes are 
aligned in the direction of the fiber length. When the beam of X-rays 
is parallel to the fiber length only diffuse rings are obtained, showing that 
the crystallites have random arrangement in all directions but that of 
their length. 

CelluloHC (Cf,HioOri)n. Haworth has shown chemicfilly that cellulose 
consists of glucose residues joined in the 1.4 positions. The length of a 
cellulose unit by X-ray examination is 10.3 A. This is precisely the 
length to bo expected from atomic distances in covalent bonding for two 
glucose residues. The structure may therefore be represented as follows: 
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Silk, Wool and Hair. These are protein fibers, silk being made up 
of fibroin, and wool and hair of keratin. Simple hydrolysis yields 
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amino acids. The proteins are thus long chains of these acids joined 
by the peptide linkage — CO — NH — . Fibroin consists of glycine 
CHiNHaCOOH and alanine CHsCHNIIoCOOlI and shows an axis length 
of 7.00 A in agreement with the following structure: 



Keratin is more complex than fibroin, having longer side-chains, and exists 
in at least two forms. One of these, /3-keratin, obtained by simi)lc 
stretching of the liair closely resembles fibroin in its X-ray analysis and 
is ])robably an extended chain of polypeptide; units which rejx'at every 
3.4 A. Successive chains are held togetlu'r normal to the chains liy 
hydrogen bonds between —Nil of one chain and —CO of an adjacent 
chain. Normal or ct-keratin must luive a folded structure, jiossihly a 
spiral fold of units containing the sequence — CO-NIl-Cllll— with three 
such units in each turn of the sjiiral. This model would give the distance 
5.1 A as the significant lattice dimension and under tension can be shown 
to stretch, due to free rotation around the bonds, 100 jier cent to 10.2 A. 
This is just three times the repeating unit in the form. Tliis doubling 
in length is aided by heat and steam and ma^" form the basis of the 
“permanent wave,'^ or “trousers’ crease.’’ Tlie reverse shiinkage is 
Avell known in woolens washed in liot water. 

Rubber. Normal or unstrctclicd rubber gives no definite X-ray 
pattern. On stretching, a pattern appears, indicating a unit 8.1 A 
in length which corresponds to two isopreno ClUb residues. Apparently 



such a chain does not fold regularly like keratin, but in a random manner 
giving the diffuse X-ray pattern. 

IG. Isomorphism: We have already discussed in Chapter 1 the 
phenomenon of isomorphism, the almost complete identity of crystalline 
form among substances similar in chemical constitution. We saw that 
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this observation of Mitscherlich was utilized by Berzelius in fixing atomic 
weight, and checking the results of analysis of the compounds. It was 
pointed out that the identity in form was not absolute, the distance 
between atoms varying slightly in one compound from that in the com- 
pound of the next analogue. This is illustrated by the following values 
of the axial ratios of the rhombic sulfates and selenates of the alkali 
metals measured by Tutton. 


TABLE 7.4 


The Axial Ratios or the Isomorpiious iSeries R 



O4 


{R = alkali metal. The crystals are ortliorliombic.) 


Salt 


Axial ItatioH 
a h c 


K2RO4 

1162^04 

CS2SO4 

K2SCO4 

Rb 2 tSc 04 

Cs2Se04 


0.5727 : 1 : 0.7418 
0.5723 : 1 : 0.7485 
0.5712 : 1 : 0.7531 
0.5731 : 1 : 0.7319 
0.5708 : 1 : 0.7386 
0.5700 : 1 : 0.7424 


Many pairs of isomoriihous substances are oapalile of forming (a) 
solid solutions, when aqueous solutions of both arc evaporated, (6) 
parallel growths, when a solution of one is evaporated on the surface of a 
crystal of the other, or (c) overgrowths, when a crystal of one is suspended 
in a saturated solution of the other. Unfortunately, such observations' 
have sometimes been taken as the sole criteria of isomor])hisin whereas 
the question of relative solubility, or aiiproximate equality of molecular 
volumes, may be a more important determining factor than the isomor- 
phism. It appears from Goldschmidt’s work on crystal tyjies that the 
conditions for isomorphism are; (1) the formula of each substance must be 
of the same type, (2) the relative sizes of the structural units, atoms or 
ions, must be but little different and (3) the units must be linked by the 
same type of bond. If, in addition, the dimensions of the unit cells 
differ by less than 10 per cent, solid solution or overgrowths may be 
possible. 

17. Polymorphism: It often happens that a substance can occur 
in more than one crystalline form. When this is the case, the substance 
is said to be polymorphic. The different polymorphic modifications 
ordinarily belong to different crystal systems, though there are excep- 
tions. A familiar example is sulfur, which has a rhombic modification, 
stable up to 95.6°, and a monoclinic modification, stable between 95.6° 
and 119.25° (its melting point). 

Polymorphism results from different space-lattice arrangements of 
the same chemical units, as is attested by the fact that the modifications 
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usually belong to different crystal sj'^stems. The crystal structures have 
been worked out in only a few cases. Tlius, carbon occurs as diamond 
and as graphite, the structures of which have already been discussed. 
Silver iodide occurs in a hexagonal and in a cubic form. In the first, it has 
the ZnO^ structure and in the second, the ZiiS structure. Aininonium 
chloride is an example of a sui)stance having two modifications which 
l)f)th crystallize in the same system (the cubic). The high temperature 
modification has the sodium (diloride structure and the low temperature 
modification has the caesium chloride structure. 

Polymorjfiiic modifications may or may not be interconvertible. 

or, r," 

When the}^ are interconvertible (e.g., Sih Smonofi ), the change is said 
to be enantiotropic. Wlien the change can only take place in one direc- 
tion, that is, when one form is metastable under all conditions investi- 
gated, it is said to be monotroinc, as ]^iamond — > (rraphite or Arago- 
nite ^ Calcite. Since such forms as diamond and aragonite have re- 
mained as such through geologic ages, it is evident that the conversion of 
polymorpliic modifications may be exceedingly slow. This is to be 
compared to the rapidity with which equilibrium is reached in the transi- 
tion of solid to liquid. Further discussion of solid-solid transitions will 
be found in Chapter 11, “Phase Equilibria.^’ 

18. Melting Point of a Solid: The melting point of a solid may be 
defined as the temperature at which the solid is in equilibrium with the 
pure corresponding liquid; both forms of the substance can coexist at 
that tenij)erature. As a general rule, a crystalline solid undergoes 
si)ontaneous transformation into the liquid phase when the melting point 
is reached; that is, a crystalline solid cannot be superheated. On tlie 
contrary, liquids are very readily cooled below the freezing ])oint, which 
is identical with the melting temperature of the corresponding solid. 
If a liquid is carefully freed from suspended solid, especially pai’ticles of 
llic corresponding solid, and if it is protected from vibrations and sudden 
cliangcs, it may often be cooled many degrees below tlie freezing point. 
Under these conditions, the velocity of crystallization may be negligibly 
small ; it is to this possibility that glasses owe their existence. Devitrifica- 
tion in glass is a manifestation of crystallization occurring in a super- 
cooled liquid. At ordinary temperatures it occurs excessively slowly. 
The rate is increased by raising the temperature to a given degree. 

Each polymorphic modification of a substance lias its own particular 
melting point. For example, rhombic sulfur melts at 113° C. while 
monoclinic sulfur melts at 119.25° C. Consequently in giving a melting 
point, the polymorphic modification to which it refers should also be 
stated. 

‘ This is sometimes referred to as the wurtzite tyi)e of ZnS as opposed to the 
zinc blende type. 
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19. Forces Acting in Crystals: It is generally assumed that the units 
of the crystal lattice are confined, as to motion, to vibrations about 
equilibrium positions in the lattice. This equilibrium results from the 
action of attractive and repulsive forces between the constituents of the 
lattice. The attractive force gives rise to the cohesion of the solid. 
It is clear that thermal expansion must take place against this force and 
will therefore be small when the cohesive force is large. Compression, 
on the other hand, must take place against the repulsive forces. Since, 
however, the two are normally balanced against one another, the repuk 
sive force must l)e large and therefore the compressibility small, Avlicri 
the cohesive force is large. These two properties should therefore vary 
from one solid to another in the same way, and this is found to be the 
case. Thus, among the solid elements, the alkali metals are found to 
have the greatest compressibilities, and also the greatest , expansion 
coefficients corresr)on(ling to minima in the cohesive forces. fTwo other 
properties, atomic (or molecular) volume and melting poiJits, in all 
probability also bear a relation to the cohesive forces. A large cohesive 
force should result in a relatively small atomic volume and a high melting 
point. The small atomic volume obviously corresponds to a \|arge at- 
traction between the atoms. The melting point represents the limit to 
which a solid can be heated and maintain its form. Rise in temperature 
corresponds to the input of energy, some of which, as kinetic energy, 
works against the cohesive forces. If these forces are smjill, a relatively 
small ini)ut of energy and therefore a relatively low temperature is 
sufficient to overcome them and Ining about destruction of the lattice 
and hence melting. 

TABLE 7.5 

Lattice Enehoy in Kcal,. ter Mole 



F 


Ur 

1 

Na 

213 

183 

175 

164 

K 

100 

165 

159 

151 

Rb 

182 

161 

154 

145 


In the case of ionic lattices calculations have been made of the lattice 
energy, that is, the energy of formation from “gaseous ions’' assuming 
the applicability of Coulomb's law for the electrostatic charges on the 
ions in crystals of known structure. To show the magnitude of these 
energies the values for some alkali halides are given in Table 7.5. Since 
the total heat of solution of such salts in^^water may be considered as 
made up of the lattice energy required to split the crystal into gaseous 
ions and the heat of hydration of the ions, lattice energy values may be 
tested indirectly with known heats of solution. 
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The motions of the structural units in crystals have been referred to 
so far as vibrations. It was suggested by Pauling in 1930 that certain 
abrupt changes in heat capacity, dielectric constant or thermal expansion 
with change in temperature could be accounted for by the assumption 
that the lattice units began to rotate freely. At low temperatures, the 
lattice forces presumably will only permit a partial to and fro rotation. 
As the temperature is increased a critical point will be reached at wliich a 
few units can rotate freely resulting in a weakening of the neigliboring 
forces and permitting more or less general rotation. In many cases the 
onset of free rotation is accompanied by a iml^nnoriddc transition. Thus, 
HCl at —109.5° changes from orthorhombic to cubic; NII1NO3 changes 
at 125° from tetragonal to cubic. On the other hand NllaCI shows a 
transition to free rotation at —30° witliout change in crystal form. 

20. Heat Capacity of Crystals: According to Dulong and Petit 
law the atomic licat capacity of the elements is a])proximately 0 calories 
per degree. Kopp extended the law to comi)ounds since, in i)ostiilating 
additivity of atomic lieat capacities, the molecular heat becomes G n cals, 
per degree wliere n is the number of atoms in the molecule. 



Fig. 7.8. Atomic Heats of Lead, Aluminum and Diamond 

The value of 0 cals, per degree can lie arrived at on the basis of the 
principle of equipartitioii of energy. The motion of the lattice units 
involving both kinetic and potential energies will recpiire an energy of 
RT per mole i)er degree of freedom. For three degrees of freedom the 
energy will be SRT or the heat capacity 'SR = 6. 

The elements carbon, boron, silicon and many compounds show 
values for the heat capacity lower than expected on this basis. Wlien 
the data are calculated by equation (3.45) for constant volume, instead of 
at constant pressure, the agreement with Dulong anfl Petit’s law is some- 
what better. The failure of classical equipartition here, as already found 
with gases, lies in the variation of the heat capacity with the temperature. 
In Fig. 7.8 are plotted values of atomic heat capacity against temperature 
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for three typical substances. It will be seen that, for two of these, the 
heat capacity approaches a value in the neighborhood of 6 at the higher 
temperatures. As the temperature is lowered, a region is encountered 
in which the heat capacity falls off rapidly and, in the case of at least one 
substance (diamond) and probably of many, becomes immeasurably 
small at temperatures considerably above the absolute zero. 

This behavior of solids with respect to heat capacity is easily under- 
stood once it is realized that the predominant type of motion in a crystal 
lattice is vibration of atoms, ions, radicals or molecules almut the mean 
position in the lattice. We have already seen tliat vibratory motion is 
acquired in quanta of a particular frequency characteristic of the vibrator, 
and that the mean energy of a linear vil)rator is: 


J 


hv 

^iivJkT 


Since the atoms in a crystal lattice can vibrate in three dimensions we 
can expect an average energy per atom equal to three times this quantity, 
or, for N atoms in a gram molecule of crystal, \ 


= aiVe = 


3Nhp 


SRO 


\ 


^h,lkT _ I eSIT _ I' 


(7.1) 


where, as before, we make the substitutions Nk = R and 0 = hvjk. 
We saw, also, that such an exju'essioii for the average energy leads to the 
expression for the heat capacity. 


dE„ {OITYc"! 


The form of this equation satisfies tlie requirements of a formula to 
interpret observations on the heat capacity variation with temperature 
since the expression — 1)^ approaches zero as T ap- 

proaches 0 and approaches unity as T becomes high with respect to 6. 
It was Einstein in 1907 who developed this expression for the heat capacity 
of solid bodies and found values of the characteristic temperature 6 for a 
number of substances which satisfactorily interpreted the experimental 
values for Cv at different temperatures. 

Tlie substances which show a slow increase of heat capacity with 
temi:)crature are those with high values of 6. Thus, diamond is found 
to have a 0 value of 1860. Lead, on the other hand, has a value d = 95. 
That of aluminum is intermediate or 400. This signifies that, in the 
case of diamond and other substances with abnormal specific heats, such 
as boron and silicon, the quanta of vibrational energy are large and so 
cannot be acquired until relatively high temi)eratures are reached. 
It will be noted that these substances are all high melting substances. 
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Lindemann traced a relation between the value of 6 and the temperature 
of melting, in which the vibration frequency p was related to the molting 
point, Tj by the expression 

where V is the volume and m the mass of the atom, hlelting, upon this 
basis, is to be associated witli the vibrations of the constituent atoms in 
the crystal, the mean energy of vibration at tlie melting point being 
sensibly that demanded by the Duloiig and Petit law. In agreement 
with this view also is the low 8 value for the low melting element lead. 

The decrease in Ct, with decrease in temperature in the lower tempera- 
ture ranges given by the Einstein etjuation (7.2) is more rapid than that 
found experimentally. Debye has accounted for this by assuming that 
the units in a crystal lattice do not vibrate with only a single frequency, 
but, because of their interactions, with a spectrum of frccpiencies. By 
a summation of the Einstein type expressions for each of these frequen- 
cies Debye has represented 6\, as a function of only one characteristic 
frequency, which is in close agreement with experiment for many solids. 
His result indicates, further, that at very low temperatures the heat 
capacity varies as tlie cube of the absolute temperature, 

= 77.93 X 35 J ^ cal. dcg.-> g. atonr'. (7.4) 

This has been verified for a number of substances. When the units in 
the lattice are themselves complex such as the oxygen acid anions, a 
distinction must be made between the Dcb^^e function a}) pi i cable to the 
lattice vibrations of anions and cations and vibrations within the anion 
which can be represented by Einstein functions just as for the vibrations 
of atoms in gaseous molecules. 

Lewis and Cbbson showed that a large number of heat capacity data 
could be represented by a general equation of the form 

Cv = fiT/d)\ (7.5) 

In this case 6 is chosen as the temperature at which Cv = 372/2 calories, 
and is approximately one-quarter of the value of tlie Debye-Einstein 
0 = hpjk. The simpler substances can be represented with a function in 
which n = 1. More complex molecules require fractional values of n. 
The value of n has no theoretical significance. The equation of Lewis 
and Gibson is of value for the simplicity with which the heat capacity 
variation may be plotted once n and the 0 value are known. 

21. The Vitreous State; It has already been stated in Section 18 
that the glasses owe their existence to a slow rate of crystallization of the 
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undercooled liquid. In the introduction to the chapter it was remarked 
that the difference between the glasses as ^'amorphous solids and liquids 
was one of degree only. This must not be taken to infer a complete 
absence of structure in the glasses since X-ray analysis of the glasses as 
also of liquids shows quite definite evidence of structure in both. 

Instead of the sharp diffraction of X-rays given by a crystal, a glass 
gives a diffuse halo at a displacement from the origin which depends on 
the wave length of the incident beam. By a modification of the Bragg 
method these distances can be related to ^'lattice spacings. It has 
thus l)een possible to show that tlic structural unit in vitreous silica is 
almost identical with that in crystalline silica. Tl)e unit is 8i04 and, 
in the crystal, each silicon atom is at the center of a tetrahedron of the 
four oxygens, each oxygen attached to two silicon atoms giving a three 
dimensional ring structure. In the glass the regular arraiip;cment and 
complete orientation of the units is lost. Very small disturljjances of the 
tetrahedral angles alone will give ring structures with nuke and less 
atoms in them than in the (uystal so that in ])ulk the glass\ presents a 
randomness. In the organic glasses such as glucose and glycerol, ring 
structures arc formed by hydrogen bonds which, becuniingA relatively 
stronger as the temi)erature is lowered, ])revent movement of \the mole- 
cules to the i)ositions required for the cr5''stal latti(*c. 

Since the glasses are formed by c-ooling the licpiid it is inevitable that 
the fundamental structure must l)e jn’cscnt also in the liquid but in an 
overall random way and it is this whicdi is “frozen’' when cooling occurs. 
That the converse of melting a crystal docs not necessarily correspond 
to a transition from complete order in the crystal to com])lete disorder 
in the li(iuid is shown by the existence of the mesonaorphic state. 

22. The Mesomorphic State: Cholesteryl benzoate which is crystal- 
line at room temperature undergoes on heating a sharp transition at 
145.5° to a cloudy, viscous liquid, the mesomorphic state. This is 
stable up to 178.5° at which temperature it “melts” to a clear normal 
liquid. If the temperature is lowered the changes occur in the reverse 
order. The turbid liquid shf)ws double refraction and gives interference 
patterns with polarized light, properties usually associated with aniso- 
tropic crystals. 

Large numbers of organic compounds have been found to exhibit 
similar properties. They are all long chain molecules generally ending in 
an ester grouping. The molecules probably arrange themselves parallel 
to each other forming groups with more or less complete orientation in 
the group. The mesomorphic state consists of a distribution of such 
groups, the degree of randomness of the groups being variable. Two 
main types of phases have been recognized, smectic and nematic which 
differ mainly in the way they flow. Smectic phases are built up in 
layers and the flow is of a gliding nature. They give an X-ray pattern 
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but in only one direction. Nematic phases have a lower viscosity, flow 
easily, are threadlike and give only a diffuse X-ray pattern. That these 
constitute varying degrees of random orientation of the oriented groui>s 
is perhaps best seen in the case of ethyl-anisal-/^-aniiiio-ciunamate which 
undergoes a first transition at 83° to a smectic phase consisting of very 
thick layers. At 91° this phase changes to a second smectic ])liase whose 
layers are much thinner. At 118° the layer structure clianges to a 
nematic phase wdiich at 139° finally “melts” to tlie licpiid. 

The implications of studies of the Autreous state and the mesomorphic 
state make ines(!apable tlie conclusion that structural cniontation is not 
alone confined to crystals but may still be quite marked in liquids. 
Since frequently the distinction between a compressed gas and the corre- 
sponding liquid is not very marked it may well be that some regularity 
still persists and tha,t only in dilute gases will c()mi)lote randomness of 
molecular arrangement occur. 


h]xEnrisEs (7) 

1. Silver has a facc-ccntercd cnhi(5 lattice and the distance', between nearest 
atoms is 2.S7 A. Calculate the density. 

2. If the second order reflection from a 100 })lane of Na,(l occurs at an angle 
of 1 1 0 degrees, calculate the Avave length of the X-ray used. 

3. TKJl has the CsCl structure. The molecular volunn' is 34.1 ccs. Calcu- 
late the lattice sjiaciiig. 

4. Calculate the heat cajiacity of aluminum at 100° and 200° K. from the 
fjiistein equation given 0 = 400. 

,5. Taking the Lindeniann melting point constant as 2. SO X 10^'^, find the 
characteristic vibration frequorn^y for copper given its melting jinint as 1350° K. 
and atomic volume as 7.1 cc. (joiiqiare this with the observed value p = 0.0 
X 10^“soc."h 

G. Show how the following data for the heat cajiacity of aluminum at low 
temperatures substantiate the Debye T^ relation. 

T°K. 19.1 23.6 27.2 33.5 

a 0.000 0.110 0.102 0.301 
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THE DIRECTION OF CHEMICAL CHANGE 

It can be shown experimentally that, at a definite temi)erature and 
pressure, hydrogen and iodine will react to yield hydrogen iodide and 
that hydrogen iodide will also decompose to yield hydrogen and iodine. 
Evidently tlierc is some intermediate state in which, under the given 
conditions, hydrogen, iodine and liydrogen iodide will all l)e present in 
fixed, definite and unchanging amounts. Towards this state, lK)th hy- 
drogen and iodine on the one hand and hydrogen iodide on the other, will 
tend to change if maintained under the working conditions. Such a final 
state, to which systems tend, is known as a state of equilibrium. The 
importance of the equilibrium state is obvious, since it detoWines the 
extent to which a chemical j)r()cess iriay occur. It is necessary \to possess 
means whereby such a state of etiuilibrium may be identified^ and tlie 
composition and (piantities of the constituents of the system W deter- 
mined. Furthermore, the variability of the equilibrium state with varia- 
tion in the external conditions of temperature and pressure is an important 
phase of the general proldern. It will be necessary, first of all, to examine 
some fundamental aspects of change. 

1. Spontaneous Processes: We arc quite familiar witli a variety of 
processes, both physical and chemical, which will ])r()cecd of themselves, 
or as we may designate them, spontaneously occurrii^ processes. Heat 
is spontaneously transferred from a hot to a (;old body either by contact 
or by radiation. ITniformity of tcmi)eraturc tliroughout tlic system will 
eventually result. With a concentrated solution in contact with a more 
dilute solution, diffusion of the solute will spontaneously occur and con- 
tinue until a uniform concentration results. Gases i)ermeate a vacuum. 
Similarly, the inter-diffusion of two gases when brought together is 
another familiar phenomenon. An electric current will flow along a con- 
ductor when differences of potential manifest tliemselves, just as water 
will flow from a region of higher level to a lower level until a uniform level 
is secured throughout the system. Many chemical reactions occur spon- 
taneously; ammonia and hydrogen clilorido gas at ordinary temperatures 
when brought into contact will react to yield solid ammonium chloride. 
All such processes proceed of themselves; they are aha, of themselves, 
irreversible. All are tending to a state of greater stability. The velocity 
with which such a position of greater stability is approached may vary 
widely. The trend in tliat direction is definite and cannot be reversed by 
the system of itself. Only by the employment of external agencies can 
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the direction of such processes be reversed. Tlic final state >Yhich such a 
system attains is spoken of as a state of eciuilibrium, A system in such 
a state is characterized by tlie uniformity in the intensity of all its forms 
of energj^ In reaching this finality many halting places may occur. The 
system in such case is in a state of nictastahlc vquilLbriurn, Thus, for 
example, hydrogen and oxj^gen at room temperatures are onl}^ apparently 
in equilibrium. In reality they are in partial or metastable equilibrium, 
as the introduction of a small amount of idatiniim black into the system 
would demonstrate. AA’^ater would result from the interaction of the 
gases. But, in no conceivable maimer, without the intervention of ex- 
ternal agencies, could the proc-ess lie expected to reverse itself, to proceed 
from the water stage back to the state of the gas mixture. We might 
generalize such observations in the conclusion that: s po titan coi id y occur- 
ring processes arc irrci'crsihle. 

2. Reversibility: Let us now examine the conditions under which we 
must operate in order to a])])roximate to reversibility in the conduct of a 
] 3 ro(a^ss. The direction which any energy (change takes is determined by 
the relative magnitudes of the intensity factors of the energy of the system 
and of its surroundings. At equilibrium the intensities of all the forms 
(jf energy are uniform. An infinitesimal variation in any one intensity 
factor will iiroduce a change in that direction wdiich w'ill tend towards 
uniformity. 

Imagine a pure liquid in equilibrium w-ith its saturated vai)or enclosed 
ill a cylinder fitted with a piston the pressure upon wdiicli may be delicately 
adjusted. Let the aiiparatus be at constant temperature in a large 
i*oscrvoir from wdiich the system may withdraw heat or to whicli it may 
give up heat. The piston wall be stationary wdicn the pressure on the 
piston is exactly equal to tlie pressure of the saturated va])or at the given 
temperature. Any dis]ilacement of the jn'essure on the piston, no matter 
how^ small, will cause a change to take idacc in the system, liquid-vapor. 
If the i)ressurc on the piston be diminished infinitesimally, the piston will 
rise. The volume occ.upied by the saturated vapor will increase and 
hence a little of the liquid will evaporate to produce the saturation pres- 
sure. In doing this, heat wall lie abstracted from the reservoir. In this 
w’ay, a process may be continuously operated, namely, the change from 
liquid to saturated vapor at a given temperature. Tlie i)ro(;ess will be 
exceedingly slow since the difference in the intensity factors is, under 
assumption, infinitesimally small. The jirocess may also be reversed. 
Imagine a pressure on the piston infinitesimally greater than the saturated 
vapor jiressure. The piston will, under such circumstances, compre^ss the 
saturated vapor into a smaller volume, the suiiersaturation of the vapor 
which would thereby result being overcome by condensation of some of 
the vapor. By this reversal of the process vapor may be converted to 
liquid. Heat will be given up to the surrounding reservoir. 
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The energy expended in two such processes as we have just outlined 
may now be computed. Let the saturated vapor pressure at the con- 
stant temperature T be equal to p. In the first case let the jiressure on 
the piston be p — dpy infinitesimally smaller than p. Let the volume 
cliange, dv^ ])e infinitesimally small. The work exi)ended by the system 
on the surroundings will be 

(yj — dp)dv = pdv — dp- dv. (8.1) 

If dp and dv are infinitesimally^ small, tlie second factor dp-dv is an in- 
finitesimal of tlie second order, negligible in comparison with p-dv. Sub- 
stantially therefore, the work done is p-dv. In the .second inocess con- 
sidered, that of c,om])ression, the pressure on the ])iston must be slightly 
greater than say p + dp. Let the system, after the cxp^insion, be 
com])ressed by such a pressure through a volume decrease -(- dv. The 
work done on the system will be 

— (p + dp)dv = — {pdv + dp'dv) \ (8.2 

or — p'dv when second order infinitesimals are neglected. Thi^ system 
is now in its original condition, the heat changes paralleling the two 
processes having occurred and being dem()iistral)ly equal and opposite, 
provided that no ac(;i dental and irreversible processes have simultaneously 
occurred. For this, it is necessary to assume that the i)iston shall be l)oth 
weightless and frictionloss since, otlierwise, irreversible changes, e.g., 
those due to friction, would doubtless liave occurred. Such a process 
represents an ideal to which all naturally occurring ];)roccsscs inay ap- 
lU’oxiiiiate without ever realizing. Such an ideal 'process, however, 
though not actually realizable, is, nevertheless, conceivable. From the 
mental conception and its consequences, definite conclusions may be 
reached. Such an ideal i)rocess is chariicterizcd by its complete reversi- 
bility in contrast to actual i)rocesses which will always contain elements 
of irreversibility to a greater or less degree. In the ideal i)rocess, all of 
the stages of the process may be repeated in inverse order in i)oint of 
time, the net expenditure of energy by all the mechanical forces involved 
being zero on completion of the whole jnocess. 

One other example, involving another form of energy, may l)e cited 
to illustrate the concept of reversil)le i^rocesses and to show the approxi- 
mation to the ideal process which may be achieved by a real process. 
The lead storage battery, when discharging, yields current at approxi- 
mately 2 volts. After discharge, the process may be reversed by supply- 
ing current to the battery. As normally operated, the process of dis- 
charge and charge is accompanied by a number of irreversible phenomena, 
diffusion of electrolyte, heat losses and the like. The discharge of the 
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battery may, however, be secured under conditions api)roximatinK to the 
ideal reversible process by opposing to the flow of current from the })attory 
a current at a potential infinitesimally smaller tlian that of tlie battery. 
Under such circumstances current would be drawn from the battery in 
infiiiitesimallj" small amounts at minute speed and the factors of irre- 
versilnlity in the process would be reiluced to a minimum. At any mo- 
ment by increasing; the opposini; potential infinitesimally beyond that of 
tlie battery the direction of current flow would be reversed, the battery 
would besin to charge. Uurtherniore, as in the ])rovious case, the energy 
expenditure for any infinitesimal change in one dirta'tion will be exactly 
e(iual numerically to that expended in the reverse case. This type of 
reversible process is approximately obtained in the Poggendorf method of 
measurement of the electromotive forces of galvanic elements. The 
unknown potential is measured by oi)[)osing to it a ])otentia.l of known 
magnitude, eciuality of potential being indicated by zero dis))hu^cment of 
a galvanometer suitably placed in the electrical ciiaaiit. Willi such a 
system, very minute (piantitios of current couhl lx; drawn from a galvanic 
clement and the actual conditions of energy change would ajijn'oximate 
very closely to the ideal reversible conditions. 

3. Maximum Work: It is characteristic of such ieleal reversible proc- 
esses that the external work performed by the system umh'rgoing change 
is the maximum amount of work that the system is cajiable of accom- 
])iisliing. It is very evident that, if all irreversible elTects c.ould be elimi- 
nated from a process, the efRcaency of the jirocess should be a, maximum. 
This is actually true. It may be made the more evident from a recon- 
sideration of some ideal processes. In the isothermal cxpa,nsion of an 
ideal gas through an infinitesimal volume change, dy, the work done is 
pdv. The magnitude of this quantity is obviously dependent on the 
ojiposing iiressurc p. When p is zero, exiiansion against a vacuum, the 
work done is zero. As p is increased tlie work done, pdv^ also increases. 
The value attains a maximum when the (hiving pressure of the gas is 
infinitesimally greater than the opposing pressure. For, if these two 
pressures are equal, no volume change can ocxuir, and if the opiJosing 
pressure be infinitesimally greater than the gas ]:)rossurc, contraction in 
volume of the system will result. The maximum external work is there- 
fore done when driving and opposing forces differ infinitesimally. This 
condition is, we have seen, that demanded by an ideal reversible jiroccss 
at all stages of its operation. The external work pcrfcn nied in a reversible 
process is therefore the maximum work available in the conduct of tlie 
process. In the expansion process just discussed, the maximum work, 
IIV, done by the system is therefore 


Wr = pdv. 


(8.3) 
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For a finite volume change conducted isothermally and reversibly 

r^2 

Wr = I pdv, (8.4) 

which, as we have previously shown for an ideal gas, equation 3,63, is 

Wt ~ RT In V 2 IV 1 = RT In p]lp 2 . (8.5) 

A little consideration will show also that the work done on the surround- 
ings in an adiabatic expansion, equation (3. 65) 


/xjfy (8.6) 

. 

also gives the maximum work available from the ])rocess. 

4. Cyclic Processes: A system which, upon completion of a change or 
aeries of changes, is in its original state, is said to have corapleicd a C 3 ni]c. 
The whole process is known as a cyclic process. From the first law it 
follows that, since f/is a single-valued function of its variables, (Tei)etident, 
therefore, only on the state of tlie system, indei)endent of i)ast IlifStory, for 
every cyclic process, \ 

AU = 0 = q — w. (8.7) 


If conducted at constant temperature the cycle is known as an isothermal 
cycle. 

The cyclic i)rocess forms a useful method of studying the variation of 
matter when suljjected to variations of energy content. The most cele- 
brated of such cyclic processes is known as the Carnot C^^clc. 

5. The Carnot Cycle: This cycle conqniscs a four-stage process to 
which an ideal gas may be submitted. It was employed by Carnot to 
demonstrate the work available from a process of heat transfer. The 

cycle consists of four successive proc- 
esses: (a) an isothermal expansion, (b) 
an adiabatic expansion, (c) an iso- 
thermal compression at the lower 
temperature produced in the previous 
adiabatic expansion and (d) an adia- 
batic compression whereby the ideal 
gas is restored to its original tempera- 
ture, pressure and volume. The ac- 
companying diagram represents the p-v 
relationships in such a cycle starting at 
the state4;epresented by A at tempera- 
ture T 2 , with the sequence of changes 
already detailed carrying the gas through states represented by the lines 
(a) AB, (6) BC, (c) CD and (d) DA. 
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The lines AB and CD represent the two isothermals, at the tempera- 
tures Tz and Ti (Ta > Ti). The lines BC and DA represent the two 
adiabatics. Let the respective p, v, T magnitudes be for A, pi, vi, fa, 
for By p 2 y ihy Tz, for C, pa, «^ 3 , Ti and for Z), p 4 , Ti. 

We may follow the changes occurring in the several stages thus: 

Stage /. The gas expands isothermally from A to B at temperature 
Ti. Heat Qi is absorbed at temperature Ti equal in amount to the work 
done by the system on the surroundings, since, for an ideal gas, the change 
in internal energy is zero. 

Qi = wi = RTiln (vi/vi). ( 8 . 8 ) 

Stage II. The gas expands adiabatically from B to C. The heat 
absorbed is zero; hence the work done is 

mi = a(Tz - Ti), (8.9) 

where Ti — Ti is the change in temperature resulting from the adiabatic 
expansion. 

Stage III. The gas is compressed isothermally from C to D in a 
reservoir at whereby the heat gi is given up to the surroundings in 
amount equal to the work of compression 

qi = UJiii = RTilu (v^Iva). (8.10) 

Stage IV. The gas is compressed adiabatically from H to A. The 
work done on the gas is 

wiY = C,{Ti - TO, (8.11) 

where Ti — Ti is the increase in temperature produced by the adiabatic 
compression. 

The net heat absorbed by the gas in the whole cycle is, therefore, 

g — gi — Qi ~ RT ilii (vilvi) — In (vh/va). ^8.12) 

From our knowledge of adiabatic expansions of an ideal gas we know that 
in the two adiabatic processes considered 

C, In (TilTi) = R In (v./vi) (Stage II) (8.13) 

and 

In (Tz/TO = R In {vaM (Stage IV). (8.14) 

Hence 

Vi/vi = VaIvi or Vilvi — Vilvi. (8.15) 

Hence 

g = gz “ = RiTz — TO In (vilvi). (8.16) 

Similarly, the work done by the gas. 

w = wi mi — mu ~ my ~ RiTi — TO In (vz/wOi 


(8.17) 
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which satisfies the condition for a cyclic process 

w = q. (8.18) 

The work done may now be compared with the quantity of heat q-i 

absorbed at the higher temperature T^. 

w = R(T 2 — Tv) In {vn.lv\), (8.19) 

q2 = RT2h\ {V 2 IV 1 ). ( 8 . 20 ) 

Hence 

= q‘2(T2 - Tv)IT2. (8.21) 

Now, since all the operations in the complete cyclic process possess tlie 
criterion of reversilnlity, we may conclude that the extcjiial work i)er- 
formed is the maximum work that can be accomi)lished in that cycle of 
operations, and the relationship may l)e written j 

Wr,c = q2(T2 - Tv)/T2, \ (8.22) 

where Wr.c refers to the work of the reversible cycle done by the system 
in the transfer of heat q 2 from temperature T 2 to Ti. It I’cpresents the 
maximum amount of work obtainable in an ideally conducted process. 
All real processes would yield a smaller amount of work. 

For such a transfer of heat the fraction converted to useful work is 
independent of the mechanism employed ])rovided the meclianism is 
reversible. For if we assume a reversible cycle which ])roduces an amount 
of work IF'r.c greater than IFr.c obtained in the Carnot cycle, it foHow\s 
that a quantity of heat q 2 will be taken from the reservoir at T 2 and a quan- 
tity qv\< qi) will be given to the reservoir at Ih, with the relatipiiship, 

(Z 2 — (// = W'r,c. (8.23) 

By employing the Carnot cycle for an ideal gas in the reverse direction 
from that previously considered, a quantity of heat qi can be taken from 
the reservoir at Ti and with the aid of a portion of the work W'r.,., actually 
the quantity Wt,c, an amount of heat q 2 can be put back into the reservoir 
at temperature T 2 . As a result of this compound cycle tlie only change 
in the system as a whole is that a quantity of heat qv — has been taken 
from a reservoir at Tv and converted into useful work IFV.c — Wr,c with- 
out causing any other permanent changes in the system as a whole. Ex- 
perience teaches that such a machine is impossible. It is not in contra- 
diction of the first law of thermodynamics since heat energy is consumed 
in the production of work. 

6. The Second Law of Thermodynamics: The possibility of con- 
structing such a machine is denied by the Second Law of Thermodynamics, 
based upon the experience of man in the search for such a machine. W ere 
such a machine possible, whereby heat could be continuously converted 
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into work without compensation, an even more wonderful perpetual mo- 
tion than that denied by the first law would be possible. It would be 
possible continuously to utilize the large heat reservoirs of our environ- 
ment to supph" the motive power of our universe. It would be possible, 
for example, to drive a ship with the store of heat energy available in \he 
ocean in which the ship Avas placed. Such a perpetual motion machine, 
which Ostwald has called a perpetual motion macliine of the second kind, 
is S])ecifically denied by experience and has resulted in the enunciation of 
the Second Law of Thermodynamics. One ])()ssible formulation of the 
law is: for useful work to be i)roduced from heat Avithout compensation, 
a transfer of heat from a higher to a loAver temperature is demanded. 
The fraction of heat converted into Avork is giA^en by ecpuition (8.22) 
and this is the maximum AVork available. It is therefore CAodent that 
Avhatcver the reversible mechanism used for the heat transfer from a 
higher to a loAver temperature reservoir the maximum Avork aA^ailable is 
a constant. 

With a, 11 engine working in a heat reservoir at its oAvn temperature it 
is olmous that T^ — Ti and, therefore, Wr,c must be zero. It follows 
also tliat the Avork done in an isothermal reversible cycle is equal to zero, 
since tlie internal energy does not change, All ~ (), and, hy the second 
liiAV, the heat of the isothermal environment cannot be converted into 
useful Avork. 

7, Reversible Cycles: Any reversible cycle can lie shoAvn to be equiva- 
lent to a sum of Carnot cycles. In the accompanying diagram. Fig. 8.2, 
let the continuous lines ABj BA 
represent tlic path of a rcA^crsilile 
cycle. It is evident that tlic path P 
from A to B may be traversed by a 
number of isothcrmals and adia- 
batics as shown. Similarly the 
return path may be so traversed. 

The broken line path A to B ap- 
proximates the more closely to the 
continuous curve AB the more 
minute the individual isothermals 
and adial)atics become. The same 
holds true for the reverse path. 

By j)rolonging the isothermals l)ack F] 
into the enclosed portion of the dia- 
gram it is evident that the area ABA may be regarded as made up of a 
large number of small Carnot cycles actually equal to the reversible cycle 
under consideration. In the summation, all those portions of the small 
isotherm.als and adiabatics Avithin the actual cycle will be traversed once in 
the one direction, once in the reverse direction so that the net resultant 
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of such sections is zero. The properties of any reversible cycle will there- 
fore be equal to the summation of the properties of all the Carnot cycles 
of which it may be regarded as composed. 

8. The Concept of Entropy: In the discussion of the Carnot cycle 
and in the generalization of the conclusions therefrom for any reversible 
cycle, we saw that the heat q 2 taken isotherinally from a reservoir at 
was related to the heat qi given up to the reservoir at 2\ and to the max- 
imum work Wr,c ))y means of the relation 

qz - qi = w = Wr,c = q-XTi - Ti)/T 2 , (8.24) 

It follows, therefore, for any reversible cycle, that 

(^2 “ qOIQ'i = (T 2 — Ti)IT2, (8.25) 

or that 

qi/Ti = qijTz- j (8.26) 

If the cycle is not reversible, if any irreversible effects are presenAresulting 
in the dissipation of heat, it is evident that the work done, iy,\must be 
less than [( 7'2 — Ti)IT 2 ~\q'i. Under such circumstances, \ 

(?2 — ?i)/g'2 < (T 2 -- 2\)IT2, ' (8.27) 

or 

f/ 2 /T 2 < qilTi. (8.28) 

Regarded from the standpoint of the machine conducting the Carnot 
cycle the al)ove expression for the equality of gi/Ti and of q 2 lT 2 may be 
rearranged so that + q represents heat absorbed by the machine. In 
such circumstances we have, for the Carnot cycle, 

zh ^ Si 

T^ T 2 
or 

q\lT\ + 32 / 2^2 = 0 

Similarly for an irreversible process 

(Zi/Ti + 52 / 7^2 < 0, (8.31) 

where again q\ and go arc the heats absorbed by the machine at the two 
temperatures. 

For each individual Carnot cycle into which a reversible cycle may 
be divided, the relationship (8.30) will hold. When the isothermal and 
adiabatic changes of each Carnot cycle are infinitesimally small, the 
summation of the Carnot cycles is equal to the reversible cycle ABA in 
the preceding diagram. For the Carnot cycles we therefore have 


(8.29) 

(8.30) 


S(g/T) = 0, 


(8.32) 
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where 2 represents the sign of summation; and when the changes are 
infinitesimal we have correspondingly 



(8.33) 


where the circle through the integral imidies integration over the whole 
cycle. The symbol dg is used for an infinitesimal amount of heat, the 
sjanbol d being thus used to remind us that the quantity dq is not, like 
dll or dU, a complete differential and that q is de])endent on the path 
chosen, unlike AU and AIL This expression is applical)le to any re- 
versible cycle irrespective of its nature or the path by which it is achieved 
provided that this be a reversible patli. In the preceding figure, where 
the cycle is achieved in two stages A to B and B to A, it is evident that 



(8.34) 


Both of these integrals are evidently independent of the path taken from 
-4 to B or conversely from Ji to .4 . Both are tlierefore determined by the 
properties of the initial and final states A and B, Tliey are therefore 
evidently equal to the change in some single-valued function of the 
variables of the states A and B of the system. Let us express this by 
the relationship 


AS = Sb - Sa = 



(8.35) 


whence it follows that 



(8.36) 


These expressions give us a definition of the entropy of a system. The 
increase ASj in the entropy, Sj of a reversible process is the integral of 
all the heat changes which the system undergoes in passing from state A 
to state Bj each heat change to be divided by the absolute temperature 
at which it occurred. 

9. Entropy Change in Fusion and Vaporization: We can make our 
concept of entropy quite concrete by reference to the well-knowm processes 
of fusion of solids and vaporization cither of liquids or solids. The fusion 
process occurs at a definite temperature T, the melting point; an amount 
of heat All p is absorbed equal to the latent heat of fusion per mole. The 
entropy change is obviously the quantity AHp/T and we may express this 
in terms of the entropies of the solid and the liquid fusion product 

ASp = Sliq. — Saol. — 


T 


(8.37) 
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Similarly, for the vaporization process of a liquid or solid, 

ASvap. ~ Svajt. Siiq, or Bol, ~ ^HvapJT, 


(8.38) 


This entropy change ASvap. is identical with the Trouton constant (6, 0) 
and so we conclude that the process of vaporization of a normal liquid at 
its boiling point is accompanied by an increase of about 20.7 entropy units. 
These units are, quite obviously, calories per degree per mole. 

10. Entropy Change in an Ideal Gas: The heat absorlmd by an ideal 
gas in any process of change is given by the expression (2.5) 


For infinitesimal changes, 


q = AU pAv. 

dg = dlJ H- pdv. 

The corresponding entropy change becomes 

CodT + pdv 


dq dU + pdv 
T T 


T 


(8.39) 


since dlJ = CvdT {2.14). If, as in the case of a monatomic gas, \ for ex- 
ample, Cv is independent of temperature, and rcineinbcring thfit for p 
we may write RTjv^ we obtain 

c CdT Cdv 

5 = ^ dS = Cy j R J “h const. f (8.40) 


or. 


S = Cv In T -h R In V -h const. 


,(8.41) 


We can eliminate the unknown integration constant for any change in the 
entropy from state A to state since this will be the same in the two 
states and will disappear from tlie expression for entropy change, 

Let us consider such a change, say in a monatomic gas, for which Cv is 
constant, occurring at constant temperature T, in which a volume change 
from va to vb for one mole of gas occurs. Then, 


A.S = Sn -Sa = Rln (vb/va). 


(8.42) 


Note that since In (vb/va) is a number and R tlie gas constant may have 
the dimensions, calories per degree per mole, the entropy change can in 
this case also be calorics per degree per mole. Quite generally, entropy 
change is measured in energy units ])er degree per mole. 

If equation (8.41) be expressed in the form 

>S = a In T + R In y + ^o, (8.43) 


where So is the integration constant, the following transformation is 
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possible in the case of an ideal p;as. The volume v may be replaced by 
RT/p and, since Cp — Cv = R (3, 17), there results 

S = Cp In T — 72 In p -|" (8.44) 

where So' — Sq -\- R In R. 

Ai^])lyinjr this expression to a. mixture of ideal gases at partial j)res- 
sures pi, po, ■ • - , it follows that tlie entropy of a mole of the gases in the 
mixture is given by equations of the form 

T'l = In T — 7? In pi + aS^^o.ii (8.45) 

>8o = Cp,n\n T - R In p. + (8.40) 

For a mixture of 7ti moles at pressure pi witli n ‘2 moles at pressure pa, 

S = n,{Cp,,\n T - R In pi + .S'o.i) 

+ 7;2(6^p.-iln T - R In po + S'o.^A- (8.47) 

If p is the total prt'ssiire, tlien, by Dalton's law, pi = X\p and pa = x^p 
where Xi and x^ are the respective mole fractions. Hence, 

S = ni(Cp,i In T — R\n p ~ R In Xi + ^’'o.i) 

+ no(C^.o 111 T - R In p - R In + S'o,d^ (8.48) 

If the entropy of the mixture at the total pressure /) ho. comi)ared with 
the sum of the on trollies of the ]>ui'e gases each at pressure p, it is obvious 

that the entropy of mixing of ideal gases at constant pressure is 

AaS' = — UiR 111 xi — n-yR In x^. (8.49) 

Since xi and Xi arc fractions, it folloAVS that the entropy change on mixing 
is a positive (piantity. 

11. Entropy Change with Volume, Temperature and Pressure: The 

preceding section shows at constant temperature ^S = R In {vuIva). 
Hence, if the volume change occurring is an isothermal compression then 
Vn is less than va and the entropy decreases in the lU’ocess. If the volume 
change is an isothermal expansion the entropy of the system increases. 

If the system lie kept at constant volume the entropy change with 
change of temperature is given by the expression 

dT 

= Sb - Sa = \ C. — = C,d In T. (8.50) 

Jti ^ Jti 

To evaluate this integral it is necessary to know the variation of the heat 
capacity at constant volume with temjieraturc. If this is known as an 
equation in powers of T (2, 21), this evaluation is possible. Otherwise 
graphical methods can be used as in (3, 27), Cv lieing plotted against log T 
and the area under the curve between two temperatures determined. 
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For a simultaneous change in volume and temperature at constant 
pressure we proceed as follows: 


^ dg dU + pdv dll 

dS = -= - =— . 


(8.51) 


or 


r rdii r dT 

S = J dS = I + const. = I Cp — -j- const., (8.52) 

^rji 

C pd In T, (8.53) 

Ti -t Jti 

the equation being solved again either mathematically or graphically. 
This latter equation is strictly applicable to all systems, not only ideal 
gases, since, in the application of the equation in this form, we do not 
have to use any equation of state connecting volume and pressure. 

Alternatively equation (8.39) maybe written TdS = dU pdv. For 
an isothermal process it follows that \ 

p = T(dSldv)T - {dUldv)T. \ (8.39) 

This expression may be differentiated with respect to temperature, the 
volume being assumed constant, 

fdp\ ^ d\S /dS\ d’^U 
~ ^ dTdv /r “ dTdv ' 


Since, at constant volume, dS = CvdTjT, it follows that 


/ dS' 


and 


11 


Var, 

T 

dTdv 

t\ 



\ dv )t 


But {dUldT)v = Cvj whence 

dTdv 

Hence from equations (8.54), (8.55) and (8.56) 
{dSldv)T = {dpldT)v. 
In a similar manner it may be shown that 

(dS/dp)T = - {dvldT)p, 


(8.55) 

(8.5G) 

(8.57) 

(8.58) 


12. Molal Entropies: The Nemst Heat Theorem or Third Law of 
Thermodynamics: With a knowledge of theTieat capacities of substances 
over a range of temperatures from the neighborhood of the absolute zero 
upwards, together with numerical data on latent heats of change and the 
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temperatures at which such transitions occur, one is in a position to de- 
termine the entropy of any substance iu an}'^ state of aggregation witJiin 
the range of temperature for wliich the data are available. The values 
thus obtained depend, however, on the entropy of the substance at the 
absolute zero. We may write our general expression for the entropy of a 
given substance in the form 



where the quantity >So is the integration constant ainl is the entropy of 
the substance at the absolute zero. On the basis of a theorem first 
enunciated by Nernst in 190G, we are led to the conclusion that the 
entropy of any crystalline substance at the absolute zero may be arbi- 
trarily assigned the value of ^Sfo = 0. This assumi)tiou is in accord with 
tlic Nernst heat theorem that tlie entropy change for chemical I’eactions 
involving crystalline solids is zero at the absolute zero, 


ASo = 0 . 


(8.60) 


With this assumption the entropy of any crystalline substance at tem- 
perature T becomes 


S - 



(8.61) 


The entropy of the liquid form of the same material at any temperature 
T becomes 


S 


-£ 


> CV(«) Ml 

T Tp 


— _L 

F ^Jr.T 


(IT, 


(8.62) 


where Tf is the fusion temperature, All p the heat of fusion, and 
are the heat capacities of the crystalline and liquid states respec- 
tively. The entroi)y of a gas at temperature T becomes by similar pro- 
cesses of reasoning 


S = 


X 


T 


(IT + 


ATIf 

Tf 


+ 




j V 


rcM 
A T 


dT, 


(8.63) 


where Tv is the vaporization temperature, AIIv is the latent heat of 
vaporization and Cp(„) is the heat capacity of the gas. In these equations 
all quantities refer to one gram mole. 

The importance of heat capacity measurements over a wide tempera- 
ture range and for all states of aggregation can thus be realized. When 
such data are available, molal entropies at any temperature can be de- 
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termined, the utility of which will emerge from subsequent discussion. 
The importance of entropies is such that other methods of determining 
these magnitudes have developed. We shall see (Sections 15 and 16) 
that the entropy change in a reaction can be related to the change in AH 
and the simultaneous change in free energy. The development of spec- 
troscopy by the physicist has also permitted independent determinations 
of the molal entropy of substances (Section 8, 28). Table 8.1 contains a 
list of molal entropies at 25° C. and 1 atmosphere pressure for a variety 
of elements and coini)ounds in various states of aggregation. 

TABLE 8.1 

Molal ICNTiiopins at 298° K. and 1 Atmoscttetie Pressure, C-al. deg.”^ mole ^ 


H, 

31.23 

IDO(0 

16.9 

S(rl,.). . .. 

7.6 

D, 

. .34.36 

N 2 O... 

.52.58 

8 (monot'l.). | . . . 

. 7 8 

HD 

. .34.4 

(Da. . . 

.51.07 

Ar . 

. lO.O 

0 , 

. .49.03 

Nib 

46.4 

Pb \... 

.15.5 

N 2 

. .45.79 

( H 4 

. . . .44.35 

Zn \ 

9 8 

Cb 

63.31 

CaTTc . . . 

55.0 

KCl \ . . 

. 197 

Krato) 

. .58.67 

R-Cbllio . 

. . . 74.4 

Ak(1 v- 

. .23.0 

laCff) 

.62.29 

n-CrJIja . 

. . .62.0 

VhCh 

. .33.2 

L,(s) 

. .28.0 


78.5 

HffC4 

23 2 

H 

.27.4 

n-CsiIj 8 

. . 86.0 

TTk(/) 

, . .17.8 

Cl 

. .39.0 

C,Hi 

. . . 52 3 

TIefo') 

. .41.8 

1 

. . 42.9 

(bl-lo .. . 

()3.1 

* n V.;// - - 

C^u 

. 8.2 

HCl 

.44.64 

(bll„ 

72 5 

Tie 

.30.1 

HBr 

.47.48 

ris CJIh 

. -73.0 

Ne 

. .34.9 

HI 

. .49.4 

Iran S' ClJIh. . . 

71.2 

Ar 

. .37.0 

CO 

. .47.32 

C^JT 2 

. . .48.0 

Xe' 

.40.5 

NO 

. .43.75 

C (duiDioiul). 

0.6 



H.O(ff) 

. .45.17 

( ' (*':rai)hito) . 

1.3 




13. Entropy Change in Irreversible Processes; The transfer of heat 
from a hotter to a colder S 3 ^stem constitutes a simple irreversible process. 
Let us imagine an isolated system consisting of two reservoirs at tem- 
peratures T 2 and Ti (T-i > T\) and a machine, e.g., an ideal gas, by which 
heat may be transferred. By allowing the gas to expand isothermal] y in 
the reservoir of heat at T^ an amount of heat q may be taken from the 
reservoir. The gas may now be allowed to exj)and adiabatically until a 
temperature Ti is attained. By placing the gas in contact with the reser- 
voir at Ti and isothermally compressing, an amount of heat q may be 
communicated to the reservoir at Ti. The change in entropy of the gas 
is q/T^ — q/Ti. The change in entropj^ of the reservoirs considered as a 
system is equal to — q/T 2 A- q/T^ = qjTi — q/T 2 . Now, since T 2 is 
greater than Ti, we conclude that the conduction of heat from a reservoir 
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of high temperature to one of low temperature results in an increase of 
entropy of tlie reservoir system. 

The expansion of an ideal gas from volume va to volume vn against a 
vacuum is another irreversible i)roce!^s, in which, as already shown, 

Sb — Sa = Rhi {rii/vA)y (8.42) 

in which therefore an entro])y increase of the gaseous system results. 

We may generalize our conclusions with rega.nl to cntro])y change in 
the following manner. In irreversible processes, the entropy of all the 
systems involved in the change is increased. In ideal i eversible processes, 
the entropy of the system as a whole is unchanged. The change in 
entropy of any portion of such a S 3 ^stem underg»ung a reversible change 
is equal to the heat which such portion of the system al^sorbs divided by 
the absolute temperature at which the heat is absoihed. 

14. A Statement of the Second Law of Thermodynamics: Since all 
real processes are irreversible \\e can ex])ress our conclusions with respect 
to the direction of spontaneous change in any system in the following form: 
all naturally occurring processes are acconipafu'cd by an increase in entropy 
of the system, Clausius combined this formulation of the second law of 
thermodynamics with the conc.ejit of energ^^ conservation which is em- 
bodied in the first law by moans of the famous ai)horism; the energy of 
the universe is constant; the entropy of the universe tends towards a 
inaximuin. 

15. Free Energy: Prior to the devch)i)ment of the c(mcept of entropy 
the ideas embodied in the second law were formulated on the one hand 
in terms of ^free energy’ as developed ])y Helmholtz and on the other in 
terms of Hhermod^mamic potential’ by (Jibbs, which function subse- 
(pjently was termed free eneigy by Lewis and Randall in their systema- 
tization of ]no(lern thermod^uiamics ai)])lie(l to chemistry. 

These two thermodynamic functions may be defined in the following 
manner. The Helmholtz free energy, .1, is defined by the expression, 

A = U - TS, (8.04) 

.and the Gibbs free energy function is defined by the equation, 

F = II ~ TS. (8.05) 

The two free energies bear, therefore, the same relation to one another 
tliat the internal energy, Uj bears to the heat content, //, 

F = II - TS (U A- pv) - TH = A -h pv. (8.60) 

For an isothermal change, these several thermodynamic functions may 
be related in the expressions, 


AA = At/ - TAS 


(8.07) 
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and 

AF == AH - TAS, (8.68) 

from which the relation follows, 

AF = AA + pAv. (8.69) 

For a reversible change at constant temperature T, the quantity TAS is 
equal to the heat, g, absorbed in the process. Also, from the application 
of the first law to such a reversible isothermal process, 

All = q - Wr, (8.70) 

whence, it is seen that 

AA = (- Wr)T, (8.71) 

which associates the change in Helmholtz free energy with the maximum 
work availalile in an isothermal reversible process. Lewis and Ilandall 
refer to the quantity A, therefore, as the maximum work fum^tion. 

In a process at constant temperature and constant i)rcssuAe it is ob- 
vious that the work w done by the system will be comj)ositc of t\\o factors, 
that involved in the volume change, pAvj and a residual quantity, w'y 
which may be one of many energy quantities. A frequent form of energy 
obtained in the conduct of chemical iirocesses is electrical encrgy\ Radi- 
ant energy, in the form of light, may be produced. The quantity pAv is 
constant irrespective of the mode of conduct of the process. The mag- 
nitude of the quantity, le', on the other hand, will vary with the mode of 
conduct of the process. Thus, silver and iodine may be caused to react 
spontaneously to form silver iodide, for example, in a calorimeter at 
atmospheric pressure, with the performance of no other external work 
than that involved in the pAv term. In this case thq reaction results in 
the evolution of 15 kcal. of heat per mole of silver iodide formed. On 
the other hand, the same reaction can be effected in a galvanic cell, with 
silver and iodine electrodes in a saturated solution of silver iodide in 
potassium iodide, in which case there is a net absorption of heat equivalent 
to 0.75 kcal. since, in addition to the pAv term, the external work per- 
formed by the system includes electrical energy equal to 15.75 kcal. per 
mole of silver iodide formed. 

The greater the degree of irreversibility there is in the mode of conduct 
of the process, the smaller will w' be. The more the process approximates 
to reversible conditions the greater will w/ be, and, in the limit, with a 
completely reversible process, it will become equal to its maximum value, 
w/. Hence, for a completely reversible isothermal process at constant 
pressure, 

Wr = pAv + If/ = - AA. (8.72) 

Since from equation (8.69), AF = AA + pAv, it follows immediately that 

W/ = - AF. (8.73) 
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The decrease in Gibbs free energy, AF, is therefore the net work done by 
the system, operating reversibly, exclusive of the work pAv done against 
the external pressure. It is this free energy whirli is normally the pre- 
ferred free energy function since most chemical experiments are carried 
out under constant pressure conditions. For reactions at constant 
volume and constant pressure it is obvious tliat Ad ~ AF, 

IG. The Relation between Helmholtz Free Energy and Entropy: 
Differentiation of the equation (S.G-l) for the Helmholtz free energy, 
A = U - TS, yields 

clA ^ dU ~ TdS - SdT. (8.74) 

Applying the equation of the first law, dq = dU + pdv, and restricting 
the external work to the mechanical work due to the volume change, it 
follows that 

dA = dq - pdv - TdS - SdT, (8.75) 

If d^ is supplied reversibly, it is eipial to TdS and hence, 

dA = - pdv - SdT. (8.7G) 

Therefore, for a reversible change at constant volume, (dv = 0), 

( 8 . 77 ) 

Further, at constant temi)eraturo, dA ~ — pdv, or, for an ideal gas in 
which pv = RT, for a volume change, Vi to V 2 , 

AA = - I “pdv = i^Tlii-- (S.7S) 

Jp, V2 

These equations arc applicable to jibysical changes occurring in the sys- 
tem, exclusive of chemical reaction, the amounts of the constituents of 
the system presemt being assumed unaltered in the changes occurring. 

17. Free Energy Change with Temperature and Pressure: Differen- 
tiation of the equation F = // — TS yields 

dF = dll - TdS - SdT (8.79) 

and, since II = U pv and dll = dU A- pdv + vdp, it follows that 

dF — dll -f pd?; + vdp — TdS — SdT. (8.80) 

From equation (8.51), dU + pdv = TdS, and thus 

dF = vdp - SdT. (8.81) 

For processes at constant tenqjeraturc, SdT = 0 and 

dF = vdp or (dF/c)p)r = v, 


( 8 . 82 ) 
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while for processes at constant pressure, vdp = 0 and 

dF = ~ SdT or (0F/dT)p = - S. (8.83J 

For a finite pressure change from pi to p 2 with an ideal gas 


r^‘dp n-. 

dF = vdp or AF = I vdp = RT I — = RT\i\ "~ • (8.84) 

•A>1 Jv, V Vv 

18. The Gibbs-Helmholtz Equation: For a revcrsildc cliange from 
state A to state B, at constant pressure, it follows from equation (8.81) 
that 


dF = — Sj\dT and dF u = — SjidT. 
By subtraction, 

d{Fn - Fa) = - {Sn - SA)dT 

or 

d(AF) = - ASdT. 

At constant pressure, therefore, 



j (8.85) 
( 8 . 86 ) 

\ 

\ 

(8.87) 


If this value for AS is introduced into equation (8.G8) it follows that 


AF - AH = 



( 8 . 88 )’ 


A corresponding derivation, cmidoying the Jlclinholtz free energy in the 
form 

dA = - SdT, 


yields the analogous expression, applicable to an isothermal reversible 
change at constant volume. 


AA - AU = 



(8.89) 


Tliese two alternative forms of the Gibbs-Helmholtz equation relate the 
change in internal energy AU and the change in heat content AH to the 
corresponding changes in free energy and tlieir temperature coefficients. 
Applied to reversible galvanic cells they permit the determination of the 
change in heat content accompanying the cell reaction from measure- 
ments of the electromotive force E and tlie temperature coefficient of 
electromotive force dE/dT. At constant pressure 


— AF = nFE, 


(8.90) 
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where nF is the number of coulombs of electricity yielded by the cell 
reaction, F is a farnday of electricity, and the cc'JI is oi)eratcHl under such 
circumstances as will yield the maximum electrical work. The Gibbs- 
Helmholtz equation assumes the form 


or 



(S.91) 


From such measurements of galvanic cells we obtain our most direct 
measure of free enerj!;y chan<^e. 

This etiuation cnahles us also to calculate A//, the change in heat 
content which ocaairs when the chemical reatdion yielding the electrical 
cners}'" takes ])lace. Thus, the Weston standard cell, which, as ue luiax 
seen, is utilized as the standard of ehadromotive force, is found to have 
an electromotive force of 1.0188 volts at 20"" C. (== 203‘" K.) and also has 
a temperature coeflicieiit of — 0.00004 volt ])er (h\c;ree at that tempera- 
ture. The chemical jnajcess which takes ])laco when this energy is 
supplied is expressed by the eciuation 

Cd + I-Ig‘.S04 + S/dlloO = (\lSOr8/:iTToO 4- 211^;. 

It follows, therefore, that the chaiif^e in heat content, A//, for this jwocess 
is t*ivcn l)y the expression 

AH = - (2 X 23,0()0 X 1.0183) + (2 X 293 X 23,000 X - 0.00004) 

= - 40,904 - 541 
= — 47,505 calorics. 

Tlic factor, 23,000, is used to express the result in calories, since F is 
obtained from Faraday’s law as 90,494 coulombs. 1 volt (■oulonib = 1 
joule = 0.2389 cal. Hence (90,494 coulombs X 1 volt) 0.2389 — 23,000 
calorics. The cell change involves 2 f;ram equivalents. Hence the fac- 
tor, 71 — 2, in the ex])ression. 

19. Free Energy and Activity: For ideal gas systems, at constant 
temperature, dF — vdp may be employed in the form 

F = 7^7^ In p + constant, (8.92) 


since RTjp may l.^c substituted for v and the integration performed. For 
non-ideal systems it would be necessary to know v as a function of the 


pressure before the expression 




vdp could be integrated. 


This 


means that a knowledge of the equation of state for the substance would 
be required. Lewis, however, introduced an empirical function, the 
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activity f which we shall designate by a designed to take account empirically 
of the non-ideality of gaseous systems and indeed of solutions also. The 
substitution of an empirical coefficient a for p means that, for any gas, 
we can write Rl'ja in place of v. Our free energy expression then becomes 


F — RT In a const, 
or 

F = i^rin a + (8.93) 

where is the integration constant or is the free energy in an arbitrarily 
defined standard state to which reference is made under any other condi- 
tions with the aid of the activity factor a. Any change in free energy will 
therefore be given by the expression 


LF = RT In aa/ai (8.94) 

where a^. and a\ are the activities in states 2 and 1 analogous to the 
pressures and pi in tlic equation (8.84). We shall see that tins concept 
of activity has found extended use in the treatment of non-ideall gaseous 
systems and solutions. \ 

20. Thermodynamic Equilibrium: A condition of equilibrium\ may be 
defined by stating that a system is in equilibrium when it shows no 
change of state in any particular with time. The system must be in a 
state of absolute rest. A state of partial equilibrium is familiar to every 
one. A mixture of hydrogen and oxygen at room temperature is one 
such example already discussed in an earlier section. 

A state of absolute rest is difficult to determine experimentally. 
This fact may be illustrated by the case of the mixture of hydrogen and 
oxygen just cited. If, for example, such a gas mixtu»e w^ere stored over 
mercury at room temperature, no change in volume would be noted over 
long periods of time. This docs not mean, however, that no chemical 
change is occurring. Let it be assumed that 10® molecules of hydrogen 
and half this number of oxygen molecules are reacting per second. A 
simple calculation, employing for the Avogadro number, N = 6.02 X 10^® 
molecules per gram molecule, will reveal that it would require a period of 
observation extending over 2 X 10® years before a volume contraction of 
1 cc. could be observed. It is very evident, therefore, that any thermo- 
dynamic criteria for a state of absolute rest or of chemical equilibrium 
would be extremely valuable if not absolutely necessary. 

The thermodynamic functions of entropy and free energy may be 
utilized to provide such criteria of equilibrium. It has already been 
indicated that the conduct of a reversible process actually produces a 
succession of equilibrium states each differing infinitesimally from the 
next. In an isolated system, as already shown (Section 8, 8), the entropy 
remains unchanged, that is, 


dS = 0, 


(8.95) 
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which therefore becomes a criterion of equilibrium in such a system. 
Since in an isolated system q and w are zero it follows that AU is also 
zero, and so the criterion of reversibility may be stated in the form, 

{dS)u,„ = 0. (8.90) 

This criterion applies also to equilibrium in an adiabatic vsystem. For a 

reversible process, also, in Avliich there is no exchange of energy with tJie 
surroundings other than that invohxd in the volume change, 

dF = - SdT + vdp, (8.81) 

whence, for such reversible changes at constant pressure and temperature, 

dF - 0 
or 

(dF)p.r == 0. (8.97) 

Similarly, for the Hclmlioltz free energy cliange d.l, winch from equa- 
tion (8.70) is ecjual to —pdv — SdT, it follows that 

{dA)v,T = 0 (8.98) 

is a characteristic of small reversible changes ocauin’ing in a s.ystem at 
equilibrium. 

A system which is not in equilibrium tends to i)rocee(l spontaneously 
towards the state of equilibrium. Spontaneously occurring processes 
are accompanied by an increase in the entropy of the system. A maxi- 
mum value for the entropy of the system is reached when the system 
attains equilibrium. When this condition is reached dS = 0 . From 
the thermodynamic expression, ai)plicable to systems at constant pres- 
sure and temperature, 

AF = All - TAS, (8.68) 

since All is constant at constant temperature and characteristic of the 
process of change, the increase of entropy of a s])ontaneous process at 
constant temperature aiul ])rcssurc is accompanied by a decrease in free 
energy to a minimum value when equilibrium is attained. When this 
condition is reached (dF)p,T = 0. 

Such a condition of equilibrium may be more readily understood by 
consideration of an equilibrium process, c.g., white and gray tin at the 
transition temperature, 18° C. and 1 atm., in a galvanic cell. Under 
such circumstances, the electromotive force of the cell is zero, and no 
transformation occurs. When an external electromotive force dE is 
imposed on the cell disturbing the equilibrium obtaining in the cell 
system, the free energy change is expressed by the equation 


dF = — wFdE. 


(8.90) 
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As before, nF is the number of coulombs of electricity invoked, F being 
the faraday. Tlie smaller the value of dE the smaller is the free energy 
change, dF, and the smaller the disturbance of the equilibrium. As 
d!E approaches zero so does dF approach zero. If the reaction occurring 
could be performed exactly at equilibrium (dE = 0), then the change of 
free energy would be zero. 

Even for processes involving change of temperature and pressure at 
equilibrium the free energy change is zero. For example, consider an 
equilibrium between two states of matter, a liquid in equilibrium with its 
saturated vapor. The expression 

dF = vdp — SdT (8.81) 

I 

may be employed. If equilibrium can obtain at temperature T and 
pressure p and also at T + dT and p + dp rosi)ectivcly, an infimtcsimal 
displacement of the system from its equilibrium by changing i^ressure 
alone at constant temperature T or of temperature alone at c\)nstant 
])ressure p involves the two free energy changes \ 

dF — vdp and dF = — SdT. (8.83) 

A simultaneous change of p and T by the amounts dp and dT necessary 
to the establishment of a new state of equilibrium satisfies the condition 

dF = vdp - SdT = 0. (8.99) 

It is evident that one could thus proceed by a scries of infinitesimarsteps 
from a given position of e(iuilibrium in a liquid-vapor system at pressure 
Pi and temperature Ti to a new position of equilibrium at pressure pz 
and tem])erature T^, each step in the process involving zero free energy 
change and, hence, for the overall process, AF ~ 0. 

Quite generally, therefore, for all processes occurring at equilibrium, 

AFe^i. = 0 . ( 8 . 100 ) 

21. The Clapeyron-Clausius Equation: The variation in pressure with 
temperature in an equililnium between two states of matter may be 
deduced, with the aid of the free energy relation, dF = 0, just obtained 
and from equation (8.57) for entropy change with volume. Applying 
this latter expression in the form 



to the process of vaporization, it is to be noted that the pressure p is 
independent of the volume. Furthermore, the infinitesimal dS/dv may 
be replac«diby the expression AS/Av which refers to one mole of the sub- 
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stiince in question. 


Hence, for the vaporization of any substance, 


dT ~ \v ' 


( 8 . 101 ) 


For any system in equilibrium, since AF,.,. = 0, \S ~ SUIT. Equa- 
tion (8.101) therefore becomes 


dpIdT - MI/TAv, (8.102) 

In this equation All is actually the latent heat of vaporization \ of tlic 
substance so that 

dp/dT - \ITAv, (8.108) 


This expression, which is quite generally api^licable, can be iransh)riiie(i 
into a familiar form wlicn a])plic(l to vajmrs sufliciently <lilute that tlie 
equation pv = RT can be assumed to hold and tlie volume of tlje vapor 
is large comi)ared with that of the condensed system. In sucdi case, tlie 
equation becomes 


dp X 

dT ^ T{v, - v{) 


(8.104) 


or, neglecting 


dp X 

dT ~ RT 

T • 

V 


(8.105) 


or 


dpjp X 

It/ f ^ 7 ^ 


( 8 . 100 ) 


or 


d In p X 
dT ^ 


(8.107) 


22. The Statistical Nature of the Second Law: The second law of 
thermodynamics applies only to macroscopic systems, those containing 
large numbers of molecules. The laws relating to the ])ressure exerted 
by a gas and the work which it may perform or to the position of ecpii- 
librium in a given system are not applicable to systems containing but 
few molecules. The restrictions on the direction of change cmliodied in 
the second law are the consequence of the statistics of large aggregations 
of molecules. The probability is J /2 that a given molecule may be found 
at a given instant in a particular half of a given container. The probabil- 
ity is (1/2)2 that two molecules will be so found simultaneously. When 
there are N molecules in the system the probability that N will be so 
found has deci’eased to (1/2)^. For one mole of gas whci*e N = 0.02 
X 102'"* this probability is a vanishingly small quantity. That is to say, 
the presence of all the gas molecules in one half of the container, while 
possible, is also a very improbable state and the distribution of the rnolc- 
cules throughout the vessel in a manner approaching uniformity of 
distribution is a state of high probability. We know that a change from 
the first to the second condition which would occur spontaneously would 
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be accompanied by an increase in entropy of the system. For such 
reasons, Boltasmann (1896) associated the entropy of the system with its 
thermodynamic probability, W, this being defined as the ratio of the 
probability of an actual state to one of the same volume and total energy 
having a completely ordered arrangement of its molecular constituents. 
The relation may be generally formulated by the expression S =/(Tr). 
Now since, in the case of two systems, the entropy of the combined 
system S is obtained by adding the individual entropies, Si and Si, 
whereas the probalnlities must be multiplied, W — Wi X Wi. it is 
evident that the functional relation between the two must be logarithmic 
and we may write 

>S = kin W + constant. (8.108) 

Boltzmann found that the constant k was equal to the gas constant per 
molecule (= RjN), where N is Avogadro’s number. If tliej entropy 
depends only on the thermodynamic jn-obability tljen the cojistant is 
zero and S = k In W. This condition was envisaged by Planck with 
the result that, at the absolute zero of temperature, where a completely 
ordered atomic or molecular arrangement might, in favorable circum- 
stances, be expected to prevail in a crystal, the ])robability W wbuld be 
unity and the entropy corresponding would be zero. 

It is a well-known result of the laws of chance that the random tossing 
of a coin yields, in an increasing number of trials, a number of heads and 
of tails which ])rogressivcly approach equality. The chance of a head 
resulting in a random toss is one half. Similarly there is an equal 
probability that a white or a black ball will be withdrawn from a bag 
in a single trial if there is one white and one black ball in the bag, or if 
there are an equal and large number of each in the bag. The chance is 
1/2, or 10/20, or 1000/2000, if there arc 2, 20, or 2000 balls, equally 
distributed between black and white, in the bag. This result may be 
expressed thus: the chance that a white ball will bo'withdrawn in a 
random trial is equal to the number of white balls divided by the total 
number of balls. 

It is a further consequence of the laws of chance that, in the with- 
drawal of two balls simultaneously from a bag containing an equal number 
of white and black balls, there is twice as great a chance that the pair 
will be black and white as that the balls will be tw’o whites or two blacks. 
This is well known to twai players A and B who have matched coins 
after tossing, since there are two ways in which heads and tails can result, 
A head B tail or A tail B head, whereas there is no such distinction when 
two heads or two tails result from the toss. This conclusion comes close 
to the statistical interpretation of equilibrium in an idealized chemical 
system, e.g., the formation of diatomic molecules from an ecjual number 
of two isotopic atomic species. On the laws of chance it would be ex- 
pected that an equal number of hydrogen and deuterium atoms would 
combine to yield H 2 , HD and Da in the ratio 1:2:1. This is approxi- 
mately true, especially at high temperatures, and would lead to an 
equilibrium constant, K — [HD]VCH 2 l|[D 2 l == 4 to which value this 
reaction system tends as the temperature is raised.* A similar example 

* The student must be careful not to generalize this conclusion for all systems. 
It does not apply to Hg + I 2 = 2HI in the normal range of investigation. The 
individual characteristics of the molecules determine this. The choice of isotopic 
atoms wasid^liberate, to avoid such different characteristics as far as possible. 
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of statistical distribution in a more complex molecular system has been 
recorded by Calingaert and his co-workers in the case of metal alkyls. 
Thus, an equimolar mixture of lead tetraethyl and lead tetramethyl 
could be converted by interchange of radicnis to PblMe^i, ThMcaEt, 
PbMeaEta, PbMcEts, and PbEt-i in the api)roxijnate molecular ratio 
1 : 4. : 6 : 4 : 1 which will be recognized as the numerical eoeflicionts of 
the expansion (a + or the relative probabilities of their presence in a 
statistical mixture if the two radicals arc statistically equal. 

In the application of statistics to the problems of thermodynamics 
and of equilibrium use is made of the Boltzmann distrilnition e(piation 
(Section 3, 11) according to which the lunnlicr of molecules having an 
energy e is given by the exiiression where n is the total 

number of molecules. It is evident that the total number of molecules 
is actually the summation of the quantity for all values of € be- 

tween zero and infinity. This may be written in the form 

i i 


where the summation extends over all values of the energy states e,-. 
If the energy a can be taken up in more than one way the fraction 
f,-etikT to 1)6 iiicreascd by a factor, (/,, the “statistical weight/' 
which is the number of ways in which the energy ej can be a(diieved. The 
summation then becomes reasoning analogous to that 

i 

involving the white and black balls already considered it will be also 
evident that the probability, that a molecular system has the 

energy in a single state will be given by the ratio of the number having 
that energy to the total number or 




ng 

i 




(8.109) 


23. The Partition Function : The summation term which cn- 

tors into the denominator of the expression for P(eJ is an im])ortant 
quantity wliich may be related to the various thermodynamic quantities, 
internal energy, heat content, heat capacity, free energy and entropy. 
It has been variously called the state-sum, sum-over-states and distribu- 
tion function but recently the term partition-function has been most 
frequently employed. We may assign it the symbol / and define it 
explicitly : 

/ = ^-ei//c7’ c-~^^|kT^ ( 8 . 110 ) 


where the summation extends over all the possible energy states of the 
system, each term multiplied, where necessary, by its statistical weight, g^. 


^ There are various methods whereby such an equation can be more or less 
rigorously derived. The interested student may be referred to Pease, Equilibrium 
and Kinetics of Gas Reactions, Chap. TIT, Princeton University Press, Princeton, 
N. J., 1942; or Treatise on Physical Chemistry, 3rd ed., Vol. I, Chaps. Ill and IV, 
D. Van Nostrand Co., New York, N. Y., 1942; H. Eyring and J. Walter, J, C/ujm, 
Educ., 18, 73 (1941). 
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24. Internal Energy and the Partition Function: The internal energy 
of a molecular system in excess of that possessed by it at the absolute 
zero is given by the ex])ression, 


C ^ t/o — AToeoH- ATiCi + + ■ • • + i€i, (8.111) 

where ATo, A^i, N 2 • • • N ^ are the numbers of molecules possessing the 
energies en, € 1 , € 2 , ■ ■ ■, Since Ni = N-P(ei) = N where N 
is the total number of molecules, 

U -Uo = + ■ • • + (8.112) 

Now by differentiating / with respect to temperature, 


(IT 


Hence, for 1 mole, where N is the Avogadro number, 
U - Uo = 


— kT^ — = NkT^ — J?T2 ^ f . 
/ (IT (IT (IT 


) (8.114) 


25. Heat Capacity and the Partition Funcion; Tlic internal energy 
per mole can be expressed in the form U = Uq RT’^dlnfldT. Now 
since {dUldT) V — Ci,j it follows that, at constant volume, 


- =±( 

-'v 


RT^ 


d\nf 

dT 


(8.115) 


20. Equilibrium, Free Energy, and the Partition Function: In an 

equilibrium A B the equilibrium constant K r will be^ji^iven by the ratio 
of the number of molecules per unit volume in the various energy states 
of B to the number in the various energy states of A in the same volume. 
That is. 


Ac = - 


nY^e- 

i 


This is to be compared with the expression applicable to an itleal gas 
system (10.5) Kc = cnjcA. Also, it will be shown in (10,7) that the 
equilibrium constant in such a system can be related to the standard free 
energy change by the expression = — ATlii , where AF^ 

= F% — Faj difference of the free energies of B and A in the 
standard state. It is evident that we can, by identification of terms on 
the right and left of the equation, written in the following form, 

Fd - F'X = - 'RT (8.117) 

derive the expression for the free energy in the standard state 

f 0 = - RThJ- ■ 

... V 


(8.118) 
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Now since F = RT In C + ii follows that 

F = RTln^ - RTh\f = RTln— = - RT\n^- (8.119) 

The Helmholtz free energy A — F — RT; hence, 

A = - RTilnf - In + 1) = - kT(X hi f - N hi N + AO 

- - icTiN hi f - In AM) (8.120) 

since, by Stirling’s formula, In A^! = AHn N ~ N. Hence, 

A=-kTlu{^- (8.121) 


27. Entropy and the Partition Function; h>oni the therniodynaniic 
relation A = — TS or from the relation (OA/OT),, ~ — S it follows 

tliiit the expression for entropy iji tei‘nis of tlic i)artition fiuietiou is 


.S' = '-r 




(8.122) 


28. Evaluation of the Partition Function: To evaluate a partition 
function of a molecular system it is Jiecessary to know t he energies which 
a molecule may possess in virtue of its translational, rotational and 
vil)rati<)nal degrees of freedom and its electronic excitation, if any. 
The eiiergy levels of a molecule may be expressed in Lt'rnis of four (pian- 
tuin nura})ers, one for each type of energy, 'i’his includes translational 
energy which ordinarily is treated (dassically l)ut can ecpially well be 
treated in terms of quanta. As we have seen for vi])ratioTial energy, 
the two modes of treatment are equivalent for small cpianta or high 
toiiiperature. The total partition fumdion for the several energy forms 
becomes 

/ = 2; erJ^'^.r.v.cikT^ (8.123) 

t, r, 'i', e 

the summation being extended over all ])ossil)le combinations of the 
quantum numbers. This is only possible to any degree of com])leteness 
in a vei'y few cases and so it is customary to use api)roximate jnethods 
in practice. To a good approximation the energy may be cxpi’ossed as 
a sum of the energies of each type. 

Et,r,v,e ~ Et + Et + Ev + Ee* (8.124) 

To this approximation, the partition function becomes 

y = ^ ^—(Et+Er+EvlJi^clP'^T — y ' £~E tIkT 

t, r, V, c I 

X = fjrfvfe (8.125) 

r V e 

or the product of partition functions for each of the types of energy. 

29. Approximate Partition Function for Translational Motion: If 
translational energy in three degrees of freedom be ex])ressed in terms of 
three integral quantum numbers p, g, and r, the translational energy of a 
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particle of mass m moving in a rectangular box with sides a, h and c 
m length is, by quantum mechanics,^ 


E 


P, Q. T 


^ I 

Sm \ J 


The partition function for translational motion then becomes 


(8.126j 


00 00 00 

r=l 


(8.127) 


To a close approximation, since the quanta arc small, the summations 
may be replaced by an integration and since 


= CIirmlcTyi’^alh j (8.128) 

it follows that 

ft = {2T7nkTyf‘^ahclh^ = {2TnnkTyi^' \ (8.129) 

where V = ahe = the volume of the box. \ 

30. Approximate Partition Function for Rotational Motion: The 
rotational energy of a diatomic molecule is given by equations (4\2()) and 
(4.21) 



Et = j {J -\- l)h‘^lS'jr^I 

and the statistical weight factor, is equal to 2/ + 1, where J is the 
rotational quantum number. Hence, the partition function becomes 


oo 

fr = E(2/ + (8.130) 


At high temperatures the summation may be replaced by an integral 
so that 


SirHIcT 


(8.13J) 


For the case in which the two halves of the molecule are identical, the 
quantum mechanical treatment shows that only alternate values of J 
are allowed. The partition function is, therefore, obtained by a summa- 
tion over half the levels only, and gives 


Sir^-IkT 

2Ii^ 


(8.132) 


In general, for a linear molecule, the expression becomes 


(8.133) 


where the symmetry number o- is 2 if both halves of the molecule are 
alike and otherwise a is unity. The symmetry number is the number of 
equivalent ways of orienting the molecule. 


^ Glasstone, Text Book of Physical Chemistry, p. 859, D. Van Nostrand Com- 
pany, Ifew York, 1940. 
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For a non-linear molecule with principal moments of inertia, .4, B 
and Cj a corresponding development gives 


ST^iSw^ABCy 


(8.134) 


The symmetry number, a, is again determined by the number of equiva- 
lent ways of orienting the molecule in space as can be seen from the 
following values : o-HjO = 2; ctnub — SiOTaiii ~ 4; otii* = 12;ac«iifl = 12. 

31. Approximate Partition Function for Vibrational Motion: A 
molecule containing n atoms has 3n — G vibrational degrees of freedom 
if it is non-linear, and 3n — 5 if it is linear. Each vibrational degree 
of freedom may be considered as a harmonic oscillator. The energy for 
such an oscillator has already been given in Section 5, 4, and the corre- 
sponding partition function is 

f-o = (1 - (8.125) 

For i vibrational degrees of freedom the approximate partition function 
for vibrational motion becomes the product t)f the functions for each 
vibration, 

i-ss-3ri— X 

= n (1 - (8.136) 


where the required frequencies, Vt, are obtained from infra-red and Raman 
spectra of the molecule. 

32. Partition Function for Electronic Energy: This function is directly 
calculated from the observed electronic energy levels of the molecule 
using the relation 

fe = (8.137) 

In chemical reactions, the electronic energy levels are in general too high 
in energy above the ground state to contribute materially to the partition 
function at ordinary temperatures. Most molecules have ground 
states and the electronic partition function is usually unity. For mole- 
cules having multiplet ground states, such as nitric oxide, oxygen and the 
hydroxyl radical, the jjartition function must be suita})ly modified. 
It is especially to be remembered that a multiplet ground state modifies 
correspondingly the rotational partition function, replacing the single 
energy level by a multiplicity of levels. 

33. Gas Pressure and the Partition Function: As an example of the 
applicability of the partition function, the pressure of a gas comiDosed 
of non-linear molecules can be calculated. From the preceding it is 
evident that, ignoring electronic energy levels, the partition function for 
such an 7i-atomic molecule becomes 


(27rmA;T)^/2 


crA® 


{ r=3ji 


(8.138) 


The partition function is a function of the mass, moments of inertia, 
frequencies of vibration, symmetry of the molecule, temperature and 
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volume. From the thermodynamic relation (8.78), 


^ \dv /T 

it follows that, for an ideal gas, since all terms other than v are inde- 
pendent of the volume 


V 


kT —In ff- = NkT^lnf 

dv N\ dv V 


RT 

V 


(8.139) 


For a gas obeying van der Waals’s equation, with potential energy of 
interaction between tlie molecules, the translational jiartition function 
would be modified by the substitution for v of the term (y — h) and 
multiplic.atiun of the function by The pressure so calculated 

would have the familiar form of the van dor Waals equation, j 

34. Partition Functions for Liquids and Solids: For thesb states of 
matter the translational and rotational terms disappear in the partition 
func.tion and are replaced by vibrational terms in which tlie frequencies 
are functions of volume and temperature. There will also be\an inter- 
action term of the general form analogous to the term 

of the van der Waals gas. The calculation of the partition \function 
follows that for a gas when this interaction term has been introduced. 

85. The Ortho-Para-Hydrogen Equilibrium and the Partition 
Function : The equilibrium 

H'i ortho <r-^ 112 para. 


may well serve as a simple example of an cqiulil)rium A ^ B discussed 
in Section 8, 26. The simjdificatioTi arises from the fact that all the 
forms of einn’gy other than that of rotation are alike in the two types of 
hydrogen molecule, so that the equilibrium constant becomes 


Kc 


fi(var{i) 

//■(ortho) 


x; (2J + 

.7=0.2, 4.. . 

X 3(2/ + ’ 

,7=1,J,B... 


(8.140) 


The factor 3 in the denominator is a special term to take account of the 
multiplication of levels due to nuclear spin. For ortho states with odd 
rotational levels the factor is (i + 1) (2i + 1) where i is the spin quantum 
number, 1/2 in the case of hydrogen. For the para state, with even 
rotational levels, the factor is i(2i + 1) = 1 fori = 1/2. Ily summation 
of these terms the values for the percentage of para-hydrogen in the equi- 
librium mixture shown in Table 5.1 were calculated. 

The application of the partition function to the determination of 
equilibrium in a simple chemical reaction, e.g. 2 H^H 2 will be given 
in Chapter 10. 

Exercises (8) 


1. Calculate the maximum work which may he accomplished by an ideal gas 
in expanding from 10 atm. to one atmosphere pressure at 27^ C. 

2. What would be the final temperature of the gas if the same amount of work 
as in question 1 had been done in an adiabatic expansion? 

3. What is the maximum work which can be obtained from the transfer of 
500 cal^i^s from a reservoir at 127° C. to one at 27° C.? 
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4. The latent heat of fusion per pram of methane is M.5 eal. The meltiuK 
point is —184° C. C-alculate the molar entropy of fusion. 

5. Test Trouton’s rule with the h^lowinf? vaporization data: 



Biitrino 


ICthcr 

Pyridiuc 

Latent heat per gram 

87.5 

Sl.l 

S3.0 

107.4 

Boiling Point ° C. 

0.6 

16.25 

31.5 

115.3 


6. Calculate the entropy chanpje when one nude of an id(?al pis is lieated at 
constant volume from 25° C. to 100° C. 

7. Calculate the entropy eliange when one mole of an ideal pis is lieated at 
constant pressure from 25° C. to 100° C. 

8. Calculate the rnolal entropy of ammonia at 25° ('. ami half an atmosphere 
pressure. 

9. The reaction Zn + 2 AkCI = ZnCl^ + 2Ag under certain condit ions pivc 
an E.M.F. at 0° C. of 1.015 volt. The E.M.F. dimiiusluMl as the temperature 
rose hy 0.000402 volt per degree. Calculate the heat of the r(‘action. 

10. Calculate the change in free energy per mole of an ideal gas expanding 
from 10 atm. to 1 atm. pressure at 27° C. 

11. Calculate the free energy change for the reaction Ns + 31 la = 2NH8 at 
25° C. given that the heat of reaction is 10/J40 cal. per mole NTTa. 

12. Calculate with tlie aid of the jiartition function the p(‘rcentago of jiara- 
hydrogeri in an equilibrium mixture of ortho- and para-hydrogen at 100° K. 
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SOLUTIONS 

The properties of matter so far considered have been those of pure 
substances. A solution is a homogeneous molecular mixture of two or 
more substances. It is important to study the properties of solutions in 
relation to the properties of the constituents. For this purpose, only 
solutions containing two substances will be considered here| and, for 
convenience, the substance in excess will be called the solvenlt and the 
other the solute, although there is no fundamental differcnce\ between 
their roles. Since a solution is homogeneous it must exist in one of the 
three states of aggregation. Thus there are gaseous, liquid aVid solid 
solutions. The ensuing treatment will consider examples of liqiidd solu- 
tions; the application of the results need not however be confined to 
liquid solutions but will be general for all types. 

The properties of a pure substance have been shown to depend on two 
of the three variables, temperature, i)rcssurc and volume, the third being 
fixed by the equation of state. For a solution there is another variable, 
the composition. A variety of methods of expressing composition are in 
practical use differing only in the units used, but alike in that thp com- 
position is stated as a ratio of one constituent to the other or to the 
resulting solution. The most useful composition unit for the present 
puri)oses is termed the mole fraction. It is the number of moles of one 
constituent divided by the total number of moles of all constituents 
present. The sum of the individual mole fractions of all constituents is 
thus unity. 

The properties of solutions which are to be considered will be shown 
to depend on the number of molecules j^resent rather than on the nature 
of the molecules. These properties should therefore be related to each 
other. Ostwald has called them the colligative properties and vanT 
Hoff was the first to demonstrate their interrelations thermodynamically. 
They are also referred to as osmotic properties of solution since they 
include osmotic pressure in addition to vapor pressure, freezing point 
and boiling point. 

1. Vapor Pressure Lowering: It has been known for many years that 
the vapor pressure of a solution containing a non-volatile solute was 
lower than that of the pure solvent. In 1848 von Babo and again in 
1858 Wiillner concluded that at a given temperature the relative vapor 
pressui^ towering was proportional to the concentration of the solution. 
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This work had employed aqueous solutions of salts and, for reasons which 
will appear later, the factor of proportionality was difficult to discover. 
It remained for Raoult in 1888 usinji; various organic solutes and solvents 
to establish the generalization that bears Jiis name, Raoult’s Law, namely, 
that the relative lowering of thei vapor pressuvo is proportional to the 
mole fraction of solute and independent of the temijovature. If po 
represents the vapor pressure of pure solvent and p that of tlie solution, 
Po — p is the lowering of the 
vapor pressure and (po — p)/po 
is the relative lowering. Ac- 
cording to Raoult, 


Po - P 
Po 


no + 11 


-X, (9.1) 



where no is the number of 
moles of solvent, n the num- 
ber of moles of solute and x 
is the mole fraction of solute. 

An alternative form of this 
expression may be obtained as 
follows: 

1 - VIVa = a:, (9.2) 

whence 

pIPo = 1 — x = .To, (9.3) 

where Xo is the mole fraction 
of solvent. This relatio]i is es- 
sentially Henry’s Law. Henry 
found that the solubility of a 
gas in a liquid is proportional 
to the pressure of the gas. 

In the above equation Xo is 
simply the solubility of the 
solvent in the solution. 

Raoult’s and Henry’s laws arc 
therefore merely alternative 
ways of exi)ressing the same 

idea, that the vapor pressure of a constituent of a solution is propor- 
tional to the relative number of its molecules in the solution. An illus- 
tration of the applicability of Raoult’s law, over a complete range of 
composition, is given in Fig. 9.1 which shows the partial vapor pressures 
of ethylene dibromide and propylene dibromide as linear functions of 


Fio. 9.1. Vapor Pressure of Ethylene and 
Propylene Dibromidcs 
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their mole fractions in the solution. The total vapor pressure of the 
solution must also be linear. 

2. Ideal Solutions: An ideal solution may be defined as one which 
obeys Raoult's law over the whole range of composition and at all tem- 
peratures. The reason for the latter proviso will appear later. It is 
instructive to consider the requirements necessary for two constituents 
to form an ideal solution. Tlie partial pressure of a constituent over a 
solution is determined in part by the ^'escaping tendency of that con- 
stituent and in part by its concentration. If, in a solution, the forces 
acting between two molecules of solvent, two molecules of solute and 
between a molecule of solvent and one of solute are the same, the forces 
which hold any raolecmlc in the solution are cxacitly the same as those 
which hold it in the pure liquid. The escaping tendency of anj^ molecule 
is thus the same from the solution as from the pure substance. Its 
partial pressure will then depend solely on the composition ofUhe solu- 
tion. Hence for a constituent A of a solution ^ 

VA = hxA^ \ (9.4) 

The proportionality factor is easily recognized as the vapor pressure 
of pure A at the tcm])erature in question since in pure A the mole frac- 
tion xa is unity. Hence 

VA = Va^ai (9-5) 

which is identical with Raoult\s law. It is to be expected then, that for 
an ideal solution, the two constituents shall have similar iiitermolocular 
forces. This necessitates that the constituents shall be iniscil)le in all 
]n'oportions since the environment of the solute and solvent molecules in 
the solution is similar to that in the pure solute and pui’e solvent. Fur- 
thermore, on mixing the constituents, no change in the partial volumes 
of either species can occur and, also, for the liquid constituents the total 
energy of the solution will be the sum of the energies of the constituents. 
It follows therefore that there will be no heat of mixing for substances 
in the liquid state. For a solid solute it will be shown that allowance 
must be made for its heat of fusion and, for a gas, its heat of condensation. 

It should be observed that constancy of environment to the solute 
molecules in a solution can also be obtained by dilution with solvent so 
that the solute environment is solely solvent. Thus Raoult's law may be 
expected to hold at high dilutions of any solution. For solutions of 
electrolytes in water it may be necessary to go to concentrations as low 
as 0.0001 M before this is achieved. It is this latter alternative that was 
used by van't Hoff in his theoretical treatment of solutions and which 
consequently restricts his results to dilute systems. 

Having deduced a fundamental relation for one of the colligative 
properties* of ideal solutions there remains only to show how the others 
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are related to it. For this, the law inay be used in the above form 
pA ~ Pa^ai or in other forms, for example, takin^^ logarithms 

In P .4 = In p® + In (0.0) 

or differentiating 

d In pA ~ d In .r.i. (0.7) 

3. Freezing Point and Solubility: It is well to realize at the outset 
that the determination of both a freezing point aanl t)f a, solubility involves 
a study of the equilibrium existing in a saturated solution. They arc 
alternative ways of studying the same phenomenon. An aqueous solu- 
tion is at the freezing point when it is in equilil)rium Avith iec. The 
solution is saturated with ice and the eoneentration of water iji the solu- 
tion represents the solubility of the ice. A general relation for the 
dependence of solid )ilit 3 " on temperature thus furnishes eciuall}'^ infonna- 
tion on freezing points. 

Consider two liquids A and B capable of forming an ideal solution. 
Let a solution in ivhich the mole fraction of A is .r ^4 he undercooled to a 
tem])erature T, below the freezing ])oinL without solidification occurring. 
The solution being ideal, Raoul t’s laAV gives p[^ = for the partial 

pressure of A over the solution, where "p^i is the vapor pressure of 
pure A as a metastable liquid at the temperatine T. The solution is 
supersaturated with A and, upon seeding with a crystal of .1, solid A will 
crystallize, reducing the mole fraction of A in the solution to .r^, and the 
vapor pressure over the solution to p^i, the proportionality factor ])etwaien 
them being as before. Thus p^y — p”.r. 4 . Since the solid A is now' in 
equilibrium wdth the solution it wall j^ossess the same vapor ])ressure, tha-t 
is Va = I fence p*i = v\^A’ Taking logarithms and differentiating 

Avith respect to tempei'ature yields 

d In p'a In 7>a _ 

clT “ dT dT ' 


By the Clapeyron-Clausius equation (8.107) 

d In p *4 \s d In p“ 

dT~ ^ RT^ 'dT 


A 


(9.9) 


Avhere Xs and X,; arc the heats of sublimation and vaporization of the 
solid and liquid respectively. The difference betAveen them is the heat of 
fusion \f. Thus 

_Xs_ _ 2^ ^ X/_ ^ dill xa ^ 

Rr- RT^ RT^ ' dT ' ^ 

Integrating between the temperature limits To, the freezing point of 



220 


ELEMENTARY PHYSICAL CHEMISTRY 


Ch. 9-3 


pure A and T, that of the solution, gives 


or 



d In Xa 




R ’ Tl\ “ R TTo 


(9.11) 


This is an ideal solubility equation. It has been assumed fii the integra- 
tion that the heat of fusion is independent of temperature. A more 
accurate equation could be obtained by taking account of this variation, 
using Kirchhoff’s equation relating it to the heat capacities of the solid 
and liquid. j 

The equation (9.11) shows that the solubility in an idea^ solution 
increases with an increase of temperature. This will be true\for both 
constituents of the solution. Hence there exists a temperature lit which 
the solution is saturated with both constituents. It is termed the\cutectic 
temperature. Johnston and his co-workers have studied numerous 
mixtures of ortho, meta and para disubstituted benzene derivatives, 
systems which might be expected to behave ideally and have found that 
the above equation allows accurate calculation, not only of the three 
binary eutectics but also the ternary eutectics. Table 9.1 contains the 


TABLE 9.1 


System 

Eutectic Tempprature ' 

Ob&cived Calculated 

ortho-para 

101.7 

lOO.l 

meta-para 

78.3 

77.8 

ortho-meta 

63.0 

62.8 

ternary 

58.1 

57.0 


observed and calculated eutectic temperatures for the case of the 
dinitrobenzenes . 

The equation (9.11) also demands that a substance with a higher 
melting point should be less soluble at a given temperature tlian one with 
a lower melting point but similar heat of fusion. This is illustrated in 
Table 9.2 for the nitroaniliries. 


TABLE 9.2 

Solubility in mole fraction at 50° C. 


Solute 

Melting Point 

- Ideal 

Acetone 

o-nitroaniline 

69.3 

0.725 

0.656 

m-nitroaiiiline 

111.8 

0.230 

0.312 

p-nitroaniline 

147.5 

0.186 

0.238 


The thiid^column lists the values of the solubility calculated from the 
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ideal equation, while the fourth column gives the observed solubilities in 
acetone. 

Since the freezing point of a liquid is the temperature at wliieh liquid 
and solid are in equilibrium, it is the temperature at which the vapor 
pressure is that of the solid. Raoult's law, the partial pressure of a 
constituent of a solution is louder than that of the ])ure constituent and 
hence, for a solution to freeze, a lower temperature will be required and 
the presence of a solute causes a freezing point depression. The extent 
of this depression muy be seen from the ideal equation al)ove. Calling 
ATf the freezing point depression, the equation may be rearranged to give 

RTT 

A7V In au), (9.12) 

where x.i is tlie solulnlity in mole fraction of the solid which crystallizes 
at the temperature T, its melting point and licat of fusion being To and 
X/ res])eotively. In the usual determinations of a freezing point depres- 
sion A is then the solvent. If xn is the mole fraction of solute the eejua- 
tiou gives 

RTTo RTTo 

= -y- (- In (1 - =^b)) = + lx], + (9.13) 

For dilute solutions xb is a small fraction and the liiglier pow^ers may be 
neglected; the difference between T and To is also small and the ])roduct 
TTo may be rei)laced by Tq. Writing xji as approximately rhluof the 
ratio of moles of solute to mol(‘s of solvent there results 


ATf = 


RTl 
X/ no 


(9.14) 


The inolal concentration c, that is, the number of moles of solute dis- 
solved in 1000 g. solvent is given by c = (nj/no) (1000/Mo), where Mo is 
the molecular weight of the solvent. Hence 


where 


ATf = 


RTl 

Mo 


(9.15) 

A/ 

’ 1000 

■ c = KfC, 


RTl 

Mo 

(9.1C) 

Kf = 


1000 


is a constant for a given solvent and is termed the molal freezing point 
constant. Table 9.3 gives the values of the freezing point constant for a 
number of solvents. The last solvent cainj^hor is unusual in having a 
relatively high molecular weight and melting point and low heat of fusion 
and giving therefore a large freezing point depiession. On this account 



222 


ELEMENTARY PHYSICAL CHEMISTRY 


Ch. 9-4 


TABLE 9.3 

Solveat Kf 

Water 1.858 

Acetic acid 3.90 

Benzene 5.12 

Naphthalene 6.9 

Cyclohexane . . 20.2 

Camphor . . 40 


Rast suggested its use as a solvent in the micro-determination of 
molecular weights of organic compounds. 

4. Boiling Point: The boiling point of a liquid is defined as the 
temperature at which tlie vapor pressure is ecpial to atmospheric pressure. 
Since the vapor pressure of a solution of a non-volatile solute is |[ower tlian 
that of the iiure solvent, the boiling point of the solution will\be higher 
than that of tlie solvent. The boiling j^oint elevation must bc\ sufficient 
to raise the vai)or pressure of the solution due to the tcmperitture rise 
by an amount equal to the lowering of the vapor pressure by the solute. 
Expressed matlicmatically, the vajior pressure of a solution is a function 
of both temperature and comi)osition p = /(T, a*), whence the change in 
vapor inessurc for a simultaneous change in temperature and composi- 
tion will be given by the relation 




In the boiling point determination the pressure is* constant, namely 
atmospheric, that is, dp — 0. Hence 




Dividing throughout by p 




Now the variation with temperature of the vapor pressure of a liquid of 
fixed composition is given by the Clapeyron-Clausius equation, while the 
variation with composition at constant temperature is given by Raoult^s 
law, that is, 


Hence 


/ d In p \ \v 

V ~dT~ A 

X« f d In X \ 


din p = d In X. 


dx = — — = — d In a;. 

2 ' X 
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Integrating from pure solvent to solution gives 


or 



.T 


uJr, 7 ’“ 


T - To _ _ X,. M’ft 
II ■ TT„ ~ It ■ J’7’o ■ 


(9.21) 


Using the same approximations as for the freezing point depression there 
results 


An 


Jlfo 

X.. ■ 1000 ■ 


(9.22) 


where To is the boiling point of the solvent whose heat of vaporization is 
\y and whose iiKjlecular weight is il/o. 'haldc 9.4 gives the*valucs of the 
rnolal boiling point constant of several solvents. 


TAI^LIO 9.4 


Solvent 

Kb 

Water 

0.52 

Methyl alcoliol ... 

.. 0.82 

Ethyl alcohol 

. . 1.19 

Acetone 

.... 1.73 

Benzene 

. 2.(;2 

C-arbon tetrachloride 

5.0 


5. Osmotic Pressure : Tlic process of osmosis was first observed in 1748 
by A])b(5 Nollet, who showed that if a solution of sugar bo placed in a 
vessel which is closed below by an animal iiieinlirane and dipped in Ji 
vessel of water, tlie latter wall diffuse through the membrane and cause 
the solution to rise in the containing vessel. The phenomenon may be 
illustrated by the use of the apparatus showm in the accompanying dia- 
gram (Fig. 9.2). A glass vessel A which has a long 
narrow tube attached to it (a thistle tube serves the 
purjiose) is closed at the bottom by a piece of jiarch- 
ment paper, (7, filled with a sugar solution and sui)- 
ported in a vessel of water. The column of licpiid 
in the tulie, B, will be seen to rise until the hydro- 
static pressure produced just counter-balances the 
force tending to cause water to enter tlic vessel. 

This pressure is knowm as tlie osmotic press\ire and 
is caxiscd by the force tending to bring about ecjui- 
librium between the pure sedvent and sedution whicli 
in the absence of a membrane results in mixing l)y diffusion and the pro- 
duction of a homogeneous solution. Osmotic pressure is, tlien, the excess 
pressure which must be put on a solution to bring it into equilibrium with 
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the solvent. Between 1826 and 1848 Dutrochet and Vierodt made some 
quantitative measurements using pigs' bladders as semipermeable mem- 
branes and first recognized the significance of osmotic pressure in physio- 
logical jirocesses. Moritz Traube, following the analogy in behavior 
shown by Graham to exist between animal and colloidal substances, 
first showed that certain inorganic precipitates of a colloidal nature could 
act as semipermeable membranes. Pfeffer (1877) carried out a series of 
reliable quantitative measurements using porous clay cells in the pores 
of which was deposited a membrane of Cu 2 Pe(CN)r,. The modern work 
of Morse and Frazer and their students in America, of the Earl of 
Berkeley and of Hartley in England, and that of otlier workers have 
supplied experimental data which have served as a basis for theoretical 
treatment. ( 

The theoretical treatment of osmotic pressure began with van't 
Hoff who made use of the exiDcrimcntal data obtained liy Ffeffcr to 
confirm his generalizations, van't Hoff believed that there Axists an 
analogy between the osmotic pressure of a dilute solution and the\gaseous 
pressure that the solute would exert if it existed in the form of a gats in the 
volume occupied by the solution. As will be seen from the data of 
Table 9.5 ol)taine(l by Pfeifer for sugar solutions, osmotic pressure is 


TABLE 9.5 

The Osmotic Prersube of Sucrose (Pfeffer) 


Conccntrjilion in 

Per Cent 

Osmotic I'rcssnre in 
Atmospheres 

riiitio of Osmotic Prea- 
^uro to Concenti aiion 

1 

0.686 

0.68 

2 

1.34 

.67 

4 

2.75 

.68 

6 

4.04 

.67 


directly proportional to concentration, a relation corresponding to 
Boyle’s law for gases. Moreover, the change in osmotic ]jressure with 
temperature, as van’t Hoff showed from Pfeifer’s data, is given by the law 
of Gay-Lussac for gases, van’t Hoff showed therefore that the perfect 
gas equation 

PV = nRT or P = cRT (9.23) 

expressed the relation between osmotic pressure, concentration and 
temperature. 

The analogy between osmotic pressure and gas pressure rests on the 
observation that R has the same numerical magnitude in the van’t 
Holf osmotic equation as in the ideal gas equation. More accurate data 
of Morse and Frazer, and Berkeley and Hartley have shown that, at 
higher concentrations (above 0.2 molar), the ])roportionality factor 
between osmotic pressure and the temperature-composition product, 
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increases markedly with increasing concentration. Morse ()l)served that 
if the composition was exijressed as a molality, that is, in moles per 1000 g. 
of water instead of per liter of solution, the proportionality factor re- 
mained more nearly constant. This change in the method of exju’essing 
the composition, in terms of the solvent rather than of the solution as a 
whole, has been likened to the (y - h) correction factor to the ideal gas 
equation as suggested by van der Waals. It will be shown later, however, 
that, at very high concentrations, even the use of molalities is not satis- 
factory; the osmotic pressure calculated in terms of concentration ex- 
pressed in molality and the gas constant R is considerably in excess of 
the observed value. 

If, following vanT Hoff, tlie solute in a liquid solution is in the gaseous 
state then a gas sliould have zero heat of solution wliile for a liquid and a 
solid the heats of soluthm would be the heat of vaporization and sub- 
limation respectively. It has l)een shown above, however, that in the 
ideal cases the heat of solution of a gas (sec the boiling point relation) 
is equal to its heat of condensation, the heat of solution of a solid (see 
freezing iDoint relation) is its heat of fusion while the hea,t of solution of a 
liquifl is zero. The solute, therefore, must 1)(‘ piesent in the liquid state. 
Although the van’t Iloff mechanism is thus not justified, his results arc 
found to be ai)])licablc at low cojicentrations. 

There appears to l)e no completely satisfactory nuM^hanism which wdll 
account in all cases for osmosis. It seems advisal)le therefore to consider 
the phenomenon merely as one alternative manifestation of the tendency 
of solvent to ])ass spontaneously into solution. AVhen contact between 
solvent and solution is established through the va])()r jdiase this passage 
can occur by distillation since the vapor pressure of the solvent is higher 
than that of the solution. When contact is made between the liquids 
through a mcml:)raiie which is permeable only to solvent and impermeable 
to solute, the jiassage occurs by osmosis. A jiarallel between these two 
modes can be seen from a realization that the surface of a solution of a 
nonvolatile solute is itself a semi])ermeable ineml:)rane allowing solvent 
molecules alone to enter the vapor phase. Since, as has been shown by 
Gibbs, the vapor pressure of a liquid is increased by an increase of ex- 
ternal inessure on the liquid, in order to prevent distillation of solvent 
from pure solvent to solution it would be necessary cither to subject the 
solution to an increased pressure sufficient to raise its vapor pressure 
to that of the solvent, or to subject the solvent to a “negative '' pressure 
sufficient to lower its vapor pressure to that of the solution. It is these 
pressures that are the equivalent of the osmotic pressure of the solution. 

G. Osmotic Pressure and Vapor Pressure: Consider the enclosed 
system show?i in Fig. 9.3. Solvent and solution are separated by a semi- 
permeable membrane acting as a piston upon which a pressure F may be 
applied to counteract the osmotic pressure tt of the solution. The whole 
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system is then in equilibrium, solvent and solution having the same vapor 
pressure p. The thermodynamic criterion for the equilibrium of the 

solvent between solution and vapor 
gives 

dF (solution) = dF (vapor), (9.24) 
whence 

VadP = v^dp, (9.25) 

where Vo and Vq denote tlie molar 
volumes of pure solvent in the solu- 
tion and vapor respectively. There- 
fore j 

dPjdp = VojVoA (9.20) 

which is the Ciil)bs relation (G.25). 
Since P acts in opposition to the 
osmotic pressure, tt, dP == -\ dir and 
dw/dp = — Vo! Vo. Assuming tliat 
the gas laws apply to the vaj)or, 
Vo — RTjpj whence 

dir — — {RTIVo) d\\\p. (9.27) 

Integrating between limits set by 
solvent and solution, noting that the 
osmotic pressure of the solvent is zero, there follows ' 

TT = - {RTIYo) In p/Po- (9.28) 

Since the only assumption made in deriving this relation is that the va])or 
ol)cys the gas laws, the equation is ecpially well applicable to non-ideal 
as to ideal solutions. Tal)lc 9.6 gives a comj^arison between the osmotic 
pressures observed by Frazer and Myrick and those calculated by means 


TABLK 9.6 

Osmotic Pbessure in Atmospheres of Sucrose at 30° C . 


!Mola.l (^onc. 

TT obs. 

TT CLllc. 

TT ideal 

0.1 

2.47 

2.47 

2.44 

1.0 

27.22 

27.0 

24.40 

2.0 

58.37 

58.5 

48.32 

3.0 

95.16 

96.2 

71.85 

4.0 

138.96 

13S.5 

94.80 

5.0 

1S7.3 

183.0 

117.7 

6.0 

% « 

232.3 

231.0 

140.1 


P 





Fio. 9.3. Osinoti(! lOquilibrimn be- 
tween Solvent and Solution 
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of the equation from the vapor pressures measured by Berkeley, Hartley 
and Burton of cane sugar solutions at 30° C., which, as will be seen later, 
are not ideal solutions. 

Considering the experimental difficulties in the determinations of 
both osmotic and vapor pressures the concordance is excellent, indicating 
the generality of the equation. 

7. Osmotic Pressure and Concentration: The de])endence of osmotic 
pressure on concentration may easily be found for ideal solutions by 
combining the aliove general relation with Haoiilt\s law. ^ince In plpo 
= In Xo, where xo is the mole fraction of solvent in an ideal solution, the 
osmotic pressure equation becomes 

tt = - (RTIVo) In .To. (Ideal) (0.29) 

Making similar aj)proximations for dilute solutions to those used in the 
consideration of the freezing ]K)int lowering there results 

RT 111 

TT • (IMorse) (9.30) 

I 0 'llfi 

Since noVo is the volume of solvent in a solution containing Ui mols of 
solute, riilnoVo is akin to a molal concentration and the eciuation is similar 
to the Morse inodifKvation of van’t HoiFs law. At high dilution molal 
and molar concentrations become identical and van't JiolFs law results 


TT - RTc. (xivni lloff) (9.31) 

TABU-: 9.7 

(^dFlh, JN (hlloBrn AT S5"C\ 


!Mok' fiML'liou 

71 from 

Vajiur I'rcssui'o 

Ideal 

TT 

Moi.se 

TT 

vaii'L J [off 

0.I-J7 

55 

51 

55 

47 


86 

80 

91 

69 

.298 

114 

113 

136 

90 

.412 

173 

171 

224 

121 

.526 

240 

241 

351 

151 

.020 

319 

313 

520 

173 

.720 

414 

412 

820 

198 

.cSOO 

525 

522 

1280 

218 

.860 

649 

640 

1960 

232 

.915 

827 

806 

3410 

241 


Table 9.7 shows the applicability of these equations to the ideal 
system of ethylene and propylene dibromides previously considered. 
The osmotic pressures in atmospheres arc calculated first from the 
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measured vapor pressures and then in turn by the ideal, Morse and van't 
Hoff equations. 

The concordance between the values in the second and third columns 
sul)stantiatcs the ideal equation. The last column shows that the 
van’t Hoff law must be restricted to high dilutions even for an ideal 
system while column four shows the Morse modification to be a marked 
over-correction of the deviations in vanT Hoff’s equation. 

The apiilicability of the ideal equation to the non-ideal sucrose 
system may be judged from the fourth column of Talde 9.6 where the 
values calculated by the ideal equation were included for comparison. 
The observed pressures are increasingly higher than those calculated as the 
concentration increases, being almost one humlred per ccntihigher as 
saturation is approached. i 

8. Molecular Weight Determination: The ideal cquatioVis which 
have been derived for the various colligativc properties, eithW in the 
exact ,or the more approximate form, involve the concentraticm of the 
solute. If, therefore, the magnitude of any colligativc property is 
measured for a known weight of solute, the molecular weight Inay be 
calculated on the assumption that the solution is ideal, which, in the 
general case, means sufficiently dilute. 

The freezing-point depression is the easiest of all the colligativc proper- 
ties to measure with accuracy in fairly dilute solution. The expression 
(9.15) previously derived for freezing-point depression is 

ATf = KfCy 


where c is the number of moles of solute dissolved in 1000 g. of solvent. 
If, therefore, w grams of solute of molecular weight M are dissolved in 
W grams of solvent 


M 


10 00 

W^Tf 


(9.32) 


In a similar manner the molecular weight of solute may be related to the 
other colligative properties. It must be observed hoAvever that the 
above two equations are only approximations for dilute solutions, even 
of constituents which would form ideal solutions. At higher concentra- 
tions of such ideal solutions, the accurate expression involving the mole 
fraction should be used and account must be taken of the change in the 
heat of fusion of solvent with temperature, since the temperature change 
may be quite large. 

It should be noted that since the above relation assumes the validity 
of Haoult’s law and since, in using the latter, mole fractions would be 
obtained by using the molecular weight of the solvent as vapor, the 
molecular weight of a solute calculated from any of the colligative 
properties of the solution is the molecular weight it would have in the 
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vapor phase. Furthermore, since tlie molecular weight of tlie solvent 
appears only in the molal freezing point constant K; and is there in the. 
form of Mol\fj which ratio is the reciiirocal of the latent heat of fusion 
per gram, the determination of molecular weights in solution is inde- 
pendent of the molecular weight of solvent. 

9. Non-Ideal Solutions: The deductions so far made, except where, 
otherwise si)ecifie(l, have assumed that the solutions consideretl were ideal. 
If, in a binary solution of two constituents A and II, the intermolecular 
forces are not the same, deviations from the ideal, for all the colligative 
properties, are to be exi)ectcd. 

Thus, for example, if the attrac- 
tion between a molecule of A 
and a molecule of B is less than 
that between two molecules of 
A or two molecules of B, the 
molecules of each species will 
be squeezed out of tlie liquid 
phase into the va]x^r phase and 
the measured partial pressure of 
each will be higher than that 
calculated by Haoult^s law. 

Such deviations arc termed posi- 
tive deviations and are illus- 
trated in Fig. 9.4. 

It is obvious from the figure 
that the partial pressure curve 
for a given constituent becomes 
asymptotic to the ideal (dotted) 
line as the mole fraction ap- 
])roaches unity. This is true 
since here the solution is dilute 
and Ilaoult^s law should be ap- 
proximately obeyed. As the 
mole fraction approaches zero, 
however, the solution is very 
concentrated, the deviation from 
ideality will be marked and the 
partial pressure curve makes a 
definite angle with the ideal line. 

Curves for systems showing posi- 
tive deviation thus have a definite bulge for the higher solute concentra- 
tions. At lower temperatures the decreased kincticenergy of the molecules 
will be less and less able to overcome the mutual attractions and the posi- 
tive deviation would be exjjected to increase, that is, the bulge in the curve 



Fia. 9.4. Positive Deviation from 
Raoul t's Law (Schematic) 




230 


ELEMENTARY PHYSICAL CHEMISTRY 


Ch. 9-9 


would become more pronounced and might tend to give a maximum and 
a minimum. This however does not happen, but, instead, the solution 
separates into two layers with a common vapor phase and hence a con- 
stant vapor pressure so long as the two layers exist. 

Water and methyl alcohol is a typical sj^stem showing a small positive 
deviation. The total pressure of the system rises steadily from that of 
pure water to that of the alcohol. With ethyl alcohol the deviation is 
more marked and a small maximum appears in the total pressure. In 
neither case however does a separation into two layers occur with de- 
creasing temperature since the 
solutions freeze first. With the 
higher alcohols, for example, 
butyl alcohol, a flatl maximuni 
appears in the totrJl pressure 
curve and two liquid layers can 
be o])tainod even at the boiling 
point of the pure alcoli\^)l. 

When the iuterniolecular 
forces between a molecule of A 
and one of B are greater than 
those for two molecules of A or 
for two molecules of B, each 
species becomes held in the 
liquid phase by the other and 
the escaping tendency ' to the 
vapor phase is reduced. The 
ol)Scrvcd vapor pressure will 
be less than that calculated by 
llaoult’s law; the system will 
show negative deviations. Fig. 
9.5 illustrates a tyjncal system 
si lowing negative deviations. 
The total vapor pressure curve 
sags below the ideal line and 
frequently will possess a marked 
minimum. Such selective at- 
Molc Fraction traction between molecules of 

Fig. 9.5. Negative Deviation from op])Osite species is the same as a 
Raoult^s Law (Schematic) terulency to compound forma- 

tion. The limit to negative 
deviation will thus occur when a stable comjround may be formed. The 
total pressure curve will have sagged until it reaches a zero value at the 
composition corresponding to the compound. If only one compound is 
formecMke partial vapor pressure curve of either constituent will be com- 
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posed of two parts touching the abscissa at the composition of the com- 
pound. Examples of systems showing negative deviations are hydro- 
chloric or nitric acid and water, acetone and chlnruform, or aniline and 
plienol. In the latter case a definite CA)ni])(>und is isolable. Eroin acetone 
and chloroform no compounds ca^i be isolated while in the acid solutions 
it is probable that hydrates are formed. The term comi)ound forma- 
tion used as an explanation of negative deviation should not necessarily 
be interpreted to mean the production of a chemically stable comi)ound. 
Any loose association su(“h as niiglit result from a mutual orientation of 
polar bodies would give rise to negative deviations. It is in fact signifnaint 
that negative deviations arc usually found where both constituents are 
l)olar. This is especially true iji aqueous solutions of electrolytes where a 
polarization of tlie diijole water molecules occurs, due to the electrical 
fields around the ions. 

It must be realized that, in general, when there exists a tendency to 
compound formation there will also be differences in the mutual attrac- 
tions between like sj)ecies which would give rise to i)()sitivc deviiitions. 
When the former predominates, the latter is obscured and a net negative 
deviation is found. That the two effects may exactly counterbalance 
is shown in the case of ethyl acetate or ethyl ether aiul water ^ which thus 
l)ehave ideally. Since the magnitudes of the positive and negative devia- 
tions depend on temperature it would be expe(‘tc(l that such i)seii do-ideal 
solutions would behave ideally only over a limited temj)erature range. 
Ethyl acetate and water show a freezing point depression curve that 
is ideal uj) to the limit of their solubility. This covers the temperature 
range from zero to —2° C. It seems probable that the system would not 
be ideal at tcmpcratuies far removed from this. It is on this account 
that the definition of ideal solutions given earlier stated that Kaoult's 
law must be obeyed at all tcm])eratures. 

The effect which these deviations would have on the other colligative 
properties can easily be seen. Since a solution will be saturated with 
one constitutent at a certain temperature when the partial pressure of 
that constituent is equal to the partial pressure of the solid form at that 
temperature, a solution showing a positive deviation from Raoult’s 
law will be saturated by a lower mole fraction than for the ideal case; 
a solution showing a negative deviation requires a higher mole fraction 
to build up the vapor pressure to the ideal value. In a similar manner, a 
negative deviation from Raoult^s law will parallel an increased freezing- 
point depression, boiling-point elevation and osmotic pressure above the 
ideally calculated values. In confirmation of this, Kendall has shown 
a progressive increase in the solubility of dimethyl pyrone in various 
acids as solvents in order of increasing acid strength. Table 9.8 gives 

^Kendall, Trans. Faraday Soc.^ 33, 4 (1937). 
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the actual data and shows the increasing tendency for compound forma- 
tion as the strength of the acid increases, reflected in the increased nega- 
tive deviation from Raoult^s law and increased solubility. 

TABLE 9.8 

Solubility of Dimethyl Pybone at 40® C. 


Solvent Mole Per Cent 

Acetic acid 40.2 

Formic acid 4G.8 

C'hloracetic acid 50.6 

Dichloracetic ac^id 53.5 

Trichloracetic acid. . . 54.3 j 


Such systems showing negative deviations from Raoult\4 law and 
correspondingly abnormal values of the other colligative properties were 
known to and studied by van’t Jlofl, especially aqueous sol ut ions of 
inorganic acids and bases, and most salts. To surmount the difficulty 
that the colligative properties were abiioniially large in comparison with 
the values calculated from the ideal equations, vaii’t Ilofi' suggested the 
inclusion in those equations of an em])irical factor i. Thus the van^t 
Hoff osmotic pressure equation became 

TT = iRTc. (9.33) 

Arrhenius first showed the factor i not to be constant but to increase as 
the dilution increased, and accounted for it by his ionic theory. In so 
doing Arrhenius virtually assumed that the non-ideality was only ap- 
parent and that if the partial dissociation of the electrolyte was taken 
into account no deviations would be found. This assumes that the ions, 
the undissociated electrolyte and the solvent are ideal and consequently 
the substitution of their true concentrations in Raoult's law or its eciuiva- 
lent should give satisfactory agreement. This is not found to be true 
and, as will be discussed later, ions in particular are far from being ideal 
constituents. It is interesting to note that when a strong salt solution 
(2-4 M) is used as a solvent instead of water, the ideal equations are 
obeyed up to concentrations of solute one hundredfold greater than those 
when water alone is the solvent.^ The use of a salt solution as solvent for 
another salt as solute automatically produces the ideal environment for 
the solute in that the forces acting between the particles in the solvent 
are similar to those in the solution, yielding an electrical environment for 
the solute ions which will be constant so long as the solvent salt is in 
large excess. 

1 B^oRsted, Z. physik. Chem., 103, 307 (1922). 
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The assumption by Arrhenius that the constituents of solutions of 
electrolytes are ideal is similar to that which is made, probably ovcmi more 
frequently’’, in the interpretation of molecular weight determinations in 
systems showinjz; positive deviation. In such systems apidication of the 
usual equations which were derived for dilute ideal systems will p:ivo 
apparent molecular weights greater than the true values. This is 
frequently interpreted as indicating an association of the solute. While 
it may be true in some cases that association does occur, the evidence is 
by no means certain and in many cases is due simply^ to the application 
of an approximate ideal equation to a non-ideal sy’stem. It may^ be 
repeated, as already showm, that freezing-point depression measure- 
ments, for example, ydeld molecular weights ior the sohitc as vapor and 
such evidence for association, even if true, is not indicia, tive of the condi- 
tion of the solute in the solution, although if the sfilute is associated as 
vapor it will probably also be associated in solution. The uncciuivocal 
interju’ctation of ap])arent inolociilar weights obtained from measure- 
ments of the colligativc properties of solutions is cxi-rcjnely dillicult. 

Kxkrcibes (9) 

1. The specific gravity of a 10 per cent ]v 2 SO,i solution at 20° C. is 1.0817. 
Calculate the molar, inolal, normal and mole fraction coitipositions. 

2. A solution of 2A7 g. etJiyl benzoate in 100 g. hcnztnie lias a vapor pressure 
at 80° C. of 742.0 mm. Benzene at this temperature has a vapor pressure of 
751.86 mm. C'alculate the molecular weight of etliyd benzoate. 

3. Given that the demsity of benzene at 80° is 0.8149, calculate the osmotic 
pressure of the solution in question 2. 

4. The vapor pressure of propylene dibromide at 85° ( ■. is 128 mm. That of 
etliylene dibromide is 172.0 mm. Calculate the concentration of a solution for 
which the partial vapor jiressure of each constituent is the same. 

5. The latent heat of fusion of benzene is 30.5 cal. per gram. The melting 
lioint of benzene is 5.4° C. C Calculate the molecular freezing point lowering. 

6. The latent heat of fusion of anthracene is 38.7 cal. per gram. The melting 
point is 217° C. Calculate its solubility^ in terms of mole fra(;tioii in an ideal 
solution at 25° C. 

7. 4.04 g. benzoic acid lowers the freezing point of 100 g. acetic acid 1.215°. 
4.725 g. benzoic acid lowers the freezing i)oint of 100 g. benzene 0.983. If the 
molecular freezing point lowa^rings of acetic acid and benzene arc 3.9° and 5.1° 
respectively, calculate the apjiarent molecular weight of beiizoicj acid in each 
solvent. 

8. IIow accurately in degrees must a thermometer be readable in order to 
obtain a molecular weight around 200 accurate to one per cent if one gram is 
dissolved in 100 g. water (a) for a freezing point, and {h) for a boiling point 
determination? 

9. What is the ratio of the vapor pressures of tw'o solutions containing respec- 
tively?- 1 and 0.3G mole 112804 in 100 g. water, if the mean value of the van’t Hoff 
factor i in this range is 2.22? 
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10. The observed osmotic pressure of a molal solution of sucrose in water at 
30° C. is 27.22 atm. The vapor pressure of water at 30° C. is 31.824 mm. Calcu- 
late the vapor pressure of the sucrose solution. 

11. 0.4559 g. iodine raised the boiling point of 30.14 g. ether from 35° to 
35,126° C. The heat of vaporization of ether is 90 cals, per gram. Calculate 
the molecular weight of iodine. 

12. The observed osmotic pressure of a 2.0 molal solution of sucrose in water 
at 30° C. is 58.37 atms. Calculate the freezing point of such a solution. 



CHAPTER 10 


CHEMICAL EQUILIBRIUM 

The relationfilii]’) between equilibrium and the drivinj; force of chem- 
ical reactiojis has already been discussed. The devTloi)ment of this re- 
lationship has been gradual. Bergmanu who compi!e<l 'Tables of 
Affinity’ (1775) was unaAvare of the concept of eejuilibrium except as the 
affinities of the elements were modified hy differenli jihysical conditions. 
His order of affinities was different 'in fire’ and 'in wa,ter.' Wenzel, 
hoAvever, in 1777, suggested that quantity as wefi as chemical nature 
affected the rate of chemical action l)iit this suggestion was api)arcntly 
unnoticed until long afterwards. 

The next important step in the (level oi)ment of the sul)ject caine in 
1799, when Berthollet suggested that large (juantity of a nuiteriaJ might 
ovei'come a weak affinity, and pointed out that the sodium carl)onate 
deposits of Egypt miglit havm been formed from calcium carbonate and 
salt, the great masses of the latter serving to reverse the usual reaction. 
This is certainly very nearly a ^‘inass law,’^ hnt unfortunately Berthollet 
himself confused the situation by maintaining that mass could affect not 
only the direction of a reaction Imt also the ratio in which the substances 
combine. This brought him into diffic-ulties with the law of definite 
proi)ortions, just then being placed on a linn ex])orimental ba,His, and in 
the ensuing controversy Berthollct^s conclusions were discredited. 

Advances resulted when quantitative experimental investigations be- 
gan to supplement h5q)othetical assertions. The investigations of Rose 
suggested the importance of (piantity in affecting (diemical action; 
AVilhelmy in 1850 made the first (luantitativc study of the rate of a 
chemical reaction; Malaguti showed in 1853 that many reactions are 
reversible, and others added individual facts upon Avhich a theory could 
be l)uilt. 

Finally, Berthclot and St. Gilles in 18G2-3 carried out an extensive 
investigation of the equilibrium betAveen acetic acid, ethyl alcohol, ethyl 
acetate, and Avater, and slioAved that their data could be represented 
mathematically by the identical expression which the present “mass law'’ 
would give for this reaction. 

It remained, hoAvcver, for Guldberg and Waage in 1804-7 to enunciate 
the generalization which expresses essentially Avhat is called the law of 
mass action," and to point out clearly the general reversibility of chemical 
reactions, and the conditions which exist at equilibrium. Guldberg and 
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Waag^e stated essentially that the rate at which a substance reactb is 
proportional to its ‘^active mass/^ and that the rate of a chemical reaction 
IS ttve actwe masses oi Um substances 

reacting; thus, if we consider the reaction, 

A +Jf = C + I>, (10.1) 

the rate of the reaction at any given tunc, from left to right, is given by 
the expression 

Vi = ki X Aa X Ajj, (10.2) 


where A a, etc., represent the active masses of A and B present at that 
time. 

If the reaction is reversible, the rate of the opposing reacjtion is then 

V 2 = /c2 X Ac X An. \ (10.3) 

If both reactions occur simultaneously, a condition will eventually be 
reached in which Vi — V 2 , when, from equations (10.2) aW (10.3), 
we have \ 


^ _ Ac An 

Aa X Aji 


(10.4) 


Equilibrium is thus considered as a dynamic condition, in which two 
opposing reactions occur at equal rates, and the “equilibrium constant,” 
K, is simply the ratio of the two separate velocity proportionality 
constants. i 

Guldberg and Waage recognized the difficulty introduced by the use 
of the term “active mass,” and pointed out that apparently “molecular 
concentration” could be substituted therefor in the case of dissolved or 
gaseous substances, and that the active mass of a solid may be considered 
as constant. 


The Condition of EQUiLinitiUM in a Chemical Reaction 

1. The Reversibility of Chemical Reactions: Numerous experimental 
investigations have demonstrated the reversibility of particular chemical 
reactions, and have determined the condition of equilibrium under differ- 
ent conditions of temperature and pressure. Furthermore, the applica- 
tion of the principles of thermodynamics to the energy changes accom- 
panying chemical reactions has led to noteworthy advances in our 
knowledge of the relations existing at equilibrium, and many important 
technical chemical processes owe their existence to these advances in 
theory. In the older literature the term ‘ reversible reactions ’ is frequently 
limited to reactions which have been experimentally carried out in oppo- 
site directions. There is no reason to believe, however, that any reaction is 
not rfiVftrsible, at least for the purpose of theoretical considerations. The 
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fact that an equilibrium may lie so far on the side of complete reaction 
in one direction as to fail of experimental measurement, or the fact that 
the rate of chemical reaction in a given case may be so slow as to prevent 
the establishment of equilibrium under the conditions investigated, need 
not prevent us from considering the condition which must prevail at 
equilibrium in these same reactions. Every reaction will be consi<lcrod 
reversible, proceeding eventually to a state of equilibrium determined by 
the temperature, the pressure, and the proportions of the reacting 
substances. 

2. Chemical Equilibrium from the Standpoint of Kinetics: The 

Mass Law as derived by Guldberg and Waage was based essentially upon 
consideration of the kinetics of chemical reactions. For a reaction be- 
tween gases, an expression equivalent to equation (10.4) may be derived 
(Chap. 15, Section 9) from theoretical considerations, based upon the 
kinetics of moving gas particles and simple assumptions coiKTrning the 
relation between the collisions of the reacting species and their chemical 
reaction. Thus, for the reaction, 

II 2 + l2 == 2III, 


we can derive an expression for the Law of Mass Action of the form 




( 10 . 5 ) 


which may also be written in terms of the partial pressures of the reacting 
gases, thus: 


2 

Phi 

Pllz ^ P12 


(lO.G) 


We may generalize this result for the reaction. 


aA + hB = c(7 + dD, 


and obtain, by the same type of reasoning, 


Pr X v% 

a vx b ~ 

Pa X Pj3 


( 10 . 7 ) 


The equilibrium constant K may be regarded as the ratio ki/k^ be- 
tween the velocity constants of the forward and opposing reactions. 
Where both of these velocities arc measurable the value of K may be 
deduced. This was done by Bodenstein in the case of hydrogen iodide 
and good agreement was found between this ratio and actually determined 
values of the equilibrium constant. Furthermore, from the value of K 
and the velocity constant of the reaction in one direction, the velocity in 
the reverse direction may be deduced. 
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Z. Chemical Equilibrium from the Standpoint of Thermodynamics: 

From the form of the cx])ressions already given for the equilibrium con- 
stant it is evident that the constant is determined by the nature of the 
reaction as expressed in the equation. A reaction may follow a course 
quite different from that indicated by the reaction equation and, in many 
cases, follows a (piite obscure or even unknown course. It is desirable, 
therefore, to have some otlier method of approach to the problem of the 
equilibrium state and this is to be found, as already indicated in Chapter 
8, in the thermodynamic method. 

From equation (8.84), for a change in free energy between two pres- 
sure limits Pi and p 2 , AF = FT" In (P 2 /P 1 ). Use of this expression leads 
to a deduction of the law of mass action for a gaseous system /obeying the 
perfect gas laws. I 

(kmsider two equilibrium systems, I and II (Fig. 10.1), kt the same 
temperature, T, each containing different mixtures of the gases! hydrogen, 
oxygen and water vapor, both mixtures being, however, in the state of 











H^O 


Equilibrium 
Mixture I 
of 

H2-O2-II2O 









Jb- 


HjjO 


Equilibrium 
Mixture II 
# of 

H^Oz-HgO 


Fig. 10.1 


equilibrium. Let the two systems l)e so large that removal of small 
quantities of the reacting species does not alter their composition appre- 
ciably; let them be contained in vessels provided with membranes each 
of which is permeable to one of the respective gases and no other, and 
leads to a cylinder provided with a piston by means of which a given 
component of the mixture may be withdraivn or added to the system. 
With the aid of these two vessels a series of changes are made so chosen 
that, at the end, the initial state of the system will be reproduced. The 
operations will therefore be units in a complete cycle. Since the thermo- 
dynamic functions I/, A, and F are independent of previous history, 
functions only of the state of the system at the given moment, it is 
characteristic of such cyclic processes, when conducted isothermally and 
reversibly, tliat these several functions are unchanged upon completion 
of the cycle. For an isothermal and reversible cycle, the sum of all the 
free energy changes is equal to zero, iJAF = 0. 
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The cycle to be performed in this case is the removal of 2 moles of 
hydrogen and 1 mole of oxygen from 1, cx])ausiou to the pressures of 
these gases in II, insertions of those gases in II, reaction there to form 
water vapor, removal of 2 moles of water vapor from 11, conversion to 
the jiartial i)ressure of water vai)or ])revaleiit in 1 and insertion of the 
vapor in I followed its reaction at equilibrium to form hydrogen and 
oxygen. If we assume tliat the two systems are so large that removal of 
small quantities of the reacting s])ecies does not alter the ])revailing 
compositions in I and II ap])reciably we shall disturl) the e(]uili))rium 
negligibly. 

Step (1): WithdraAV 2 moles of hydrogen and 1 mole of oxygen at the 
respective partial pressures pu^ and po., at which tliey are ]ires('nt in the 
equilibrium system I. Tlie free energy increase for tliis step is evidently 
zero since the condition of eciuilibrium is not measurably distiii bed, that 
is, AFi - 0. 

Step (2): Change reversibly the ])ressiires of the two gases to p\^^ and 
pQ^ at which they exist in the equilibrium system 11. Tlie free (mergy 
increase for this ste]) is 

/ ; 

^F^ = 2RT In — = + RT hi > (10.8) 

Pjfi Poy 

since 2 moles of hydrogen and 1 mole of oxygen lire involved. ’ 

Step (3): Introduce the gases into the equilibrium system 11. Since this 
docs not measurably disturb the eciuilibrium, we have agaiji zero free 
energy change, AF 3 = 0. 

Steps (4), (o) and (6): Carry out a similar scries of steps l)y wliich 2 moles 
of water vapor are removed from system II, the j>artial pressure clianged 
from Pii^o to pu^Qj and introduced into system I. 

AF i = 0; AF^ = 2RT\\\ (pn^o/PiTao) J AFq = 0. 

Now from the relation l^AF = 0 it follows that, 

/ t 

2RT In ^ + Ter In ^ + 2RT In = 0. (10.9) 

V 1 I 2 P^H ?hl20 

Or, rearranging, 

RT In , = RT hi ) (10.10) 

ViH X Vot vh-i X Po, 


/2 2 

_ PlT^O 
7^5 I T~ "2 


( 10 . 11 ) 


whence. 
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Now the two systems chosen were any two systems in which hydrogen, 
oxygen and water vapor were in equilibrium at the given temperature. 
Hence, for all such systems the expressions relating their partial pressures 
will be equal. Hence, we may write for all such equilibrium systems 


Vw^o 

Via .2 X P02 




( 10 . 12 ) 


which expression is none other than the expression for the law of mass 
action, for gases which obey the gas law, identical with that derived by 
kinetic methods. 

We may generalize this result for any reaction in a dilute gaseous 
system of the form i 

aA -|- hE = cC -}- dX) H- • ■ ■ \ 

and obtain the cxi)rcssion already given in equation (10.7). \ 

4. The Mass Action Law Applied to Dilute Solutions: Alsimilar ex- 
pression results for all equilibria occurring in a dilute solution whose vapor 
obeys Henry’s law and the ideal gas law. The procedure i^ identical 
with the preceding except that the two equilibrium systems are liquid 
and the transfer of each solute from one concentration to tlie other is 
done by first vaporizing it from the solution. Alternatively, use may be 
made of the osmotic work involved in the transfer of material from one 
concentration to another. In either case the final result is that 


Xc X x% 

X Xji 


= A' 


(10.13) 


where x is the mole fraction of the substance in question, 
be sufficiently dilute we may write 

X Cy^ 

A Cy, 


If the solution 


(10.14) 


where c is the molecular concentration, expressed as moles of solute per 
1,000 grams of solvent. 

5. The Relationship between Kp, and Kc- In gaseous systems 
which obey, approximately, the gas laws, we may derive the relations 
existing between these several forms of the equilibrium constant for the 
general reaction 

aA + 6i? = cC + dD. 


If P represents the total gas pressure, then the mole fraction of any 
constituent, e.g., xa is given by the expression pa = xaP- Hence, for 
Kp we may write 


Kp = 


Xn X X 


X X 


P pic+d-a-b)^ 


• ^ 


(10.15) 
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whence 




K„ = A'. X 

(10.16) 

and 




= K„ X 

(10.17) 


It is at once evident that, for a reaction without change in the number 
of molecules, as, for example, 


IToO + CO = IT 2 -f CO 2 

the two quantities Kx and Kj, are (njual since a h ^ c d. For a 
reaction involving a change in the number of molecules, as, for example, 

2CO + O 2 = 2COo 

it is evident that, in this case, Kx = Kp X F, since a + 6 — c ~ 2 
+ 1-2 = 1 . 

For ideal gases, tlie relationship l)ctwecn p and c is derived from the 
fundamental equation pv = 71 RT and, since 'n/v = c, where c is the 
concentration in moles per litre, it follows that p = cR2\ Hence 

A'p = X (10.18) 

or 

Kp = Kc X (10 JO) 

or 

Kc = Kp X ^). (10.20) 

Here, also, Kc and Kp are numerically eiiual for gas reactions involving 
no change in the number of molecules. They differ by the factor 
^vhen a + ?; — c — d is not equal to zero. 

In the case of homogeneous equilibria in licpiid systems, Kp is, obvi- 
ously, not employed. In this case cither Kx or Kc are used to express 
the equilibrium conditions. 

6. Activity and Equilibrium: In the discussion of free energy in 
Chapter 8 its relationship to the empirical function, activity, was defined 
by the equation (8.93) : 

F = RT\n a F\ 

where F^ is a constant which may be arbitrarily defined in reference to 
some standard state. The use of the activity concept in a general 
specification of equilibrium may be shown by the following consideration. 
Consider the reaction: 

aA + bB = cC + d/L 

Applying the definition of activity to each reactant and resultant: 

(^ _ In aA; (F — F^)ii = b RT In 

(F - F^)c = cRTlnac; {F - F% = dRT In an. 
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The total free energy change resulting from the disappearance of reactants 
and production of resultants will be: 

c d 

:(F -F’‘)c+ {F - F^)d - (F - F'‘U - (F - F'>)nJ = RT In ■ 
This may be simplified into: 

c d 

AF - AF« = RT In > (10.21) 

where AF — Fc + Fd — Fa — Fn and AF^ - FV + F^d — F^a — F^b. 
For a reaction system in equilil)rium, AF must be zero. Hence 

c a 

Cif~> ~ (1 I 

- = RT In -J—j , 1 (10.22) 

where a now represents the equilibrium activity value. However, since 
the F^ values are constants, AF° is also a constant. \ 

Hence \ 

Aa=-^F- (10.23) 

an equation, identical in form with those lu’eviously derived but having 
the advantage of being exact and of general applicability. 

For the majority of gaseous reactions and for those reactions in solu- 
tion which do not involve electrolytes the difference between Ka and 
either Kp or Kx is negligible. For gas reactions at high pressures as will 
be shown, Jij, is not constant while Ka, were data available for its calcu- 
lation, would be found constant under all conditions. Its value would be 
approximately that found for Kp at high temperatures and low pressures, 
when the reacting gases are most nearly ideal. The absolute necessity 
of using Ka in considering ionic equilibria will be shown in Chapter 14. 

7. The Free Energy Increase Accompanying a Gaseous Reaction: 
An expression of extraordinary utility giving the increase of free energy 
in a reaction between gases will now be derived. We shall examine the 
increase of free energy which occurs when 2 moles of hydrogen and 1 mole 
of oxygen at their respective partial pressures pu^ and pon react to form 
2 moles of water vapor at the partial pressure, pu^o, at a constant tem- 
perature, T. Again we shall make use of a large equilibrium box con- 
taining these several gases in equilibrium with one another at pressures 
Phjj P 02 Ph 20 * The box is to be regarded as fitted with semi- 

permeable membranes, cylinders and pistons as formerly. The mode of 
conduct of the reaction is as follows: 

Step 1 : Change the pressure of two moles of hydrogen and one mole of 
oxygfciB respectively from P 02 Ph 2 P 021 change being 
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conducted isothermally and reversibly. The increase of free enerj;y is 
given by the expression 

/ f 

AFi = 2RT In — ? -f- RT In ^ - (10.24) 

Pllj P ()2 

Step 2'. Introduce these gases through tlicir respective seinipormeablo 
membranes into the equilibrium box. Simultaneously'', witiulraw from 
the box 2 moles of water vapor tlirongh its own semipermeablc membrane. 
During this process the hydrogen and oxygon introduced react in the box 
to form water vapor thus keeihng the comjiosition of the reservoir oiily 
infinitesimally different from the equilibrium comlition. Since the i>ar- 
tial iiressures of the gases introduced and withdrawn are equal to the 
corresponding pressures in the reservoir, none of the ]^rocesses occurring 
in Step 2 involves any cliange in free energy, that is, AF * = 0. 

Bltp S\ Change, isothermally and reversibly, tlie jiartial pressure of the 
2 moles of water vapor from to Piuo, tln^ pressui e of tlie water va,por 
in the reaction under study. As before, this involves a free energy 
increase 

AF, = ■ (10.25) 

PllaO 

Hence, for the total reaction we have 

/ r 

AF = AFi + AFi + AFi = 2K7’ In In ■— + 2RT In 

P1I2 P02 PU2O 

or, rearranging, 

AF = RT In RT In — 

PUz ^ P 02 PUi ^ PO 2 

2 

= flr In RT In K\,. (1 0.2G) 

Vli^ X 7)oj 

From this equation, it is evident that the free energy increase, which 
results when hydrogen at 1 atmos. jiartial jiressure reacts with oxygen 
at 1 atmos pressure to yield water vapor at 1 atmosphere pressure, is 
given by the exiDression 

AF« = - RT ]ji Kp. (10.27) 

In general, for the equation 

aA A- hB = cC A- dD 

AF = RT In - RT In (10.28) 

Pa X p„ 

or if = pb = Pc = Pd = 1, 

AFo = - fir In Kf. 


(10.29) 
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In this expression we have a method, auxiliary to that already given 
(the determination of cJcctromotive forces of suitable cell reactions), for 
determining the free energy increase of a chemical reaction. All that is 
necessary for the calculation is an experimental measurement of equi- 
librium at the temperature in question. Given such, we can determine 
the value of AF for a given reaction under given conditions and can then 
predict whether or not the reaction can occur spontaneously, since spon- 
taneous change can occur only in the direction of free energy decrease. 
A negative value of AF, therefore, for a chemical reaction written in a 
given sense indicates that spontaneous reaction is possible in that sense; 
a positive value indicates that the reaction can occur spontaneously only 
in the opposite sense. 

The Variation of Equilibrium Conditions with 
Pressure and Concentration 

8. The Le Chatelier-Braun Principle: A state of 
chemical reaction is determined by the temperature, pressur^, and pro- 
portions of the substances present. Changes in the conditibn of equi- 
librium are brought about by a change in one or more of the variable 
factors involved. 

Qualitatively, these changes may be predicted by the use of the 
theorem of Le Chatelier-Braun, which may be stated as follows: If a 
change occurs in one of the factors determining a condition of equilibrium^ 
the equilibrium shifts in such a way as to tend to annul the effect of the change. 
From this statement, it follows that the effect of aft increase in tempera- 
ture, all other factors remaining constant, is to shift an equilibrium in the 
direction in which absorption of heat occurs, as this change would tend 
to annul the effect of the heat added in changing the temperature; the 
effect of an increase in pressure will be to shift the equilibrium in the 
direction in which a decrease in volume occurs, as this change would tend 
to annul the effect of the increased pressure; an increase in the concentra- 
tion of one of the substances present at equilibrium will shift the equi- 
librium in such a way as to tend to decrease the concentration of that 
substance. This principle is an extremely useful one, and serves not only 
for purely qualitative predictions, but also as a check upon the quanti- 
tative results in which errors of calculation may appear. 

9. The Effect of Temperature upon Chemical Equilibrium : Quantita- 
tive information as to the effect of temperature may be obtained by a 
suitable combination of two expressions already derived for the free 
energy increase of a chemical reaction. The relaticjii between the increase 
of free energy and the increase in heat content is given by the expres- 
sion (8.88) 


Temperature, 


equilibrium in a 




( d{AF) \ 

AF-A7/ = r(-~)^ 
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Combining this expression with equation (10.2S) we obtain 


= VrXl>1, 


(lO.SO) 


Also, from equation (10. 2S) hy dilTcrentiatiu”; with i*esi)ect to tempera- 
ture, we obtain ^ 

d(AF) (I\n Kp Pc ^ p1) 

^ ^ 7^v““ 

ai (1,1 p pjf 


Combining equations (10.30) and (10.31), it follows that 

dluKo Alf 


(10.32) 


d In Kp _ Ml 
dT ~ RT^ 


(10.33) 


and, since, AIT = — Qp, where Qp is the lieat evolved wiien the reaction 
is conducted at constant pressure, it follows that 


d In K, 


(10.34) 


Since Kp = iv,(7i*'r)“” where n — a-\-h — c — d we may write 
In Kp = In Kc — u In K7\ whence 


d hi Kc ndlnRT 
dT dT 


(10.35) 


rfln Kc Qp n _ Qp — n RT 

dT ^ ^ ~ lir^ '^T~ 


(10.30) 


since, :is already sliown (Chapter 2), Qp = -t- w RT. Similarly, since 

Ep = X P-" 

^ . no 371 

dT dT HT^ ^ ‘ ^ 


(10.37) 


^ In performing tliis derivation wc use the relation d{iLv) — udv + vdu. Hence 
d{RT In Kp)ldT = R In Kp — RTd In KpjdT. Mote, also, that, since pa, pSf Vv 
and pd are all arbitrarily chosen 


RT { dlii-~ 


h'XP n / 
1 X / “ 


dT ] = 0 


since pA, ps^ pc and pn are independent of temperature. 
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For reactions at constant pressure, P, the second term is independent of 
temperature. Hence 


d In Kx Qp 

dT ^ ~ ^ ’ 


(10.38) 


10. The Equation of the Reaction Isochore: van’t Hoff derived this 
expression for the relationship between Kp and temperature. The ex- 
pression may be brought into a form more suitable for use in short tem- 
perature ranges over which it may be assumed that AH = — Qp is 
constant and independent of the temperature. Under such circum- 
stances the integration yields 


In Kp = - {AII/RT) + (7, j (10.39) 

where C is an unknown integration constant. This unknowm con- 
stant can be eliminated by taking two values of T, whenpe In Kp^ — 


- (AH/RTi) + C; In Kp^ = - {AH/RPA + C, or 

All f 1 1 \ 

Kp, - In Kp, - - ^ ( 7 -; “ tJ 


In 


\ 

\ 


(10.40) 


After change to common logarithms and insertion of the numerical value 
of R the expression becomes 



This equation is widely used for the calculation of the effect of tempera- 
ture upon equilibrium in cases where the heat of reaction is known, and 
also for the calculation of the heat of reaction where the equilibrium 
constant is known at more than one temperature. Even if AH is really 
dependent upon temperature the equation usually gives approximately 
correct results if the interval between Ti and T-i is not too great. 

11. The Nemst Approximation Formula: The variation of AH with 
temperature is generally representable by an expression in ascending 
powers of T of the form 

AH = AHo + qT + + XsT^ + . . ., (10.42) 


in which case the expression for Kp becomes 

dT RT^~^ RT'^ 2 R'^ ^ R ^ 


(10.43) 


and, by integration, 
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Since AF“ 

= — fir In Kp, we obtain the e.'cpression 

AE" = Alia — 23’ In T — IrT^ - IsT^ ... - C'T. 

(10.45) 


Because the variation of AH with temperature requires laborious measure- 
iiicnts of specific heats and since also it is necessary still to obtain a value 
of C from at least one experimental determination of equilil)rium, Kernst, 
in 1900, from considerations based upon his famous 'Heat Theorem/ set 
up an expression which approximatelj'^ expresKScs the variation of Kp with 
temperature. The expression runs thus: 

log A'p = + I'n 1.75 log T + (10.46) 

Here, = c + d — a — &; the values of C for a number of the simpler 
gases arc to be found in the subjoined table. 

TABLIO 10.1 


II 2 

l.G 

(Conventional ChiKMicAL 

11(3 3.0 NoO . 

Constants 

3.3 

. . . 3.3 

(TT 4 

2.5 

K 2 

. . . . 2 .fi 

IlBr . 

3.2 Nila 

Cdlo. . .. 

. . . . 2.0 

O 2 . ... 

.. .. 2 .S 

Ill 

. . 3.4 II/) 

.. .3.5 IJ 2 S.. 

3 () 

C 2 IT 4 

. . .2.S 

('J 2 

3.1 

CO , . 

. . . 3.0 

C 2 U 2 ... 

. .3.2 

Bro . . 

... 3.2 

CO 2 .... 

... 3.2 (’S 2 . . 

3.1 

cyio. .. 

.. .3.0 

I 2 

3.9 

NO .. 

.. 3.5 SOj. 

3.3 

ecu . . 

... 3.1 


12. The Effect of Pressure upon Chemical Equilibrium: The qualita- 
tive effect of pressure is given by the Le Chatelier-Braun principle. The 
effect of an increase of pressure is to shift the etpiilibrium in the direction 
in which a diminution in volume occurs. It follows, therefore, that in- 
crease of pressure has no effect on reactions which occur without change 
in the number of molecules. 

The variation of the equilibrium constant with pressure can be studied 
with the aid of the free energy equation (10.28) 

AF = RT In - RT In Kp. 

Pa X Pjj 


^ N otc : The N ernst school has normally employed the approximation formula 
in the form 

Qp 


log Kp = - 


4.57r 


+ L'/i 1.75 log T + XnC. 


T XI • , r. , F reactants , , . , 1 mi 

■I n this case A p is denned as and 2n as equal to a + h — c — d. 1 ho 

P resultants 

differences are contained in these definitions of Kp and Sn. 
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The free energy increase is the difference of two energy quantities, F\ and 
which characterize the initial and final energy states of the S3^stera, 
independent of tlie manner of their attainment, in this case independent 
therefore of the pressure in the eciuilibriurn box. Similarly, since pc, pj?, 
pA and p]i arc arbitrarily defined and independent of the pressure, it 
follows that /Vp must also be independent of the pressure. Note, however, 
that this only applies in so far as the above equation is applicable. 
Reference to the deduction of this expression will show that, in its deriva- 
tion, the gas laws were assumed. Hence, the expression is only valid so 
long as the gas laws are obeyed. Over this range, however, the value of 
Kji should be sensibly constant. With both ideal and non-ideal systems, 
the equilibrium constant Ka is independent of pressure. j 

The effect of pressure in shifting tlie i)Ositi()n of equilibrniin and the 
constancy of /vp over moderate pressure ranges in which the gas laws may 
be said to apply, can both be illustrated by the data on equilibrium in 
the gas reaction involved in the technical synthesis of ammonia at elevated 
pressures by passage of the reactants, nitrogen and hydrogen, over 
catalysts such as iron containing small amounts of acidic and basic oxides 
(AI2O3, KOII). The data given are due to Larson and Dodge.^ 


TABLE 10.2 

Per Cent of NITj in ICoTiiLmiiuiM with a 1 :3, N2— H2 Mixture 


Tempera- 

Pr(‘ssm fs 1 ti A 

ture “ C. 

10 

30 

50 

100 

300 

coo 

1000 

325 

10.38 







350 

7.3r) 

17.80 

25.11 





375 

5.25 

13.35 

19.44 

30.95 




400 

3.85 

10.09 

15.11 

24.91 




425 

2.80 

7.59 

11.71 

20.23 




450 

2.04 

5.80 

9.17 

J6.3() 

35.5 

53.0 

09.4 

475 

1.01 

4.53 

7.13 

12.98 

3L0 

47.5 

03.5 

500 

1.20 

3.48 

5.58 

10.40 

20 2 

42.1 

— 


It will be noted that 7vp is constant over a greater pressure range the 
higher the temperature. This would be expected since the higher the 
temperature the more nearly ideal is the behavior of gases. 

Homogeneous Equilibrium in the Gasioous Phase 

A number of examples will now be discussed, for which exi)eriinentMl 
measurements of the equilibrium position have been made and with which 

1 J. Am. Chem. Soc., 45, 2918 (1923); 46, 367 (1924). 
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TABLE 10.3 

EQUILllUiTrM C'ONSTANT 


K = 

px/- X 


Ti'injicia- 



nif'.surt s in Atiiids 

plicros 



tuii" “ C. 









10 

30 

.-'lO 

JOO 

300 

000 

1000 

3:)0 

0.0200 

0.0273 

0.027S 





375 

O.OISI 

O.OISI 

0.0 ISO 

0.0202 




400 

0.0129 

0.0129 

0.0130 

0.0137 




425 

0.00919 

0.00919 

0.00032 

0.009S7 




450 

0.00059 

0.00670 

0.00()90 

0.00725 

0 . 00 .SS 1 

0.01291 

0.02:^28 

475 

0.005 LO 

0 00515 

0.00513 

0 00532 

().0(Ui71 

0.00S95 

0.01193 

500 

0.003S1 

0.003S0 

0.003SS 

0.00402 

O.OOl'JS 

0.00651 



the r(?liitioiishii)s established in the i)rcce(liiig theoretical treatment can 
1)0 illustrated. 

13. Reactions without Change in the Number of Molecules: These 
systems are iiidcpeiidciit of tlio total ])ressurc so long as the gas laws 
al)pl 3 ^ The classical exam])le was studieil by Bodenstoiii, tlie formation 
and dccomi:)osition of hydi’ogen iodide, 

112 d- I 2 - 2111. 


Tf a represent the number of Jiioles of II 2 taken at the start of the reaction, 
h the number of moles of I 2 , 2x tlic numljcr of Jiioles of 111 formcMl after 
ecpiililndum lias been readied, and P the total pressure, we have, for the 
e(]uilibrium partial jiressures, 


Pn, 

licnee 


(a - x)P {h - x)P {2x)P 

a " a b a + b 


I\. p 


P ni 

Pjj, X 7b. 


4x^ 

{a — x)(b — x) 


(10.47) 


The equilibrium has been very carefully studied by Taylor and Crist ^ 
from both directions, of combination and ^lecomposition. In Table 10.4 
are given data for a tjqiical temperature. The values in tlie last cuilumii 
are the equilibrium constants corrected for the hydrogen lost by diffusion 
through the walls of the quartz reaction cells during the experiments. 

Tlie variation of the equilibrium constant with temperature was 


1 A. H. Taylor Jr. and R. H. Crist, J. Am, Chem. Soc., 63, 1377 (1941). 
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TABLE 10.4 

Equilibrium Data, 2PII = H 2 + I 2 
Temperature = 698.6° K.; K = 1.812 ,005 X 10~® 


Mole/cc. 

Mole/co. 

Moitj/cc. 

Mole/ee. 

K 

■^corr. 

Ha start 

X 10® 

1 2 equil. 

X 10= 

Ha equil. 

X 10= 

HI equil. 

X 10= 

X 10® 

X 102 


Combination 


1.1148 

0.17069 

0.29070 

1 .6482 

1.827 ( 

1.803 

1.1354 

.12500 

.35600 

1.5588 

1.831 1 

1.807 

1.1337 

.07378 

.45647 

1.3544 

1.835 ' 

1.812 

1.0678 

.23360 

.22523 

1.6850 

1.853 

\ 1.829 

1.0667 

.31292 

.18313 

1.7671 

1.835 

\ 1.808 

Decomposition 

\ 


.04789 

.04789 

0.3531 

1.840 

1.812 


.11409 

.11409 

.8410 

1.840 

1.813 


.04953 

.04953 

.3655 

1.832 

1.809 


found to be in agreement with that calculated by MurpJiy ^ from the 
partition functions of hydrogen, iodine and hydrcfgen iodide based on 
spectroscopic data and is given by the equation, 

- R In K = 734.05/T - 1.5741 In T + J(1.G266 X 10“^) T 

- K2.973 X lO-^T^ _|_ 12.6934. (10.48) 

14. The Water Gas Equilibrium: This reaction, expressed by the 
equation 

CO 2 + H 2 = CO + H 2 O - 9.81 kcal., 


is of technical importance in the fuel bed of producers, water gas genera- 
tors and the like. It is also the basis of a process for the technical pro- 
duction of hydrogen. At a temperature of 1000° C. the equilibrium 
constant, 


Pco X PHjO 

, 

PCO 2 X 


(10.49) 


has a value of 1.69. In agreement with the Le Chatclier-Braun principle, 
since the reaction as written is endothermic, high temperatures favor the 
presence of carbon monoxide and steam, low temperatures the formation 
of hjfdjrogen. In accordance with this, water gas, which is made by the 


1 G. M. Murphy, J. Chem. Phys., 4, 344 (1936). 
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action of steam on coke, should be produced at a hish temperature to 
prevent excess of steam converting carbon monoxide to carbon dioxide. 
The fuel bed is accordingly inainiained over 1 000° G. On the other hand, 
in the production of hydrogen by passing water gas and steam over oxide 
catalysts it is desired to obtain from the gas a mixture as low in carbon 
monoxide and as high in hydrogen as possible. Accordingly the catalyst 
is maintained in the temperature region 450-500° G. 

From the Nernst AppT“oximation Formula, the variation of log with 
temperature is given by the equation 


log Kp = log 


pen X P 1 T 5 O 
P 1 I 2 X pco^ 


9810 

4 ^^-, + (3.5 + 3.6- 3.2 -l.G) 


9810 

'4.57 T 


+ 2.3. 


(10.50) 


This yields the values, /vn.a.f. iu Table 10.5. It is to be noted that in 
reactiijus without change in the number of molecules, the tca-m, 1.75 
log T, disappears, but '^nC does not do so, since eacdi molecule has its 
own individual C value. The values S(j calculated arc not very close to 
exiioriment. Owing to the technical importance of the rea,ction, more 
exact formulas have been derived, notably by Haber and by Lewis and 
llandall in which the heat capacity data for the reactants i)ermit a de- 
termination of the variation of All with tenq)erature as in c(iuation 
(10.42) and the corresponding expression for In Kp (10.44). The equi- 
librium has also been studied wdth the aid of ))artiti(jn functions by Kassel.' 
The values so calculated, (ivKaBsei), agree excellently with the best c.x- 
perinicntal results {K^.xp.)^ 


TABLF 10.5 

EquiniBiiiirM Data in tub Wateu Gas Reaction 
K = CC0]CH20]/[C02][IL] 


r°K. 

700 

773 

soo 

.S73 

900 

973 

1000 

1173 

Kexp, 

— 

0.20 

— 

0.38 

— 

0.62 

— 

1.31 

L KiifeSi'] 

0.111 

— 

0.247 

— 

0.451 


0.719 

— 

An.a.f. 

0.1G7 

— 

0.4M 

— 

0.82 

— — 

— 



15. Reactions in which the Number of Molecules Changes: Reactions 
belonging to this class include a number of important gas reactions, as, 
for example, the oxidation of carbon monoxide, hydrogen and sulfur 
dioxide, the dissociation of nitrogen tetroxide and the Deacon chlorine 

U^assel, J. Am, Oicm. Soc., 56, 1838 (1934). 
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process. The synthesis of ammonia also belongs to this class as well as 
the synthesis of methyl alcohol, 

CO + 2 II 2 = CITaOII. 


16. The Dissociation of Carbon Dioxide and Water Vapor: The 

reactions, 

CO + 502 = CO 2 and H 2 + 5 O 2 = H 2 O 


ordinarily go ]:)ractically to completion. At the temperature of flames, 
however, ])oth carbon dioxide and water vapor arc measurably dissoci- 
ated. The extent of dissociation will vary with the pressure. Thus, in 
the case of carbon dioxide, we have 


Lp — 


pco X 
Vco., 


(10.51) 


If a. is the fraction of each mole of carbon dioxide dissocia^ting at an 
equilibrium pressure P, there will be 1 — o: moles of carbon \dioxide, a 
moles of carbon monoxide and q:/ 2 moles of oxygen, a total ot 1 + a:/2. 
Hence 




\1 + a/2 / \2(1 + a/2) / 

\1 + a/2 ) 




V2(l - a)(l + a/2)'« 


(10.52) 


+ a/2- 

For small values of a compared with unity, we may write this equation 

a: = KP-^f\ (10.53) 


Hence, in this case, and in the case of water vapor, the dissociation varievS 
inversely as the cube root of the total pressure. The higlicr the tem])era- 
turc, the greater the dissociation. Carbon dioxide at atmospheric pres- 
sure is 0.0142 per cent dissociated at 1100° C. and 0.4 per cent at 1450° C. 
Water vapor at atmospheric pressure is 0.01 per cent dissociated at 
1100° C. and 1.8 per cent at 2000° C. 

17. The Dissociation of Nitrogen Tetroxide: Nitrogen tetroxide is 
appreciably dissociated at 0° C., 

N 2 O 4 = 2 NO 2 , 


and the amount of dissociation increases rapidly with increasing tempera- 
ture. The experimental measurement of"the equilibrium conditions is 
simple. The measurements usually involve the determination of the 
density of the gas, and, as the method is one of the most frequently used 
in studying equilibria in gas reactions in which the total number of 
molecules changes, it may be considered in some detail. 
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Tlie density (g./liter) 
by the equation 


of any gas wliicli obeys the gas laws is given 



(10.54) 


where M is the molecular weight and P the total pressure. This density 
wc may call the theoretical density, d^. If dissociation occurs, the volume 
will increase in proportion to tlie increase in tlie total number of molecules, 
and, since the total weight remains constant, the density will decrease 
in the same proportion. In the case of one mole N-O^, if a is the fraction 
dissociated, 1 — a will be the number of moles of luidissociated gas, and 
2a Avill be the number of moles of N O 2 . The total number of moles will be 
1 + and the observed density Avill bear the relation to the theoretical 
density: da/dt = 1/(1 + or). Kearranging, we have 


a — (d I — do) I do. 

The dissociation constant Kp is given by the equation 


Ep — 


i'^N204 


(M 


a - 


(10.55) 


(10.56) 


In this case the dissociation (a) varies, when the dissociation is small, 
inversely as the square root of the pressure. 

It slioidd be noted that if a substance dissociates into n molecules 
instead of 2 as in the case above, the eejuation becomes 


di — do 
{n — ])do 


(10.57) 


Table 10.6 presents some data obtained by Verhock and Daniels ^ 
at 25°, 35° and 45° C. The values of /ip, besides shoAving some individual 
A'ariations, shoAV a general decrease as the pressure increases. This is 
probably due to dcviati(jn of the gases from ideality. Extrapolation to 
zero pressure gives the true Kp values as 0.142G at 25° C.; 0.3183 at 
35° C.; and 0.6707 at 45° C. The former corresponds to = 1154 

cals. The average heat of dissociation Ali = 14.6 kcal. 

18. The Oxidation of Sulfur Dioxide: The equilibrium in this reaction 


SO2 + JO2 = SO3 

is important for the ''contact’^ process of manufacture of sulfuric acid. 
The experimental method has usually consisted in passing a mixture of 

Afn. Chem, Soc., 53 , 1250 ( 1931 ). 
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TABLE 10.6 


Equilihrium Data, N2O4 = 2NO2 


NaO^ 

2 

’j° 

35 ° 

45° 

rnoles/liti;r 

P 

A'p 

P 

Kp 

P 

Kp 

X 10- 

atm. 

atm. 

aim. 

6 . 2 s 

0 . 2 ns 

0.1419 

0.2382 

0.3174 

0.2662 

0.0771 

12.59 

.3942 

.1340 

.4396 

.2978 

.4896 

.6185 

15.85 

.4843 

.1290 

.5378 

.2859 

.5985 

.5993 

19.84 

.5996 

.1412 

.6623 

.3032 

.7349 

.6280 

29.68 

.8623 

.1261 

.9470 

.2792 

1.0474 

i 

.5934 


r 


sulfur dioxide and oxy^^eni, or air, over a catalyst of finely dmdded plat- 
inum, analyzinj^’ the exit f^ases after rapid cooling. Bodenstcil^i and Polil 
carried out very careful determiTuxtioiis of the equilibrium over\a range of 
temperature from 500° to 800° C. Their data show that the equilibrium 
constant corresponds to that required by the equation 


Kj} 


V^O s ^ 

PSG.^ X 


(10.58) 


where the variation of Kp with the temperature is expressed by the equa- 
tion (Lewis and Randall) 


In Kp 


22,600 

RT 


21.36 

R 


In technical practice, it is desired to bring about as completely as 
l)ossiblc the oxidation of the sulfur dioxide, possible variables being the 
composition of the mixture, the temperature and the pressure. It is 
instructive to write the equation as follows 

where N refers to the total number of moles of gas present, and n with a 
subscript the moles of the individual gases. The term on the left of the 
equation should have, for commercial oi)eration, a value of the order of 
50-100, which represents 98 to 99 per cent efiiciency of oxidation. Ob- 
viously, the ratio ?i&oJn&On will increase with increase in total pressure, 
but only proportionally to the square root of the total pressure, so that a 
great gain in efficiency is not to be expected from pressure change. The 
effect of the excess ax 3 ^gGn, no^j is also clear from the equation. If no^ 
shoulil be extremely small, it might reduce the efficiency of oxidation 
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considerably, but unless this is the case, changes in r/o, do not alter ap- 
preciably the n^oJ^i^On ratio; for an increase in ?/o.j also incr(*ases *V, 
and tlie ratio is pro]K>rtit)nal only to the srpiarc root of this 

ratio. -If nos is increased by adding air (essentially one (\ to four 
the ratio of noJA^ may be dccrcoi-,cd insteatl of increased, and t.he eili(Meiicy 
of oxhlation alfected unfavorably. Obviously, tliereft^re, \n ith a moderate 
excess of oxygen and at moderate pressures, the only way in v hich a high 
equilibrium value of the ratio may be obtaine<l is by oi)erating 

under temperature conditions for which Kj, has a, high value. Tech- 
nically, the reaction is carrie<l out so that the tem])erature of the gas 
issuing from the reaction system is about 425° to 450° Ch, where Kp has 
values of about 400 and 200 ros]»ectively. 

19. The Combination of Nitrogen and Hydrogen: The reaction 

Na + =- 2NlTa 


originally studied by Haber constitutes today one of the major jjrocesses 
of industrial nitrogen fixation. Since the reaction involves a decrease in 
volume, ammonia production is favored l)y high ))ressuro. This elTect 
has already been mentioned ami can l)o clearly semi from the following. 
If from an initial mixture of one mole of nitrogen to thr(*e of hydrogen a 
fraction, «, of the foimer is converted into ammonia, we have at cMpii- 
librium, 1 — a moles nitrogen, 3(1 — a) moles hydrogen and 2a moles 
ammonia or a total of 4 — 2a moles. Hence, at a total pressure I\ 


K = - 

" Pn, X Ptn 



lf)«='(2 - 
27r-(l - a)* 


(10.60) 


For small conversions, that is, a <3C 1, it may bo seen that a- is projiortional 
to P- or a is proportional to F. Table 10.2 shows data, in the lower 
l)rcssure range at high temperatures whci’e the conversion is small, whicli 
illustrate this proportionality. At higher |>ressurcs and thciefore with 
large conversions the expression sIioays a smaller pressure dependence 
on a. 

The reaction being exothermic, the production of ammonia is favored 
by low temperature. That cquililirium be established siiflieieTitly rapidly 
at those temperatures for which an effective conversion is obtained, 
catal^^sts must be used. Optimum conditions in commercial opeu'ation 
involve temperatures of 450-500° C. and pressures ranging from 200 to 
1000 atm. 
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20. The Equilibrium H2;=^2H: This reaction is of importance in the 
production of atomic from molecular hydrogen. It may be employed 
also as a simple illustration of the use of approximate partition functions 
in the calculation of chemical equilibria. In terms of these partition 
functions the equilibrium constant is given by the expression 


/1T2 


(10.61) 


The partition function /n for atomic hydrogen involves the translational 
partition function, with no rotational or vibrational terms, and, in addi- 
tion, a term which takes into account the fact tliat there is in the atom 
an unpaired electron, with a spin, i which therefore contribptcs 

2i + 1 = 2 to the total function. For the molecule, there will be^ in 
addition to the translational term, one rotational and one vibration al 
term. Thus, the equilibrium constant l)ecomes 


K = 


L 


■ (27rmikTy'^^ 

h?N ~ 


X 




{2irmJcTyi'^V SirHkT 




(10.62) 


h^N 


ah 


(1 _ ^hPikTy 


In the translational terms botli in the numerator and denominator there 
appears the Avogadro number N, This number plays a role analogous 
to the symmetry factor a in the rotational partition function. It is 
inserted because one mole of any gas contains N atoms or molecules and 
these are indistinguishable one from another. For one mole of gas at a 
pressure of 1 atm. at the standard state it is a])parcnt that V can be 
replaced by RT. The final exponential term jg Boltzmann 

factor expressing the ratio of atoms to molecules when the potential 
energy difference between them in the standard state is equal to AUq 
at the absolute zero. 

The numerical value of K can therefore be calculated on insertion of 
the appropriate values for the several quantities involved: mi — 1.0076/ 
6.02 X 10^^; 7712 = 2 X 1.0076/6.02 X lO^^; I = 0.467 X lO'^^ (Chapter 
5, Section 1); o' = 2; hvjh = 6100 (Chapter 5, Section 4); AI/q — 102.73 
kcal. (Chapter 5, Section 5). At 2000° K. this gives a value of 7Gooo 
= 3.9 X 10“®. An exact calculation using the best available spectro- 
scopic data for hydrogen gives a value for A-iooo = 2.94 X 10“®. The 
approximate calculation gives therefore the correct order of magnitude 
for the equilibrium constant. 

The extent of dissociation as determined from Langmuir’s experi- 
mental observations and as calculated statistically by Giauque at various 
temperaturesMs^hown in Table 10.7. 
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TABLE 10.7 

PEKCE^^'AGE Dissociation of Molecular IIydrooen at 1 Atm. 


T°K. = 

1000 

2000 

2:i00 

aooo 

a.'ioo 

Obs. (Langmuir) 

— 

0.17 

1.6 

7.2 

21 

Calc. (Giauque) 

1.3X10-^ 

O.OSO 

1.31 

8.1 

29.7 


Chemical p]QurLijniiuM in the Liquid Phase 


21. Esterification Equilibria: One of the first experimental investiga- 
tions of equilibrium was that of Bcrthelot and POian de St. Cdlles on the 
reaction between acetic acid and ethyl alcohol. They proved it to be 
reversible, and showed that tlieir equilibrium data could be represented 
mathematically by the cciuation 


moles ester X moles water 
moles acid X moles alcohol 


(10.63) 


Alcohol and acetic acid were mixed in varying })roportions in sealed glass 
tubes, and heated at temperatures in the ncighborliood of 200° C. until 
no further change in composition was brought about by further heating. 
The mixtures were analyzed for acetic acid, and the composition of the 
entire mixtui'e c.a] ciliated from this incasurenient. If a represents the 
number of moles of alcohol taken, b the number of moles of acetic acirl, 
and a the number of moles of ester (or water) formed, the experiments 
showed that at equilibrium the ])roportioiis of all constituents present 
are (juite closely given by the equation 


7a = 


(a — a) (5 — ol) 


(10.64) 


where K has the numerical value of 4.0. Table 10.8 gives the results of 
a series of experiments, showing the values of a determined experimentally, 
and those calculated from the above equation. The agreement is prob- 
ably wdthin the experimental error. 

Berthclot and Pean de St. Gillcs found the value of the equilibrium 
constant to be practically independent of the temperature, in accord 
with the known fact that the heat of reaction must be very close to zero, 
as showm indirectly by consideration of the heats of combustion of alco- 
hol, acetic acid, and ethyl acetate. 

The equilibrium constants for esterification reactions have been 
measured perhaps more frequently than is the case for any other type of 
reaction in liquid systems (excluding ionic equilibria), and the literature 
contains values for the equilibrium constants for the reactions between 
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TABLE 10.8 


Moles Anotic 

Acid Taken 
a 

Moles Alcohol 
Taken 
b 

Moles Ester 
Formed 

(Found) 

Moles Ester 
Calculated 
a 

1.0 

O.O.j 

0.0.5 

0.049 

i.O 

0.18 

0 171 

0.171 

1.0 

0.83 

0.293 

0.301 

1.0 

0.50 

0.414 

0.423 

1.0 

1.00 

0.667 

0.667 

J.O 

2.00 

0.8.58 

0.S50 

1.0 

8.00 

0.966 

0.970 

1 


nearly all of the common a(*i(l.^ and alcoliols. One or two cases am of 
s]Decial interest in ilJustratin**; the af)i)lication of the mass law. \ 

It has l)een sliowri by Meiischutkin that esters of tertiary alcohols 
decompose usually into acid and unsaturated hydrocarbon, and the 
equilibrium cauiditions for such reactions have been studied by Konowa- 
low and by Nernst and llohmann. The latter authors measured the 
equilibrium of tlic reaction between aniylcne and the chloiinated acetic 
acids, tlieir results on trichloracetic acid at 100° C. being characteristic. 
The reaction proceeds according to the equation 


CCdaCOOlI + C\lLo = VChX)00(\Bii, 
and we may write for it the mass law expression in mole f/actions: 


K. 


X ester 

X acid X X amylene 


( 10 . 6 . 5 ) 


If 1.0 mole of acid is mixed with a moles of am3dene, and if a repre- 
sents the moles of ester formed when the reaction has reached equilibrium, 
we may write 


ct y, N 

^ (o - a)(l - a) ’ 


( 10 . 66 ) 


where N represents the total number of moles. Table 10.9 contains a 
comparison of the values for a found experimentally for several values of 
a, and also those calculated from the mean value of the equilibrium con- 
stant. It is clear that there is very fair agreement between the observed 
and calculated values. 

A comparison of these data with those for the reaction between 
acetic acid and ethyl alcohol brings out an interesting difference in be- 
havior, In the latter case the moles of ester present at equilibrium 
increase rapidly with increasing moles of alcohol added, and approach 
unity as the number of moles of alcohol becomes large. In the case of the 
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reaction, between amylene and acid, the number of moles of ester chanpies 
very slowly with an increase in the number of moles of amylene. This 
arises because an increase in a in the amylene reaction also increases N 
and therefore a. is much less affected by the increase in a. This does not 
hold true in the case of the alcohol experiments. 

TABLJO 10.0 


I'lQuinmuirM Dai'a 

(cxd/’ooii + (\.ir,o - uv\roocAin) 


Moles CuHio 

Molr.s 

!Molrs Esli'i It 


a 

('riiC'(HHT 

(Eouinl) 

((’uUMihilod) 

2.15 

1 0 

0 . 7()2 

0.702 

4.12 

1.0 

O.Sll 

0 .S 21 

4.48 

1.0 

O.S 20 

0.820 

G .63 

1.0 

0 S 3 S 

O.Sll 

G.SO 

1.0 

0 .S 39 

O.S 45 

7.13 

1.0 

0 855 

0.840 


Chemical EQUiinnKinxM in IIetktiogeneous Hystj^ms 

22. Gas-Solid Equilibria: In the case of lietoroseneous reactions, for 
exami^lc, ])etwecn gases and solids, Ji knowledge of the satui'ated vapor 
pressure of the solid constituents enables one to refer the reaction to that 
taking place in the homogeneous gas i>hase. A simjde tyincal heteroge- 
neous reaction may be used by way of illustration, the oxidation of sulfur 
to sulfur dioxide. This reaction may occur either as a- heterogeneous re- 
action between solid sulfur and oxygen or as a homogeneous process 
between sulfur vai)or and oxygen. For the latter, it is evident that 


K p 


y^s X 7^02 


(10.07) 


In the heterogeneous system with solid sulfur continuously jnesent it is 
apparent that the partial pressure of the sulfur will remain constant 
throughout the reaction process and be ecjual to tt*-, the satui ated vai>or 
I)ressure of sulfur at the given temperature. The equilibrium constant 
of the heterogeneous reaction will therefore be 




JfO., X ITS 

or since tts is constant at constant temperature, 

y^soo , 

= Kp X ITS = Kp'. 

POj 


(10.C8) 


(10.09) 
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It is therefore evident that the equilibrium condition of heterogeneous 
reactions, Kpj can be deduced by inserting in the mass action expression 
the partial pressures (or concentrations) of the reactants present only in 
the gaseous phase. The solid phases present influence the numerical 
value of the equilibrium constant. 

The variation of this constant with temperature can similarly be 
associated with the variation of the equilibrium constant of the homoge- 
neous reaction with temperature. In the example cited 


Kp (heterogeneous) 

Kp (homogeneous) = 

TTs 

or 

Kp-irs = Jv/- 


Now, from the discussion in Section 9, 


cl In 2\-p Qp 

cLT ~ RT^' 


and, from the Clapeyron-Clausius equation (8.107) 

d In 7r,s' Xa" 

~"dT~ ^ r¥^' 


(10.70) 


(10.34) 


(10.71) 


where \s is the latent heat of vaporization of solid sulfur. Hence, 


d 111 Kp ’ ITS d In Kp Qp — 

dT ^ dT ^ 


Q/ 

RT^ 


(10.72) 


The quantity, Qp\ is the calorimetrically determined heat of reaction 
between solid sulfur and oxygen to form sulfur dioxide. The variation 
of Kp with temperature is similar to that obtaining in the homogeneous 
system. For short intervals of temperature over which Q' may be 
regarded as constant the integrated form may be employed. 


Ill 


AY 

ICi' 


R V I'/A ) 


(10.73) 


As in the case of homogeneous equilibria, Nernst also suggested an ap- 
proximation equation for the variation of Kp with temperature which 
has the form: 

In Jv/ = ^ + ^nl.75 In 2’ + ^ T + . . . + :Sn/. (10.74) 


In its more usual form, as an approximation, this gives 

Qv' 

4.57T 


• .logJCp' = 


+ Snl.75 log T + ^nC, 


(10.75) 
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where the wTi refers to the algebraic summation of the components, 
resultants positive, reactants negative, existing in the gaseous state 
alone, C to the integration constants of the vapor pressure equation, 
employing common logarithms, for the substances existing only as gases 
ill the reaction process, the so-called ('!onvcntional Cdiemical Constants 
of Nernst. 

23. The Dissociation of Silver Oxide: This dissociation has been 
measured by Lewis in the lower range of ])ressuies and by Keyes and 
ITara over a much wider range. The data have been used by Pollitzer 
to illustrate the use of the Nernst eciuation with numerical data shown in 
the following equation: 

13,130 o.oior 

log = log Poj = - Ybtt ^ “ 4 57 ~ + 2-8. (10.7G) 

The agreement with tlie data of TiOwis is shown in tJio following table. 



TAUhE ]0.10 


(atm.) 

Ajbs. 

^calo. 

20.5 

575 

507 

32.0 

50S 

504 

203.0 

71S 

733 


Lewis and llandall express the experimental data by means of the 
equation 

AF 7240 

— = - /? In - - --- - 1.0 In T + 21.95. (10.77) 

Similarly, in tlie dissociation of calcium carlionate, log /v;/ — log pnoj. 
For the dccom]K)sitioii of solid ammonium hydrosulfide to yield gaseous 
ammonia and hydrogen sulfide, Isambert showed that, at ecjuiliiirium, 
= pNiig pviaS- flic dissociation equilibria involving salt hydrates, 
for example, in the reaction, 

C 11 SO 4 5lLO(s) = CUSO 4 3noO(s) -h 21UKg), 

the equilibrium constant, Kp' = Pn^o- Witli two solids and two gases, 
as in the reactions, 

Fc(s) -h lhO{g) = FeO(s) + Jh(g), 

3FeO(5) + l-LO(f 7 ) = Fc, 04 Cs) + Jh(g), 

the equilibrium constant in each case is given l)y the expression 

Hp = pJlJpH^O- 

24. Gas-Liquid Reactions: The considerations given in the preceding 
section apply equally well to systems in which tlie condensed phase is a 
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liquid. Here, also, the expression for ivp' contains the partial pressures 
of those constituents which appear in the gaseous phase only. Thus, 
in the reaction 

2Yi,0{g) + m = 2llS{9) + SO^C^), 


the equilibrium constant 

jr f _ Pll2^ ^ PsOz 
IVp — 2 

P1I2O 


(10.78) 


This reaction has been investigated by Randall at the boiling point of 
sulfur. The mean value for Kj/ at T = 718° K. with the partial pres- 
sures in atmospheres, was 1.54 X 10~'*. The corresponding magnitude 

AFua = — RTln Kp — 9240 cals. | 


Exercises (10) ^ 

I 

1. The velocity constant of the hydrolysis of ethyl acetate at 25° G. is 

2.50 X 10"^ liter inole”^ The reverse esterification reaction has a velocity 

constant of 0.25 X 10“®. Calculate the equilibrium constant. 

2. A1 ;3N2— H 2 mixture at 50 atms. pressure and 350° C. contains at equi- 
librium 25.11 per cent ammonia. Calculate the equilibrium constant in terms of 
mole fractions, 

3. From the data in Table 10.3 calculate the standard free energy change for 
ammonia synthesis at 500° C. 

4. The heat of the reaction H 2 + -202 = ll20(Z) is 68.30 kcal. at 25° C. With 
the help of the data in Table 8.1 calculate the equilibrium constant. 

5. At 27° C. and 1 atmosphere pressure the equilibrium constant in terms of 
concentrations expressed in moles per liter for the reaction N 2 O 4 = 2 NO 2 is 
0.0017. At 111° C. tlie value is 0.204. Cahmlate the heat of dissociation. 

6. Kp at 980° C. for the reaction CO + H 2 O = CO 2 + H 2 + 10,500 cals, is 
1.60. Calculate the composition of a water gas formed from equal volumes of CO 
and steam at 1200° C. 

7. The following values of Kp for the reaction I 2 = 21 were found at the 
temperatures indicated: 

Kp 0.0114 0.0474 0.165 0.492 1.23 

T° C. 800 900 1000 1100 1200 

Calculate the heat of dissociation of iodine and thence the conventional chemical 
constant of atomic iodine. 

8. Water vapor at atmospheric pressure is 0.01 jier cent dissociated at 1100° C. 
Calculate the dissociation constant. 

9. 729 mm. of a mixture of dry ITCl and O 2 containing 34.1 per cent HCl was 
allowed to react to equilibrium at 430° C. At equilibrium 81 per cent of the HCl 
had decomposed. Calculate the equilibrium constant for the Deacon chlorine 
process, Kp, in atmospheres. 

10. The percentage dissociations of H 2 at 2000 and 2200° K. and one atmos- 
phere pressure arc respectively 0.1 12 and 0.392. Calculate the heat of dissociation 
and the stand^dKfree energy change at 2000° K. 
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11. The following are data for the water gas equilibrium H2 -f CO 2 — 
CO + H2O: 

T^C. 500 GOO 700 SOO 900 1000 

0.20 0.41 0.G3 0.93 1.29 1.66 

At what temperature will the standard free energy be zero? 

12. From the data in Table 10.9 ealeulato /v, for the formation of the amyl 
ester of trichloracetic acid. 

13. The heat of formation of steam is 57.S3 kcal.; of NHa is 10.94 and of NO 
is — 21.5. Calculate the oqiiihbrium constant for ammonia oxidation to NO 
at 1000° C. 

14. The equilibrium constants for the reaction H2 + D2 = 2HD at 400 and 
700° K. arc 3.494 and 3. SOO. Show that tlie heat of reaction is comparable with 
the difference of the zeio-point energies of the reactants, namely 155 cals. 

15. The equilibrium constant at 20° (\ for the reaction: 

II,, + D. - 2ITD is K, - 3.27; 
for H 2 O + D 2 O = 2ITDO, 1V2 = 3.1S; 

and for H2O + HD = IIDO + Ho, K3 = 3.4. 

Calculate the constant for the reaction HoQ -|- Do = DoO -f- TI2. 

16. The dissociation pressure of NII4SH into NH.i and IDS at 9.5° C. is 175 

mm. and at 25.1° (h is 501 mm. (Calculate the heat of dissociation. Using this 

value for the heat of dissociation calculate tlie dissociation i)ressures at 9.5° and 

25.1° C. using the Nernst ap]iroximation formula. 

17. The heat of dissociation of ( ’aC^Os is 42.52 kcal. (Calculate tlie equilibrium 
partial pressure at 300” K. 

18. The heat absorbed in the reduction of zinc oxide by carbon to give CO 
is 89.6 kcal.; that for K2CO3 giving CO and potassium is 235 kcal. Show by the 
Nernst approximation formula why the two reductions occur at about the same 
temperature. 

19. The ratios of the pressures of water vapor in equilibrium with BaCh ■2IT2O 
and pure water are 0.1905 at 18.5° (k and 0.3201 at 43.5° C. (Calculate the heat 
of hydration of barium chloride per mole of crystal formed. 



CHAPTER 11 


PHASE EQUILIBRIA 

In addition to the chemical equilibria in homogeneous and heteroge- 
neous systems already discussed, equilibria are possible in each state of 
aggregation in the system as well as between two or more such states. 
Many of these equilibria involve processes of physical change as, for 
example, that between a vapor and a solid or liquid. All such equi- 
libria can be studied with the aid of two fundamental principles known as 
the Distribution Law and the Phase Rule, It will be seen that thesa are 
sufficient for systematizing many of the equilibrium phenomena in- 
volved when temperature, pressure and concentration are the determin- 
ing factors. 

The Distribution Law 

Consider a heterogeneous system consisting of two parts A and R, 
each homogeneous tlirougliout, termed the phases of the system. If a 
third substance X, wlii(;h is S()lul)le in each phase, is added to the system, 
it will distribute itself between the two phases in a particular manner to 
yield a heterogeneous equilibrium. Thermodynamically, the criterion 
of the existence of this equilibrium will be the identity of thc,free energies 
of Xf in the two phases. Hemie, if to the system, A, B and X already in 
equilibrium, a very small amount of X be added the change in the free 
energy of X in pliase A brought about by the slight change in the amount 
of X present in phase A will exactly balance the corresponding free 
energy change in phase B. Tlie free energy change has been shown 
to depend, in the general case, on the activity of the substance by the 
relation: dF = RT d hi a or, for an ideal solution, on its concentration: 
dF = RT din c. The distribution of X will be such as to yield 

dFA = dFs, (ILl) 

where the subscripts refer to the phase in which the free energy change of 
X is measured. It follows therefore, by substitution, that: 

RT din aA = RT din aB (11.2) 

whence 

d In a.i = d In an (11-3) 

which upon integration gives 

In aA + = In ttij + 

where k\ and k^ are the integration constants. 

264 


(11.4) 
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This equation may be written 

aA/dn = constant (11.5) 

which states that the distribution of a substance between two i)hases will 
be such that its activity in one phase is proportional to its activity in the 
other. 

This is a generalized form of the distribution law applicable to any 
pair of phases of a heterogeneous system, regardless of the states of 
aggregation of the phases. Since, for ideal solutions or for very dilute 
solutions of non-ideal constituents, the activity is identical with the 
concentration, the law is frequent!}'' stated in terms of concentration thus: 

CaICb — co7istant. (ll.G) 

The applicability of the law to spccilic systems has been known for a 
long time. Thus, Henry’s law, already discussed, is the particular form 
of the general statement in its application to tlic solubility of a gas in a 
liquid. Nernst ^ was the first to generalize the treatment of distribution, 
])ointing out, however, that a constant distribution I’atio is to be expected 
only when the concentrations of the same molecular species in each 
phase are considered. When due allowance is not made for the possibly 
different molecular conditions of the distributed su))stance in the two 
phases, apparent deviations from the distribution law will be found. 

1. Apparent Deviations. Solvation: If the distributed substance 
X combines with one phase, forming solvates, and is normal in the other 
phase, the molecular condition of X^ in the two phases is not identical. 
However, a constant concentration ratio will still l)e found. Thus if 
Ca and Cb arc the concentrations of distributed molecules in phases 
A and B and is the concentration of solvent molecules S in phase A 
while Cc is the concentration of solvate molecules formed in phase A, 
the distribution law would give 

CaICb = Xi. (11.7) 

The law of mass action applied to the homogeneous solvate equilibrium 
in phase A, namely 

X + nS = X-Sn 

would give 

CdCAiCsr = X 2 . (11.8) 

For dilute solution, Cs is large and is not altered appreciably by the 
solvation. It may therefore be considered a constant, and incorporated 
in ivo, giving 

CcICa = X 2 '. (11.9) 


iZ. physik, Che7ti., 8, 110 (1891). 
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Combining the Ki and K 2 equations yields 

{Ca + Cc)ICb = + 1) = A^ (11.10) 

Now {Ca + Cc) is tlie total concentration of the distributed substance 
in phase A. Hence the ratio of the total concentrations in phases .4 and 
B is constant. The numerical value K is not the same as would l)e ob- 
tained from a consideration of the same molecular si)ecies of X in the 
two phases, namely Ai, but the constancy is unaffected by the solvation. 
2. Association: Reference to Fig. 11.1 will indicate the proper method 

of reasoning. Let X represent the 
molecular species common to both 
phases, and let it be associated in' one 
phase to form double molecules, indi- 
cated as (X) 2 . Analysis of the phase 

marked I gives us the c()nccntrai|ion 

^ of X in tliat phase, represented by\(7; 

Total Cone, but analysis of phase II gives, not the 
X concentration of X, w4iich is necessary 

— for testing the distribution law, but a 

concentration Ci made up from both 
2 X 4 . ^ fAlg Total Cone. associated and non-associated mole- 

cules. The necessary term may be de- 

rived however by the application of the 

Fia. 11.1. Distribution Diagram mass law to the equilibrium occurring 
for an Associated Comi)ound in phase II. If a' represents the frac- 
tion that has undergone association 
then (1 — a')Ci is the concentration of simple molecules and Ci{a'l2) 
is the concentration of complex molecules. The law of mass action gives 
for the association constant 

whence the concentration of simple molecules is 


Total Cone. 


Fia. 11.1. Distribution Diagram 
for an Associated Comj)ound 


(1 - a')C\ = \a'Cil2K 


( 11 . 12 ) 


and the distribution ratio 


whence 


(X - a')Ci 

C/Va'Ci = k'. 


(11.13) 


(11.14) 


It will bo seen that if the association were into molecules three times 
the weight ^^he simplest molecule, the radical would become a cube 
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root, and, in more general terms, for association into a molecule (.Y)n the 
denominator would become an 7ith root. 

3. Dissociation: In like manner, if the distributed substance X under- 
goes a dissociation in one phase; 


X Y -\-Z 

and a is tlie degree of dissociation, tlie concentration of the undissociatod 
X will be (7i(l — a) when Ci is its total concentration in that phase. 
The distribution ratio would thus become; 

C/Cia - a) = K. (11.15) 

Considering therefore onl}^ the siini)ler cases of dissociation of a 
binary compound and association into double molecules, the following 
general formulas have been developed; 

Phase I, neitlicr association nor dissociation, C 
Phase J I, neither association nor dissociation, Ci ' 

Phase I, dissociation occurring, 

Phase II, no molecular change occurring. 

Phase I, no molecular change occurring, 

Phase II, association occurring. 

Phase I, dissociation occurring, 1 (1(1 — a) 

Phase II, association occurring, J Vcha' 

In these general formulas, and Ci i-eprcseiit the coiicontraiions as analytically 
determined, a and a' the degrees of dissociation and association as determined 
by independent methods; and the; further assumptions are ineJuded that the degree 
of dissociation follows the mass law and that tlie distributed species is the simple 
molecule. 

In several of the cases to be discussed, an algebraic simplification is possible 
for cases whore association occurs. In benzene and similar hydrocarbons it 
happens that association is frequently coinidete or nearly so; the value of a' 
therefore becomes almost one, so that the ratio bci'omes 

CvVCi = K, (11.16) 

thus rendering unnecessary any quantitative knowledge of the association 
equilibrium. 

A study by Hendrixson ^ of the distribution of benzoic acid between 
water and benzene illustrates the a])plicability of the distribution law in 
a complex case and shows its utility in the determination of equilibrium 
constants. For tiiis discussion let 


CO - a) 


C\ 


= K-, 


a 


^Ic 


= K; 


la 


Z. anorg. Chem., 13, 73 (1897). 
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Cw = the total concentration in the aqueous phase, 
Cb — tlie total concentration in the Ijenzene phase, 
a = the degree of electrolytic dissociation in water, 
a' = the degree of association in benzene, 
k = the distribution ratio of simple molecules, 

Kb = the electrolytic dissociation constant in water, 
Ka = tlie association constant in benzene. 

It follows from the above that: 


and 


whence 

or 

Hence 


Kb = 


C 

1 — a. 


7 C'wCl — (x ) 

' ~ Ci,(l - a'j’ 

Ceil - a’) = Cw{i - a)lk 

ct'Cii = Cii — Ch'(1 — a) Ik. 

<x'C„ ^ Ch - - a)lk 

2(1 - oi'YCn^ ~ 2ic',r(l - a)//c? 


(11.17) 

I 

I 

1 

( 11 ^ 8 ) 

(11.19) 

( 11 . 20 ) 

( 11 . 21 ) 


Assuming tliat Kb is known and that Ka is constant, values of Cw and 
Cb from two experiments (lines 1 and 7) of Table 11.1 are inserted in the 


TABLl'] 11.1 


Distiubution of Benzojc Acid between Water and Benzene 
AT 10°. k = 0.71 


C\v iriol(>/Uter 

Cb mole /liter 

a 

Ka 

1.758X10-3 

5.9-1 Xl 0-3 

0.1G9 

458 

2.304 

9.7G 

0.149 

459 

3.372 

19.37 

0.125 

410 

4.G08 

3G.24 

0.104 

450 

7.299 

89.28 

O.OSGG 

452 

9.9G4 

1GG.2 

0.0747 

454 

11.54 

224. S 

0.0095 

459 


equation and the value of the distribution ratio k is found to be 0.71. 
With this known, the values of Ka may be calculated at each concentra- 
tion. Kb has been taken as G X 10~^. 

4. Real Deviations: In the foregoing discussion the assumption has 
been made tliaf the solutions of the distributed species in each phase are 



Ch. 11-5 


PHASE EQUILIBRIA 


2G0 


ideal. If this is not so, the concentration ratio must be replaced by tlie 
activity ratio. A particular case of the necessity for this hitler treat- 
ment occurs where the distri])ulion of an electrolyte is beinn; considered 
under such conditions that ele(‘trolytic dissociation tala‘s i)lace. The 
detailed consideration will lie taken up in a lat('v chapter. 

The restriction to iiloal solutions is not alone sufliciont. The condi- 
tion for an ideal solution of the. distributed species A in a, phase A is tliat 
similar intermolecular forces exist between two molecules of A", t.wo 
molecules of .1 and between a molecule of and a [uolecule of A, thus 
giving a constant environment to the solute molecules. If A" is also i(h^al 
in phase B then the forces between molecules of A must be the same as 
tliose between molecules of Bj that is, A and Ji would form an ideal 
solution. They could not therefore exist as iwo se])a]ate ])hases. The 
restriction tlun'efore must be to very dilute solutions of A" in the two 
phases where the constant environment is that of tlie solvent molecules 
alone in each ])hasc. 

A further comjjlication lies in the mutual solubility of the twm phases 
between wdiich the distribution takes jdace. In general, the two phases 
will not bo completely mutually insoluble and 
hence the distribution will not be between two 
pure substances A and B but rather betAveen two 
solutions, one of B in A and the other of A in 
B. The presence of the distrij)uted substance 
may marked])'' alter this mutual solubility and 
to an extent dependent u])on its owui coiicenta- 
tio]i. The experimcuital determination of the 
distri])ution ratio for varying total amounts of 
the distributed substance present will involve 
consideration tliereforc of the changing solvents. 

No quantitative metliod is available for this in 
the genera] case, so that determinations are to 
be restricted to dilute systems when the change 
in tlie mutual solubility of the jdiases is 
negligible. 

5. Study of Other Equilibria by Means of 
Distribution Experiments : It will be readily seen 
that distiibution experiments are applicable to 
a variety of otlier (diemical equilibria as Avell as to association or dissocia- 
tion. If X in Fig. 11.2 represent a substance wdiose distriliution coefli- 
cient between twm phas(*s can he determined, and if it is capalilc of enter- 
ing into a reversible reaction with a second substance Y in one of tlic 
phases, the constants of this second equilibi’ium can he easily evaluated 
from a series of distribution exjieriments; analysis of the upper jihase for 
its content of X will give the concentration of uncombined X in the 


J 

1 

C 

.Y- 

11 

\-Y=^xr 


Fitj. 11,2. Distribu- 
lioii Diagram for a Com- 
pound Undergoing Com- 
bination. 
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lower phase from the distribution ratio previously determined, and 
analysis of the lower phase for X will give its total concentration as X 
and XY, from wliieh the concentration of XK follows. Since the total 
concentration of Y is the amount taken, and its proportion in XF follows 
from knowledge of the composition of that comj)ound, the concentration 
of uncombined F is likewise known, and with X, F and XF known in the 
lower phase the constants of the equilibrium can be immediately calculated. 

In accordance with this principle, Kuriloff studied the equilibrium 

naphthol + picric acid ^ naphtholpicrate 

in benzene solution. Hololf studied the action of bromine on potassium 
bromide in forming the i)olybromide KBrs, and Jakowkin studied | the 
formation of similar polyiodides and the interesting case of the hydrolysis 
of chlorine: 

CI2 + HOII;=±IICl + HCIO. 

Dawson, by studying the distribution of ammonia })ctween chloroforW 
and aqueous solutions of copper sulfate, m as able to show the existence of 
the compound CUSO4.4NIT3 in the aqueous phase together with certain 
dissociation products. Farmer has, in like manner, determined the hy- 
drolysis of the barium salt of hydroxyazobenzene by distribution experi- 
ments between benzene and water. The method is one of very wide 
applicability, though it is unciucstionably true that in many instances 
the conclusions are complicated by the fact that there are several equi- 
libria occurring in each phase. 

6 . The Process of Extraction: Probably the commonest use to which 
the distribution principle is put in ordinary laboratory practice is the 
process of extraction. Organic compounds in particular are easily 
removed from inorganic materials by extracting the aqueous solution 
with ether or similar organic solvent; the distribution ratio of most or- 
ganic bodies is largely in favor of the ether phase, whereas that of in- 
organic bodies is almost wholly in favor of the aqueous phase, so that 
repeated extraction with ether will give a nearly perfect separation in the 
majority of instances. It is frequently possible to increase the ratio in 
the desired direction by addition of another compound which depresses 
the dissociation of the substance being extracted; an organic acid of 
moderate strength, for example, can be most advantageously extracted 
from water after addition of a strong inorganic acid, which by its excess 
of hydrogen ion will convert the organic acid chiefly into undissociated 
molecules, w^hich are soluble in the ethereal phase whereas the ions are 
not. An organic base, by the same reasoning, is most easily extracted in 
the presence of a strong inorganic base. The addition of neutral bodies 
such as salts iwill also in many cases lower the solubility of the organic 
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compound in water (the so-called salting-out effect) and thus favor the 
extraction by the ether. 

In the majority of extraction processes there has been no extended 
study of distribution constants, degree of association, dissociatitui or 
combination, but the most appropriate extracting agent lias been found 
by the method of trial. There is, however, in all cases, a general principle 
of great value which can be applied in determining the best method of 
extraction with a given quantity of extracting liquid, for it can be shown 
that extraction by means of several fractions of the liquid is more com- 
plete than if the whole liquid be used in a single extraction. 

If the distribution ratio is known for the materials contained in a 
given extraction, it is possililc to derive a generalized formula which will 
show the amount still uncxtractod after a given number of ojierations. 
Let W cc. of a solution containing Xq g. of a substance be repeatedly 
extracted with L cc. of a given solvent. After the first extraction, let X\ 
represent the number of grams remaining imextracted. Tlie concentra- 
tion in the extracting phase will then be {xq — Xy)/L and in the original 
solution xJW. The distribution ratio K will then be, by definition. 


IF " L “ 


( 11 . 22 ) 


whence 


^0 — xi KW 

Xi = KW X — } — = Xq 777.;—^ • 
L A 11 + L 


( 11 . 23 ) 


After a second extraction X2 g. remain in the original solution; the equa- 
tion takes then the corres]>onding form 


KW 
+ L ■ 


( 11 . 24 ) 


If now the former value for xi be substituted in the e(j nation, 

KW KW [ KW T’ 

Xi = Xo ■ J,^y + l\ 


Putting the equation now in a generalized form, after the nth extraction, 
the residual quantity Xn is as follows: 


Xn = Xo 


r A'TF 1” 
L KW + L _ 


( 11 . 26 ) 


Inspection of this generalized formula shows that for the residue Xn to 
be very small, the distribution constant K should also be small (i.e., the 
distribution ratio tow^ard the phase being extracted should be small), 
and the number of extractions, n, should be large. 
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The Phase Rule 

The most useful generalization relating to tlie physical and chemical 
reactions which occur in heterogeneous systems is the phase rule of 
Willard Gibbs.^ Its fundarneiiial value was not at once recognized. It 
is owing to the subseciucnt adoption of the phase rule by lloozebooin, 
Ostwald and van’t Hoff that it has become gcmcrally known to chemists 
and x)hysicists as a principle of the widest applicability, of the highest 
value in the chissification of heterogeneous equilibria and of the greatest 
reliability in the settlement of disimtcd points. It has the advantage 
over others of our commonly accepted generalizations in that it contains 
no assumptions based upon theory, such as the molecular hy])otl^esis, 
the kinetic tlioory, theories of constitution of matter or of (^hoiiiical 
reaction, and is therefore not subject to I’cvision or rejection aslour 
views of these mattoj's may change. \ 

7. The Phase Rule: The ])hasc rule of Gibbs is stated in terms of the 
number of phases ])resent in a system at eciuilibriuni, tlie iiumbeiAof 
components from which the system can be built iij), and the number V)f 
conditions (pressure, composition or teiiipcrature) which may be varied 
without causiiig a change in the numl')or of phases. The phase rule may 
be very simply expressed ])y the equation 

F = C - p + 2, (11.27) 

in which C stands for the iium])er of components of the system, P the 
number of jihases present, and F the degree of freedom, or the variance, 
of the system. 

8. Equilibrium: An cquilihriiim exists in any sj^stem under a fixed 
set of conditions when the parts of the systcMii do not uiidorgo any change 
of properties with the passage of time, provided that the ])iirts of the 
system have these same i)ropcvties when the same conditions are again 
arrived at by a diffei-cnt procedure. It is this provision which makes 
possible the distinction between stable equilibrium and metastable 
equilibrium; in both cases the system may be capalde of maintaining 
itself perhaps indefinitely without change, but in the case of inetastable 
eciuilibrium an alteration in the method of producing the system will 
give us an entirely new set of properties. Hupercoolcd water at — 1° C. is 
in metastable equilibrium. Icc at — 1° C. is in stable equilibrium. The 
distinction lies in the fact that this second system may l)e produced by 
cooling water or by heating icc from lower temperatures, wliile the first can 
never be produced by warming icc. 

The phase rule applies to systems in true equilibrium and only when 
they arc in true equilibrium. The numbers and classes of phases de- 

^ Gibbs, TYansaciioiis Connecticut Acad., 1874-1878; also in Gibbs’s Collected 
Scientific Pap^s^ Longmans, Green and Co., 1906. 
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termincd by the rule are not necessarily true for systems not in equi- 
librium. It is possible to have ice, water and water vapor in a tinnl^ler 
many degrees above 0° (h, and the experience does not contradiid the 
phase rule; it indicates only that we frequently drijik the liquid before 
equilibrium has been attain oil. Nor tl(K's the phase rule give any indica- 
tion of tlie speed with which equilibrium is attained; it is limited to tlie 
statement of the existing conditions when equilibilum has betm attained. 

9. Phases: A phase is any part of a system which is homogeneous 
throughout, is hounded by a surface and is mechanically separable froiri the 
other parts of the system. Such a pha.se is necessarily in one of the three 
l)liysical states of aggregation, gaseous, li(piid or solid. Since all gases 
are found to be mutually soluble, it follows that there can be only a single 
gaseous phase in any system under c.()nsi<l(‘ratioii; with licpiids complete 
soJu])i]ity is by no means always the ease, and there may tlieiefore be 
several li(]uid phases ])reseiit in certain systems; the same is true for 
solids. However many licjuids or solids may have been formed under 
varying conditions from the components of a given sysbmi, in no case 
has the number of licpiid i)hasos coexisting at equili))rium been found 
greater tlian the number of the components in the system, and the number 
of coexistent solid phases at c(|uilibrium cannot ex(;ee<l the number of 
components by more than two, as will be shown later. A ])hase may be 
of fixed or variable comj)osition, cojitinuous as in a gaseous ]:)hase or 
dis(;ontinuous a.s is general in, a solid phase, (bbbs, in introducing the 
term phase, states that it refers ^‘solely to the composition and thermo- 
dynamic state of any body without regard to its quantity or form.'' 

10. Components: Tlie concept of the components is frequently less 
easily graspetl than the other necessary concejits. This is, perhaps, 
because of a double use to which we ])ut the term. It is necessary to 
derive, in the first iilace, the number of componemts, in order to have a 
numerical value to substitute for the term C in the phase-rule equation; 
it is also necessary to nann; the individual components in terms of which 
the conifiosition of the various phases is to be expressed. The number of 
comi)f)nents must have a jierfectly definite value, derivable in a system- 
atic manner, and subject to no arbitrary desire on the part of the in- 
vesLigator. The individual comiioncnts on the other hand, while 
limited in number as stated, may be chostm at will witiiin certain limits, 
as will be shown. 

The number of components of a system at equilibrium is defined as 
the smallest number of independently variable consiiluents by means of which 
the composition of each phase may he mathematically expressed. In ac- 
cordance with this definition it is possible, though it is not the usual 
practice, to dcteiminc this number witlioiit any reference to what the 
individual eomiionents may be. This may be done, for exanijile, by 
determining the value of C in the equation when the other variables 
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{F and P) are known. It is afso possible to arrive at the number em- 
pirically, from analysis of all the phases present; if they are all of the 
same composition (under varying conditions), the system is of one com- 
ponent, if the phases present can be produced from any two phases, the 
system is of two components, while if more jjhases are necessary to ex- 
press the composition of any one, the number of components is repre- 
sented l)y that number of phases. More commonly, however, the num- 
ber of components is deduced from knowledge as to the physical or 
chemical changes which the system undergoes. Thus, if the decomposi- 
tion of calcium carbonate by heat is being studied, it is known that the 
phases present consist of a gaseous phase composed chiefly of CO 2 with 
whatever traces of CaCOa and CaO are capable of volatilization, andjtwo 
solid phases, CaO and CaCOa. It is clear that from two components, 
most simply CO 2 and CaO, the composition of each of these three phases 
may be expressed in the usual terms of percentage by weight, or in terms 
of other units; a smaller number (one) is incapable of doing this. \In 
expressing the composition of the solid CaO, the amount of CO 2 is ze^; 
neither zero values nor negative values however are excluded by tlie 
definition given. If we now consider what individual components shall 
be chosen in discussing this system, it would be wisest to choose CO 2 and 
CaO, since minus quantities will then not enter into any statement of 
composition and graphical representation will be most simple. It 
hapjiens that, in this instance, each ])hase is of invariant comjiosition, 
but in some two component systems the composition of some phase, 
namely, a solution, may vary from 0 per cent of component A and lOO 
per cent of comjionent B to 100 per cent of A and 0 per cent of B. 

The number of components of a system may differ also with the condi- 
tions under which its equilibria are being studied. Thus, water is 
regarded as a one-comjioncnt system because, under the ordinary condi- 
tions of experimentation, the three phases found (ice, licjuid and vapor) 
may all be expressed as composed of water alone; but, if temperatures 
are raised until the dissociation of water has begun, according to the 
equilibrium 

2H2O ^ 2II2 -h O2, 

it would no longer be iiossible to express all possible comiiositions in 
terms of water; for, if excess hydrogen or oxygen be introduced, the com- 
position of the vapor jihase can be expressed only in terms of two com- 
ponents, hydrogen and oxygen, whose concentrations can be inde- 
pendently varied. TJie number of components then, while always definite^ 
may vary with the condition of the system^ and is arrived at in accordance 
with the definition given ; the individual components may he chosen 
according to convenience from among the substances taking part in the 
equilibrium, • * 
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It is upon the basis of the number of components that systems are 
classified for phase-rule study as one-componeut sj^stems, two-component 
systems, etc. 

11. Degree of Freedom (Variance of a System): In the ai)plication 
of the phase rule, the independently variable conditions which are taken 
into consideration are three in number — temperature y pnis&urey and com- 
position. This restriction of the types of independent va]’ial)los to three 
is of course arlhtrary; usually, the effects of gravitation, of electrical 
condition, of surface energy and of light al)sori>tion arc i>urposely ex- 
cluded. It is necessarily true that these variables may liave an effect 
upon the equilibrium existing between various phases, but in large num- 
bers of cases their effect is negligibly small; in the cases where their 
effect is large, the jihuse rule as here given affords but small hclji, as 
in the field of colloid chemistry, where surface energy is the most in- 
fluential factor. If only these three variables are considered, it follows 
that when these throe arc known the system may be regarded as defined; 
that is, a complete statement of the properties of each phase is imi)lied by 
the statement of the three variables. Thus, to state that a gaseous 
system contains 50 per cent each of carbon dioxide and nitrogen at 
20° C. and 700 mm. pressure of mercury, defines the system in that any 
other sample of these gases made up according to the same conditions 
will be identical with the first in all properties cxce])t mass. 

It is however not necessary in all cases to fix as many as three condi- 
tions in order to define the system under observation, and it is i)recisely 
the number of these variables which must be arbitrarily fixed in order 
comi)letely to define the system, that is called the degree of freedom of 
that system. The mixture of gases mentioned above is obviously a 
system with three degrees of freedom, since a statement of a temperature, 
a pressure and a concentration was necessary; if the system to be de- 
fined is a saturated solution of sodium chloride with excess solid and 
vapor, we need mention only the desired temperature or pressure (one 
degree of freedom), while for a system of ice, water and vapor no further 
statement of condition is necessary. The si)ecific application of this 
princiiffe will appear in the examples to be studied; it will suffice for the 
present to state the customary nomenclature, which is to describe systems 
with no degree of freedom as invariantj those with one degree of freedom 
as univarianty those with two as hivariant, and so on for other multi- 
variant systems. The possibility for a system to have a variance greater 
than three, where only temperature, pressure and composition are the 
variables, lies in the fact that, for multicomponent systems, knowledge of 
the concentration of more than one com])onent is necessary in order to 
state the composition; thus, in a solution containing three components, 
the composition with respect to two must be stated before the composi- 
tion of the solution is known. 
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12. Derivation of the Phase Rule: With the various terms of the 
phase rule discussed, a brief statement of its method of derivation may 
be made. The rigorous tliermodynamic derivation which Gibbs made 
is abstract and didicult. Tlie following is not given as a rigorous deriva- 
tion, but is nevertheless useful in showing in a general way the method of 
derivation which Giblis used. 

It has previously l^een shown that the degree of freedom (F) of a 
system is the number of variables which must l)e arbitrarily fixed in 
order to define the system. It follows simply enough that the number 
of such varialdes must l^e equal to the total number of variables of the 
system minus the number of variables which are defined by the system 
itself; that is, j 

F = (total variables of the system) — (defined variables). 

A numerical statement of these two terms in the ecpiatiou, if it cat be 
put in such fashion as to include only the number of phases and nuii\ber 
of components, will give the phase ride equation. \ 

The total number of varialiles can easily be c.alculatcd. They may 
be the variables of temperature, of pressure and of comi)ositioii. There 
can be but one temperature and one pressure throughout a S 3 ^stem at 
equilibrium, so that the temperature and pressure variables total two. 
The composition variables however may bo numerous. In ea(‘h phase 
the composition may vary, and within each i)hase the number of varia- 
tions in composition is eipial to the number of conqioiieiit^ less one, i.e., 
to (C — 1), since for two com])onents we may vary the percentage 
composition with respect to one of them and dei ive the second by differ- 
ence, and for three components by similar reasoning we may vary two. 
The total number of composition Auiriables in all the ])hascs is therefore 
r{C — 1), and the total number of variables of all kinds is greater by the 
two variables of temperature and pressure, so that the total number of 
variables to be set in the equation above is P(C — 1) + 2. 

In order to calculate the siicond term, the number of variables de- 
fined by the sj^stem itself, Gibbs introduced the concept of the thermo- 
dynamic or chemical potential which each component possesses, and 
which is the intensity factor of the chemical energy of that comjionent. 
In a system at eciiiilibriuin this chemical })oteiitial of each component 
must be the same in each phase, just as for thermal equilibrium the tem- 
perature, which is an intensity factor, must be the same in all parts. 
The potential of a given component in a given phase is a function of the 
temperature, the pressure and the composition of that phase and an 
equation exists relating the potential to those three variables.^ One 

^ It is "vs^r^h noting that the actual mans of the phase plays no part in the 
equation, and hence has no influence upon the equiUbrium . This is a fundamental 
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form of such an equation for a substance distributed between two phases 
is the general distribution law. A similar equation exists for this same 
comi)onent in each other pliase, giving a numl^er of equations e<pial to P; 
but since tlie potential is the same in each case, it follows inatliematically 
there will be only P — 1 indej)endont e(i nations for tliat component. 
The fact that these equations may have a form and value unknown to us 
is of no importance; the essential is that tliere are P — 1 relationships 
which actually define the potential of that component in the system. 
Since what is true for one component is true for a, II, there are C(P — 1) 
relationships existing in the system which define the chemical potential 
of all the components, and hence define the eiiuilibrium. 

It remains only to insert these tw o terms in the e(]ua.tion given a.l)Ovc; 

F = [P(C' - 1) + 2] - [r(P - 1)] = C - P + 2. (11.28) 

Systkms of One Component 

When a system consisting of a single component is considered, it 
follows, by substitution in the phasc-rule e(piatif)n, that it is bivariant 
if it exists in but one phase, univariant if it exists in tw(^ phases, and 
invariant if it exists in three. Since the number of j)ln‘ises cannot be less 
than one, the degree of freedom of such a S3^stem cannot exceed bivariancc. 
The independent variables arc limited to the piessure and the teni])era- 
turo, since all phases are alike in composition.^ If it is assunual that such 
a system can have but one vaiKjr phase, one litpiid phase, and one solid 
phase, the following classification may be made, in w^hich the syml)ols 
y, L, and S stand respectively for vapor phase, liquid phase and solid 
phase : 


Bivariant 

Univariant 

In valiant 

y 

L -f y 

S A- L A- V 

L 

s + y 


s 

L + S 



More than a single vapor phase cannot be present, since gases or vapors 
are always mutually soluble, and more than a single liquid phase is also 
unknown, though it is possiljle to regard liqiiifl crystals as constituting a 
second liquid; of solid modifications (polymorphic forms) there may be a 

feature of heterogeneous equilibria. It wxas recognized before the stateinent of 
the phase rule, and finds expression for example in the wa^ll-known tenet that in 
mass-law equilibria the “active mass" of the solid is constant. 

2 This statement is true only in a restricted sense. The amount of material 
per unit volume, or density, of course varies frr)m phase to x>hase, and the density 
(or specific volume) may therefore be regarded as a third indeiiendent variable. 
The familiar diagram of the pressure-volume relations of the gaseous and liquid 
state, showing the equality of volumes at the critical point, is tlic commonest 
example in which the volume is treated as an independent variable. 
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large number. If a second such solid form exists, the number of possible 
equilibria is increased hy seven, since it can exist alone or in contact with 
each of the other three forms or in contact with each of the three com- 
binations of two forms; the existence of a third solid form will of course 
increase tlic number of possible systems still more. It docs not follow 
however tliat all of these systems which may })c conceived as algebraical 
possibilities shall he capable of experimental realization; sometimes such 
equilibria can be shown to be necessarily false, and in many other cases 
the experimental requirements of temperature or pressure cannot be met. 

13. Water: It is well known concerning this substance that the 
liquid has a vapor pressure which increases with the temperature (amount- 
ing to 700 mm. of mercury at 100°, which is its boiling point) until t|ie 
temperature reaches 374° C., at which point it undergoes the critiml 
phenomena; that, upon cooling, it freezes to form ice at 0° under ai- 
mosphcric pressure, which solid also has a small but measurable vapot 
pressure; and, lastly, that this freezing point is lowered by increased 
pressure. The statement of these well-known facts iin])lieH the following 
phase equilibria: (1) liquid water and its vapor, in which the vapor pres- 
sure increases with the temperature, (2) ice and vai)or, in which the 
va])or i)rcssure and temj)crature bear a similar relationship, (3) solid and 
liquid, in which the melting ))oint decreases with pressure increase, 
and (4) solid, liquid and vapor, existing together only at a fixed temi)era- 
tiirc of approximately 0° C. In these four equilibria, pressure and 
temperature arc the only variables mentioned; in this system- there can 
be no variations in comjmsition, since each ])hasc is wholly water under 
all conditions. The quantitative data for these relationships are given 
in the following table. 


TABLE 11,2 

I'iOmniniuuM Piins-suRBS foh Water 


Temp. C:. 

Water Viipor 

Ire Va.poi 

Ic‘o Water 

L^V 

N ^ y 

S L 

- 20 


0.770 mm, of Hg 

1970 kg. per sq. cm. 

- 15 


1.237 “ “ “ 

1590 “ “ “ ‘‘ 

- 10 

2.141 mm. of Hg 

1.947 “ 

1130 “ 

- 5 



GIO “ “ 

0 

4.579 “ 

4.579 " 

1 atmosphere 

-1- 20 

17.539 “ “ “ 



-hlOO 

700.00 “ 



4-200 

15.3 atmospheres 



-f-300 

84.G 



-f374 

217.5% ^ 
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The same data are shown schematically in Fig. 11.3, in which the 
pressure is written as ordinate and the temperature as abscissa. Three 
curves result, rci)resenting tlic three univariant equilibria. The curve 
COtc rei)resents the equililn-iuni be- 
tween liquid water and vapor, and 
is the so-called vapor pressure curve 
for ivatcr. For every temperature 
there exists one pressure, and only 
one, which can be exerted by the 
system, and for each pressure one 
temperature and only one at which 
equilibrium can be maintained, 
winch is simply the more lengthy 
way of stating that the system cou- 
sivstiiig of liquid water and vajjor is 
univariant, and that the selec,tioii 
of a temi)erature defines 11 le pres- 
sure or the selection of a pressure 
tlcfincs the tcmi)eraturc. If, at a 
given tomi)eraturc, a pressure is maintained above that indicated on the 
line Otcj the vapor will be compressed wholly into the licjuid pluise; or, 
if the pressure is maintained below the ecpiilibrium jiressure, the li(iuid 
will w'holly evaporate. The Uj)pcr cud of the vai)or pressure curve is the 
critical point tc at a temperature of -f 374° C. and a critical pressure of 
217.5 atmosi)hercs. 

The point 0 represents the temi)eraturc at Avdiicli water ordinarily 
freezes. With sufficient care however waiter may be cooled considerably 
below this temperature without the formation of ice, and from such 
experiments a prolongation 00 of the vapor luessure curve has been 
drawn to represent the still perfectly definite relations of i)rcssurc to 
temperature. The extent of this prolongation is, how^ever, imleterminate ; 
the point C therefoie represents no definite end to the curve. Through- 
out the wdiole course of the section 00 the system Avater + vapor is 
metastable, in that it will, on contact with a nucleus of ice or sometimes 
without such coiitact, change into the system ice + vapor. 

The curve OB in Fig. 11.3 represents the equilibrium curve for ice 
+ vapor, and is spoken of as the vapor pressure curve of ice or sometimes 
as its sublimation curve. Its lower end B is assumed to be at the absolute 
zero of temperature. The experimental figures for this curve ])lacc the 
curve beloAv that for w’ater -f- vapor {00) throughout its course, but its 
steeper curvature brings about an intersection of the tAvo at a tempera- 
ture very close to 0°. The positions of the two curves OB and 00 may be 
used to explain the stability relationships of the two systems. If, at 



Fia. 11.3. p-t Diagram for Water 
(Schematic) 
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some constant temperature below that of the point 0, ice is set in one 
vessel and water in a second under a bell-jar, the vaj)or pressure of the 
system water -|- va])or will be greater than that of the other, and as a re- 
sult vapor passing from the liquid will solidify upon the ice until the liquid 
has entirely disappeared. In such a case it is obvious that the unstable 
system is the system with the higher vapor pressure. 

The intersection of the two curves at the point O represents a new 
equilibrium. Ice and vapor are in equilibrium, water and vapor arc in 
equilibrium, and the vapor is the same in pressure in both cases; it follows 
then that ice and water must also be in equilibrium, and the curve repre- 
senting that equilibrium {OA) must pass through the point 0, whichiis 
therefore the intersection of three curves, lloozeboom first suggested 
that such a point be called a triple point.” It represents an invariant 
condition, in which neither pressure nor temperature can be changcp 
wdthout the elimination of a phase. The temperature and pressure cor^ 
responding to this triple point have been caiefully determined; the pres- 
sure is 4.579 mm. of mercury and the temperature +0.0075°. This 
temperature differs from the normally assumed value of the freezing 
point, 0° C. It is the freezing point of the system under its own vapor 
pressure of 4.579 mm. of mercury, whereas the value of 0° C. is the freez- 
ing i)oint under an external pressure of one atmosphere. As is seen in 
tlie next paragraph, increased external pressure lowers the freezing point. 
At this temperature and pressure, and only hero, can a system consisting 
of w^ater be maintained in the three coexisting states of ice, licpud and 
vapor. 

The triple point 0 has been shown to be the origin of the curve OA, 
representing the equilibrium between ice and liquid in the absence of 
vapor. It has long been known that the melting point of ice, that is, 
the equilibrium temperature, is altered by pressure. Whether an in- 
crease of pressure wdll raise or lower the melting point may be easily 
deduced from Le Chatelier^s theorem; since, in the case of water, the 
liquid has a smaller volume than the solid (i.e., is denser), increased 
pressure at constant temperature results in liquefying ice. The curve 
OA is therefore inclined upwmrd towai’d the pressure axis, so that at any 
temperature represented upon it an increased pressure (measured up- 
ward) brings the system into the region of liquid alone; or, otherwise 
stated, the freezing point is lowered by increased pressure. 

It has been found that at high prcssurcjs there exist several poly- 
morphic forms of ice, differing from the common variety in density, heat 
of formation, crystalline structure and other physical properties. Tarn- 
mann was the first to discover that, at sufficiently high pressures, new 
modifications of ice appear, and his work together with that of Bridgman ^ 

^Z, anorg. Chmi^ 77, 377 (1912); Proc, Nat, Acad. Set., 47, 441 (1912); 
Z. physik. Chem., 86, 513 (1914); J. Chem, Phys., 5, 964 (1937). 
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gives a fairly complete picture of the phase relations which exist. There 
are at least six polymorphic forms of ice, known as ice I (the common 
form), ice II, ice III, ice V, ice VI, and icc ATI the positions of whicli in the 
p-t diagram are sliown in Fig. 11.4. The relati()nsliii)S of ice IV are 
not clearly known, and it is not included in the sketch. Each of the 
six forms has definite limitations of pressure and tcnii)erature within 



Temperature 


Fig. li.l. p-t Diagram for Watet at High Pressures 

which it can exist as a stable form, at the boundaries of which it can exist 
in stable equilibrium with other forms and outside of which it can have 
only metastable existence. These boundary curves represent univariant 
equilibria, in the same sense as the curves studied in Fig. 1 1.3. Wherever 
three such boundary curves meet there exists a triple point, at which 
three phases coexist at the invariant temperature and pressure indicated. 
These triple points are of course all at jjressurcs at which the vapor phase 
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cannot exist, and consist of various combinations of two solid phases 
with the liquid and of three solids with each other. The entire list of 
such invariant equilibria is given in Table 11.3 in the order of increasing 

TABLE 11.3 

Tkiple Points in the One-Component System: Water 


Position in 
Fir. j 1.4 

Systom 

Type 

T c‘niper:ituri; 

Pres.sure in 
Kriii. per 

S(i. Cm. 

0 

Ice I — liquid — vaxior 

Sr~L~V 

+ 0.0075" 

(4.579 mm.) 

A 

I(!e T — ice III — liquid 

A',— ,S's— L 

-22.0° 

2115 

D 

Ice I — ice II — ^ice III 

Sy~S,-~S, 

-34.7° 

2170 

E 

Ice II — ice III — ^ice V 

s.~s,-~~s. 

-24.3° 

3510 

F.. . . 

Ice III — ^ice V — liquid 


-17.0° 

3530 

G 

Ice V — ice VI — liquid 

1 

1 

+ 0.10° 

6380 

//.. 

Ice VI — ice VII — ^liquid 

Se — S^ — Ij 

SI. 6 

224rt0 


pressures, including the triple point for ice, water and vapor previo\isly 
discussed. 

14. Sulfur: Sulfur occurs in two cr 3 ^stalline modifications, rhombic 
sulfur and inonoclinic sulfur; these have a transition temperature (96°) 
at which they are in equilibrium with each other. Each possesses a 
melting point, that of the rhombic being approximately 114° and that of 

the inonoclinic about 120°. The liijuid form of sulfur undergoes some 

^ rather remarkable cha^nges in color 

« and viscosity when heated, and boils 

S jf at 444.7° C. On rapid cooling of very 

£ hot molten sulfur a brownish gum is 

jy / obtained, called plastic sulfur, which 

Sn yv / L slowly changes into a hard brittle sub- 
// j stance, while if sulfur only slightly 

//^ j above its melting point is quickly 

/ / cooled, the j^^ellow substance is at 

once formed; these two quickly cooled 
V products differ considerably in their 

solubility in carbon disulfide, the latter 
^ " ■ being much the more soluble; they 

Tcmparalure . . . > r 

contain varying amounts of a quasi- 
Fig. 11-5. Diagram of Sulfur i n i i if 

^ ° . solid called amorphous sulfur. 

(bcheinatic; relationships are shown 

qualitatively in Fig. 11.5. The right-hand part of the diagram (curves 
OB, BE and BC) will be recognized as nearly duplicating the diagram 
for water; OB is the sublimation curve for monoclinic sulfur (univariant 
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equilibrium Sm F), BE is the vapor pressure curve for liquid 
sulfur (univariant equilibrium L ^ T"), and their intersection at B 
is the triple point for the invariant equilibrium Sm — L — F, the 
temperature being 120°. BC is the fusion curve for monoclinic sulfur; 
since the solid form is denser than the liquid, as is the case in the 
majority of instances, the curve sloju^s upward away from the jiressure 
axis. At C there is a second triple point, at wliich rhombic sulfur, 
monoclinic sulfur and liquid arc in equilibrium; the temperature is 151° 
and the pressure 1320 kgrn. per sq. cm.; the curve CD is the fusion curve 
for rhombic sulfur. For relationships not met with in the study of 
water we look to the left of the diagram, where we find the curve AO 
indicating the vapor pressure of rhombic sulfur. The point 0 is the 
transition temperature of the two solid forms, 90°, and is a trii)le point 
at which the two solids and vapor are in invariant ecpiiJibrium ; it is also 
the point of intersection of tlie curve 0(7, which is the transition curve 
of the two solids. Since the two solids alone make up a uiiivariant sys- 
tem, it follows that the transition temperature must vary wdtlj the pres- 
sure. Arguing backward from the diagram to the facts, it ]juiy be de- 
duced from the slope of 00^ by Le Cliatelier's theorem, that rhombic 
sulfur is more dense than monoclinic; the densities are 2.04 and 1.93. 
The greater slope of the curve OC brings about its intersection with BC 
at the triple point C already mentioned. This series (.)f curves, if drawn 
to accord with the exj^crimental data, makes a division of the entire 
pressure-temperature diagram into four areas, one eacli for the vapor, 
liquid sulfur, rhombic sulfur and monoclinic sulfur; the area for the stable 
existence of monoclinic sulfur, OBCj is completely enclosed by the other 
three. 

In addition to the stable equilibria discussed above, there are several 
metastable equilibria indicated by the dotted lines of Fig. 11.5. With 
the metastable vapor-] uessure curve of tlic licjiiid, we are already 
familiar from our study of water. In the metastablc curve Oh, the pro- 
longation of AO, is represented the possibilit 3 ^ of heating a solid above its 
transition point into a second solid; tliis phenomenon is common, and is 
due to the slow rate of the molecular rearrangements necessary for a 
change in crystalline form. The intersection b will be recognized .as the 
inetastable melting jmint of rhombic sulfur, at 114°. From this melting 
point, which is of course a triple point, the mctastable fusion curve (5(7) 
of rhombic sulfur into liquid runs upward to C, above which it is con- 
tinued as the stable fusion curve CD mentioned earlier. 

There are four hivariant equilibria, represented in the diagram by areas within 
wliich a single jihase can exist and within which both the temiierature and the 
pressure may be varied; there are six univariant equilibria, represented by lines, 
indicating two coexisting phases, which may liave either temiierature or pressure 
varied at will, but not both ; and finally there are four invariant equilibria (one 
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being metastable), represented by the points of intersection and indicating that 
the three coexisting phases can have neither temperature nor pressure altered. 
The list of univariant and invariant equilibria follows: 

TABLE 11.4 


EqUII.IBRIA 01-’ StJLFITIl 


Univunant ICciuilibi iii, 

Invariunt Kquilibria 

Liuu 

Ph'tlHC'S 

I’rostiiit. 

T’oinl 

Phtisps 

Teuij), 

Preasuro 

AO {Oh).... 

Sh—V 

0 

Sj{ — Sm — V 

00“ 


OB 

Bm—V 

B 


120° 


EB (Bb) . . . 

E-V 

C 

Bit — Bm — L 

151° 

1 32(]| kgm. 

\ 

BC 

B\r — L 

h (inetastahle) 

Bjr-L—V 

114° 

OC 

Sjt — Sm 




\ 

DC {Ch) . . 

Si{ — L 




\ 


Alexander Smith and his coworkers establislied tliat, in the Iiq\iid 
state, as also in the vapor state, sulfur consists of two forms in dynamic 
equilibrium; to these Smith gave the names sulfur lambda (Sx) and sulfur 
mu (S^). Sulfur X has a molecular formula Ss and is the principal 
constituent immediately above the melting i)oint. It is practic.ally 
insoluble, as a solid, in carbon disulfide at —80° C. which permits its 
separation from a less complex form of sulfur, Stt, which has the formula 
S 4 , is present in small amounts in liquid sulfur, and is rcaclily soluble m 

TABLE 11.5 

C CONSTITUENTS OF LlQUIl) SuTiFUR 


Tenippriiiui c 

Sm 


Sx 

120 

0.1 

3.6 

96.3 

140 

1.3 

5.0 

93.7 

170 

13.3 

5.8 

80.9 

200 

2S.6 

6.3 

65.1 

220 

32.2 

5.3 

62.7 

445 

30.9 

4.0 

59.1 


carbon disulfide at —80° C. With rise of temperature above the melting 
point there is, at about 170° C., a marked rise in. the quantity of S;,i in 
the liquid. This is an amorphous sulfur and is insoluble in carbon di- 
sulfide at room temperature where both Sx and are freely soluble. 
The quantities of these three forms present at various temperatures are 
shown in Table 11.5. The increase in viscosity of liquid sulfur above 
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170® witli a maximum around 200®* has been ascribed to the presence of 
colloidally dispersed S,r in the liquid as solvent. S\ is known to consist 
of 8-member ed puckered rings of 
sulfur atoms lying in two planes. 

The conversion to the high tem- 
]icrature liquid is assumed to iii- 
Yolve rupture of these rings and 
formation of long chain aggregates. 

15. Liquid Crystals: We liaA^e 
already pointed out (Chap. 7) that 
a. large number of substances 
exhibit the phenomenon of two 
transitions, first to licjuid crystals 
and, at a higher temi)eraturc, to a 
liquid of entirely normal character. 

Viewing the liquid crystals as 
an independent tyi)e of phase, they 
majT' be fitted into the phase-rule 
diagram as shown in Fig, 11.0. 

The point O represents the triple point for solid, licpiid crystals and vapor, 
and is called simply a transition point without any new s])ecific name; 
the point B is the trijde point liipiid crystal, licpiifl, vajior, and is named 
the melting point, being entirely analogous to the melting point as 
usually defined. 

Systems of Two Components 

In passing to the study of systems of two components, it will be well 
to consider certain general facts as to the components, iiidejx^iident 
variables, and phases. A system belongs to this class if it is jiossible to 
express the composition of all the phases in terms of two sub, stances, and 
not less than two. The haidiazard choice, however, of any two pure 
substances may not l)c dejicnded upon to give merely a two-comjionent 
system, but may also give rise to three-component systems, depending 
upon the nature of the substaiicc.s taken. If the two sub, stances em- 
ployed give rise to no pha.ses except such as are intermediate in composi- 
tion between the two substances taken, the system will conform to the 
requirements for a two-component system; thus, the formation of solu- 
tions, which are alwa5''s intermediate in composition between their 
comi)onents, introduces no new complication, nor docs the formation of 
any additive comiiound from the two substances. Sodium sulfate and 
water, for examjde, may form, in addition to phases composed of the 
simple constituents, a solution of the two and may also form several 
hydrates, such as Na2804. lOHaO; the system is of two comiionents, by 
application of the rule. If, on the other hand, the two substances form 



Fig. 11 . 6 . OucC''om])oiientSysteuuu- 
chuhng Liquid-CVy,stal Phase 
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compounds other than those of an additive nature, the system cannot be 
regarded as of two components; e.g., bismuth nitrate and water form by 
hydrolysis phases consisting of basic nitrates, such as 2Bi2O3.N2O6.H2O, 
whose composition cannot be expressed in terms of bismuth nitrate and 
water nor of any other two substances derivable from them; the system 
is, therefore, of three components. 

The independent variables in two-component systems are three in 
number; in addition to the pressure and temperature, the composition of 
I^hases may also vary independently, through the formation of solutions. 
In order to make a complete representation of tliese three variables 
graphically, it is necessary to use diagrams in three dimensions, leading 
to surfaces and volumes in addition to the points, lines and areas occur- 
ring in two-dimensional representation. However, it is j)ossible to study 
many of the relationships satisfactorily in two-dimensional graphs by 
choosing two of the three variables for representation, where the mird is 
assumed (sonstant or ignored because of its quantitatively smallleffect 
ui)on the equilibria. We shall therefore represent the conditions iii this 
section by use of the three possible two-variable combinations, giving 
what arc spoken of as j)-i diagrams, p-c diagrams and t~c diagrams, where 
p, t and c stand resi)cctively for pressure, temperature and composition. 

By application of the phase-rule equation, it follows that for two- 
component systems, four coexisting phases give rise to invariant equi- 
librium, three coexisting pliases to univariant equilibrium, two coexisting 
phases to bivariant eciuilibrium, and one i)hase to trivariant equilibrium. 
Trivariance is here possible, since variations in composition may occur 
in addition to variation in ])ressurc and temperature. Of 'gaseous phases 
there can never be more than one present; of liquid phases, two is the 
maximum numlier thus far observed in coexistence; and of solids, there 
may coexist any number possible under the statement of the phase rule, 
consisting of pure components in their various polymorphic forms, of 
additive compounds, or of solid solutions. 

The Equilibrium: Vapor-Binary Liquid 

The equilibrium between a vapor and a two-component liquid, known 
as a binary solution, has a variance of two. At constant temperature, 
therefore, the vapor pressure depends on the composition. This de- 
pendence has already been discussed for ideal solutions by Baoult’s 
law and the positive and negative deviations exhibited by non-ideal 
solutions indicated. It must be observed that, in general, the liquid 
phase will differ in composition from the vapor phase. Exceptions to 
this will be noted as they occur. 

16. Binary Distillation. Mutually Soluble Components: Since the 
boiling point of a solution is that temperature at which the total vapor 
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pressure of the solution is equal to the atmospheric pressure, the prob- 
lem of binary distillation resolves itself into a consideration of the uni- 
variant equilibrium between vapor and liquid at constant ])rcssure. 
The temperature-composition relations for an ideal system are shown in 
Fig. 11.7. The upper curve gives the composition of tlic vapor phase; 
tlie lower curve that of the liquid phase in equilibrium witli it at each 
temperature. A liquid of composition A will boil at a temperature Ti 
evolving a vapor whose composition is F, that is, a vai)or riclier in com- 
ponent A than was the liquid. The liquid upon continued boiling thus 



Fig. 11.7. Boiling Point Diagram for Liquid-Vapor Equilibrium 

becomes more concentrated in component B and its boiling point rises, 
say to T 2 . Condensation of the vapor evolved between the two tomi)era- 
tures will yield a liquid richer in the more volatile constituent than the 
original liquid X used. By repeating the process of fractional distillation, 
a more or less complete separation of the comi)oncnts may be obtained. 

The efhciency of this separation will depend ])rimarily upon the 
establishment of equilibrium between vapor and liquid. To aid this, 
use is made of ‘^rectifiers’' or “fractionation columns," devices in which 
the vapors pass countercurrently to a portion of the condensate returned 
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as a reflux to the still. Intimate contact between vapor and liquid is 
obtained by having; the vapor bubble through the liquid on trays or 
plates equally spaced throughout the column. Such a plate, on which 
equilibrium is established, is termed a theoretically perfect plate or 
simply a theoretical plate. In practice, plates will usually have only 
from 60 to 90 per cent efficiency. A 6imj)]e graphical inetliod for the 
calculation of the number of theoretical plates necessary for a given 
separation of a l)inary solution has been developed by McCabe and 
Thiele,^ which will also show the compositions of liquid and vapor on 
each plate. 

17. Maximum and Minimum Boiling Points: In discussing the devia- 
tions from Ilaoult^s law, examples were shown where the total pressure 
at constant temperature might have a minimum or a maximum |Valiie. 
These solutions must therefore show a maximum or a minimum l|oiling 
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point. At these points the vapor and liquid have the same composition. 
Such a solution would distill completely without change either in com- 
position or temiierature and might give the appearance of being a pure 
substance or a compound of the two components. The term azeotropic 
solution has been applied to such systems. That they are not pure sub- 
stances is easily shown by the fact that if the pressure is changed not only 
does the temperature change but also the composition of the azeotropic 
solution. 

Fig. 11.8 represents the temperature-composition relations in an 
azeotropic solution showing maximum boiling point. Thus, to the 

^Ind. Eng. Chem., 17 , 605 (1925). 
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left of the maximum C, the vaporization is similar to that previously 
discussed in the ideal case, the va]K)r being rii'lier in the more volatile 
component than the liquid. Upon continued boiling, tlie temperature 
of the solution will rise towards the maximum boiling point and the com- 
jiosition of the solution change to the azeotropic eompositit)n. Similar 
considerations apply to the portion of the curve to the right of (7. ITulett 
and Bonner ^ have shown the usefulness of the azeotropic solution of 
hydrochloric acid as an acidimetric standard. Continued distillation of 
a solution of liydrochloric acid of any concentration finally gives a 
residue of the azeotropic composition, known for all normal working 
pressures. Ui-om such a solution standard acid solutions arc readily 
prepared. 

Fig. 11.9 represents a system showing a minimum boiling point 
exemjilified by water and ethyl alcohol, the azeotropic solution containing 
95 per cent alcohol. The diagram will show that if a dilute aqueous 



Fig. 11.9. Minimum Boiling Point 

solution of alcohol is distilled, the vapors evolved arc richer in alcohol 
than the liquid. Bepcated fractionation of tlie condensed vapors will 
finally yield the azeotropic solution. Pure alcohol could only be ob- 
tained by starting initially with a solution containing more than 95 
per cent, but this is imi)racticable due to the simdl range of temperature 
between the minimum b.p., 78. 13*^, and the pure alcohol 78. S'’ C. 

A single distillation cannot therefore cause comiilete separation into 
pure components in a system shovdng either maximum or minimum 
boiling points. The azeotropic solution will always be one of the 
products. A further slight separation can be obtained from the azeo- 
tropic solution by a distillation at some other pressure. Alternatively 

1/. Avi. Cficm. Son., 31, 390 (1909). 
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the addition of a third component may so alter the volatility character- 
istics that separation is possible. Thus acetone and methyl alcohol, 
besides having boiling points differing by only 9° C., form an azeotropic 
solution with a boiling point only half a degree lower than that of acetone. 
Addition of a saturated aqueous solution of sodium thiosulfate so 
lowers the partial pressure of the alcohol that acetone may be readily 
obtained as a distillate. 

18. Partially Miscible Components; A solution showing positive 
deviation from Raoult’s law will in general, at some lower temperature, 
separate into two pliases. The boiling point diagram corresi)onding to 
this condition is represented in Fig. 11.10. Provided both phases are 



present the boiling point and composition of the vapor C will remain 
constant. The system however is not azeotropic since no definite rela- 
tion exists between the vapor composition C and the total composition 
of the liquid. In many cases the boiling point of the mixture lies below 
that of eitlier pure component. It is upon this fact that the use of 
steam distillation depends, the addition of water as steam lowering the 
boiling pointy Use could equally well be made of any chemically inert gas. 
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The Equilibrium: Liquid-Liquid 

19. Upper Consolute Temperatures: Phenol and Water: WHien phenol 
and water are brought together at room temperature ami in .suitable 
proportions, two liquid phases result together with a vapor, Tlie two 
liquid phases formed at room temperature differ in that one of them is 
water with a small jjroportion of phenol and the second is chiefly phenol 
with a small propoi'tion of water; as the temi)eraturo rises, the ])roportion 
of phenol increases in the aqueous phase and the proi)ortion of water 
increases in the phenol phase, until, at 65.85°, the two licpiid phases have 
identical composition. Table 11.6 contains figures taken from Hill and 
MalisolT’s^ experiments. Fig. 11.11 shows the curve obtained. At 


TABLE ll.G 

The iSystem: Phenol- Watkii 


Temperature '’C. 

20 

25 

30 

35 

57.30 
59.20 
62.74 
65.24 
60.01 
65.90 
65. SG 
65.84 


Wt. Per Ceiil Phenol 
in Phabo Li 

8.3G 

8.GG 

9.22 

9.91 

11.87 

19.35 

29.13 

31.35 
32.79 


Wt. I’er C\uit Ph(*nnl 
in PJuise Lz 

72.16 

71.28 

69.90 

67.03 

55.70 

44.09 


31.23 


any fixed temperature, such as 30°, the composition of the two litpiid 
phases is necessarily fixed, the system Ijeing invariant, and tlie points arc 
indicated by A and A'; tlie isothermal line joining them is spoken of as a 
tic-line^ and the two solutions are called conjugate solutions. 

If now, at this temperature, 50 per cent each of phenol and water are brought 
together, the comiiositioii of the complex wdl be represented by the point x] tlie 
complex will form two liquids of the compositions A and A The relative quan- 
tities of these phases formed may be calculated geometrically from the diagram; 
t')e weight of phase A formed will be tlie fraction xA'jixA' -j- xA) of tlie total, 
and that of A' will be xAI(xA' -f“ ^A) so that the ratio of the weights of A to A* 
will be that of the lengths of the lines xA ' to xA; tlie weight of each is inversely 
proportional to the displacement of its composition from the composition of tlie 
total complex. 

^J. Am. Chern. Soc., 48, 918 (1926). 
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The effect of rising temperature upon this system is to increase the 
mutual solubility: the curve A'B'C shows an increase in the concentra- 
tion of phenol and the curve ABC an increase in that of water. At the 
point Cf the curves merge into each other without discontinuity. AVhat 
have been conjugate solutions at lower temperatures have now become a 
single solution; the temperature at which this phenomenon occurs is 
called the consolute temperature^ or critical solution temperature (tc). At 
higher temperatures, w^ater and phenol arc mutually soluble in all pro- 
portions, and the system can consist of but one liquid phase; below the 
consolute temperature, the mutual solubility is limited. No solution 
therefore can exist having composition indicated by points within the 



Temperature 

Fig. 11.11. i-c Diagram for the System Phenol-water 

area A-B-C-B'~A\ but such compositions can lead only to two con- 
jugate solutions of composition lying upon the curves at the intersections 
with the isothermal tie-lines. 

20. Lower Consolute Temperature: Tri-ethylamine and Water: 

In a certain number of cases, the solubility curves for two-liquid iihases 
approach each other with diminishing temperature, and meet at a lower 
consolute temperature w^hich is analogous to the upper consolute tem- 
perature discussed previously, Tri-ethylamine and water, Fig. 11.12, 
were found by Rothmund to show this behavior. 

21. Completely Closed Solubility Curves: Nicotine and Water: With 
a knowledge of solubility curves closed at higher temperatures and others 
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Fig. 11.12. i-c foi' tlie Fkj. 11.13. /-r DiuKrnni for the 

System, Tri-ethylaminc- Water )System, Nit‘utine-W liter 

closed lit lower toinpenitures, it is iintural to look for cases where the 
curves arc closed at both temperatures, i.e.., systems with both upiier and 
lower coiisolute temperatures. Fiy;. 11.13 rej)resents the (aii’ve for nico- 
tine and water which shows this behavior. Many of the ethers of ethylene 
glycol show the same behavior with water.^ 

22. Conjugate Liquids Without Consolute Points: There is a very 
large number of conjugate liquid pairs which possess neither an iip])er nor 
a lower consolute temperature. This is the case with ether and water 
and with chloroform nnd water; it is pro))al)ly the case with any pair 
whose mutual solubility is very low. As tem[)eratures are lowered in 
such cases, a point is reached at ivhich a solid phase a])i)ea-rs; where 
water is one of the components, this ocanirs not far billow 0°, since the 
concentration of the second component in the water and its effect upon 
the freezing ])oint are small. There are, tliercfore, four phases present 
{S — L\ — L >2 — V) and the system is invariant; if subjected to a cooling 
environment, ice continues to form until the aqueous layer has completely 
disapi)eared, and the system of conjugate solutions cannot exist at any 
lower temperature. If, on the other hand, the tcmjicraturc be raised, a 
point will finally be reac.hed at which one of the liquids, namely, that one 
rich in the more volatile component, is at its critical state; the vapor above 
it has reached not only the same relative composition as the liquid 
phase, but also the same density, and the two-component liquid phase 
disajipears in the same fashion as at the critical temperature for a one- 
component system. Ether and water are known to behave thus. 

The Equtliukium: Solid-Liquid 

23. Pure Components as Solid Phases, with a Single Liquid: Wo 

shall develop a diagram of an entirely general nature for this case and 
afterward show that it indicates, at least qualitatively, relations which 

1 J. Am. Chem. Soc., 48, 451 (1926). 
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are met with in the determination of melting points and of the solubility 
of solids in liquids, as well as in the manufacture of metallic alloys. 
Treating our systems as prepared under the pressure of their own vapor, 
or under atmospheric pressure, and omitting the vapor phase from con- 
sideration, we may use Fig. 11.14 to represent the temperature-composi- 
tion relations of the system Si — >^ 2 . Here the point R represents the 
freezing point of pure Si] as increasing quantities of Si are added, the 
freezing point falls along the curve RC, which therefore represents the 
equilibrium of Si with the liquid phase. In like manner M is the freezing 
point of Si and MC its freezing-point curve. Since, in all cases, the 
freezing i)oint of a component which exists in the solid phase in pure 
condition is lowered hy the presence of a second component in its solution. 


Si t,. h R 



Fig. 11.14, The System Si — Si. The Solid Phases are Pure Components, 
with One Liquid Phase Present 

the two curves must take the general direction here indicated and must 
intersect at some point (7, which will be discussed later; our freezing- 
point diagram therefore must show discontinuity, and the two branches 
to the curve represent respectively aS'i as solid phase in equilibrium with 
liquid and Si as solid phase in equilibrium with liquid. 

The diagram for a solubility curve such as CR is here given in its 
simplest form; it will frequently show wide variations from the simple 
form indicated here, the only unvarying condition being that it neces- 
sarily begins at the point of intersection C and ends at the melting point 
R. It may, for example, show a discontinuity in direction at some inter- 
mediate point; this is evidence of a change of phase and must represent 
(since compound formation is here left out of discussion) that the solid 
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phase has a transition point from one polj’-inorphie form to another. 
The curve for the equilibrium of silver nitriite (solid phase) and water 
shows such a transition point at 1()0°; that for ammonium nitrate (solid 
phase) and water shows breaks at 32°, 82.7°, and 125.0°. Moreover, the 
curve sometimes fails in part of its course to maintain its slope towaral the 
axis of the solid component with temperature rise. A slope in this direc- 
tion means an increase in solulnlity with rising temperature; but numer- 
ous instances exist in which the solid )ility decreases with risinp; tempera- 
ture, well-known cases being calcium chromate in water and calcium 
citrate in water. Maximum and minimum i)oints in the solubility curve 
arc also by no means \incommon. All of these directions and changes of 
direction can be derived from van’t IIolT’s law whenever the thermal data 
are available; the solubility curve is ascending at a given iioint when the 
heat of solution in the saturated solution is negative at that point, is 
descending Avhen the heat of solution is i)ositive at that point, and is 
neither ascending nor descending (which is the condition at a jioint of 
niaximum or minimum solubility) when the heat of solution is zero. 
Iji ajiplying this law, hoAvcver, it is necessary to rcmeml)er that the heat 
of solution which governs the direction of tJie equilibrium by its sign is 
the heat of solution at soturation, i.c., the heat develoi)cd l)y the last 
increment entering the solution, van’t Hoff’s hnv has to do with a dis- 
placement of an equilibrium by thermal means; it is clear that what may 
happen in a system not yet in equilibrium (i.e., not yet saturated) is 
altogether irrelevant. A recollection of this method of ajiplying the law 
is essential if one is to avoid error. For example, it is common knowledge 
that when water is poured upon solid potassium hydroxide, much heat 
is evolved; if one deduced therefrom that the solu})ility of the compound 
decreased ivith the temperature, the error would l)e flagrant. The 
initial heat of solution is positive; it may be tliat the total heat of solution 
is i^ositive; but the final heat of solution, representing the dissolving of the 
last increment entering the solution at the saturation i)oint, is negative, 
and hence a rise of tcmi)crature will result in the dissolving of another 
increment. 

In Fig. 11.14, a solubility curve such as C-li represents saturation or equi- 
librium conditions; it separates two regions in Avhich solutions may occur, stable 
or metastable. The area to the right of the curve C-R is tlie region of uns’aturated 
solutions; that to the left is the region of metastable supersaturated solutions. 
A phase-rule distinction between these thiee types of solutions is not only simple, 
but is the only logical one. A saturated solution is one in equilibrium with the 
solid phase, and is therefore unaffected by addition of more solid phase; an un- 
saturated solution is one which will dissolve more solid phase if it be added, and 
a supersaturated solution is one which, being metastable, will precipitate solid 
phase from its own composition and fall to the point of saturation if a nucleus of 
the solid phase be added. All conceiits of degrees of saturation must always refer 
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to a particular solid or saturating phase (/Si in the case of the curve C-R), since a 
solution in equilibrium with one phase is quite capable of entering into new rela- 
tions of saturation with respect to some second phase. 

The intersection of the two solul)i]ity curves (C), called the eutectic 
pointj is the most interesting point of tlie diagram. Since the curve RC 
represents solutions saturated with S^, and MC solutions saturated with 
S 2 f the intersection anust represent a solution saturated with both solids. 
The system represented by this point consists of two solid phases, solu- 
tion and vapor, and is called a quadruple point] l)y the phase-rule equation, 
it is an invariant point. A solution to be in equilibrium with both solids 
can have therefore only the eutectic composition C and can exist in stable 
equilibrium only at the eutectic; tcm])craturc, tc^ Rise of temperature 
a})ovc tc results in the disap ijcarancc of one or both solid phases, aijid fall 
of temperature in the disap])earance of the liquid. The eutectic h:)oint 
may be defined in terms of these phenomena; it is an invariant tempera- 
ture at which the iiliase reaction of the system, u])on removal of \heat 
without change of temperature, results in the disappearance of \ the 
liquid phase. \ 

In a system including a eutectic we have a simple and widely used means of 
securing a coiivstant temperature. If two solids, projxnly chosen as to their 
solubility relations, are l)ro\ight tog(;ther in tlie eutectic proportion or any propor- 
tion approximating the same, they will ])egin the proc!Css of dissolving which, 
being endotliermal in all common cases for both solids, reduces the temperature 
to the eutectic tempei’ature. If, now, the system is wtdl enough insulated so that 
heat can reach it from without only at a moderate rate, and is well stirred so that 
solution of the solids can occur quickly and teirqieratui e inequalities be eliminated, 
it will remain constant at the eutectic temperatui e until one of the solids has dis- 
solved completely. With proper apparatus, extremely constant temperatures 
result; but, it does not follow that the equilibriimi will be reached at all if the 
apparatus is unsuitod. Thus, the eutectic temperature for sodium chloride and 
water is — 22.4®, and a coarse mixtm’e of the two solids, ice and salt, gives a 
reasonably effective freezing mixture for the household icaveream freezer; but it 
is doubtful if this mixture, poorly insulated from the outside and warmed from 
the inside, practically free from stirring and with the salt and ice pooily mixed, 
ever gets within many degrees of — 22®; that is, no equilibi-ium is reached. But, 
if snow and fine salt be put in a Dewar flask and well stirred, a perfectly constant 
temperature may be maintained for hours; equilibrium is really attained. 

Systems of two components which are represented diagrammatieally 
by Fig. 11.14 are very numerous. They include many pairs of organic 
compounds and of inorganic compounds; salts with water fall into this 
class in numerous instances, and the solubility curve of a salt as given in 
the various solubility tables is usually a section, more or less complete, 
of one of the curves of the diagram; metallic alloys occasionally fall into 
this class, as well as the iron-carbon alloys, in which only one of the 
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components is a metal. In Tal)lG 11.7 arc p^ivon three typical cases of 
systems which may be represented by Fig, 11.14. 

In the case of alloys, the conditions at the eutectic are of importance, 
not only as determining the lowest melting point for tlie metallic pair 
hut also as affecting the structure and jdiysical i)ro])erties of the solid 
alloy. If some composition other than the eutectic comi)osition be taken 
and the molten metallic solution cooled, upon reaching the freezing-point 
curve RC or MC in Fig. 11.14 (dependent on whether Si or ^^2 is in excess), 
cr^^stals of tlie one component begin to form throughout the liquid mass. 
\Micn the temperature has droi)ped to the eutectic temperature, /c, it 
wdll there remain constant and crystals of both Si and aS '2 wull form in tlie 
eutectic ratio and continue to form until the mass is entirely solid. This 
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crystallization of the two solids in a continuously uniform ratio fills in 
tlie interstices lictAvecn the crystals previously formed witli a conglomer- 
ate wdiicih, thougli truly a mixture, is remarkably uniform in character. 
By the methods of metallography, such metallic surfaces can lie exajnined 
under the microscope; under liigli magnification the eutootio mixture 
shows its heterogeneity, as in Fig. 11.15a, but its approximation to homo- 
geneity as shown in Fig, 11.155 is such that in inctallographic work it is 
looked upon as a ^‘structural element” as if it w'cre a single phase. 

24. Compounds as Solid Phases, without Congruent Melting Points: 
Systems of tliis type introduce few considerations not already advanced. 
They are, lio^vcvcr, extremely common; whenever any two components 
show a high degree of solubility, it is probable that there is more or less 
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Fig. 11.15. Ag-Cu Alloy, Slightly to the Cu Side of the Eutectic Point 
(73% Ag, 27% Cu) 

Diagrams by courtcTy of 

Prof. D, P. Smith and Mr. J. L. Whitten 
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compound formation in the liquid phase, anti frequently one or more of 
these compounds will form solid phases as well; the formation of solid 
hydrates of salts, for example, is very common. The classical instance 
of a system of this type is given by sodium sulfate and water. The 
composition-temperature diagram is shown schematically in Fig. 11.16. 
The curve A B is the froezing-])oini curve for ice, which ends at the eutectic 
2?(— 1.2°); here the other solid phase is the decahydrate, Na 2 S 04 . lOH^O, 
which is an additive compound formed of the two components. The 
solubility curve for the decahydrate rises with the temperature up to 
32.4°, which is its transition temi)erature (F) to the anhydrous form and 
the distinctive point of this diagram. The curve for the anhydrous sul- 
fate shows a solubility diminishing with rise of temperature up to about 
125° where it reaches a minimum value, afterwards rising until the tem- 



Fig. 11.16. i-c Diagram for the System, Sodium Sulfate-Water 


perature is 234°. Here (point G) occurs a transition from the common 
crystalline form, which is rhombic, to a polymorjihic monoclinic form 
which has a diminishing solubility up to 365°, which is the critical tem- 
perature of the solution; the concentration of the salt in the liquid phase 
is here very low and the critical temperature is practically that of pure 
water. The four solid jihases occurring in equilibrium with solution along 
this curve are represented by W (ice), )Sio (decahydrate), Sr (rhombic 
anhydrous salt) and Sm (monoclinic anhydrous form) . 

The solubility curve for the decahydrate BF has been carried some 
distance beyond the transition temperature of 32.4°, to the i)oint F'. 
Here, as in all cases of solubility, the solubility of the metastablc body 
is higher than that of the stable body, so that if a crystal of the anhydrous 
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salt is put into the solution of the composition F' the solubility drops to 
F with a sinmitaneous drop of temperature, Since the precipitation of the 
roll'd is an eudotherinic reaction. The solubility curve of the rhombic 
anhydrous salt, OF, has also been prolonged a considerable distance into 
the metastable region, as shown by FD, and the ice curve AB has been 
extended to C. In this metastable region to the left of BF a second 
hydrate, of tlie formula NasHOd-THsO, lias been found, having a solu^ 
bility curve CE] it is itself metastable and gives rise to a metastable 
eutectic with ice at — 3.55° (C) and a metastable transition point to the 
anhydrous salt, E, at 24.2°. 

The complete system, Na^SOd — H^O, shows the five quadruple 
points or invariant points 7i, C, E, F and G. B and C will be recognized 
at once as eutectics. E, F and G are transition points, of which will 
discuss one (F) in some detail. The point F represents the stable transi- 
tion ])oint of the decahydrate to the rhombic anhydrous form, themhase 
reaction being the following: Na 2 S 04 lOlIuO?^ NaaSO.i + solution. 
The change from left to right represents a partial fusion, since the\solid 
hydrate changes to a solution plus a second solid; such a tvansitiiu is 
sometimes called an incongruent melting point, to distinguish it from a 
true or congruent melting point, which will be discussed with our next 
type of system. While not a melting point in tlic exact sense, it is never- 
theless a change of great practical usefulness, since it occurs at an in- 
variant temperature and tliercfore gives a convenient means of obtaining 
a definite and constant temperature. If a sample of the hydrate be 
subjected to the influence of a higher temperature, it will maintain this 
constant temperaiure F until the transformation is complete. Richards 
has found the tempei’ature to be 32.383°, as carried out in an open vessel. 
This is not exactly the quadruple poiut, which, by definition, must be 
under the natural Anipor jmessure of the system. The transition points 
of this and other hydrates give us one of our most convenient methods 
of obtaining fixed points for the standardization of thermometers. An- 
other method involving eutectics has already been mentioned. Such 
ti’ansition points are also of use in making constant-temperature batlis 
for experimental work. Further, since the transition from anhydrous 
salt to hydrate is an exothermic change, such materials find use as thermo- 
phores or heat-producing mixtures for warming purposes; thus, a quantity 
of sodium acetate and water, if heated above its transition point and 
allowed to cool, forms a metastable saturated solution of the anhydrous 
salt and w^ater, but, upon crystallization of tho stablo hydrate being 
started by agitation or other means, tho temperature wdll rise to the 
transition temperature (58°) of the compound NaC 2 H 302 3 H 2 O and re- 
main at that temperature until all the heat of transformation has been 
evolved. 
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25. Compounds as Solid Phases, with Congruent Melting Point: 

lu a large number of systems in which additive compounds exist, it is 
found that those compounds not only possess a transition point such as 
has been described above, but also possess tlie propert}'' of melting sharply 
and distinctly into a liquid of the same com])osition as the solid. Such 
bodies are said to possess a congi'ucnt mdtxng pointy and ])ossoss a solubility 
curve quite different from those previously discussed, riieiiol and aniline 
fall into this class, and will serve as our exnjnplc. In tins system three 
dilTcrcnt solid phases appear, namely, aniline, phenol, and a comiiound 
of the formula. CoTIsNllo- CcHoOIl. These give rise to three solubility 
curves which are represented in Mg. 11.17 by tlie three curves dc, aft, 
and bed. 



Fig. 11.17. The System, Phenol-Aniline (Schematic) 


The composition of the solutions is given in molar ])creentages, which 
is always the most logical method of representing (composition and is here 
of cs])ecuil cAmvenienee where the composition of compounds is to be 
deduced. The ])oiiit d in Fig. 11.17 is a eutectic, from wliich originates 
the solubility curve for the (lompound, dc; the solubility increases with 
tenijiGrature up to 31° and a compo.sition of 50 molar per cent of aniline 
and of phenol, that is, a 1 : 1 molar ratio. This is, from the (Jiagram, 
the point of maximum temperature at which the compound can exist in 
equilibrium with solution; the solution, it will be seen, has lu^re the same 
composition as the solid. This point, invariant in that there are iircsent 
three phases and tliat the restriction is imposed that solution and solid 
shall have the same composition, is the congruent melting i)oint; it is 
also spoken of as a dystectic, in contradi.stinction to a eutectic, it being the 
highest melting point and the eutectic the lowest. Frcmi c the curve is 
retrograde to the point 6, which is a second eutectic with compound and 
phenol as the two solid phases. 
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A curve of tliia character, shovdng a maximum temperature and a retrograde 
direction upon one branch, is considered proof of both the occurrence and tiie 
compoaition of a compound; ^ the composition is read directly from the ordinate 
(here 1 : 1 of phenol and aniline) and is therefore known without the necessity for 
the isolation and analysis of the solid. In many cases the separation of a solid 
for analysis is difficult or imiiossible; in such cases the phase-rule evidence is 
invaluable. Our knowledge of compound formation in alloys, for example, is very 
largely based U])on evidence of this type. 

In the study of systems composed of a salt and water, many examples 
of hydrates are found which melt coiigruently and have diagrams built 
upon the type of Fig. 11.17. The system ferric chloride-watcr is perhaps 



Temperature 


Fig. 11 . 18 . The System, Ferric Chloride-Water (Schematic) 

the most striking instance of multiiffe congruent melting ])oints. There 
are four stalffc hydrates, Fe.Clfi 12 HoO ,2 FeoCk TI^O, and 

FenCle 411^0, all possessing congruent melting points. Fig. 11.18 repre- 
sents the system graphically. 

^An exceiitioii to this reasoning is the occurrence of a maximum freezing 
point of a solid solution, which wiU be discussed later. 

* The double formula Fe2Gl6 is used in order to avoid fractional coefficients 
for the water. 
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In systems like tlie above, in which only one of the components is aj^prociably 
volatile (here the water), very interesting plnisc clulnge^s occur ui)on isothermal 
evaporation. Let us assume that an 
unsaturated solution of ferric chloride 
and water be maintained at a constant 
temperature of 31°; the point is repre- 
sented by x in Fig. 11.19. Isothermal 
evaporation wdl lead to the follow- 
ing systems: solution satuiiited with 
FeaC 'Ifi. I 2 H 2 O at points between (1) 
and (3); solid FciClc I 2 H 2 O at point 
(2); unsaturated solution between (3) 
and (4) ; solution saturated with 
FeiiClfi -71120 between (4) and (ft); 
solid Fe2Clo.7Il20 at point (5); unsat- 
urated solution between (6) and (7) 
and finally solution saturated willi 
Fe2C4o 5 H 2 O at (7) leading to solid FC 2 CI 6 - 5 H 2 O with no further liqu(‘faction. 

2G. Solid Solutions as Solid Phases; A Single Solid Solution Present: 

A])normalities in the frcezing-i)oint curves of certain systems led vaiFt 
Hoff to the view tliat tlic solid being precipitated was not a ])ure eom- 
]>onent, but a solid phase of varialilo composition to whicli he gave the 
name solid solution. Brief reference to solid solution has been made in 
the chapter on solutions. A definition of such a substance is simple; it 
is to be viewed as a pliase ajid therefore homogeneous, and of variable 
comj)osition and therefore a solution, existing in the solid state. The 
concei)t of a solid solution occasionally gives dilTiculty, l)ut if ai)proached 
de 7WV0 it is no more difficult (and also no less diflicult) tlian the concei)t 
of a liquid solution. It is tlie idea of homogeneity in a body in which we 
know that there is more than one suljstancc present that gives the diffi- 
culty; and it is true tliat to admit salt water as homogeneous is perhaps 
impossible philosopliically and no less so if one prefers to think in terms 
of the molecular hypothesis. But salt water is homogeneous if defined 
empirically; that is, heterogeneity has not been demonstrated cxiieri- 
mcntally, and the treatment of it as homogeneous under the phase rule 
brings about no contradictions. In exactly the same manner, a solid 
solution is regarded as homogeneous for the same enijiirical reasons. 

In dealing with liquid solutions, wc have learned that, in some two- 
component systems, the liquids show complete mutual solubility, giving 
rise to but a single liquid phase, while other systems, in which there is 
limited solubility, form two liquid phases bearing conjugate relation to 
each other. The same conditions prevail for solids; the two components 
may dissolve mutually in all proportions, forming only a single solid 
Solution, or may possess limited solubility and form twm sedid solutions 
which are conjugate. Extending our use of the term conjugate beyond 
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the Hystem, Feiric C'hloiidc- Water 



304 


ELEMENTARY PHYSICAL CHEMISTRY Ch. 11-26 


its application to two liquid solutions, it will be seen that we may have 
the conjugate relation between a liquid and a solid solution and also 
between two solid solutions. We shall give our attention first to cases 
where the conjugate phases are a liquid solution and a solid solution. 

Our problem being to trace the course of the equililjiium between a 
solid (alljeit a solid solution) and a liquid phase, it is obvious that, to show 
the changes of concentration with the temperature, a freezing-point curve 
can Ijo constructed. In our previous attention to freezing-i)oint curves 
we have assumed, in accordance with the laws of dilute solution, that the 
freezing point of a solid is always lowered by the presence of a second 
component in the liquid phase. This assumi)tion is justified, by the laws 
of thermodynamics, as long as the solid phase is a pure component; but 
there is no foundation for any such generalization when the solid phase 
is a solid solution. In this case, the freezing point of the solid solution 
may be either lower than that of the pure component, equal to it or 

higher, and all three poasibili- 
ties are known. Fig. n\20 is 
designed to demonstrate Quali- 
tatively these three conditions. 

Let us consider the vapor 
pressure of tlu^ cuiiiponeiit A alone 
(i.(‘ , its Bo-callod partial pressure) 
in a system composed of A and B. 
The curve a.v is the vapor-i)rcssure 
curve of tlie pure solid and hx that 
of the inirc liquid phase, the two 
intersecting at x; this relationship 
for a single component has firevi- 
ously been sliown. Let us now 
consider that the liquid jiliase has 
an amount of B added to it; the 
curve representing the vapor pressure of A in this solution must fall beloAv the 
curve for pure liquid d., si nee the vapor pressure of A is always lowered by a second 
component. The curve for this solution, dxi, intcrsc'cts ax at the point Xi, and 
the point of intersection is the freezing point, at wliich the vapor pressure of A 
ill the two phases is the same, that being a necicssary condition for equilibrium. 
The iioint Xi is, by the diagram, necessarily at a temiierature lower than tj wliich 
accords with the rule that wliere the solid phase is the pure conqioneiit its freezing 
point is always lowered by a second component in tlie solution. Let us now 
consider however that the solid phase which forms is a solid solution containing 
varying quantities of B; the cuives representing the pressure of A in these solid 
solutions fall below ax a distance dependent on the mnouiit of B pt esent in the 
solid phase. The intersections of these cuives for the sohd phase with that for 
the liquid phase {dxi) are the freezing points, where tlie pressure of A in both 
phases is the same; and it will be seen that, according as the solid phase contains 
little or much B^ the freezing point is below t equal to it (^a) or above it (^ 4 ). 



Fia. 11.20. Vaiior Pressuio of CVnnpoiicnt 
A in Solid and Liquid Phases 
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As to the concentrations in the phases at these various points, it can be shown 
thermodynamically, as it has been shown experimentally, that the foIknviuR rule 
liohls: if tJie concentration of the second component is Kieater in the liquid phase 
than in the solid pliase, the freezing? point is hmered (.ri and .r-:), and if it is greater 
in the solid phase, tlie freezing point is raised 

AVhat has been shown for solid solutions in wliich .1 is the prodonii- 
luiting component may also be shown where B predominates; it follows 
then tlnit in a general system A — B where solid solution occurs, tlic 
freezing point of each solid phase may bo louvered, the freezing iioints of 
eacli may be raised, or one may have its freezing jiuiiit raised and the 
otlier have it lowered. There null therefore be three types of curves 
ncccssar^^ to c\])ross these three cases. 

Let us now’ recapitulate wdiat has beou learned about systems con- 
sisting of a liquid j3ha.se and single solid solution, so tliat W'e may lie in 
position to interpret complete diagrams: (1) there will lie a licpiid solution 
and solid solution bearing a conjugate relation to f‘a.c.li other, and of 
course tw o scpai'ate curves w ill be necessary to slunv the composition of 
these tw’o jdmses; (2) since only one solid jihasc and one li(iiii<l jihase have 
been postulated, and only one vapor phase is jiossible, tliere can not be 
more than tliree jihases j^reseiit, and no invariant ].>oints, which require 
four jiliases (eutectics, transition iioints, etc,), can ajiiiear; (3) the freezing 
jinints of a jnire component may be either raised or lowered by the second 
comiioncnt, giving rise to three types of curves. 

In Fig. 11.21 have been drawm schematic representations of eoinjilctc 
systems fulfilling these requirements, (hirvc I illustrates the ca,se wliere 
each coinjioiient has its molting j^oint low’cred jiy tlic second. The curve 
agefe represents the composition of the liquid jihase, and is called the 
liquidus curve; the dotted line ahah is the curve for the solid jihase, called 
tlie solidus curve, and the tie-lines show the conjugate relation. The 
position of these two curves w’ith reference to each other fulfills the rule 
develoj^ed above; at a given temj^erature t, the liquid jihase / contains 
more of A than does the solid phase d wdiich therefore has a low^er melting 
point than that of pure B, (c), and likewise tlie liquiil g contains more of B 
than docs the solid jihasc b, in accordance wdtli wdiicli its melting jioiiit 
is lower than tliat of pure A (a). The point c boars a superficial re- 
semblance to a eutectic, but is in no sense to be regarded as sucdi, since 
it is not an invariant point; it is correctly descrilied as a minimum melting 
point, wdiicli is a characteristic point in systems of the tyjie in which each 
component has its melting point low’cred by tlie other. Mercuric bromide 
and iodide give curves represented by Curve 1, Fig. 11 .21, with a minimum 
point at 59 molar per cent HgBr 2 and 210.1®. 

The other twm tyjjes of curves obtained are shown in Fig. 11.21 as 
Curves II and III. Curve II represents the case where the melting 
point of A is depressed by B, but that of B raised by A ; hence the liquid 
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its application to two liquid solutions, it will be seen that we may have 
the conjugate relation between a liquid and a solid solution and also 
between two solid solutions. We shall give our attention first to cases 
where the conjugate pliases are a liquid solution and a solid solution. 

Our ])roblem being to trace the course of the ecjuilibrium between a 
solid (albeit a solid solution) and a liquid phase, it is o])vious that, to show 
the changes of concentration with the tern])crature, a freezing-point curve 
can l:)e constructed. In our previous attention to freezing-i)oiiit curves 
we have assumed, in accordance with the laws of dilute solution, that the 
freezing point of a solid is always lowered by the presence of a second 
component in the liquid phase. This assum])tion is justified, by the laws 
of thermodynamics, as long as the solid phase is a pui’c component; but 
there is no foundation for any such generalization when the solid phase 
is a solid solution. In this case, the freezing point of the solid solution 
may be eitlicr lower than that of the pure component, C(jual ti it or 

higher, and all three possibili- 
ties are known. Fig. ll\20 is 
designed to demonstrate quali- 
tatively these three conditions. 

liCt us consider the vapor 
pressure of ihc component A alf)no 
(i.c., its so-called partial pressure) 
in a sysit'iTi coinjiosed of A and B. 
The curve ax is tJie vapor-pressure 
curve of the pure solid and hx that 
of the pure li(]uid phase, the two 
intersecting at .r; this rclationsliip 
ft)!' a single componeiit has previ- 
ously been slit)wii. Let us now 
consider that the liquid phase has 
an amount of B added to it; the 
curve reiircsenting the vapor pressure of A in this solution must fall below the 
curve for inirc liquid A , since tlie vapor jw'essure of ^ is always lowered by a second 
component. The curve for this solution, t/.ri, intersects ax at the point Xi, and 
the i)oini of intersection is tlie freezing point, at wliich the vapor pressure of A 
in the two phases is the same, that being a necessary condition for equilibrium. 
The i^oint .r i is, by the diagram, necessarily at a temperature lower than t, which 
acc'.ords with tlie rule that where the solid phase is the pure com])oneiit its freezing 
point is alwa5"s lowered by a sccoTid coin}M)iient in the solution. Let us now 
consider however that the solid pliasc which forms is a solid solution containing 
var^dng quantities of B; the curves representing the pressure of A in these solid 
solutions fall below'^ ax a distance dependent on the nmount of B jiresent in the 
solid phase. The intersections of these cuivos for the solid phase with that for 
the liquid phase (d.vi) are the freezing points, wlieie the pressure of A in both 
phases is the same; and it wall be seen that, according as the solid phase contains 
little or much if, the freezing point is below t {U), equal to it {in) or above it {U), 



t, TempL 


Fig. 11.20. Vapor Pressure of Coiniioneiit 
A in Solid and Liquid Pliases 
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As to tbo concentrations in the i>hasRS at those various points, it ran be shown 
thermo dynamically, as it has been shown exi-jerinientally, that the following rule 
holds: if the concentration of the second comi)onent is greater in the liquid phase 
than in the solid phase, the freezing point is lowered (n and a's), and if it is greater 
in the solid i^liase, the freezing jioiiit is raised (.r 4 ') 

What has been shown for solid solutions in which A is the predomi- 
nating component may also bo shown where B prenlominates; it follows 
tlien that in a general system .1 — B where soliil solution occurs, the 
freezing point of each solid jihase may bo lowered, the freezing points of 
each may l)e raised, or one may have its freezing jioint raised and the 
other have it lowered. There will therefore bo llirce types of curves 
necessary to express those throe cases. 

Let us now recaihtulate what lias been learned about systems con- 
sisting of a liciuid phase and single Solid solution, so that we may be in 
position to interpret complete diagrams: (1) thcie will 1)0 a liquid solution 
and solid solution bearing a conjiiga-te rehilion to each other, and of 
course two separate curves will be necessary to show the composition of 
thcvse two ])hascs; (2) since only one solid phase and one licpiid phase have 
been postulated, and only one vapor phase is i)ossil)]e, tliere can not be 
more than three i)hases i)resent, and no invariant points, which require 
four phases (eutectics, transition ])oints, etc.), (*an ai)])ear; (3) the freezing 
points of a ])ure coniiionent may be either raised or lowered by the second 
comfioncnt, giving rise to three tyjies of curves. 

In Fig. 11.21 l)avc been drawn schematic rojirosentations of complete 
systems fulfilling these rccpiiremcnts. Ciiive T illustrates the case wlierc 
each component has its melting point lowered by tlic second. The curve 
agefe repi'oscnts the composition of the liquid ])hase, and is called the 
liquidus curve; tlie dotted line ahede is the curve foi’ the solid pliase, called 
the solidus curvcj and tlie tie-lines show the conjugate relation. The 
position of these tw^o curves wutli reference to each other fulfills the rule 
d(welo]jed above; at a given temperature tj the li(]uid ])hase / contains 
more of A than does the solid phase d which therefore has a lower melting 
point tlian that of pure 7i, (e), and likewise the liqui<l g contains more of B 
than docs the solid i)hase 6, in accordance w-ith which its melting point 
is lower than that of pure A (a). The point c l)ears a superficial re- 
semhlancG to a eutectic, but is in no sense to be regarded as such, since 
it is not an invariant point; it is correctly descril)ed as a minimum melting 
point, wLicli is a cliaracteristio point in s^^stems of the ty])e in which each 
con)ponent has its melting point low’cred by the other. Mercuric bromide 
and iodide give curves represented by Curve I, Fig. 11 .21, with a miniinuin 
point at 59 molar per cent HgBr^ and 216.1°. 

The other two types of curves obtained arc shown in Fig. 11.21 as 
Curves II and III. Curve II represents the case where the melting 
point of A is depressed by B^ but that of B raised by A ; hence the liquid 
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Fig, 1 1 .21 . The System A — B; Solid Phase, a Single Solid Solution ' 


phase at all temperatures is richer in B than is the solid phase, to account 
for melting i)oiiits lower than that of A. Curve 111 represents the eleva- 
tion of the melting points of both components, leading to a maximum 
melting point; the position of the liquidus and solidus curves will be found 
to accord with tlie rule relating to concentrations in the two phases with 
the rise in freezing point. * 

27. Solid Solutions as Solid Phases; Two Solid Solutions Present: 
When the two components show a limited solubility in the solid phase, a 
number of new relations appear. In the first place, these two solid solu- 
tions will l)ear a conjugate relation to each other. Secondly, if the tem- 
perature limits of tliis conjugate curve extend up to the temperatures 
where liquids exist, there will be two solids and a liquid coexisting which, 
with the vai)or phase, make four phases and give rise to an invariant 
point which meets the definition of a eutectic or transition point. Fur- 
ther, either of these solid solutions alone may be in conjugate relation to 
the liquid phase giving rise to conjugate solidus-liquidus curves such as 
have been shown in Fig. 11.21. 

When the solidus-licpiidus curves show a minimum melting point, like 
that of Fig. 11.21, Curve I, the existence of two solid solutions produces 
a eutectic at this point; the condition is shown in Fig. 11.22. Here the 
liquid of minimum freezing point, 6, is in equilibrium with the two solid 
solutions of composition d and e, as shown by the tie-line dbe. This 
corresponds to a eutectic. Indeed, the system may be compared with 
the simplest melting-point diagram, that of Fig. 11.14, and the single 
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distinction is that the liquid phases in Fig. 11.22 are conjugate with solid 
solutions, represented by aef and cdg, whereas in Fig. 11.14 tliey are 
conjugate with the pure com- 
ponents. Potassium nitrate and 
thallium nitrate are an exanqde 
of this class. 

When tlie soJidus-liquidus 
curves rise from the melting 
l)oint of one comjjoneiit to that 
of the second, tlie system may 
be represented by Fig. 11.23. 

Here the juncture of the con- 
jugate curve for the solid solu- 
ti(jns (/c — gh) wdth the con- 
jugate solidus-licpudus curves 
{ad — ae) produces an invariant 
condition wdiere tlie phases are 
the two solid solutions e and b, 
tlie liquid solution d and vapor. This corresponds to a transition point, 
as showui earlier in Fig. 11. 10; it is marked by the apiiearance of a new 
solid ])hase, w’hether one cools the system Si -|- L or warms the sj^stem 
S 2 4- L, and by a discontinuity of the solubility curve at d. Silver 

nitiate and sodium nitrate oiTer 
an illustration of this type of 
curve; the transition temiiera- 
ture is 217.5°, at which tem- 
perature the liipiid d contains 
19.5 molar jier cent of sodium 
nitrate, and the solid solutions 6 
and e 26 j>er cent and 38 per 
cent respectively. 

28. Cooling Curves: The 
commonest method of deter- 
mining the nature of the solid 
is by a study of the cooling curve 
for the system, a method pro- 
posed by Tammann and almost 
universally used in the study of 
alloys, where the iriechanic.aJ 
isolation of a solid phase is out 
of the question. It is clear that if a heated system is allowed to cool with 
a constant outside temperature environment, the loss of heat will depend 
upon the heat radiation of the system as a whole, including the container, 



Fici. 11.23. The System A — i?; Solid 
Phases, Two Solid Solutions with Transi- 
tion Point 



Temperature 

FicJ. 11.22. The System A —71; Solid 
Phases, Two S(»hd Solutions 
with Jhiteidic 
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and the heat changes occurring within the system as a result of alteration 
in the chemical equilibrium with the temperature. Keeping these two 
factors in mind, let us plot schematically a cooling curve for a system 
like that of Fig. 11.14, starting with a complex x; in Fig. 11.24 we will plot 

the results, using time and 
temperature as coordinates. 
The system is c()m])osed of 
liquid and vapor and is there- 
fore bivariaiit, so that its 
temperature may fall with- 
out producing any phase 
reaction; the cooling curve 
therefore beginning at a will 
be a smooth curve. (At the 
temperature at whim the 
solution reaches saturation 
however, solid i)hase aipears 
and heat is produced by\that 
j)hase reaction so that the 
direction of the cooling curve is altered and the rate of cooling lessened; 
Z), the point of discontinuity, is the saturation temperature. The system 
now consists of three pliascs and is uni variant, permitting the fall of tem- 
perature to continue until the eutectic temperature is reached; here 
occurs, at c, a second discontinuity in <lirection, and wdnit is most im- 
portant, the temperature will remain constant (the system being now of 
four phases and invariant) until the liquid has entirely disappeared, the 
positive heat of formation of the eutectic solids compensating for the 
loss of heat by radiation. When the liquid has finally disappeared, the 
system becomes uiiivariant and a cooling curve de for the solids follows. 

The cooling curve has revealed certain ‘‘arr(‘sts/' h and c, indicating tempera- 
tures pertinent to the study of the system; by repetition under altered ciiTuin- 
stances it may also be made to reveal the desired composition of the solid phase. 
It is tlie time of the cutec.tic halt (i.e., the time interval c — d) which may be 
made to give this information. It is obvious that the duration of the eutectic 
halt depends upon the quantity of liquid components wdiic’h change to solid and 
thus produce the heat which halts the cooling. If amounts of A and B of the 
same total weight as in the first experiment be taken, but now of the eutectic 
composition as y in l^^ig. 11.14, there uill be no “arrest" at any point until the 
eutectic temperature is reached and the halt will be extended to its maximum, 
namely, Cid, Fig. 11.24. That composition therefore which gives the maximum 
eutectic halt establishes the composition of the solicb phases at the eutectic. In 
like manner, a halt will occur at other invariant i)oints, such as a transition point; 
but if a composition of a compound having a congruent melting point is taken- 
there will be no eutectic halt, since, as previously pointed out, su(;h a compound 
acts like an independent component and can therefore have no eutectic. The 



Fia. 11.24. Cooling ('urve for a Two 
(.'t)mponent System 
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relationsliip of tlie eutectic halt to the composition of tliese solid phases is rendered 
clearer by Firs. 11.25 and 11.26, in which the duration of the fuitectic, halt with 
the composition is plotted directly below the tcinperature-coinjiositiou ]>lot; it 
will be seen that the maximum eutectic, halt shows the cmtectic composition, and 
zero eutectic halt shows the composition of pure components and (‘oiiRruently 
melting compounds. By more extended thei'inul methods it beeomes possible to 
determine the composition of compounds wliich do not melt congi iu'ntly and of 
solid solutions as well; such mothotls have been iinailuable in the study of 
metallography. 



Fro. 11.25. h]utc('tic Halt, Showing Fig. 11.26, Ihitectic Halt, Showing 
C 'omiiositioii of lOutcctic Solids Composition of ( bm pound and of 

hhiti‘,ctic Solids 


The Equiltbuium Gas-Solid 

Of tlie three possilolc diagranis to represent the equilibria lictween gas 
and solid phases, namely, the pressiirc-coini:)ositic)Ti (p-c), jiressurc- 
temperature (p-t) and teniperatnre-coinposition {t-c) diagram, wo shall 
select the first two as most instructive, and as an example will choose a 
system consisting of a salt and water, where liydratc formation occurs. 
If we keep the water small enough in amount so that no liquid phase 
occurs, the iiossiblc ]ihases consist of water vaj)or, anhydrous salt, and 
as many hydrates as occur. Cojiper sulfate forms a number of hy- 
drates, namely, CuSO.! H.O, CuS 04 SH 2 O and CUSO 4 5IGO. Tlie 
pressure-temperature relations are shown in Fig. 11.27. It must be 
stated that anhydrous CUSO 4 may be kept in contact with water vapor 
of certain pressures and temperatures without the slightest formation of 
a hydrate — a fact of primary importance in freeing our minds from the 
erroneous impression that this compound (or any substance) is a perfect 
dehydrating agent. The diagram therefore shows an area for the bi- 
variant equilibrium CUSO 4 + H 2 O, within which both pressure and tern- 
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perature may be altered simultaneously without altering the number of 
phases; the formulas CuS 04 + vapor arc printed in this area. If, how- 
ever, the pressure of water vapor is increased, there comes, for each 

temperature, a point at which 
the hydrate CUSO 4 HjOforms; 
since three phases are now 
present, the system is now 
univariant, and the curve OC 
represents the pressures and 
temperatures for that equi- 
librium. The curve is com- 
monly spoken of as the dis- 
sociation curve for the jmono- 
hydrate, since it represents the 
dissociation pressure of the re- 
action CUSO 4 . H 2 O c\iS 04 
+ H 2 O (vapor). If we dipsire 
Fig. 11.27. Vapor Pressure Curves for to speak of it as a vapor-^res- 
Ilydratcs of ( k)pper Sulfate sure curve, it is the vapor- 

pressure curve for the system 
CUSO 4 II 2 O — CuSOd — vapor, and not, correctly speaking, for the hy- 
drate alone; for this hydrate has no vapor-pressure curve, but, on the 
contrary, a vai)or-pressure area above the curve. In this area, again, 
the two-phase system is bivariaiit, and is bounded above by the vapor- 
pressure curve for the system CuS 04 H 2 O — CuSOd 3 H 2 O — vapor. 
The other areas and vapor-pressure curves may be read fi'bm the figure; 
some of the data are given below. 

TABLE 11,8 

Dissociation Piusssureb op Hydrates of Copper Sulfate 

Temp. 

25°. . . 

30 . . . 

35 . . . 

40 . . . 

45 . . . 

50 . . . 

80 . . . 

A number of conclusions may be drawn from Fig. 11.27. As to de- 
hydrating efficiency, it is apparent that CuSOd, put in a moist atmosphere 
or into a nonreacting liquid containing water, will never remove all the 


Cii804 5II2O 
- CuS04 3IX2O 

(''uiSOi 3H2O 
- CUSO 4 11 2() 

CU 3 O 4 .II 2 O - CaS04 

7.8 mm. 

5.6 mm. 

0.8 mm. 

11.0 

— 

— 

16.5 

11.8 

— 

23.2 

— 

— 

32.8 

22.1 

— 

45.4 

30.9 

4.5 

260.1 

183.1 

— 
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water, but will combine with it at a given temperature D and reduce 
the aqueous pressure to a certain definite amount, depending on the 
quantity of CuSOi present; if it be so small that it is completely converted 
into CUSO4.5H2O, the pressure will fall to G\ if it be larger, so that all 
the water possible can be taken up without the formation of any hydrate 
higher than CUSO4. HaO, the pressure will fall to E; but under no circum- 
stances can it fall to zero. The same reasoning applies of course if other 
salts forming hydrates are used as desiccating agents. Further, it will 
be seen that, at a given temperature, all three hydrates are perfectly 
stable and capable of existence; there is no necessary lower limit for tlie 
existence of a hydrate in equilibrium with a vapor, although there fre- 
quently is a loAver limit for its existence in contact with solution. The 
upper limit of a vapor-pressure curve of this character is reached where 
there is a congruent melting point or a transition, producing a liq\iid phase 
and therefore a new system with a new vapor-pressure curve. That this 
is the single limitation to the curves at high temi)eratures is frequently 
forgotten, and was not at all understood previous to the use of the phase 
rule; as a result, the student should be on his guard against statements 
emanating from the older literature to the effect that such and such a 
hydrate “loses w\ater at 100°,” when all that is meant is that the experi- 
menter noticed a rapid loss of water at that temperature, and not that 
a transition point exists. As Fig. 11.27 indicates, a given hydrate will 
lose water at any temperature, if the aqueous pressure is less than tliat 
of its dissociation curve; in the terms of the phase rule, since a hydrate 
and its vapor constitute a bivariant system, they may exist at any pres- 
sure, if the temperature is low enough, and at any temperature if the 
pressure is high enough (provided only that a transition or melting point 
does not intervene). 

A pressure-composition diagram of the same system, given in Fig. 11.28, shows 
the conditions at a fixed temperature, taken arbitrarily here as 50“ C. If an- 
l^drous copper sulfate be introduced into a vessel and water vapor introduced 
continuously, the pressure will rise continuously along ah from zero pressure to 
4.5 mm. before any water is taken up by the salt, since up to h the aqueous pressure 
is less than the dissociation pressure of the monohydratc. At b the monohydrate 
begins to form, and since there are now two solid phases and vai)or present at 
constant temperature the system is invariant and pressure increase is impossible 
as long as the three phases coexist. The water vapor continuously introduced is 
taken up in the formation of the monohydrate, resulting in a change of total 
comiM^sition of the solid phases along the line he; when the conversion of CUSO 4 
into CUSO 4 .H 2 O is complete, at c, the pressure again rises without affecting tlie 
composition of the monohydrate, along cd, until the dissociation pressure of the 
trihydratc is reached at d (30 mrn.), at which point the trihydrate begins to form. 
Similar changes in direction of the vapor-pressure curve occur at c, /, and g; the 
diagram as a whole shows a series of horizontal curves where two solids and vapor 
are present. 



312 


ELEMENTARY PHYSICAL CHEMISTRY Ch. 11-28 


I 

\ 


CUSO 4 CuSQt-HjO Cu504*3Hj0 CuS04-5H*0 

Composition of solldphose 

Fig. 11.2s. The System, Copper Sulfate-Water. Isotherm at 50° C. 

The same general conditions, (lescril)cd above for systems in which a 
hydrate is formed, are met with in any system in which the two compo- 
nents form a solid compound or compounds, and a vapor composed of 
one component. Important examples wliich have been studied include 
among others the following systems: CaO — CO 2 ; AgCl — Nila, and 
similar ammines; Ilg — O 2 . Systems in which both com])onents are 
volatile, as in the case of Nila + 11 Cl and IsIHs + CO 2 , exhibit more 
complicated relations. 

The Equilibrium Solid-Solid 

The methods by which the phase relations of solid alloys are studied 
are necessarily much more diflicult tlian those for liquid systems, and 
may be found described in the texts on metallography; the commonest 
methods are thermal in character (i.e., use of cooling curves and warming 
curves) or microscopical. Details as to solid systems ca-iinot be given 
Here, but a brief outline of some of the work on a single such system 
(the iron-carbon system, important because of the use of such alloys as 
steel) will be given in order to illustrate equilibria of this class. 

When iron and carbon (the latter in any reasonably small proportion; 
are considered, the system is found to give rise to a very considerable 
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number of solid phases, which may enter into varioUvS jdiaso equililu'ia 
with each other or witl\ the licpiid soluiion of carbon in iia)n. An enumer- 
ation of these solid phases is given below: 

a-ferrito 


Three (possibly four) allotropic inodafications of iron ■ 


[d“feiTite] 

7 -ferrite 

5-ferrite 


A carl)ide of iron, FoaC = Cementito 

Solid solution of carbon in 7 -ferrite = Austenite 

Solid solution of carbon in 5-ferrite = ? 

Two allotropic forms of carbon -f 

I amorphous carbon 


The relationships of these phases have been cKtensively studied and arc cm- 
liodiod in a voluminous literature. 3’here is not an agrc'cment on all of the details, 
because of the difliculty of tlie cxi)eriinental work, Iriit that on which there is 
coininoii agreement is diagrammed in Fig. 11.29. Leaving out of considtiration 



the sinall area near A in wlnc'h solid solution of carbon m 5-fcrritc is found, the 
principal relationships Avill be mentioned, T-ferrite dissolves carbon, giving rise 
to a solid solution called Austenite, occuiryiiig the field AEHGF. The dissolving 
of carbon in the iron brings a fall in the melting point, giving rise to a liquidus 
curve (AC) and a solidus curve {AE) sucli as always occurs when solid solution 
is fo-^-med. These curves fall in this case to a eutectic C, as jireviously shown in 
Fig. 11.22; the three jihascs are a litpiid and two conjugate solids, Austenite {E) 
and the carbide of iron FcaC known as C'emeiitite (D); the eutectic temperature 
is 1130° C., and the composition is 4.3 per cent carbon. There is of comse a 
second area of conjugate liquid-solid phases, CBD, where the solid phase is 
Cementito. Jf we noAv follow the curves of the conjugate solids, EH and DL, 
an interruption occurs at the point i/, where the curve for Austenite {EH) meets 
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the curve for the transition of 7 -ferrite into a-ferrite (FGH). Regarding /3-ferrite 
and a-ferrite as identical except for the occurrence of magnetic properties in the 
/3-ferrite, or adopting any of the other views which have been advanced to the 
effect that the two varieties are not allotropic forms, we may look on the point 
F (900°) as the transition point of pure 7 -ferrite into pure a-ferrite, and FGH as 
the curve showing the depression of this transition point by the presence of carbon 
dissolved in the one solid (Austenite) . The intersection of these two curves at H 
(0.89 per cent O and 700°) gives a point of equilibrium of three solid phases, 
namely, Q!-ferrite, Austenite, and Cementitc, and is called a eutectoid; it resembles 
a eutectic in being the point of equilibrium between two components (here a-ferrite 
and Cementite) and a solution (here Austenite), differing from the eutectic in that 
the solution is here a solid solution in place of a liquid solution. At temperatures 
below the eutectoid there will be two solid phases in equilibrium, namely, a-ferrite 
and Cementite; these will settle out on cooling in the usual form of a efutectic 
conglomerate, which, because of its approximation to homogeneity, is look(^d upon 
as a structiu al clement and called Pearlite. 

Systems of Three Components 

In systems of three components, brief study of the new rclatioi)s of 
components, variables and degrees of freedom will be helpful. With 
respect to components, no now principle is involved, but it will be useful 
to note what general types of reacting substances fall under the heading 
of ternary systems. Perhaps the most frequently studied cases arc those 
consisting of water with two salts having a common ion, such as NaCl 
4* KCl + H 2 O; such a system, if it includes new compounds, can have 
them only of a composition intermediate between that oX two or more 
components, such as double salts or hydrates, and therefore any phase 
which occurs can have its composition expressed in terms of the three 
components. It will be noted that a system consisting of water and two 
salts without a common ion would not fall into the division of ternary 
systems, since by double decomposition new phases will be produced 
whose composition is not intermediate between the two salts and water; 
this very common type of system is a four-component system. On the 
other hand, two salts without common ion do form a ternary system if 
water or other substances be absent; although the chemical equation for 
the double dccom])osition shows four compounds present, yet any one 
of them can have its composition expressed in terms of the other three, 
as was discussed earlier for the system CaCOa, CaO, CO 2 , where the 
system was shown to be binary despite the existence of three compounds. 
A third common instance of a ternary sj^'stem consists of a single salt and 
water where the salt suffers hydrolysis, forming basic or acidic salts 
whose composition again is not intermediate between the salt and water ; 
in this case, the choice of the three components depends upon convenience 
in representing the system, and an excellent example exists in the case of 
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bismuth nitrate and water, which is most conveniently regarded as 
having the three components Ri^Oa, NaOfi and H 2 O. 

The number of independent variables in a ternary system is larger 
by one than for a binary system, namely, pressure, temperature and two 
concentration variables, since a ternary solution requires a statement of 
its composition with respect to two components before its total composi- 
tion is fixed. The degrees of freedom for ternary systems follow directly 
from substitution in the phase-rule equation; five coexisting phases at a 
quintuple point give an invariant system, four give a univariant system, 
three a bivariant and so on. 

29. Graphic Representation of Ternary Systems: Complete repre- 
sentation of all the variables in ternary systems is a complex matter, if 
at all possible. In most work that has been accomplished such a re])rc- 
sentation is unnecessary, sincic the systems studied have been chiefly 
condensed systems in which the pressure has been kept constant or is 
ignored. Our problem is therefore to represent tlie temperature as one 
variable and the composition as a second. Many geometrical means 
have been devised for this purpose, of which only one will be discussed and 
used here, namely, the representation of the composition by triangular 
coordinates and of tlie temperature at right angles to tlic triangular 
diagram, giving, therefore, a triangular prism as the space figure in which 
the two variables are represented. 

At any fixed temperature, the iso- 
therm would then be a triangle, 
rc])rcscnting the composition, the 
properties of which will bo briefly 
discussed. 

Following the method of CJibbs, 
an equilateral triangle is chosen 
and the composition of each ])urc 
component represented by a ver- 
tex (A, B and C in Fig. 11.30); 
the total or unit composition is 
expressed by the altitude of the 
triangle, and the fractional part 
which a particular component con- 11-30. Equilateral Triangle for 

tributes to a complex is measured Composition of a Ternary System 
by the perpendicular distance of 

tliG point representing that complex from the side opposite the vertex 
for that component. Thus the point m represents a complex made 
up of component A in amount proportional to the perpendicular wa, 
B in the proportion m2), and C in the proportion me, a representation 
made possible by the property of an equilateral triangle that the sum of 
the perpendiculars from a point to the three sides is equal to the altitude 
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of the triangle. For the general properties of the equilateral triangle the 
reader is referred elsewhere; yet one such property is of such usefulness 
to our problem as to warrant explicit statement, namely, that if a complex 
of A and C represented by the point x is taken and increasing amounts 
of B added, the composition will change along the straight line xB and 
therefore all points on such a straight line represent the same ratio of A 
and C to each other. 

To exemplify ternary systems we shall discuss only two examples, 
that of bismuth nitrate and water and a case of a ternary alloy. The 
former illustrates the case already mentioned of a salt suffering hydrolysis. 
The latter is of fundamental importance in metallurgy. 

The system bismuth nitrate-water is a threc-component s^^stem, which 
may be regarded as made up of the thiv,e components Bi^Os, NuOs and 
H 2 O. Fig. 11.31 shows schematically the relationships found at 1^0° C. 
The system at this temperature shows four ternary compounds whiih are 
marked I, II, 111 and lY in the figure. The composition of ca^li is 
given below. 

TAIiLJO n.9 ^ 

Solid Phases in the Teiinary System, BisOa — xYaOr, ~ 1120 


Fikuio 11.. ’31 

Coiniiohitioii 

Coiivc’niiotial Formula 

1 

. .BinOa.NsOj 211.0 

BiONOa.n^O (basic salt hydnito). 

JI 

. . .Ui. 03 .N. 20 r, H.O 

Bi20(N03)2(0II)2 (basic salt liydrato). 

Ill 

. . .J 5 i. 03 . 3 N 20 i. 10 H.O 

Bi(N()3)j. rdl^O (normal salt liydrate). 

TV 

. .BizOa 3N2O5.3HJO 

Bi(N03)3. 11 H >0 (normi^l salt hydrate). 


It will be seen that each of these solid ])hasos may be in equilibrium 
with solutions varying in com])osition over a limited range {ah, he, cd, de) 
and that two solid jihascs can be in equilibrium only with a solution of 
fixed composition, as shown by the triangles having h, c and d as their 
angles. The composition of I, II, 111 and IV may be ascertained by 
analysis first of the solutions, which will lie respectively somewhere along 
the curves ah, he, cd and dc, and then of the wet solid phases in equilibrium 
with these solutions. At least two solutions and two solids wet with such 
solutions must be analyzed for each compound whose composition is to 
be ascertained. The more of such analyses made the more certainly will 
the composition of the solid compound be identified, since the analyses 
of each solution and the corresponding solid wet with the solution must 
lie along a line joining a point on the curve corrcsi^onding to the solution 
with the point representing the dry solid. 

Fig. 11.32 illustrates a triangular prism constructed to shoAv simul- 
taneously variation in composition and temperature. The cross sections 
of such a prism are the triangular isotherms of the system in question. 
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In the diagram shown, the point d is tlie ternary eutectic, or quintuple 
point below which all mixtures of the compuiients can exist only in the 
solid state. As already statc<l, for a three conii)onont system such a 
(juintuple point gives an invariant s.ystem. That is, F = 0 and P is 
therefore equal to 5. Three solid phases, the liquid and gaseous phases 
are in equilibrium at this point and this point only. Tlie points a, b 
iind c are the three binary eutccti(*s for the three two component systems 
and e, f and g are the melting points of the three pure components, C, 
A and B. The three shaded surfaces sci)arate the region of solid phases 
below from the region of liquid i)hases above. These surfaces represent 
a single solid phase (B for bgady etc.) in equilibrium with liquid. The 
lines adj hd, and cd rc])resent two solid phases in equilibrium with liquid, 
a univariant system therefore. 


n 



J'^IG. 11.31. The System BiaOa - N20r. Fio. 11.32. Ternary System 

— HaO (Schematic) Showing Ternary Kutcctic 

If then we consider any liquid of composition above the diagram to be 
cooled down gradually, a single solid will separate at the corresponding 
(omposition on one of the surfaces, and, as the temperature continues to 
drop, the composition must continue to vary along this surface as more 
of the solid component settles out, until a point is reached on one of the 
eutectic curves ady hdj or cd. Here a second solid will begin to precipitate 
and the comijosition and temj)erature will vary along the specific eutectic 
curve until, finally, at d, the system becomes invariant. No change in 
composition or temperature will then occur until the mass has completely 
solidified. It is clear that a knowledge of such a complete diagram will 
enable the metallurgist to foretell in what order the three components 
will solidify from a given complex taken. Further, since the ternary 
eutectic is necessarily lower than all the binary eutectics it becomes 
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pOvSsiljle to contrive especial low melting alloys of three components. 
The following examples will illustrate the point. 

TABLE 11.10 


KtrrECTiCR in Ternary Alloys 


PL - Pi - Bji 

Pb - Pi - Cd 

M. P. .if 

Binury 

I'pnmrv 

M. P. of 

Piniirv 

I'ernary 

Conii)()m;nt 

Kuloctic; 

IjuIbpI jr 

Component 

Ibutcotic 

Entciptic 

Pb = 325“ 

Pb + Bi = 127° 

96° 

PI) = 320° 

Pb + Cd = 245“ 

92° 

Bi = 268“ 

Bi + Sn = 133° 


Cd = 320“ 

Cd + Bi = 145“ 


Sn = 232“ 

Pb + Sn = 182“ 


Bi = 270“ 

Pb + Bi = 125“ 



Exercises (11) ; 

1. The fdllowiiig weights of bromine per 10 cc. of water and CS 2 wxre found 
at 20° C. in a distri})utioii experiment: 

JliO 0.17G 0.030 0.020 0.0011 

CS 2 H.l 2.40 1.05 0.09 

( Calculate the distribution coeflicient. 

2. SJiow that acetic acid exists mainly a.s double molecules in benzene from 
the following distribution data between benzene and uiiter: 

Benzene 0.043 0.071 0.094 0.149 

Water 0.2*15 0.314 0.375 0.500 

3. If 100 c(5. water coiitaiiiod 0.3 g. bromine, what fraction would be extracted 
(a) by using 100 cc. in one exti action, (5) by using 50 cc. in each of two ex- 
tractions? Bow many successive extractions using 10 cc. CS 2 would theoretically 
be necessary to remove 99 per cent of the bromine? 

4. A mixture of 30 g. iilicnol and 70 g. water is kept at 30° C. Wliat are the 
amounts and compositions of the phases? 

5. A mixture of 80 per cent phenol and 20 per cent water is maintained at 
40° C. What will be the effect of successive additions of water (a) on the liquid, 
(5) on the vapor jihase? 

0. From the data in Table 11.6 determine the constants A and B for the 
rectilinear diameter: Ci + cz = A Bt where ci and f 2 are the weight per cents 
of phenol in the two layers at temperatures i° C. Hence find the consolute 
temperature. 

7. Determine the consolute temperature for propionic nitrile and water from 
the following data: 


e c. 

Ci 

Ci 

40 

10.7 

92.1 

60 

12.7 

S8.5 

100 

22.4 

75.5 
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8. Determine the melting point of an alloy containing 70 per cent Pt and 30 
per cent Au given the following: 


Per cent Pt 0 

10 

20 

30 

40 

50 

CO 

100 

('rystallization begins 

1064° 

1174 

1290 

1437 

1503 

1544 

lv579 

1714 

Crystallization ends 

1079 

1100 

1177 

1203 

1253 

12S5 



Wlvdi is the composition of the first portiem of liquid fi-oni the iilloy? 

9. The vapor pressure of water at Or)"* V. is 633.78 inm. and t hat of naphthalene 
IS 15.5 ram. Assuming the two substances are insoluble in eai*h ^)thor calculate 
the weight of naphthalene which will be distilled from this mixture at 95" C. 
along with 100 cc. winter. 



CHAPTER 12 


ELECTRICAL CONDUCTANCE AND IONIZATION 

The distinction between conductors and non-conductors of electricity 
was first made exjjcriincntally by Stephen Grey (1728-1730). Good 
conductors arc metals, many sulfides such as galena and pyrites, aqueous 
solutions of acids, bases and salts, fused salts, and water when not 
perfectly pure. Bad conductors, or insulators, are dry solid salts, metallic 
oxides, ice, some metallic compounds, such as S 11 CI 4 , AsCla, li^h, AsS 2 , 
and AsaSaj most non-mctallio elements, pure water, mostj organic 
compounds, mica, and glass, all at the ordiuai’y temperature. \ 

1. Classes of Conductors: Early experimenters, such aa Davy, 
noticed that conductors could ))e divided into two classes: (i) ijhose in 
which tlic electricity moves without producing chemical chaiij^cs; (ii) 
those in which chemical changes always accompany the passage\of the 
current. Metals are typical of the first class, called metallic conductors. 
The second class comprises what are called, following Faraday, electro- 
lytes^ or electrolytic conductors. Davy noticed that the conductivity of 
metals diminishes with rise of tem])erature, while Ohm found that of 
electrolytes to increase. Carbon is the principal exception to this rule: 
it conducts metallically but its conductivity increases rapidly with rise 
of temperature. Silicon also shows this peculiarity. Ilittorf noted that 
the conductivity of copper sulfide is increased by tracjcs of free sulfur and 
the conductivity of the native sulfide depends on free copper. Silver 
sulfide appears to conduct metallically because of the formation of fine 
threads of silver. The supi)osed metallic conduction of fused silver 
halides is also duo to threads of silver stretching from pole to pole. 

2. Unipolar Conduction: A peculiar class of conductors are those 
known as unipolar^ which allow electricity to pass from one electrode 
only. Erman noticed that if wires from a battery are introduced into a 
piece of dry soap no current passes. If the soap is connected to earth, 
current flows to earth from the negative wire only. The positive elec- 
trode becomes coated with an insulating layer of fatty acid. If the soap 
is moist, this is dissolved and current passes between the two wires. 
The same phenomenon has been noticed in solutions, and whenever 
electrolysis leads to the formation of a s[)aringly soluble, poorly conduct- 
ing, substance, whi(;h adheres to one of the electrodes, unipolar conduc- 
tion occurs. This is ap])lied in the aluminum rectifier, which consists of 
a cell in which the anode is of aluminum and the electrolyte a solution of 
alkali phosphate, or borate, or a mixture of equivalent amounts of 
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aminoniiim jihosphate and borate. In tliis wfiy an alternating is con- 
verted into a direct current. 

3. Theory of Metallic Conduction: IMetallic conduction dilTers from 
electrolytic conduction in the following ])articulars; (1) Tliere are no 
jjroducts of electrolysis; (2) there is no polarization; soliil electrolytes, 
e.g., barium sulfate, exhibit a polarization of over one volt; (3) a 
substance which dissolves in water without decomposition to give a 
solution containing ions will probably conduct elec-trolytically in the 
solid state; (4) the resistance of a pure solid conductor has a minimum 
value at some temperature, while that of an electrolyte always tliminishes 
with rise of temperature; (5) selective ahsorption and emission in the 
ultraviolet and infrared arc exhibited by electrolytic conductors, while 
in the case of metallic*, conductors, absorption and emission arc continuous. 

On the theory of metallic conduction now accepted, free electrons are 
suppose<l to carry the current, the positive i(uis of the metal being im- 
mobile, or practically so. Other results lead to this theory, suc.h as the 
work of Tolman and vStewart, who calculated the ra,tio of the effective 
mass of the current carriers to the quantity of electricity carried. This 
ratio indicates that the carriers arc fre(i negative electrons. The therm- 
ionic emission from metallic wires at high temi)eratures is also in good 
agreement vith the electron theory. 

In the theory of metallic conductan(‘,e due to Drude the electrons in a 
metal are assumed to have the same mean kinetic energy as a gas molecule 
at the same temperature, and collisions between chMdrons iind between 
electrons and metal atoms occur in the same way as those between gas 
molecules. The condmition is explained by the directive effec.t of the 
applied E. M. E. on the motion <jf the electrons, whicli preserve their 
random moti(jn unchanged. On these assumptions, with certain simpli- 
fications, the conductivity of a metal can be shown to be given by: 

K = {chd)l(2'J2aT7n)j (12.1) 

where e = clectrcjnic charge; n = number of molecules per unit volume; 
I — path traversed by an electron between two successive collisions; 
T = absolute temperature; = mass of electron; a is a constant given 
by the relation = aT, where v is the velocity of the electron. Thus: 

K = chiLl2mv, (12.2) 

On the assum])tion of the classical kinetic theory we replace by 

where k is Boltzinannts constant, hence: 

— c~7ilvl(jkT. (12.3) 

By a similar calculation the coefficient of thermal conductivity is 
found to be given by: 

0 = inklv, (12.4) 
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hence 

61k — ^Jc^Tle^ = T X const., (12.5) 

which is the law of Wiedemann and Franz. 

Althoiigli experimental cvidoncc on the whole supports Drude's 
theory, it is not free from diflieulties. In the first place, the Wiedemann- 
Franz law is only aiiproximatc. The experiments of Oniies at very low 
temx)eratures (Sec. 12,4) show that a state of ^'super-conductivity'^ is 
reached before the absolute zero, when the resistance has practically 
vanished, and the resistance falls off more rapidly with temperature 
than according to the Wiedeniann-Franz law. 

The simplest assumption would appear to be that the numl)er of free 
electrons is ecjual to the number of metal atoms. This, however, would 
yield a concentration of the electron gas, that is, their number per cubic 
centimeter, which is extremely high in comparison with the concentration 
of gas molecules under ordinary conditions of temperature and pressure. 
Now, with gases, the molecular concentration may be effectivelyVeduced 
by increasing the temperature. Owing to the small volume ch\inK6 of 
a metal with temperature, however, the electron gas concentratioi\ is still 
quite large at very high temperatures. 

A method of accounting for the properties of gas molecules at low 
temperatures where their concentration is large has recently been sug- 
gested by Bose and Einstein and by Fermi. The api)lication of this 
same treatment to the electron gas in a metal gives for the Wiedemann- 
Franz constajit a value 7 X at 291® K. in remarkably good agree- 
ment with observed values. 

The resistance of a metallic conductor is proportional lo the probability 
of collision between electrons and atoms. In wave mechanics such a 
collision involves the scattering of the wave representing the electron by 
the irregularity of imtential representing the atom. If the lattice of the 
atoms is regularly spaced as in crystals at the absolute zero the electron 
wave will not be scattered, that is, the resistance will be zero. At higher 
temperatures the atoms vibrate, the lattice is no longer regular and 
scattering occurs, that is the resistance increases, roughly proportional 
to the temperature. Quantitative consideration of such scattering per- 
mits calculaticni of the resistance and the good agreement with experi- 
ment is one of the most important results of the wave mechanical theory 
of metallic conduction. 

4. Effect of Temperature on Resistance of Metals: The relation be- 
tween the specific resistance of a metal and temperature may be ex- 
pressed by the formula 

r = a + bT + cT\ (12.6) 

For small ranges of temperature the linear relation, 

r = a + hT, 


(12.7) 
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is sufficient, the coefficient having the value about (llr)drl(lT = 0.004 
(cf. coefficient of expansion of a gas), although for magnetic metals it is 
higher. The coefficient increases vath temperature, large changes being 
observed in the neighborhood of transition points and melting points. 
The coefficients for liquid metals are usually one fifth those for solid. 

At very low temperatures the resistance diminishes very rai>idly with 
the temperature, and, at 3*^ or 4° K., the resistance may be zero, i.o., 
the metal is a ])erfect conductor. Our knowledge of the resistance of 
metals at very low temperature is due to the work of Ka.mei*lingh Onnes 
and his co-workers at l^eyden. In the case of mercury, for e\aini)lc, a.t 
13.9° K. the resistance is 0.034 that of solid mercury at 273° K. At 
4.3° K. it is 0.0013 times, and at 3° K. less tlian 0.0001 times. Oold and 
lead behave similarly. Metals at those low temperatures arc said to 
be in a “suiicr-conducting” state. Some metnls, such as platinum, 
copper, and metals which tend to form solid solutions, do not become 
super-conducting, but the resistance decreases to a minimum, and then 
rises again with further fall in temperature. 

The existence of the super-conducting state .at once rules out these 
metals for use as resistance thermometers for measuring very low tem- 
perature. For such measurements Giaucpic ^ 1ms suggeste<l the use of 
amorphous c.arbon, the temperature coollicicnt of resistance of wliich 
increases greatly at lower temimratiu’cs. A more interest ing method lies 
ill the dependence of magnetic susceptibility on temperature, yince 
the process of magnetization of iiaramagnetic siibst:in(‘-es involves an 
increase in order, it is always accompanied by a decrease in eiitrojiy AS, 
An amount of heat corrosijoiiding to TAS must tliend'ore bo evolved. 
If the magnetized substaii(;e is then thermally isoIate<l and ilie magnetic 
field removed, <lemagnetization will occur adiabatically with a corre- 
sponding reduction in temperature. Thus if a paramagnetic substance 
at a temperature around 1.5° K., obtained by boiling licpjid helium, is first 
isothermally m.agnetizcd, then isolated thermally from its surroundings 
and the magnetic field removed, the adiabatic demagnetization results in 
temperatures considerably below 1° K. Giauqiie using a gadolinium 
salt obtained 0.097° K. Using ixitassium chromium alum, de Ilaas and 
Wiersma claim to have reached 0.0044° K. 

5. Conductivity of Alloys; The electrical conductivity of alloys is 
characteristic. Each comiionent contributes to it, so tliat if an alloy 
is purely a mechanical mixture its conductivity is an additive property 
of the volume percentages of the components. Isoniorphous mixtures 
have a conductivity which is alw.a 3 ^s less than that calculated from the 
mixture law, and is diminished by addition of foreign su])stanc-es. The 
formation of a solid solution is accompanied by considerable increase in 

^ Ind. Eng. C/iem., 28, 743 (1936). Giauque here gives a survey of the field. 
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the resistance of the alloy, and this increases also with increase of con- 
centration. When the components form a compound this possesses a 
peculiar and characteristic conductivity which is relatively high, and is 
diminished by additions of foreign substances. The temperature coeffi- 
cients of intermetallic compounds differ but little from the normal value 
(0.004) for pure metals. In the case of solid solutions the temperature 
coefficients are much lower. 

6. Theory of Electrolytic Conduction; The current flowing through an 
electrolytic conductor under the influence of an applied potential differ- 
ence involves a transport, not of electrons as in a metallic conductor, but 
of charged particles called ions. These ions may be positively or nega- 
tively charged and will consequently move in opposite directions through 
the conductor for a given applied field. The positively charged ions, 
moving towards the negative electrode, the cathode, arc teu’nie^l cations; 
the negatively charged ions move towards the positive electrode, the 
anode, and arc termed anions. The current carr 3 dng capacity oi a given 
electrolytic condu(!tor will thus depend on several factors, such as the 
numbers of anions and cations present, their charges and their velocities, 
the latter of course partly depending upon the magnitude of the poi^ential 
drop across the conductor. 

7. Faraday’s Laws of Electrolysis; It has already been stated in 
Chapter 1, 10 that the relationship between the quantity of electricity 
passing through an electrolyte and the amount of material produced at 
the electrodes was discovered by Faraday and is embodied in the two 
laws of electrolysis. The reliability of Faraday ^s laws is one of tlie very 
well-established facts in experimental science and prcAddes a means of 
measurement of the quantity of electricity. The amount of material 
deposited by a current of I amperes flowing for t secs, is //yOOSOO g. 
equiv., or if e is the equivalent weight of the electrolj^te, 7^c/90500 g. 
The experimental determination of this w^cight provides a means of 
calculating the current strength I amp. or the quantity of electricity. It 
coulombs. 

8. The Coulometer: The coulometer is the apparatus used for this 
measurement of the quantity of electricity. The silver coulometer is 
probably the most reliable. Silver is deposited on a platinum dish 
acting as a cathode from a solution of highly purified silver nitrate. 
Contamination of the deposit by products formed around the anode is 
prevented by surrounding the latter with a porous cup. The deposit is 
carefully washed, dried and weighed. From the weight, the cun ent can 
be calculated. For general purposes the copper coulometer is used, in- 
volving the determination of the weight of copper deposited on a copper 
plate from an acid solution of copper sulfate, containing a small amount of 
alcohol or tartaric acid to prevent oxidation of the deposit. Lead from 
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solutions of lend silicofluoride and electrolytic gas from water, either 
acid or alkaline, have also been used in roiijxh measurements. 

9. Measurement of Electrolytic Conduction: The resistance, 7?, of a 
conductor of uniform cross-section, A , is found to be directly proportional 
to its length, L, and inversely ])ropoi'tioiial to its cross-section: 

R cr LI A, 

Thus 

R = r-L/A, (12.8) 

where r is the specific resistance or resisiiviti/. The rocijnocal of the re- 
sistance is terjned the conductance and tlie reci])rocal of the specific 
resistance, the specific conductance or conductlvitij, h: 

K == 1/r - LIRA. (12.9) 

Now the conductivity of a solution of an electrolyte depends on its con- 
centration. Thus, to (a)mparc results for diiTerent solutions it is neces- 
sary to take the concentration of the solutions into consid(M’ation. This 
may most easily be done by using the equivalent conductance^ A, defined 
as the ratio of the conductivity, /c, to the camcentration, c'*', expressed in 
ecpiivalents per cubic centimeter (not per liter): A = /c/c*. The re- 
ciprocal of this concentration, the number of cubic centimeters containing 
one equivalent is calh^l the dilution and denoted, ip. Thus if a volume 
of solution containing one equivalent is enclosed between two ])arallel 
plates one ccntiinciter apari., the cojiductancc will be the ecjuivalent 
conductance. This is easily seen, since the solution may be divided into 
ip cubical cells, each of unit volume and each having the specific con- 
ductance, K. Ifence the total conductance will be Kip — njcA — A. 

An alternative unit, used by Ost^vald, is the molar conductance, /x, 
defined as the ratio of the conductivity to the concentration, c, expressed 
in moles jicr cc.: p = kIc. 

Since the measurement of conductance is thus a measurement of 
resistance, the familiar Wheatstone bridge method may be employed. 
For solutions of electrolytes, owing to the ])ossil)ility of electrolysis and 
subsequent jiolarizatioii effects, the use of direct current is in general 
prohibited for highly conducting solutions. Kohlrausch ^ first showed 
that the most satisfactory method of eliminating jiolarization is by the 
use of alternating currents. This introduces certain difficulties in con- 
nection wdth the inductance and capacity of the Wheatstone bridge circuit 
V Inch however can usually be taken care of by a proper arrangement of 
the apparatus. Fig. 12.1 illustrates the simidcst essentials of the ar- 

^ Kohlrausch and Holborn, Lcilt'crmogcn der Electrolyte. See aLso Grinnell 
Jones, J. Am. Chem. Soc.f 50, 1049 (1928) et seq.; Shedlovsky, ibid., 54, 1411 
(1932). 
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rangement. The added refinements can be found in the original litera- 
ture to which reference is given. The bridge balance is determined by a 

telephone or other alternating cur- 
rent detector. The known resist- 
ances in the resistance box are 
adjusted until approximately equal 
to the resistance of the electrolyte. 
Under this condition the connec- 
tion to the bridge wire will be ap- 
proximately in the center of the 
wire. A fine adjustment of this 
is made until a minimum sound is 
heard in the telephone. With this condition the l)ridge is balanced and 
the ratio of the resistances of the box and electrolyte will be thelratio of 
the resistances of the two sections of the bridge wire, which, if imiform, 
is simply the ratio of the two lengths of the sections. \ 

The electrolyte solution is enclosed in a conductivity roll. Several 
types due to Washburn are illustrated in Fig. 12.2. The dipping^ elec- 




ReslstQHce BoK jrWfeiToii 






Bridge wire 




Fia. 12.1. Experimental Arrangement 
for Conductivity Measurements 



trode shown in Fig. 12.3 is often very convenient. Since polarization 
effects are reduced by increasing the electrode area, electrodes are fre- 
quently coated with platinum black thus reducing the surface density of 
deposited ions. In such cases, however, the electrodes tend to adsorb 
the electrolyte so that in stud^dng a series of solutions of different con- 
centrations of the same electrolyte, the more dilute solutions should be 
used first since otherwise electrolyte adsorbed on the electrodes from 
the more concentrated solutions would be desorbed in the more dilute 
solutions. 

For poorly conducting solutions a direct current method ^ may be 
used which amounts essentially to using a galvanometer as an ammeter 

' Kraus and Fuoss, J. Am. Chevi. jSoc., 55, 23 (1933). 
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and computing the cell resistance by Ohm’s law from the current so 
measured and the voltage applied. 

10. Cell Constant: The solution to be examined when contained 
wdthin a conductivity cell corresponds to a particular 
volume and shape controlled by the area of the electrodes 
and their distance apart. It has been shown that: 

AC = LIRA. (12.9) 

ITence, for a particular cell L/A should be a constant, 
whence 

AC = C/R, (12.10) 

where C is known as the cell constant. By careful con- 
struction of cells it is possible to determine C from the 
measured dimensions. In jwactice, however, it is more 
easily determined by using a liquid of known conduc- 
tivity in the cell. The usual standard ^ is a solution of 
7.47896 g. of potassium chloride in 1000 g. of water, the 
specific conductance of which at 25° C. is 0.012852 re- 
cii)rocal ohm (usually designated mho). 

11. Conductivity of the Solvent: A measurement of 12.3. 

the conductivity of a solution may only be interpreted as Dipping Klcc- 
a conductivity due to the solute if the solvent is a non- trade Cell 
conductor. Few solvents arc actually non-conductors but 

tlie vast majority, when pure, have such low conductivities that they 
may be either neglected in comparison with the total conductivity of 
the solution, or simply subtracted from the measured value for the solu- 
tion if such a correction would involve a cliangc greater than the experi- 
mental error of the determination. 

It is essential, therefore, to use highly purified solvents since the 
presence of impurities, especially electrolytes, increases the conductivity 
enormously. Kraus and X\ioss found the following values at 25° C. for 
various solvents: dioxane, 5 X 10“^®; benzene, 3 X 10“^''; ethylene di- 
chloride, 3 X mho. In the case of water, the purest sample ever 
obtained was prepared by Kohlrausch and llcydweiller by repeated low 
temperature distillation and collection finally in a glass cell which had 
previously been kept filled with conductivity water for ten years to re- 
move traces of soluble matter from the glass. The conductivity was 
6.0384 X mho at 18° C. In air the conductivity rises rapidly to 
0.7 X 10~® owing to solution of carbon dioxide. 

12. Effect of Temperature on Conductivity: The conductivity of an 
aqueous solution of an electrolyte increases approximately two per cent 



^ Parker and Parker, J. Am. Chem. *Soc., 46, 332 (1924). 
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per degree rise in temperature. The elTect is complex, however, involv- 
ing a changing viscosity of the solution with change in temperature as 
well as the various effects of tcm])erature on the electrolyte which will 
be referred to later. Suffice to point out here that very careful tempera- 
ture control is necessary in experimental work. 

13. Ionic Migration. Transport Number: It has already been 
pointed out that the current carrying capacity of a given electrolytic 
conductor will depend, among other things, on the velocities of the ions 
present. Since it is known that ions of diffej’cnt elements have different 
sizes it might be expected that they would experience different frictional 
effects on tljeir passage through the solvent during an electrolysis and 
hence would travel with different velocities. It follows, therefore, that 
the total current carried will not be evenly divided between th,fe anions 
and cations, but that tlie faster moving ions would carry the larter frac- 
tion, This was first establislicd by Gmelin and later by Darnell and 
Miller but on account of the expeiimental difficulties most of tne early 
reliable information is due to Hittorf. \ 

The principle involved may be seen from Yig. 12.4. The trough AB 

is divided by partitions C and D 
into throe parts. Tliese dia- 
phragms are ))crmeal)]e to the solu- 
tion and their object is to prevent 
mixing of tlie liquids in the differ- 
ent compartments by diffusion. 
The trough is filled with hydro- 
chloric acid, the ions of wliich 
move with velocities in the ratio 
H+ZCl"' = 5. Let one faraday he 
passed through the solution from 
electrode B to A. This will cause 
the electrolysis of one equivalent of the electrolyte. Since the ionic 
velocities are in the ratio of 5:1, 5/6 eciuivalent of H+ will pass every 
section of the electrolyte in one direction and 1/6 ecpiivalent of 01“ in 
the opposite direction. The following changes must therefore occur: 

(1) In AC. The total loss of ID is one equivalent, of which 5/6 migrated 
in from the rest of the system and thus 1/6 was taken directly 
from AC 

(2) In BD. The total loss of Cl“ is one equivalent, of which 1/6 mi- 
grated in from the rest of the system and thus 5/6 was taken directly 
from BD. 

Hence, so far as the neutral electrolyte HCT is concerned, the loss for A C 
was 1/6 equivalent and for compartment BD 5/6 equivalent HCl; that is, 
in the ra^o^of the velocities of the ions moving away from the electrodes. 


9 
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Fig. 12.4. Cairrent Transport by 
and 01" ions. 



Ch. 12-14 


CONDUCTANCE AND IONIZATION 


329 


This example may thus be j:^eneralizcd. If in an electrolysis, one 
equivalent of anion is deposited at the anode, a fraction i is taken from 
the immediate vicinity of the electrode and a fraction migrates into 
the anode compartment from the bulk of the solution, where “ 1. 

Hence t+ equivalents of cation must migrate out of the anode compart- 
ment to make up the total current of one faraday crossing each section. 
The current is thus carried by cations and anions in tlic ratio of 
TJic fraction is the Ilittorf transport (or transference) nunihcr of the 
cation, t- that of the anion. If the velocities of anion and cation are 
V and u respectively it follows that: 


Since 

therefore 


^i//_ = ulv. 

= 1 , 


n "{■ p ' 


and 


t- 


u + V 


( 12 . 11 ) 


( 12 . 12 ) 


14. Determination of Transport 
Number. Hittorf Method: Fig. 12.5 
sliows a foriri of apparatus used by 
Ilittorf. The electrolyte used was 
sodium chloride. The anode was 
cadmium and the cathode, platinum. 

Cadmium chloride is formed at the 
anode and (^1"^+ ions move towards 
the cathode, but, being slow, never 
catch the Na”*^ ions, the two layers of 
liquiil remaining separate. At the 
cathode, all the Cl“ ions having 
migrated towards the anode are re- 
placed by OH~ ions which, being 
fast, cause a mixing as shown. The 
hydi’ogcn evolved at the cathode 
escapes easily and does not cause 
mixing. Fig. 12.6 shows alternative 
forms of api)aratus that have been 
used. 

The calculation of transport 
numbers may l)est be illustrated by 
an example. The original NaCl 
solution contained 0.01784 per cent 

Cl. The weights of solution in the three compartments were; anode part, 
226.99 g.; middle part, 195.24 g.; cathode part, 331.49 g. The weights 



F]g. 12.5. 


ITittorf^s Transi)ort Num- 
ber Apparatus 
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of Cl before electrolysis were thus, 0.04048 g., 0.03482 g. and 0.05913 g. 
The weights found by analysis after the electrolysis were, 0.04671 g., 

0.03483 g. and 0.05289 g. The 
middle part was unchanged 
showing that diffusion was ab- 
sent, the anode gained 0.00623 
g. and the cathode lost 0.00624 
g. The electrolysis had been 
brought about by a voltage of 
150 volts applied for 108 min- 
utes, being measured in a sil- 
ver coulometer wherein silver 
was deposited equivu(lent to 
0.01021 g. Cl. The tmnsport 
number of Cl in NaCl us thus 
0.00624/0.01021 = 0.6U. 

It must be observe 
the interpretation of resists is 
not always as simple as is indi- 
cated in the above exam])lc. 
The presence of a complex ion 
will always yield incorrect re- 
sults unless an allowance is 
made. Thus, cadmium iodide 
yields the ion Cdl4"" whlence 
cadmium is actually trans- 
ported to the anode and an apparent transport number of the anion 
greater than unity may be found, or a negative transport number of the 
cation. 

15. The Moving Boundary Method: Lodge filled a tube with saline 
jelly to which phenolphthalcin was added, colored red by a trace of 
alkali. The ends were placed in contact with dilute acid and on passing 
a current the color was progressively bleached. From the rate of motion 
of the boundary the actual velocity of could be calculated. 

Lodgers method was improved by Whetham who used two solutions 
with a common ion, with the same concentrations and nearly the same 
conductances but different in color and density, stratified in a vertical 
tube. In one example K2Cr207 and K2CO3 were used. The colored 
ion moved and the rate of motion of the boundary could be followed. 
From the measured current and the boundary rate the transi)ort number 
may be calculated. The type of apparatus used is shown in Fig. 12.7. 
In Fig. 12.7(2) the use of two boundaries eliminates the necessity of 
measuring the current used. A solution of salt AB, to be investigated, is 
stratified Ijetween solutions of salts AB' and A'B having the same anion 


d that 
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iind cation respectively but lighter and denser than AB^ giving the 
boundaries a and hj wliich may be seen owing to the different refractive 
indices of the solutions, even when these are colorless. After the current 
has passed, the boundaries move to a' and h\ The ratio aa'Kaa' + bb') 
then gives the transi)ort number of one ion. For the boundaries to 
remain sharp it is apparent tliat the ions B' and A' must have smaller 
velocities than B and A. 



Fig. 12.7. Whetham^s Apparatus for Moving Boundary Measurements 


The moving boundary method has been used by Macinnes ^ and liis 
co-workers to obtain transport data of high precision over a relatively 
large concentration range in aqueous solutions. 

In Table 12.1 are given the values of the cation transport numbers ob- 
tained by Macinnes for 0.1 AT aqueous solutions of some uni-univalent 
electrocutes at 25° C. Other data will be discussed later. 

A third method of determining transi)ort numbers, namely, from 
E. M. F. measurements of certain types of concentration cells will be dis- 
cussed in a later chapter. 

16. Solvent Transport: In the methods of determining transport 
numbers just meiitioiied, it has been assumed that the ions of the dis- 
solved electrolyte alone are transported and that the solvent remains 

^ Macinnes and Longsworth, Chem. Rev. 11 , 171 (1932). 
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TABLE 12.1 


Electrolyte 

4 

HCl 

0.8314 

Lic:i 

0.3168 

NaCl 

0.3S53 

KC4 

0.4898 

NH 4 CI 

0.4900 

KBr 

0.4834 

KNO3 

0.5128 

AgNOa 

0.4682 


stationary. If, liowever, the ions themselves are solvated there will 
obviously be a solvent transj)ort on that account. If A and d are the 
numbers of molecules of solvent l)ound to anion and cation respectively, 
then the number of molecules of solvent, a*, transported per laraday 
passing will be given by \ 

X = t^A - t^C, 1^12.13) 

where and are the cation and anion transi^ort numbers. 

Two methods have been suggested to determine this in aqueous 
systems. The first method, due to Nernst, calls lor the presence of some 
substance which will not move with the current and may thus be used as 
a reference basis for concentration changes. Such sul)stanccs as various 
sugars or alcohols have been used. Tlie second method involves a direct 
measurement by weight of the watei’ transported througli a ])archpient 
diaphragm dividing the cell into two compartments. In all cases, and 
especially for very dilute solutions, allowance must be made for the water 
transported by electro-endosmosis. 

Using these methods and on the assumption that the hydrogen ion is 
present in water as the lUO"*" ion, the relative hydrations of other ions 
have been found to be: K^, 5; Na"* , 8; Li"*, 14; CU, 4. It miglit at first 
sight be supposed that the K'*' ion being larger than the Li ion could 
accommodate more water molecules around it and thus be more heavily 
hydrated. These hydrates are not, however, to be considered as com- 
pounds in the strict chemical sense but arise from the dipole nature ol the 
water molecule. Owing to the smallness of ionic dimensions the electric 
fields around ions are very intense and dipoles are j^olarizcd and attracted 
to them. Now the charges on the alkali metal ions are all the same but 
since the Li+ ion is the smallest, its field is most intense and hence the 
polarization greatest; the ‘hydration' consequently largest. 

17. Ionic Mobilities: Consider a solution in a centimeter cube with 
electrodes at opposite faces as indicated in Fig. 12.8, with a potential of 
1 volt between the electrodes. By definition the current through the 
solution i® m amps., with k the specific conductance. If it is assumed that 
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the electrolyte in the solution is present only as anions and cations, the 
current flowing may be calculated in terms of the velocities. Let u and v 
be the velocities in cm. per sec. per volt per cm. 
for cation and anion respecth'ely. In one second 
all cations will have moved through a length u 
in a direction normal to the electrodes and similarly 
all anions a length v. These lengths u and v cm, 
will correLspond to volumes of solution u and v ccs. 

If the concentration of the solution is c* equivalents 
per cc. the volumes u and v will contain uc* and 
cciuivalents of cation and anion respectively. Since each equivalent 
transports 96,500 coulombs, the total transport per second will be 
9G^500c*(w + v). By definition of equivalent conductance k — Ac*. 
Hence, k = Ac* = 96,500c*(iz + t')» whence A = 96,500(u + y). Writ- 
ing Ic = 96,500 a and la = 96,500i^, then 

A = Z„ -t- h. (12.14) 

The quantities la and Ic were termed by Ivohlrausch the mohiliiics of the 
anion and cation I'cspectively and it is seen they are directly proportional 
to the ionic velocities. Since it has l)een shown that the ratio of the 
velocities is the ratio of the transport numbers — iijv^ then also 

tyjt- = Icjla^ Hence under the conditions specified above where the 
conductance is that of a solution containing only ions: 

la — i~A and Ic ~ ^+A, (12.15) 

whence the molnlities are frequently called the e(iuivalent conductances 
of the individual ions and may be calculated from the transport numbers. 
Table 12.2 gives values of the mobilities of various ions at 18° C. The 
values of c arc temperature coefficients d In Ijdi from which mobilities 
at other tem])eraturcs may be calculated provided the range is in the 
neighborhood of 18-25° C. 

The mobilities of IL' and OH“ are seen to be noticeably higher than 
those of other ions. The explanation lies in the peculiarity of their 
hydrated condition in aqueous solution. Thus the hydrogen ion is 
present not as a proton but in the hydrated form HaO'*'. Any one of the 
three hydrogen atoms in this ion has an equal chance of being transferred 
as a proton to a neighboring water molecule to produce a new oxonium 
ion, H 3 O+, which in turn can pass on a different proton to its neighboring 
water molecule. The transfer, therefore, though of protons, is not a 
transfer of the same proton through the solution. Confirmation of this 
is shown by the normal value that is obtained for the mobility of HsO"*” 
in liquid hydrofluoric acid containing traces of water. ^ In a similar 

^ Fredcnhagen and Cadenbach, Z, physik, Chem.^ A146, 258 (1930). 
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TABLE 12.2 

Mobilitieb op Ionb at 18® C. 



1 

CXIO^ 


l 

cX10< 


l 

CXIO* 

Li^' 

33.3 

265 

SCN" 

56.7 

221 


45.9 

256 

Na+.... 

43.4 

244 

CdHo02~ 

25.7 

244 


47.0 

254 

F- 

46.6 

238 

CII 02 - 

47* 

— 


45.9 

— 

Ag+. . . . 

64.0 

229 

CzIIaOr 

35* 

238 

5Cd++ 

46.4 

245 

K+ 

64.6 

217 

CalLOa" 

31* 

— 

5Sr++ 

51.9 

247 

Cl" 

65.5 

216 

TOa" 

34 0 

234 

iCa++ 

51.9 

247 

T1+ 

65.9 

215 

CIO.- 

55.1 

215 

iBa++ 

55.4 , 

239 

I- 

66.6 

213 

BrO,- 

47.6 

— 

iPb++ 

60.8 j 

240 

Br- 

67.7 

215 

IO 4 - 

48 

— 

lRa++ 

58* 1 

239 

Rb + .... 

67.5 

214 

CIO 4 - 

64 

— 

2 C 2 O 4 " 

63.0 

\ 231 

Cs^ 

68 

212 

NOa" 

61.8 

205 

>2^04“ 

68.5 

\ 227 

H + 

313.9 

154 

OH- 

174 

180 

JCrOi" 

72* 

\- 

NH,+ . . 

64.7 

222 

iNi++ 

44 

— 

ico.- 

60* 

\270 

iBc++. . 

28 

— 

ire++ 

45 

— 

IFe- 


\ 







(CN)c^ 

95.0 

— 

JMn++ . 

44 

— 


61 

— 

iAl^-^-*' 

40 


JCo++.. 

43 

— 

JCr+++ 

45 

— 


61.0 

— 








53 5 

— 







iTh++++ 

23 5 

— 


manner a transfer of a proton from a water molecule to a hydroxyl ion 
would give the appearance of a hydroxyl ion transfer in the opposite 
direction. 

18. Effect of Concentration on Equivalent Conductance: Experiment 
shows that the equivalent conductance of an electrolyte varies with its 
concentration. The variation is apparently different for different types 
of electrolytes or for the same electrolyte in different solvents. One 
uniform observation, however, is that in dilute solutions the equivalent 
conductance increases with dilution and approaches a limiting value 
known as the equivalent conductance at zero concentration Ao or at 
infinite dilution Am. 

In Fig. 12.9 are shown values for A at various concentrations of 
potassium chloride, sodium chloride and acetic acid in water. In Fig. 
12.10 similar data^ are shown for I, HIOj in water, II, NaBrOa in am- 
monia; III, Nal in amyl alcohol; IV, (C 6 Hii) 4 N . NOa in ethylene chloride; 
V, KNHa in ammonia. In the latter cases the ratio A/Ao has been used 
and the ordinates for the different systems have been displaced one unit 
to prevent overlapping of the curves. The curves substantiate the state- 

^ Tuod^f^hem. Rev., 17, 37 (1935). 
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ments above relative to the apparently different variations of A with 
concentration for different electrolytes and different solvents. 

It has already been shown that under such conditions that the solution 
of an electrolyte can be considered as made up solely of ions the equivalent 
conductance is the sum of the ionic mobilities. This was first shown by 
Kohlrausch in 1875 when he observed that for various electrolytes in 
water, Ao is additivcly composed of two parts, one dependent on the 
anion and the other on the cation. Kohlrausch’s law thus offers a means 



Fia. 12.9. Conductance as a Function of Concentration 


of calculating Ao when the ionic mobilities are known. This is particu- 
larly important since, frequently, the direct determination of Ao by ex- 
periment is impossible, owing to the slow rate of approach of A to its 
limiting value Ao even in the most dilute solutions of which accurate 
measurements can be made. In cases such as KCl in water Kohlrausch 
observed that at high dilution A was a linear function of the square root 
of the concentration, thus : 

A = Ao - (12.16) 

Hence a linear extrapolation of observed A values at low concentrations 
gives Ao directly. This is illustrated in Fig. 12.11 for KCl and NaCl at 
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25® C.^ In Fig. 12.12, similar data ^ are shown for acetic acid in water, 
from which it can be seen that an extrapolation to the limiting value Aq 
is not justified and the latter value is thus best obtained from the sum 
of the mobilities of hydrogen and acetate ions. 



On the basis of this difference, a direct or indirect determination of 
Ao, a tentative separation of electrolytes into two classes, strong or weak 
respectively, is possible. This separation, however, is not a hard and 
fast one and will depend on the solvent to some extent, that is, a particu- 
lar electrolyte may be "strong’' in one solvent and "weak’' in another. 

19. Extent of Dissociation. Arrhenius theory: The theory and 
experiment so far presented have assumed the presence of ions in electro- 

1 Shedlovsk^,V. Am. Chem. Soc., 54, 1422 (1932). 

® Maclunes and Shedlovsky, J. Am. Chejn. Soc., 54, 1435 (1932), 
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lytic conductors. Such an assumption had been made by Williamson in 
1850 to account for the rapidity of reaction between inorganic com- 
pounds and was championed by Clausius in 1857, who i)ointc(l out that, 
if ions were brought into existence by the current and w ere not otheiwvisc 
1 present, a definite voltage w’ould be necessary for the decomposition of 
the molecule into ions, whereas the current fiowdng ahvays appears to 
follow Ohm^s law^ in its iiroportionality to the applied voltage. 



Ihe extent of this dissociation into ions w^as i^resumed small and it was 
Arrhenius ^ wdio first suggested that electrolytes were extensively broken 
up into ions, lie assumed that this dissociation was a function of the 
concentration of the solution, incircasing wdth increasing dilution, be- 
coming practically complete in very dilute systems. Arrhenius was thus 

1 Z. j)hysik. Chem. 1, 831 (1887); Clwm. Soc., 105, 1414 (1914); J. Am. Chem. 
JSoc., 34, 353 (1912); Tram. Faraday Soc,, 15, 10 (1919). 
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able to offer a possible explanation of the abnormal colligative properties 
of electrolytic solutions noted by van’t HofF, of the results of Hitt or f on 
migration, of Kohlrausch on conductance, and of Ostwald on reaction 
velocity. Although the Arrhenius theory cannot be accepted as com- 
pletely satisfactory at the present time it has nevertheless provided a 



Fig. 12.12. Conductance of Acetic Acid 


background against which later developments could be interpreted in 
their true perspective. 

According to Arrhenius, the difference between strong and weak 
electrolytes may be traced to a difference in the extent of dissociation. 
Thus KCl would appear to be highly dissociated at moderately low 
concentratione 4n water, whereas acetic acid in the same concentration 
range would still be very far from being completely dissociated. The 
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actual extent of dissociation, Arrhenius suggested, could be obtained from 
conductance measurements. Thus, by Kohlrausch^s law, the limiting 
conductance is the sum of the mobilities: 

Ao = Za + Ze. (12.17) 

That the conductance is less at higher concentrations was viewed by 
Arrhenius as due to the presence of some of the electrolyte in an undis- 
sociated condition, that is, fewer ions are present. If a is the fraction of 
each mole of electrolyte dissociated, 

A = a{la + Zc), (12.18) 

where A is the conductivity of a solution of an electrolyte dissociated to 
the extent a. Hence: 

« = A/Ao. (12.19) 



In this deduction Arrhenius assumes that the ionic mobilities are inde- 
pendent of concentration. Now constant ionic mobilities require con- 
stant transport numbers and there is today an ample body of evidence 
showing that transport numbers change considerably with a change in 
concentration. In Fig. 12.13 are shown data obtained by Macinnes 
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and Lotigsworth ^ for the variation with concentration of the cation 
transport numbers of some uni-univalent electrolytes in water at 25 C. 
Constancy of ionic mobilities would thus appear unfounded in some cases 
at any rate and the changing conductance with a change in concentration 
must to some extent depend upon this change in mobility of the ions. 
Furthermore, since the examination of crystals by X-rays indicates that 
compounds such as KCl are made up, not of molecules of KCl nor of 
atoms K and Cl, but of ions K"*" and Cl“ arranged in a space lattice, it 
would be expected that solutions of such comi)ounds might contain only 
ions and no undissociatcd molecules. If only ions are present, the change 
in conductance is due solely to a change in mobility and the equation 
A — la + Ic should hold at any concentration provided the mobilities 
at that concentration arc used. Macinnes and Cowporthwaite ^ nave 
proved this by showing that the contribution to tlie ecjuivalcnt conduct- 
ance of a number of uni-univalent chlorides, by the cldoride ion\ is 
constant even at O.i concentration. This contribution is measured as 
the product of the chloride ion transport numl)er and the equivalent 
conductance of the solution, each at 0.1 N concentration. Table 12.3 con- 
tains their data, the constancy of the values in tlie fourth column sub- 
stantiating their claim. There are included in the table the cation con- 


TABLE 12.3 



A 

t. 

At- * 


IICl 

390.4 

0 . 1 C 80 

65.59 


KCl 

129.0 

.5080 

65.53 


NaCl 

100.8 

.6137 

65.54 


NH 4 CI 

128.55 

.5100 

65.56 





Af+ 


IINO 3 

385.0 

.8441 

325.0 


HCl 

390.4 

.8320 

324.8 


NII 4 NO 3 

123.0 

.5130 

63.1 


NH 4 CI 

128.55 

.4900 

63.0 




t- 

A£_ 

a 

HNO 3 

385.0 

.1559 

60.0 

— 

NH4N03 

123.0 

.4870 

59.9 

— 

NaNOa 

101.26 

.5903 

58.77 

0.996 

KNO 3 

120.38 

.4872 

58.65 

.978 

AgNOa 

109.23 

.5315 

58.05 

.967 


^Chem.Riv" 11,2X1 (1932). 

® Trans. Faraday Soc., 23, 400 (1927). 
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tribiitions to the conductivity of HCl and HNO3 as also for NH4N03 and 
NlLOl from the constancy of which it may bo concluded that JINO3 
and NH4NO3 are also completely dissociated. However, in the third 
section of the table similar data are presented for several other nitrates 
for which the nitrate contribution is less than that for IlNOa and NH4NO3. 
This suggests that the other nitrates are incompletely dissociated and, 
in the fifth column, are added values for the actinil degree of dissociation 
leased on the ratio of the nitrate ion contribution for the incomidctely 
dissociated salt to that for the completely dissociated HNO3 or INll-iNOa. 
It should be noted that these values of a are vastly difl'ercnt from tlie 
value which the Arrhenius conductance ratio would give for uni-univalent 
salts at 0.1 N concentration, which is about 0.85. 

20. Debye-Hiickel-Onsager Theory: If in completely dissociated 
electrolytes the change in conductivity with changing concentration is 
to be ascribed solely to a change in the ionic mobility it is natural to 
attempt to calculate this latter. Debye and Hiic.kel ^ were the first to 
make such a cpiantitative calculation. Their results were subsequently 
modified l)y Onsager.^ 

The calculation involves the determination of the interionic forces. 
Owing to the electrostatic attractions there will be, in genei’al, more ions 
of unlike sign than of like sign in the immediate neighborhood of every 
ion. Each ion thus lias an atmosphere'^ of other ions and the net sign 
of the charge on an atmosphere is ojiposite to that of tlie ion itself. 
For a solution under no external field the atmosphere will surround the 
central ion symmetrically. In presence of an external field tlie sym- 
metry is destroyed, since the central ion tends to move in one direction 
and the atmosphere in the opposite. The resultant effect of an applied 
potential is fourfold. 

(1) The applied field will cause the ion to move in a particular direc- 
tion; anions to the anode, cations to the cathode. 

(2) Opposing this motion of the ion is a frictional force exerted by the 
solvent, dependent on the velocity of the ion (assuming the solvent is 
stationary) and on the viscosity of the solvent. The frictional force is 
given by Stokes’s law. 

(3) Since the ionic atmosphere is no longer spherically symmetrical 
around the ion while the ion is in motion, the density of the atmospheric 
charge in front of the ion is less than that under symmetrical conditions 
while behind the ion the density will be greater. The atmosphere will of 
course tend to revert to the symmetrical condition but this return will 
require a finite time and cannot be made instantaneously. So long as the 
ion moves, therefore, the asymmetry will persist. Since the charge 

1 Physik. Z,, 24, 185, 305 (1923). 

“ Ibid., 27, 388 (1926); 28, 277 (1927). 
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density of the atmosphere, of opposite sign to that of the ion, is greater 
behind the ion in the direction of its motion than in front of it, the ion 
is effectively retarded and to an extent which will depend on the density 
of the atmosphere which, in turn, is dependent on the concentration of 
the solution. 

(4) Finally, there is also a motion of the solvent in the neighborhood 
of each ion. This motion is a result of collisions between the solvent 
molecules and the moving ions, anions causing a solvent stream in one 
direction, cations in the opposite direction. Since, however, there are 
more ions of unlike sign than of like sign in the atmosphere there will be a 
net solvent motion in the neighborhood of each ion in the direction 
opposite to that of the ion. This effect, called “electrophoresis,’^ causes 
an additional frictional effect between ion and solvent to that considered 
under item (2) where the solvent was considered as stationary. ; 

The combined effect of these four forces yields a value for the velocity, 
that is, therefore, for the mobility of an ion. The quantitative evalua- 
tion of these forces is so difficult mathematically that a complete solution 
is only possible for very dilute systems. Under such conditions it is 
found that the effect of the ionic atmosphere is dependent on the square 
root of the concentration. The same relation is also true for the electro- 
phoretic effect. Hence, the mobility of an ion and therefore also the 
equivalent conductance of an electrolyte should so vary with concentra- 
tion. This is the result which Kohlrausch found experimentally as 
already mentioned. 

Further evidence for the correctness of the underlying ideas has been 
pointed out by Debye and others. If a solution is subjected to a high 
frequency alternating current, each ion has its motion continually re- 
versed. This reversal of the direction of motion of an ion with each 
alternation will actually be aided by the asymmetry of the ionic atmos- 
phere and hence its mobility will increase. When the frequency is great 
enough, the ion merely oscillates about an equilibrium position and the 
atmosphere is virtually symmetrical. With increasing frequency the 
mobility should increase to a limiting value since the electrophoretic 
effect is also annulled by the symmetry of the atmosphere. The con- 
ductivity of a solution at a finite concentration should therefore approach 
the limiting value Ao as the frequency is increased. This has been sub- 
stantiated in several cases by Sack^ and his co-workers. 

Alternatively, if an ion moves fast enough it may escape from its 
atmosphere entirely and the retardation by the atmosphere again be 
removed. Wien ^ had already shown that the conductance of a solution 
increased as the strength of the applied field was increased, approaching 

» Phydk. Z* lo, 576 (1929); 31, 345 (1930); 32, 327 (1931). 

> Ann. Physik., 83, 327 (1927); 85, 795 (1928). 
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again Ao as the limit. Fields of the order of one to three hundred kilo- 
volts per cm. were used when the ion velocities were from 50 to 100 cm. 
per second. The observation receives a ready explanation from the 
Debye theory and constitutes therefore confirmation of its basic principles. 

The equivalent conductance of a uni-univalent electrolyte in water at 
25° C. is given, according to Onsager, by the relation: 

A = Ao - (0.161 Ao + 42.3) (12.20) 

where c is the equivalent concentration. At 18° C. this becomes: 

A = Ao - (0.159Ao + 35.7) (12.21) 

The equations are limited in application to solutions whose conductivities 
are less than about 10 i)er cent different from Aq. For KCl and NaCl this 
corresponds to dilutions less than 0.001 N, At higlier concentrations 
such electrolytes have higher conductivity values than those calculated 
from the equation. The Onsager equation should give, therefore, the 
limiting slope at extreme dilution of the curve for A plotted against ^l2c. 
The dotted lines in Fig. 12.11 are the Onsager slopes as also are the 
straight lines in Fig. 12.10 and are seen to be satisfactory. 

It will be observed, in comparing these two figures, that in some cases 
the observed curve becomes asymptotic to the Onsager slope from above 
and sometimes from below. The Onsager equation is of course based 
upon the assumption of complete dissociation of the electrolyte and the 
effect of incomplete dissociation would be to reduce the conductivity, 
that is, the observed conductivity would be less than that calculated 
from the equation. On this basis Onsager has attempted to calculate 
the degree of dissociation of some 'strong’ electrolytes in water whose 
conductivity curves approach the Onsager slope from below. Experi- 
ment shows that 0.01 N KCl has a conductivity about 0.5 greater than 
that calculated from the Onsager equation at 18° C. If potassium chlo- 
ride is assumed to be completely dissociated, this difference of 0.5 is the 
'error' in the Onsager approximation. Potassium nitrate on the other 
hand has a conductivity at 0.01 N which is 0.2 less than the calculated 
value. Hence, the actual deficit for KNO 3 as compared with a completely 
dissociated salt like KCl is 0.5 + 0.2 = 0.7. From this deficit the 
effective ionic concentration may be calculated and, hence, the degree 
of dissociation. In Table 12.4 arc given values so calculated for 0.01 N 
solutions at 18° C. 

21. Non-aqueous solutions: The extension of the Debye-Onsager 
treatment to electrolytes in non-aqueous media involves in a much 
more marked manner than has just been indicated the possibility of 
incomplete dissociation. This is more especially so in media of low 
dielectric constant. The systems illustrated in Fig. 12.10 were chosen 
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TABLE 12.4 



1 KCl 

1 KNOa 

TINO 3 

^ TICI 

Ao 

129.9 

126.3 

127.5 

131.1 

Obs. — Calc’d Ao.oi 

0.5 

-0.2 

-1.2 

-2.1 

A 0.01 Deficit 

0 

-0.7 

-1.7 

-2.6 

a 

1 

.994 

.987 

.980 


specifically with this in mind since the dielectric constant diminishes 
from that of water in System I to that of ammonia in System V and as 
can be seen the deviation of the observed conductivities from the On- 
sager limiting slope increases as the dielectric constant decreases. 

The dependence of the extent of dissociation of a particular elejctro- 
lyte upon the medium in which it is dissolved can be illustrated bV an 
example. Consider the case of hydrogen chloride. Measurementb of 
the dielectric constant of the gas show it to be only slightly polar. l\ure 
liquid hydrogen chloride is practically a non-conductor while Simon And 
Simon have shown that the lattice structure of the solid is atomic and 
not ionic. Here then is a typical weak electrolyte and in such solvents 
as hexane or benzene it does so behave. In water, however, as we have 
seen, it is a strong electrolyte and completely dissociated. That the 
dielectric constant of the medium is of profound importance can readily 
be seen from Coulomb\s law wherein the force acting between two 
bodies charged, e and c', a distance, r, apart, is given by E = ee'jDr^^ 
where D is the dielectric constant of the medium. Now sipce the value 
for D for water at 25° C. is about 79 times greater than that for air, the 
force acting on a pair of ions in air is 79 times greater than that for the 
same ions in water. Nernst and J. J. Thomson first drew attention to 
this aspect of the problem and Walden tested the rule that solvents of 
high dielectric constant should be good ionizing media by measuring 
the dissociation of tctraethylammonium iodide in a large number of 
solvents whose dielectric constants covered the range from 2 to 80. 
The results showed a qualitative agreement with the rule but indicated 
that the dielectric constant was not the sole factor involved. 

Kraus and Fuoss ^ have drawn attention to the effect of ion size as 
well as that of dielectric constant in bringing about dissociation. They 
adopt a picture first used by Bjerrum that an electrolyte will be dissociated 
into ions by the thermal agitation of solvent molecules provided this 
latter is sufficient to overcome the coulomb forces holding the ions asso- 
ciated together. This energy of association given by Coulomb's law is 
E = ee'IDr, The thermal energy required to separate the two ions is 
2kT, Dissociation of associated ions will thus be complete if 2kT is 

17 . Am. Chc^m. Sac,, 55, 476, 1019, 2387 (1933). 
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greater than E, Kraus and Fuoss therefore measured the conductivities 
of tetraisoamylammoniurn nitrate in solvents made up of mixtures of 
dioxane and water, in which the dielectric constant could be changed by 
changing the composition from that of dioxane, 2.2, to that of water, 
78.6. From these determinations the energy of dissociation was calcu- 
lated and shown to become equal to 2kT when the dielectric constant had 
a value 43.6. For such a solvent, as also for solvents of higher dielectric 
constant, this electrolyte would be completely dissociated. For solvents 
of lower dielectric constant the dissociation is incomplete. 

Since the energy of association given by Coulomb’s law depends also 
upon r, which for an ion pair becomes the mean effective ionic diameter, 
it may be seen that when r is small, the energy required for dissociation 
will be large and vice versa. For their particular electrolyte Kraus 
and Fuoss find a mean diameter of 6.4 X cm. An electrolyte with 
smaller ions would require a solvent of higher dielectric constant to 
bring about complete dissociation. In agreement with Bjerrum they 
find for water at 25° C. a critical value of 3.5 X 10~® cm. for the mean 
diameter so that electrolytes with ionic diameters above this value would 
be completely dissociated while below that value they would be only 
partially dissociated. 

Taking the Onsager limiting equation in its general form, applicable 
to any solution: 

A = A„ - &Vc, (12.22) 

where h is the Onsager constant, and assuming that the decreases in the 
conductivity values actually observed are due to partial dissociation to 
an extent, a, the equation becomes: 

A = a(Ao - (12.23) 

In such a manner Kraus and Fuoss were able to calculate the degrees of 
dissociation from the conductance data. In Fig. 12.10 the circles repre- 
sent observed values, the curves are calculated as above. The agreement 
between the two shows the correctness of the interpretation. 

22. Conductivity at Higher Concentrations: The Onsager equation is 
restricted by its mode of derivation to low concentrations. The term 
low concentrations will be merely relative, for whereas the behavior of 
0.001 N aqueous solutions is readily accounted for on the basis of com- 
plete dissociation, the same concentrations in solvents of low dielectric 
constant are far too complex for the same treatment to apply. In such 
media, for example, the equivalent conductance diminishes with increas- 
ing concentration in extremely dilute solutions but reaches a minimum 
value and thereafter increases again. In some oases this increase con- 
tinues to a maximum value followed by a second decrease. This is 
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illustrated in Fig. 12.14 showing the conductivity of tetraisoamylam- 
monium nitrate in dioxane at concentration greater than 10“^ N. 

Fuoss has suggested that this increase in conductance may be due to 
an association of an ion with an already associated ion pair (Bjerrum's 

undissociated molecule) yielding triple ions of the type (H h) or 

( 1 ) which would contribute to the conductivity. Evidence for 

such association is found in the high values that are obtained for the 
apparent molecular weights deduced from measurements of the colliga- 
tive properties. 

An alternative treatment is offered by Halpern and Gross ^ based on a 
suggestion by Debye concerning the interaction between ions and 



Fia. 12.14. Tetraisoamyl Ammonium Nitrate in Dioxane 


molecules. It is well known from electrostatics that substances of high 
dielectric constant accumulate in regions of a higher field of force while 
substances of lower dielectric constant are expelled therefrom. Hence, 
in the field of force surrounding an ion there will he an accumulation of 
dipoles. If the solvent molecules have a higher dipole moment than 
undissociated solute molecules, solvent will accumulate around the ions 
to the exclusion of the solute. This is the familiar salting-out effect. 
If the solute molecules have the higher dipole moments, solute will ac- 
cumulate around the ions to the exclusion of solvent. This is the less 
familiar salting-in effect established by Gross for hydrocyanic acid in 


1 J. Chem^PJiys., 2, 184, 188 (1934). 
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water. By calculating the additional free energy of the solution due to 
this ion-molecule interaction, Halpern and Gross show that, for solutions 
in media of low dielectric constant where the dissociation is small, the 
dissociation is given by the equation: 

log a^c = A A- Be, (12.24) 

where a is the degree of dissociation at concentration, c, and and B 
arc constants depending on the dielectric constant and the temperature. 
Thus the dissociation must both decrease and increase with increasing 
concentration, owing to the term Be. The concentration, Cmin, for which 
the dissociation does not change with concentration is given by daldc = 0, 
that is, B = l/cmin and log a^c = A -|- c/cmin, sliowing that the change in 
a as c increases is very unsymmctrical on both sides of Cmin, or increasing 
very rapidly as the concentration increases once Cmin is passed, as Kraus 
and Fuoss find. Furthermore, it is shown that f,uiu should increase as 
the dielectric constant of the solvent increases, so that, at suflicioiitly 
high values as for water, no minimum is observed, the conductivity 
decreasing continuously as the concentration increases. 

Theoretical attempts to extend the Onsager treatment to higher con- 
centrations have led to the prediction tluit the deviation of the actual 
limiting conductance Aq from that calculated l:)y the simple Onsager 
equation from measurements of conductance at higher concentrations 
should be of the form Be + Dc log c + • • • . This has been verified by 
Shedlovsky ^ for several uni-univalent and uni-bivalent electrolytes in 
water. 

Robinson and Davies - have found empirically that for uni-univalent 
electrolytes in water the Onsager equation, A = Aq — b^lc, is applicable 
up to 0.001 N. From 0.002 N to 0.02 N the equation 

A = Ao - 6(>/c - c + .001) (12.25) 

reproduces observed results while above 0.02 N the equation takes the 
form 

A = Ao - 6/(c), (12.20) 

where /(c) is an empirical function of the concentration and the same for 
all electrolytes. The Onsager constant here denoted by b is the same 
throughout the whole concentration range. 

23. Fused Salts; Fuoss has pointed out that, for a given electrolyte in 
a series of solvents of low dielectric constant, the conductivities at high 
concentration all tend to converge to the same value. This value is 

1 J. Am. Chem. Soc., 54, 1411 (1932); Shedlovsky and Brown, ibid., 56, 1069 
(1934). 

2 J. Chem. Soc., 574 (1931). 
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presumed to be the conductance that the fused salt would have at the 
temperature of the experiments. 

The conductance of fused salts is mainly controlled by the tempera- 
ture, increasing approximately linearly with temperature. This increase 
in conductance roughly parallels the decrease in viscosity of the systems 
as the temperature is increased. The magnitudes of the conductances 
of fused salts arc frequently of the same order as those of their aqueous 
solutions at room temperature. Table 12.5 includes some typical values. 

A comparison by Lowry between fused silver chloride and its aqueous 
solution is instructive. The specific conductance of fused silver chloride 
at 600° C. is 4 48 mhos. The density at this temperature is 4.715. 
Hence the ^normality’ is 4.715 X 1000/143.34 = 32.9 jV since 143.34 is 
the molecular weight. The equivalent conductance is thus 4.48/;0329 
= 136. Now, for the aqueous solution, Ao = 119 corresponding tq the 
completely dissociated salt. Making a proportional allowance for\the 
increase in viscosity in going from the afpieous solution with a viscofeity 


TABLE 12.5 


Salt 

“C. 

K 

Salt 

•’C. 

K 

AgCl 

600 

4.48 

NaNOa 

350 

^ 17 

NaCl 

850 

3.50 

KNOa 

350 

0.67 

KCl 

850 

2.28 

AlBfa 

195 

^]0-» 

CaCl-i 

800 

1.90 

llCl 

-100 

2 X 10-’ 


of 0.1056 to the fused system with a viscosity of 0.1606, Ao sliould have 
the value in the fused state, if comidetcly dissociated, of 119 X 0.1056/ 
0.1606 = 78, which is only about one half the observed value. Lowry 
suggests this may be due to the presence of aggregates of ions carrying 
multiple charges, since these would increase both the viscosity and the 
conductivity of the melt. 

Kendall and Gross have drawn attention to the part played by 
association under such circumstances. The conductivities of unasso- 
ciated organic liquids typified by the saturated hydrocarbons are prac- 
tically zero. Increasing tendency to association is accompanied by an 
increase in conductivity. Thus, etliyl alcohol has a conductivity less 
than 10“^°; for water xia = 0.38 X 30“'^. With fused sodium and potas- 
sium chlorides, surface tension methods indicate association factors of 
9 and 7 respectively while the conductivity has risen to 3.50 and 2.28 
mhos. Although a literal interpretation of such association factors is 
extremely doubtful, nevertheless such a condition of high association 
and high conductivity is precisely that found for electrolytes in media of 
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low dielectric constant. It would seem that a logical approach to further 
progress might be made through further study of fused systems. 

Exercises (12) 

1. Calculate the value of the Wiodeiuann-Franz constant in watt degreer^ 
(ihms. 

2. Determine the constants a, hj c in the equation r = a ht A where r 
is the resistivity at a temperature T Ch, from the following data for gold; 

rC. = -253 -1S3 -150 -100 20 100 200 500 1000 

7- X 10® = 0.018 0.G8 0.997 1.40 2.44 2.97 3.83 6.02 12.52 

3. The resistance of Au at 0° C. is 2.2 X 10~® ohm cm., of Ag is 1.47 X 10"“, 

of a 90 per cent Au alloy with Ag is 6.3 X 10“®, of a 67 per cent Au alloy with Ag 

is 10.8 X 10~“ while the addition of a small amount of Cu to the latter raises the 
resistance. What conclusions can be drawn from these data on the c.onstitution 
of the alloy? 

4. 0.03095 g. Ag were deposited in a silver couloinotor in 108 minutes under 
the influence of 1 50 volts. C^alculatc the n^sisiance of the coulometcr. 

5. Calculate the energy necessary to dissociate a uiuvalcnt electrolyte having 
a mean ionic diameter of 4 X 10"“ cm. (a) in water, D — 78.6 and (?>) in dioxane, 
D = 2.2. 

6. The mobilities of Cl“ and Na+ at lS"('h are 65.5 and 43.4 respectively, 
Ao at 18*^ C. for HCl is 379.4 and for sodium acetate is 78.4. Find Ao for acetic 
acid. 

7. Using the Onsager equation calculate the cquivahuit conductance of 
0.0005 N KCl at 25° C. and cunipare it with the value plotted in Fig. 12.11. 

8. The transport number of in TvCfl is 0. 197 and Ao = 130.1. What is the 
velocity of in cms. per sec. under unit potential gradient? 
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IONIC EQUILIBRIA, I. WEAK ELECTROLYTES 

The term weak electrolyte covers a series of compounds, solutions of 
which show relatively small conductivities and which possess, therefore, 
only small ionic concentrations. Since the ionic concentrations are small 
the interionic forces discussed in the previous chapter will also be small 
and may, to a first approximation, be neglected. Thus, on the Arrhehius 
assumption of constant ionic mobilities, the equivalent conductance is 
given by the relation A = aAo, where a is the degree of dissociation and 
Ao the limiting conductance at zero concentration. The Debye-Onsater 
relation corresponding to this is A = a(Ao — b'ylac). When a is small 
the last term, becomes negligible in comparison with Ao and the 

expression reduces to the Arrhenius relation. 

1. The Classical Law of Mass Action and Ionic Equilibria: Since 
the Arrhenius relation affords an approximate measure of the ionic con- 
centrations in solutions of weak electrolytes, the applicability of the law 
of mass action may be examined. Consider the dissociation of a binary 
electrolyte 

AB^A+ + B- 

Let a be the fraction dissociated for a concentration of solution c moles 
per liter. The dissociation constant is given by 

K = [A+][B-“]/[AB] = caV(l - «)• (13.1) 

Assuming a = A/Ao this gives 

K = A2c/Ao(Ao - A). (13.2) 

This equation is known as Ostwald’s Dilution Law and it has been found 
to apply to aqueous solutions of weak organic acids and weak organic 
bases with a fair degree of accuracy. This is illustrated in Table 13.1 

TABLE 13.1 

Dissociation Constant of Acetic Acid at 25® C. 

V = 1000 500 250 60 30 15 7 4 2 1 

K X 10® = 1.84 1.84 1.84 1.85 1.85 1.84 1.81 1.76 1.65 1.40 

for acetic acid solutions wherein V is the volume in liters containing 
1 mole. Thfr data show satisfactory constancy at dilutions from 15 to 
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1000 liters. It should be noted that in this range the degree of dissocia- 
tion changes only from 0.5 to 10 per cent. 

2. Range of Applicability of the Dilution Law: Experiment shows that 
as the value of K increases the range of concentration over which it re- 
mains constant becomes progressively smaller. Chloracetic acid with a 
value of iv = 15.6 X lO'** shows satisfactory constancy to F = 20. 
With dichloracetic acid, however, the value of K progressively increases 
as the data in Table 13.2 reveal. There is included in Table 13.2 the 

TABLE 13.2 


Dissociation Constant of Diciiloiiacbtic Acid at 25® C. 


V - 

256 

128 

64 

32 

16 

8 

a = 

0.93 

0.87 

0.80 

0.70 

0.60 

0.49 

K X 104 ^ 

495 

490 

511 

537 

565 

600 


value of the fraction dissociated at each dilution based on the assumption 
of the validity of the Arrhenius assumption. It is at once apparent that 
the solutions contain such relatively high ionic concentrations that 
intcrionic effects cannot justifiably be neglected; hence tlie failure of the 
Dilution law. 

3. Dissociation Constant and Chemical Constitution: The dissocia- 
tion constant K represents a measure of the extent of dissociation of 
acids and bases and, as such, is a measure of the affinity existing between 
hydrogen ion and anion in the acid, and cation and hydroxyl ion in the 
case of the base. For, as in all equilibria, the free energy of the process 
is proportional to the equilibrium constant. From this standpoint a 
comprehensive study of organic acids has been made. Thus, the dissocia- 
tion constant, K, of fatty acids decreases as the series is ascended, but 
the substitution of successive CIT 3 groups does not cause a constant de- 
crease. Substitution of II by Cl, Br or I causes a large increase of K, 
the magnitude decreasing in the order given. Chlorine substitution has 
a greater influence than iodine substitution. The substitution of a 
second atom of chlorine has less effect than the first, and a third less than 
the second. The chloracetic acids illustrate this. Acetic, K = 0.18 
X 10~^; Chloracetic, K = 15.6 X 10^**; Dichloracetic, K = 500 X lO"'^; 
Trichloracetic, K = ca. 900 X 10“^. Cyanogen has a much greater effect 
as a substituent than chlorine. Thus, cyanacetic acid has a value of 
K = 37 X 10~^ as compared with 15.6 X 10“^ for chloracetic acid. Sub- 
stitution by halogen in the a-position produces a greater effect on dissocia- 
tion than in the /3-position, although the effect of halogen substitution is 
still marked even in the end carbon group of a long aliphatic acid chain. 
Substitution of hydroxyl for hydrogen in the hydrocarbon groupings also 
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increases the dissociation constant of all acids, aliphatic and aromatic, 
except in the case of para substitution in the benzene nucleus. 

The aromatic acids show much greater regularity than the aliphatic. 
In the case of substitution in the nucleus, the groups — CH3, — OH, 
“ NO 2 and — Cl increase X, the effect being greater in the ortho- than 
in the meta- and para-positions. The substitution of — NHo decreases 
X, the greatest effect being in the ortho- and the least in the meta- 
position. In the case of two substituents in the same acid, the actual 
dissociation is less than the value comi)uted on the assumption that each 
behaves independently. 

Most inorganic acids are strong electrolytes in aqueous solution and 
do not obey Ostwald’s dilution law. Carbonic acid, hydrogen sulfide 
and hydrogen cyanide arc exceptions. Organic bases do not exhibit puch 
regularities as do acids ; secondary bases are usually stronger than primary 
or tertiary bases. {Salts, even of weak organic acids or bases, are highly 
dissociated and do not obey the Ostwald dilution law. They are claslsed 
with strong electrolytes. \ 

4. Proton Transfer Concept of Acids and Bases: The classical defiiii- 
tion of acids and bases as substances capable of yielding hydrogen and 
hydroxyl ions respectively though fairly satisfactory in its api)licatiou to 
aqueous solutions requires modification if it is to be used in non-aqueous 
media. A view, suggested by Lowry and by Bronsted, which has a more 
general applicability and at the same time indicates the complementary 
nature of acids and bases, considers an acid as a sul)stance which can 
lose a hydrogen ion ])roducing thereby a base. A base, therefore, is a 
substance which can accejjt a hydrogen ion to produce an acid. The 
general scheme may be indicated by the equation 

Acid ^ Base + II'''. 

Such an acid and base are referred to as a conjugate pair. From the 
generality of the definition it follows that an acid may be either neutral 
or electrically charged, thus 

CHs COOII?=i CH3.COO-" + H+ 

NH4' NHa + II-^, 

HSOr^SOr +II+. 

Since the hydrogen ion used in the definition and the examples is the 
proton and since the proton rarely exists in the free state, especially in 
solution, the definition is to be considered as indicating the fundamental 
relationship without reference to the ultimate fate of the proton. In 
practice, naturally, this ultimate fate of the proton is important. Since 
the proton does not exist free it must be combined with some other 
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molecule and since a molecule which accepts it is a base there will always 
be in practice a doubly conjugate relation as follows 

Acidi H- Bases Acid 2 + Basei, 

the subscripts referring to conjugate pairs. The reaction is known as 
protolysus or a protohjtic reaction. 

The loss of a proton by an acid in solution thus only becomes possible 
if the solvent has basic properties. If the solvent can also exhibit acidic 
properties a proton transfer to a base is possible. Water behaves in such 
a manner showing acidic and basic functions 

H.O on- + 11 + 

IIoO + 11+^=+ HaO-^. 

A solution of acetic acid in water exhil^its an electrical conductivity due 
to the protolytic reaction 

CH3 coon + IT2O v-^ CITa COO- -h II3O+ 

(Acidi) (B11SO2) (Basci) (Acid^) 

and similarly for ammonia 

II2O + NIl3^=± NII4+ + OII“. 

(Acidi) (Basc2) (A(;id2) (Basci) 

It appears, then, that electrolytic dissociation in the classical sense be- 
comes a special case of ])rot 6 l 5 ^sis. 

If the acid or Inise in solution is not an electrically neutral molecule, 
as in the above examples, ])ut is an ion, an analogous relation holds 

CJN- H- ILO ^ IICN + OH- 
(Biisei) (Acida) (Ac.idi) (Base^) 

N 1 I 1 + + n20<-> NII 3 + ]l30^ 

(Acidi) (Basca) (Based (Acid2) 

These are the familiar reactions of hydrolysis of the salts potassium 
cyanide and ammonium chloride in water. The reverse of the above 
reactions represents the neutralizations of hydrocyanic acid by a strong 
base which is completely dissociated into ions and of ammonia by a strong 
acid also completely dissociated. 

It is evident that the double acid-base reaction furnishes a generaliza- 
tion for a number of apparently different phenomena and the quantitative 
aspects of these described by dissociation constants, hydrolysis constants, 
indicator constants and so forth, become si)ecial cases of a protolysis 
constant. 

5. Acidity Constant and Protolysis Constant: In view of the conjugate 
relationship between acid and base it is sufficient in order to characterize 
a given system quantitatively, to specify a single quantity such as the 
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acidity. This may most easily be done in terms of proton concentration. 
It will be seen, however, in the next chapter, that this statement is rig- 
orously true only for weak electrolytes and must be modified for strong 
electrolytes. Applying the law of mass action to the acid-base equi- 
librium gives the equation 

Ka = cbChVca, (13.3) 


where Ka is called the acidity constant. It will be a constant, how- 
ever, only in a particular medium but may be used to express relative 
acidities in a given medium. The acidity of a given solution is given by 
ch+ = KaCaIcb and is seen to depend on the ratio of acid to base present. 
In a similar manner it is possible, though obviously unnecessary, to 
develop a basicity constant = ca/cbCh% since this latter is relate^ to 
the acidity constant by the relation KaK^ = 1. 

If two acid-base systems Ai — Bi, A2 — B2 are present in the 
solution, the ratio of the two acidity constants will be; 



or, since Ka^ = 


Ka^ CAjCBa 




cn,CAg 


CAjCBa 


(12.4) 

(12.5) 


This latter is the mass action product for the protolytic reaction 


Ai + Ba^ Az + Bi. 

Hence the protolysis constant Ka^b^ is identical with the product of the 
acidity constant of the acid and the basicity constant of the base which 
are reacting, that is, 

Ka^b^ = AaiA'b2. (12.6) 


6. The Role of Solvent: Since a substance can only show acidic or 
basic properties provided a proton acceptor or donor respectively is 
present, the importance of the solvent is evident. Solvents may be 
classified as (1) proton acceptors, that is, basic or protophilic, (2) proton 
donors, that is, acidic or protogenic, or (3) aprotic, that is, neither ac- 
ceptors nor donors. It is also possible of course that a substance may 
be both, protophilic and protogenic and is then termed amphiprotic. 

The protolysis constant has been shown to depend on the strengths 
of the reacting acid and base. The extent to which a protolysis will 
proceed must therefore depend upon the solvent. Taking water as a 
typical protophilic solvent, its ready acceptance of protons to produce 
oxonium ions H3O+ would permit the protolytic reaction with any fairly 
strong acid to go almost to completion and only with a weak acid would 
the reaction incomplete. It follows that, in water, the strengths of 
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strong acids, for example, hydrochloric and nitric, cannot be distin- 
guished. Such distinction would require a weakly protophilic solvent, 
for example, acetic acid. The protolysis with an acid HA would be 

HA + CHaCOOH^ CllaCOOII.-^ + A-. 

Owing to the weakly basic properties of acetic acid, the CTIaCOOIIa'^ 
cannot form to a large extent and the reaction is far from complete. It 
is actually found that percliloric acid, the strongest acid known, is only 
a poor conductor in acetic acid, indicating the small extent to which the 
protolysis has proceeded. Weaker acids as solutes in acetic acid would 
give a still smaller extent of reaction and thus the strengths of all acids 
could be distinguished. 

In a similar manner, in a protogenic solvent the strengths of bases 
can be distinguished only when the solvent has weak i)rotogenic i)roper- 
ties, such, for example, as liquid ammonia. In strongly protogenic 
solvents, practically all bases would react to completion. In fact, sub- 
stances which normally show weakly acidic propei’ties may behave as 
bases in such solvents; acetic acid is a relativel}'^ strong base in hydrogen 
fluoride solution and even nitric acid shows some basic properties in the 
same solvent. 

In an aprotic solvent a substance can evidence neither acidic nor basic 
properties. Such a solvent, nevertheless, could act as a medium for a 
protolytic reaction between added acid and base. Since the equilibrium 
produced depends solely on the acid-base system added, the range of 
acidity possible in an aprotic solvent should be great. The equilibrium 
constant for the protolysis would measure the product of the acidity and 
basicity constants. 

7. Dissociation Constant of Water: A solvent such as water, which 
has both acidic and basic properties, will permit within itself a protolytic 
reaction: 

H.O + H20^ HbO^ 4- OH~. 

(Acidi) (Basea) (Acid 2 ) (Based 

This is termed autoprotolysis and is responsible for the electrolytic dis- 
sociation observed. The protolysis constant will be given by: 

HjO ^llaO^OII-ZcHaOi (13.7) 

which, since the extent of the reaction is small and hence chjO is constant, 
reduces to: 

Ky, = cnjO+Coii". (13.8) 

Kw is the dissociation constant of water. In pure water cjigO^ and coii" 
are equal and may be estimated from the data of Kohlrausch and Heyd- 
weiller on the conductance of pure water. They found a specific conduct- 
ance at 18° C. of 0.0384 X 10”® mho. Now ic =? c*(Za + fc)» where c* 
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is the concentration of ions in equivalents per cc, and la and Ic are the 
mobilities of the ions OH“ and namely 174 and 318 respectively. 

Hence, 

0.0384 X 10-® = c*(318 + 174) 
or 

c* = 0.78 X 10-^ (13.9) 

whence c the concentration per liter is 0.78 X 10“^, and Ky^ = = o.cq 

X 10"^^. This value has l)ecn cliecked by other metliods. It has been 
found to increase quite rapidly with a rise of temperature. Thus, at 
0°C., the value is 0.11 X lO"!"; at 10° C., 0.29 X lO'^^. ^t 25° C., 
1.01 X 10“^^ and at 100° C., about 56 X 10“^^ 

Since the product of the concentrations of hydrogen and hydroxyl 
ions in aqueous solutions is lO"^"^ (approx.) a solution of 1 Tkf HCl will 
have a hydrogen ion concentration of 1 and ()H~ concentration of 10 “ 

A solution of 1 M NaOH will have a hydrogen ion concentration of 10 
For convenience in referring to a particular hydrogen ion concentration 
Sorensen suggested the pH scale defined by : 

pH = log (I/CH 30 +) or C 1 T 3 O+ = lO-P^. (13.10) 

From the negative sign to the pll exponent it is seen that the scale is an 
inverse one, the higher the pH, the less acid is the solution. In an anal- 
ogous manner the strength of an acid may be represented by the negative 
exponent of the logarithm, written i)/C. 

p7v = - log A. ' (13.11) 

For example, in the case of acetic acid, K — 1.84 X 10~^ Hence, 
pK = - 0.2G5 + 5 = 4.735. 

The distinction between the acidity and the strength of an acid must 
be noted. They bear the same relation to each other as pH and p/C. 
Thus a 1 iV* CH 3 COOH solution in water has a certain acidity, pH, but 
the strength of acetic acid relative to other acids in the same medium is 
given by pIC. 

8. Effect of Temperature on Dissociation: Solutions of weak elec- 
trolytes in general show a variation of dissociation with temperature 
similar to that of water. Applying the vaii’t Hoff relation, equation 
(10.50) 

din A 7 dr = AHIRr\ 

the change in heat content AH accompanying the dissociation process 
may be calculated. From the data for water given previously a value of 
AH = + 13,690 cals, at 20 ° C. may be calculated. This is in excellent 
agreement with the value found by Richards for the heat of neutralization 
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of a strong arid by a strong base, namely, AH = — 13,693 cals., the 
essential reaction in this neutralization being the reverse of the auto- 
protolysis of water. 

H3O+ + + iioO. 

9 . Buffer Solutions: It has been shown tliat the acidity of protolytic 
.systems of wcok electrolytes is given by: 

C11 + = KacaIcj\. ( 13 . 12 ) 

A solution of an acid and its conjugate ]>asc constitutes a bulTer solution, 
that is, a solution whose acidity changes only slightly when small amounts 
of acid or base arc added. It is obvious from the previous relation that 
the acidity of such a system could only be changed by an alteration in the 
ratio ca/cb- dlic greater the actual values of ca and cb the greater will 
be the resistance to a change in acidity or, alternatively stated, the 
smaller will be the effect of added acid or base. The system acetic acid- 
acetate ion, the latter generally from a source other than acetic acid, is 
thus a typical buffer system and the acidity will depend on the acidity 
constant and the concentrations of acid and base. The buffer action is 
cxidained by the fact that added acid or base is neutralized by the buffer 
bfise and acid respectively. Thus, in the aqueous acetic acid-acetate 
buffer, hydrogen ions would react with the base, acetate 

II/> + A-->riA + IT 2 O, 

while hydroxyl ions (or other base) react with the acetic acid 
OH” + IIA — > H 2 O + A”. 

Since a change in ctt+ will be least when ca and cb are equal, the buffer 
action is greatest at this point and the pH of the buffer is then fixed by 
the p/v of the protolytic system. Several such systems arc given in 
Table 13.3 together with the pH range of each. 


Buffer 


TABLl' 

pH llanEC 


Phthalic acid 
Potassium acid phthalate J 
Phenylacetic acid 1 
Sodium plienylacetate / 

Potassium acid phthalate! 

Hipotassimn phthalate / 

Sodium dihydrogen phosphate! ^ ^ 

Disodium hydrogen phosphate / 


2.2-3.8 


3 . 2^.9 


4.0-6.2 


J3.3 

Buffer Syatem 

Boric acid! 

Borax j 

Diethylbarbituric acid 
Sodium salt 
Borax 

Sodium hydroxide 
Disodium hydrogen 
phosphate 

Trisodium phosphate J 


pll Rango 

6.8-9.2 


7.0-9.2 


9 . 2 - 11.0 


11 . 0 - 12.0 
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10. Indicators: The term indicator is applied to a substance which 
undergoes a change of color when the pH of its solution changes bejmnd 
a certain range. The solution, therefore, is a protolytic system in which 
the acid and base have different colors and the equilibrium between them 
follows the general scheme. Since Ka — (cb/ca) -^ 11 +, where Ka is now 
tlie so-called indicator constant, and cb and ca are the concentrations of 
base and acid forms of the indicator, the color of an indicator solution will 
depend partly on the total concentration of the indicator, partly on the 
ratio of the concentrations of the two forms and partly on the acidity. 
If the ratio of the concentrations of the acid and base forms is equal to 
unity the indicator constant becomes equal to the hydrogen ion concen- 
tration. It is in this way that colorimetric measurements may be ^sed 
to determine acidity. The color change sensitivity of a given indiclator 
to change in acidity will obviously be greater the more nearly equahthe 
concentrations of acid and base forms. The choice of an indicator se^i- 
tive in a ])articular j)!! range is thus the choice of an indicator whose p/C 
is close to the required pH. This is illustrated in Table 13.4 which lists 


TABLE 13.4 


Indicator 

Acid Color 

Jiasc C/olor 

pll range 

pK 

Thymol blue (acid) 

lied 

Yellow 

1. 2-2.8 

1.5 

Methyl orange 

lied 

Yellow 

3.1-4.4 

3.7 

Bromplieriol blue 

Yt'llow 

Blue 

3.0-4.0 

3.98 

Methyl red 

Red 

Yellow 

4.2-G.3" 

5.1 

Chlorphenol rod 

Yellow 

Red 

4.8-C.4 

5.98 

Bromcrcsol purple 

Y ellow 

Purj)le 

5.2-C.8 

6.3 

Brointhymol blue .... 

Y ellow 

Blue 

C.0-7.0 

7.0 

Phenol red 

Yellow 

Red 

().8-8.4 

7.9 

Cresol red 

Yellow 

Red 

7.2-8.8 

8.3 

Thymol blue (base) .... 

Yellow 

Blue 

S.0-9.0 

8.9 

Phenolphtlialein 

Colorless 

Red 

8.0-9.8 

9.7 


a few selected indicators. The table includes the pH range within which 
the indicator makes its full color change. If it is assumed, for example, 
that when less than 9 per cent of the indicator is in the acid or base form 
the color change is virtually complete visibly, there results for the hydro- 
gen ion concentrations 

= KaCaIcb = /vaO. 91/0.09 ='l0i^A (13.13) 

or 

C 11 + = iCAO.09/0.91 = O.lJvA. (13.14) 

Hence pH = J^JCa — 1, or pH = p/C\ + 1. Thus the pll range for this 



359 


Ch, 13-11 IONIC EQUILIBRIA, I 

assumption is approximately one unit on each side of the particular piiC 
of the indicator. 

In titrations using an indicator to determine the equivalence point, 
the indicator chosen must show a color change at an acidity corresponding 
to that of the conjugate base or acid formed in the protolytic reaction 
occurring when an acid or base respectively is titrated. For example, a 
weak base, B, titrated with a strong acid undergoes reaction producing 
the conjugate acid, HB: 

B + Il30+->Il20 + IIB. 

When equivalent amounts of base and acid have been mixed, if the reac- 
tion goes practically to completion, the resulting solution is one of HB 
in pure water. The indicator must therefore change color at the acidity 
of HB in pure water. Thus, in titrating ammonia with hydrochloric acid, 
the indicator should change color at the pH of the ammonium salt in 
water, which may be calculated from the acidity constant of ammonia. 
It is found to be in the neighborliood of pH = 5 so that methyl red would 
be an effective indicator. Similarly, in titrating a weak acid such as 
acetic acid with a strong base, the indicator should change color at an 
acidity corresponding to that of the acetate ion produ(‘ed. Phenolph- 
thalein will be found effective. Finally, it should be observed that these 
conclusions assume that the protolysis goes almost to comjdetion. The 
titration will only be efficient when this occurs. Jf, for example, a weak 
acid is being titrated with a base which has exactly the same p/iT as the 
conjugate base of the weak acid, then, at the equivalence point, the 
protolytic reaction will only have gone halfway towards completion. 
This would mean that to drive the protolysis to completion a very large 
excess of base would have to be added and the “end point” of tlic titration 
would have been considerably overstepped. In a titration, therefore, at 
least one constituent should be ‘ strong.' 

11. Hydrolysis: It has been seen that the constant of a protolytic 
reaction depends on the strengths of the acid and base reacting and also 
on the solvent. If the solvent is amphiprotic like water, reaction with 
both the conjugate acid and base from the protolysis is possible. Thus, 
for a protolysis 

ha -h B ^ Bn+ + A-, 

Acid Base Acid Base 

the following reactions with the solvent water are possible 

BII+ + H 3 O+ + B, 

Acid Base Acid Base 

or 

A- + H20 5 :OH- + IIA. 

Base Acid Base Acid 
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Such reactions would tend to reverse the protolysis by producing the 
original acid and base and, for water as the solvent, the phenomenon is 
referred to as hydrolysis; solvolysis or lyolysis is the general term for 
any solvent. 

The acidity constant of an acid has been shown to be the reciprocal 
of the basicity constant of the conjugate base. A protoJysis between a 
strong acid and a strong base will therefore go practically to com2:)letion, 
since the conjugate base and acid produced will both be weak and will 
consequently show no tendency to react with the solvent. Hydrolysis 
is thus to be expected only when one or both of the reactants in a pro- 
tolysis are weak. Three cases present themselves for discussion: (1) weak 
base, (2) weak acid, (3) both weak. 

(1) Strong Acid and Weak Base. From the above it is seen that' the 
hydrolysis occurring in this case is \ 

BIF + IlaO^B + H3O+, 

since, when the base B is weak, its conjugate acid BH"*" is strong and so 
will react with the solvent as a weak base. The protolysis constant for 
this reaction is given by the equation 


eH iCAg _ CnClTaO'*' ^ 
CAjCnj CBii'^cn^o 


(13.16) 


In dilute solution cu^o ia constant, hence 

Kh — cu-ioNAiii^ ~ CBCiTgoVcnn'*’, 

where Kn is called the hydrolysis constant. If x is the degree of 
hydrolysis for a concentration of salt c, cn and cn^o^ will each be cx and 
Cbh-^ will be c(l — a;). Hence 


Kh = cx^Kl — x) or X = ( — Khl2c) + [_(Kh^l4c^) + AVc]^ (13.10) 

which, when x is small, reduces to x = {Kh/c)K The degree of hydrolysis 
is approximately proportional to the square root of the hydrolysis con- 
stant and inversely proportional to tlie square root of the concentration. 
Since KaiB 2 = E^a^Kb^ and Ka^Eb^ = 1, A"aiB 3 = EbJEb^. Hence 
Eh = E^,IEb and the hydrolysis constant may be calculated from the 
dissociation constant of water and that of the weak base. 

(2) Weak Acid and Stroiig Base, lii this case the hydrolytic reaction 
will be 

A- + n20;^HA + OH- 


since the conjugate base A“ of the weak acid will now be strong. By 
analogy with the previous case it is seen that the dependence of Eh on 
the degree of kydrolysis and on the dilution is exactly the same. Further- 
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more, since in general ivAjDa ^ = KxJKa^, in this case 

Kh " 1^1"/ ^^ha, the hydrolysis depending on the constant of the weak acid. 

(3) W cak A crd and TV eak Baf(c. When both reactants are weak, both 
liydrolytic reactions pictured above may proceed and, in addition, there 
will also be the reverse of the autoprotolysis of winter: 

H3O+ 4 - OH";?± H,0 -b H,0. 

Owing to thivS reaction the extent of hydrolysis is considerably greater 
than for those cases in which only one component is weak. The net 
resulting reaction is 

BII+ + A-;p^TIA + R. 

The equilibrium constant of this reaction is given by 

Kh ~ CiiACii/cBir'CA'. (13.17) 

It has been shown above that Kw/Kji = and Ku^/Kn/^ 

= ChaCoh"/ca". Ilcnoe, 

Kh ~ KtolKjijiKu. 

If X is the degree of hydrolysis for a concentration c, Kh = p;V (1 “ 
or, for small values of x, 

X = Va^ = -^K^c/KnAKii (13.18) 

and the degree of hydrolysis is independent of the concentration. This 
will only strictly l)e true when, as here assumed, cha = cu, that is when 
Aha = Kb- It is found however, that, except for very large dilTcrenccs 
between acid and base strengths, a dependence of the hydrolysis on 
dilution is only noticeable at high dilution. 

12. Amphiprotic Substances: It has already been seen that water is 
a substance showing both acidic and basic ])roperties. In more complex 
molecules the acidic and basic ])ropcrty may be shown by a dilTerent 
portion of the molecule and a i)roton transfer within a given molecule is 
possil)le. The amino-acids constitute an important group which exem- 
plify this possibility. Thus, glycine behaves as an acid 

NH2CIl2COOH;F^NIl2CH2COO- + H+, 

or as a base 

NH2CII2COOH + II' ?=± +NH3Cn2COOH, 
while a proton transfer wdthin the molecule, 

NII2CH2COOII ^ +NH3CH2COO-, 

produces a molecule having no net charge but which has a positive and 
a negative charge at different locations in it. It is thus a dipole and has 
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been termed a '^dipole ion’' or ampho-ion. In aqueous solutions the 
acid strength of the carboxyl group is higher than that of the group; 
hence, the amino-acids will exist practically entirely in the ampho-ion 
form. In an aprotic solvent, the protolytic reaction will necessitate equal 
concentrations of the acid and base ions: 

NH2Cn2COOH + Nn2CH2COOH 

(Acidi) (Base2) 

^ +NH3CH2COOH + NH2CH2COO- 

(Acid 2 ) (Based 

If the solvent is not inert, protolysis with the solvent can occur in addition 
to the above and tlie concentrations of the acid and base ions will depend 
on the acidity of the solution. Thus, 

NHoCTT .COOTI -h 1130+?=^ +NH3CH2COOH + H.O, 
NII2CH2COOH + NII2CH2COO- + H3O+ 

or, in terms of tlic arnplio-ion, 

+NIl3CI-T2CO()- + H3O+ = +NTI3CH2COOII + H2O, 
+NH3CJT2(’00- + KoO == NH2CH2COO- +■ H3O+. 

At a particular acidity for a given solvent the concentrations of acid and 
base forms will be c(iuaL This is known as the iso-electric point. Since 
the ions are large tlicy will liave approximately the same speeds under 
the influence of an electric current and equal amounts will migrate in 
opposite directions giving the aj)pearancc of no migration. It can be 
shown that, at the iso-electric point wliere the ionization is a minimum, 
the solubility is also a miiiinium. The precipitation of electrolytic 
colloids such as proteins is brought about by adjusting the pll to the 
iso-electric point. 

Exercises (13) 

1. The dissociation constant of boric acid at 25° is 6 4 X 10“^®. Calculate 
the hydrogen ion concentration at dilutions (a) 1, (/;) 10, (c) 100 liters. 

2. The specific conductance of 0.1 N Nri40H is 3.59S X 10“^. Ao is 238.7. 
Calculate the dissociation constant. 

3. The dissociation constants of acetic and benzoic acids at 25° C. are respec- 
tively 1.80 X 10"** and 6.6 X 10~^. What concentration of benzoic acid would 
have the same pH as 0.1 N acetic acid? 

4. Calculate the pH of 0. 1 AT nicotine given that the basi c dissociation constant 
is 1 X 10“^ 

5. How much crystalline sodium acetate (3H2O) must be added to one liter 
of 0.1 A" acetic acid to give a solution with a pH of 4? The salt may be con- 
sidered completely dissociated. 

6 . A salt of a weak base and a strong acid is 61 .8 per cent hydrolyzed in 0.01 N 
solution and 81 .6 per cent in 0.001 N solution. Calculate the hydrolysis constant . 
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7 . iCw lias the following values at the temperatures indicated: 

Ku> X 10^* 0.11 0.29 0.6S LOO 5.4S 52 550 

r C. 0 10 20 25 50 100 200 

Calculate the heat of dissociation of water. 

8. 0.1 molal H3PO4 is titrated with NaOH using methyl orange as indicator, 
Calculate the fractions of acid converted to NaH»P04 and to Na2HP04 if the 
end point corresponds to pH of 4.3. The dissociation constants of H3PO4 are 
7.5 X 10-3,6 X 10 -» and 3.6 X 10”‘3. 



CHAPTER 14 


IONIC EQUILIBRIA II. STRONG ELECTROLYTES 

It has already been shown that the concept of Arrhenius, that the 
conductance ratio Au/Ao is a measure of the dej^ree of dissociation of 
electrolytes, cannot be applied without modification to a hirge class of 
electrolytes, inorganic acids and bases and most salts. Tliese substances 
are classified as strong clccirolgtes. The equilibria in solutions of such 
electrolytes cannot be cxprcvssed by the Ostwald dilution law. 

The anomaly thus presented by strong electrolytes has been continu- 
ously a matter of concern since the formulation of the dissociationjtheory 
and various essays at the solution of the prol)lem have been undertaken. 
The earliest efforts were directed to a modification of the mass action 
equation in an effort to obtain a formula with whi(;h a constant ‘dissocia- 
tion constant’ could be obtained. These formulas were, m reVlity, 
merely empirical equations, which, in the final issue, could only bepsed 
for interpolation pur))oses. None of them ever gave a satisfactory con- 
stant and, at the same time, an eciuation of th(M)retic.al significance. As 
such equations have only historical interest they may be omitted. 

The formula of Arrhenius, a = A,,/Ao, implies a constancy of ionic 
mobilities over the range of concentrations involved. In coiKicntrated 
solutions there is experijiieiital evidence that the mobilities arc not inde- 
pendent of concentration. In fairly dilute solutions, however, the ratio 
of the mobilities may be regarded as constant; yet, even here, the con- 
ductance ratio does not yield a satisfactory measure of equilibrium to 
which the laws of equilibrium will apply. 

Attempts to exi)lain the anomaly by ionic hydration and complex ion 
formation did not succeed. The formation of ionic hydrates should not 
change the form of the dilution law in dilute solution but only the nu- 
merical value of the constant. The formation of complex ions would 
cause modification, but there is no evidence of the presence of such ions 
in solutions of salts such as potassium chloride, even though probable in 
more complex electrolytes such as copper sulfate. 

Evidence has been presented that such electrolytes are completely or 
practically completely dissociated in solution and, owing to the relatively 
high ionic concentrations, iuterionic effects are important and cannot be 
neglected. Much of the information concerning strong electrolytes has 
been derived from a study of galvanic cells. It mil be necessary therefore 
to consider the galvanic cell in some detail. 

1. Galvanic Cells: Whenever two different phases are brought into 
contact, if either phase contains a substance which is electrically charged, 
... 364 
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for example ions or electrons, and which is soluble in both, the establish- 
ment of equilibrium between the phases will cause the phases to become 
oppositely charged and a potential difference will be manifested. The 
potentials between metals in contact, for example, are used in thermo- 
couples, Potentials likewise exist between metals and gases or metals 
and solutions, between solutions of different electrolytes or of the same 
electrolyte at two different concentrations. Combinations of such con- 
tact potential differences are designated galvanic cells. 

Tavo classes of galvanic cell may be differentiated, the first, in wliich 
chemical reaction proceeds even when no current is being drawn from the 
cell, the second, in which chemical change takes phice only when the 
external circuit is closed. The original voltaic cell consisting of zinc and 
copper electrodes in dilute sulfuric acid evolves hydrogen continuously 
so long as zinc and acid remain. The Weston cell already considered, 
on the other hand, remains in stable equilibrium when there is no flow of 
electricity through it. Unless this equilibrium is disturbed by elec- 
trolyzing or discharging, and thus producing chemical reactions, the 
electromotive force of such a cell remains constant. It is this second 
class of galvanic cell that has most value in the more exact development 
of the subject. 

2. Reversible Cells: The Weston cell may under certain conditions 
be a reversible cell, using the word reversible in the thermodynamic sense 
already discussed in detail in Chapter 8. Imagine the electromotive 
force of the Weston cell exactly balanced by some outside electromotive 
force so that no chemical change is produced in it. Then let this outside 
electromotive force be increased an infinitesimal amount. Reaction will 
be started in the Weston cell corresponding to some chemical change, and 
this reaction will be reversed if the outside electromotive force be di- 
minished an infinitesimal amount. This would be an ideal condition of 
reversibility and the exactly balanced state would require an infinitely 
sensitive galvanometer in the Weston cell circuit for its measurement. 
From these considerations it is clear that any condition involving the 
passage of a finite current through the cell would be irreversible. In 
practice, the electromotive force of a cell is always measured by the 
method of balanced electromotive forces, or the potentiometer method, 
and the ideal condition, corresponding to reversibility, may be approached 
as more and more sensitive galvanometers are employed. 

3. Reversible Cells and Chemical Reaction: It is important at this 
juncture to adopt a number of conventions for the designation of cells 
and the sign of electromotive force. The Weston cell will serve as an 
illustration, and will be written 

Cd (12.5 per cent amalg.) | CdS 04 .fH20 

I CdS 04 (sat) I IIg 2 S 04 I Ilg; Ezs = 1.01810, 
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where E 26 denotes its electromotive force at 25° C. The vertical lines 
serve to divide the phases. When not evident, the nature of the phase, 
whether solid or liquid, will be denoted by (s) and (Z), respectively. A 
gas and its pressure will be represented thus: H 2 (1 atm.), CI 2 (1 atm.). 
When the phase is a solution, the molal concentration of the solution, 
expressed in moles (formula weight) in 1,000 grams of solvent, will be 
given in brackets, and the saturated solution will be designated by (sat). 
The positive flow of electricity within this cell tends to take place from 
left to right. The chemical process corresponding to the cell is given by 
the equation 

Cd (12.5 per cent amalg.) + Hg 2 S 04 + IH 2 O 

= CdS 04 IH 2 O (s) + 2Hg; E 25 = 1.01810. 

That is, the cell docs electrical work when the reaction proceeds from left 
to right. The electromotive force, expressed in volts, will be taken as 
positive in the direction of the flow of positive current within tl\e cell, 
or when negative flow is from right to left. The almve electromotive 
force of the Weston cell will be employed as the standard. \ 

When the electromotive force, E, is expressed in volts, it equalfe the 
electrical work in joules corresponding to the passage of one coulomb 
through the cell. If, in the cell reaction, n gram equivalents are changed, 
the total electrical work, corresponding to the passage of nF coulombs, 
will be nEF, where F is the faraday, or 96,494 coulombs. Since the 
electromotive force of such a cell is measured under conditions which 
approach very closely true equilibrium states, nEF will be the reversible 
electrical work of the cell reaction in joules. In the above cell reaction, 
the value of n is 2. 

Now, it is possible, by constructing different combinations, to obtain 
the reversible electrical work corresponding to the various types of chem- 
ical reactions. The common general classes are com])ination, displace- 
ment, oxidation, metathesis, and neutralization, and their corresponding 
reverse reactions. 

The reaction of the cell 

Pt I H 2 (1 atm.) I HCl (0.1) | CI 2 (1 atm.) | Pt; E 25 = 1.4885 
is 

■IH 2 {g) + iCl 2 {g) = HCl (0.1), 

which is illustrative of combination. 

Many cells have been measured in which the chemical process is a 
displacement. These may be of various types, of which the Weston cell 
is a rather complicated example. A simpler cell is 


Pt I H 2 (1 atm.) I HCl (0.1) 1 AgCl | Ag; E 25 = 0.3522 
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and the corresponding cell reaction is 

iHz (1 atm.) + AgCl (s) = Ag + HCl (0.1). 

If we had written, for the cell reaction, 

II2 (1 atm.) + 2AgCI = 2Ag + 2IIC1 (0.1), 

which would correspond to the passage of two faradays through the cell, 
the reversible electrical work would liave been 2 X 0.3522 X 90,494 or 
07,972 joules. 

Another important type of cell representing a displacement reaction 
is the Daniell cell, or 

Zn I ZnSOi (1.0) | | CuS04 (1.0) | Cu. 

The cell reaction in this case is 

Zn + CukSO, (1.0) - ZiiSO.! (1.0) + Cu. 

Actually, in this cell, there will be a junction between the zinc and copper 
sulfate solutions, and, at this boundary, there will be a potential difference 
which must be eliminated by some method before the potential of the cell 
reaction can be known. The elimination of this “liquid junction poten- 
tial ” from the total electromotive force of a cell will be indicated as above 
by introducing two vertical lines. 

The following is a good example of a cell without a licjuid junction in 
wliich the cell reaction is an oxidation. The reaction of the cell 

Hg I HgCl I KCl (0.05), K4 Fc(CN)g (0.0005), 

KaFe(CN)6 (0.0005) | Ft; E - 0.0009 
is 

Hg + KCl (0.05) + K3Fe(CN)o (0.0005) 

= K4Fe(CN)6 (0.0005) + IlgCl (s). 

In this cell, the solution is a mixture of three electrolytes. Commas are 
used merely for differentiating the electrolytes present. The cell 

Pt I SnCb (0.1), SnCl4 (0.1) | | FeCh (0.1), FeCE (0.1) | Pt 
would correspond to the reaction 

2FeCl2 (0.1) + SnCl4 (0.1) = SnCh (0.1) + 2FeCl3 (0.1). 

There is no example of a single cell without a liquid junction in which 
the reaction is a metathesis or double decomposition. However, Brcin- 
sted, by combining four cells, was able to determine the reversible elec- 
trical work of the reactions 

NaCl is) + KBr.2H20 = KCl (s) 4- NaBr.2H20, 

KCl is) + NaClOa (s) = KCIO3 (s) + NaCl (s), 
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where the compounds are all in the solid state. 

The cell 

T1 (amalg.) | TICNS (s) | KCNS | | KCl | TlCl (s) | T 1 (amalg.) 

which contains a liquid junction has been employed to measure the 
reversible electrical work of the reaction, 

TlCl (s) + KCNS = TICKS (s) + KCl. 

Neutralization may be represented by the cell 

Pt 1 II 2 I on- (1.0) I I H+ (1.0) I II 2 I Pt; E 25 = 0.8280, 

which corresponds to the reaction of the neutralization of strong acids 
and bases or | 

11+ (1.0) -h OH- (1.0) = H 2 O (0. I 

These examples are sufficient to show that the electromotive If orces 
corresponding to all the common tyjjes of reactions involving strong 
electrolytes may be obtained from suitable cells, or by combining the 
electromotive forces of suitable cells. Since we shall find that the re- 
versible electrical work is a very important chemical quantity, the meas- 
urement of electromotive force of reversible cells is a powerful means for 
investigation of reactions. 

It should be emphasized that by far the most important consideration 
in dealing with galvanic cells is the exact knowledge of the cell reactions. 
Many errors have been made and many false conclusions drawn from 
measurements of electromotive forces without this knowledge. 

4. The Calculation of Free Energy and Heat Content Increments of 
Cell Reactions: We have already seen (Chapter 8 ) that the free energy 
increment, AE, is measured in reversible cells by the quantity — nEF 
where these symbols have the significance already assigned to them. 
From the variation of this magnitude with temperature it is obvious that 
we also obtain the change in the free energy increment with temperature 
and, hence, from the Gibbs-Helmholtz equation, 

^F = AH + t(^ (8.88) 

we can derive values for the heat content increment (AH) with tempera- 
ture. Thus, we may express the heat content increment by the equation 

dE 

- AH = riEF - nFT — ■ (8.91) 

A comparison of values of — AH of a few cell reactions determined by 
measurement of electromotive force and by calorimetric measurement is 
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given in the last two columns of Table 14.1. The column headings make 
the table self-explanatory. 


TABLE 14.1 


('Comparison ov Heat Content Decreabbs op Cell Reacttions in Calories 
Determined by Measurements op Electromotive Force 
and by Thermoctiemical Measurements 


Cell Reaction 

E 

dE 

df 

( -MI) 
E.iM.F. 

( -A//) 
Tliornio- 
oliciuiciil 

(1) Zii + 2AgCl = Z 11 CI 2 (0.555M) 

+ 2Ag (0°C.) 

1.015 

-0.000402 

51,989 

52,046 

(2) Pb + 2AgI = Pbla + 2Ag (25° C.) 

0.21069 

-0.000138 

11,610 

11,650 

(3) Cd + 2AgCl + 2.5HaO 

= CdCla. 2.51120 + 2Ag (25° C.) 

0.67531 

-0.00065 

40,030 

39,530 

(4) Cd + PbCla + 2 . 5 H 2 O 

= CdCl2.2.5H20 + Pb (25° C.) 

0.18801 

-0.00048 

15,250 

14,650 


In order to compute the heat content decrease accurately by means 
of the electromotive force method, the temperature coefficients of electro- 
motive force must be obtained with great precision. Indeed, in the 
reactions in the above table, an error of 0.01 of a millivolt in the deter- 
mination of E will cause an error of approximately 130 calories. 

The above equation may be employed for the calculation of a change 
in heat content from free energy data. The method is well illustrated by 
a calculation performed by Ellis from electromotive force data of the cell 

Ha (1 atm.) | JICl (c) | HgCl | Hg, 
which corresponds to the cell reaction 

Ha (1 atm.) + 2IIgCl = 2Hg + 2HC1 (c). 

Table 14.2 contains some of his electromotive force data. 


TABLE 14.2 

Electromotive Force Data of the CpmL; Ha (1 Atm.) | HCl (c) | IlgC'l | Ilg 


c 

E.M.F. 

10«« 

18° 

25° 

3.'i° 

0.1004 

0.39764 

0.39S84 

0.40013 

-h 386 

0.3376 

0.33845 

0.33836 

0.33794 

- 75 

0.7714 j 

0.29654 

0.29.571 

0.29411 

- 460 

4.484 

0.15759 

0.15506 

0.15124 

-2384 
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The electromotive force E at different temperatures may be computed 
for each temperature by the equation 

E = E25(1 + ait - 25)), (14.1) 

where the values of a are given in the last column of the table. The free 
energy decrease of the cell reaction as written will equal 2 X 23,074 X E 
calories, and also 

(- AF) = (- AF)298 (1 + aiT - 298)). (14.2) 

Now, if this value for (— AF) be substituted in the Gibbs-Helmholtz 
equation in the form 

A ^ 

V T / “ T2 

and the differentiation performed, 

(“ A//) 29B — (- AF) 298 (1 - 298a) 
is obtained. In Table 14.3, are given values of (— AF) in calories tjoin- 


j (14.3) 



TABLE 14.3 


( — AF) AND ( — A/7) 298 OF THE CeLL REACTION IN CaLOHIES 


c 

(-AF)m 

(— AF)29B 

(— A/Osob 

( — A//) 298 

0.1004 

18,351 

18,407 

18,466 J 

16,290 

0.3376 

15,620 

15,616 

15,596 

15,965 

0.7714 

13,685 

13,647 

13,593 

15,528 

4.484 

7,273 

7,156 

6,980 

12,240 


puted from the electromotive forces, and (— A//) 290 calculated by this 
last equation. 

This method of calculation should be employed when it is possible to 
express the electromotive forces as a function of the temperatures by a 
simple equation. 

5. The Concentration Cell without Liquid Junction: Up to the present, 
only the free energy and heat content changes of cell reactions, which are 
complete chemical reactions and which do not involve changes in com- 
position of any of the phases, have been discussed. We have now to 
consider free energy and heat content changes o7 quite a different nature, 
and processes in which the compositions of the phases play a predomi- 
nant r61e. 

The electromotive forces of cells, corresponding to the following cell 
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reactions, will serve as an illustration: 

■JH 2 (1 atm.) + AgCl = Ag + liCl (0.001); 

E 26 = 0.5785; (- AF) 2 ,^ = 55,822 joules 

and 

>H 2 (1 atm.) + AgCl = Ag + HCl (0.0483); 

E 2 B = 0.3870; ( — AE )298 = 37,343 joules. 

If the second reaction be subtracted from the first, the result will be 

HCl (0.0483) = IICl (0.001); E^g = 0.1915; (- AF )298 = 18,479 joules. 

This equation means that the net effect of the two cell reactions is the 
transfer of a mole of hydrochloric acid from a solution of 0.0483 molal 
concentration to a solution of 0.001 molal concentration, and that the 
free energy decrease of such a change is 18,479 joules. In other words, 
(— AF) is the free energy decrease when a mole of hydrochloric acid 
disappears at 0.0483 molal concentration and apjiear.s at 0.001 molal 
concentration. The most important point is that (— AF) may be re- 
garded as the difference of Uyo quantities, whi(;h are the change in free 
energy, F 2 , when a mole of hydrochloric acid is added to an infinitely 
large quantity of 0.0483 molal concentration, and the change in free 
energy, F 1 , when a mole is added to an infinitely large quantity of solution 
containing 0.001 molal hydrochloric acid. F^ and Fi will be denoted 
the partial molal free energies of the hydrochloric acid in tlie two solutions 
respectively.^ It is always the case that the partial free energy is greater 
in the more concentrated solution, or F 2 is greater than Fi, Consider 
the transfer of a mole from the more con(;entrated to the more dilute 
solution. The removal of this mole from the concentrated solution will 
be accompanied by a change in free energy equal to — F 2 , and the addi- 
tion of this mole to the more dilute solution will be accompanied by a 
change in free energy -f Fi. The total free energy increment of transfer 
will be the sum of these quantities {Fi — F 2 ) or — {Fz — Fi), which 
equals a decrease in free energy (— AF), and which in turn equals nEF. 

In a similar manner, by subtracting the values of the heat content 
changes of the cell reactions computed by the Gibbs-Hclmholtz equation 
(Table 14.3) at two different concentrations, the difference in partial 
molal heat contents of the acid at the two concentrations may Vie ob- 
tained. From the nature of these processes we are led to the considera- 
tion of a whole series of quantities which will prove to be of great impor- 
tance in the application of thermodynamics to solutions. 

These changes in partial molal free energy and heat content could 

1 A partial quantity or a change in a partial quantity will always be repre- 
sented by a dash over the symbol. 
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have been obtained directly from measurements of cells of the type 
Ag I AgCl I IIC1(C2) I Hi I HCl(cO I AgCl | Ag, 
where the net result of the cell reaction would be the change 

HCKci) = HCl(ci). 

This type of cell will })c denoted the concentration cell without liquid 
junction. Such a cell is obtained whenever two simple cells containing 
solutions of different con(;entrations arc connected in opposition. The 
alternative mode of connection gives the cell 

II 2 1 HC1(c 2) I AgCl I Ag 1 AgCl I HCl(ci) | Ih, 

which has the same numerical electromotive force though the direi^tion of 
current flow would be the opi>osite and, to adhere to convention, tke acid 
concentrations must be reversed giving \ 

II 2 I HCl(ci) I AgCl I Ag I AgCl I HC1 (c2) | \ 

\ 

For the measurement of partial free energy changes of electrolytes 
containing a metal which readily reacts with water, there are available 
colls in which the metal electrode is a very dilute amalgam. For example, 
the cell 


Ag I AgCl I KC1 (c 2) I K (dil. amalg.) | KCl(ci) | AgCl | Ag 

affords measurement of the partial free energy change corresponding to 
the transfer * 

KC1(c 2) = KCl(ci). 

6. Amalgam Cells: The determination of partial free energy and heat 
content changes by the electromotive force method may also be applied 
to the study of solutions of electrolytes in metallic solvents. The electro- 
motive force of the cell at constant pressure and temperature 

MeCca) (amalg.) | MeX (solution) | Me(ci) (amalg.), 

consisting of two amalgam electrodes at different concentrations con- 
nected by a solution of a salt of the metal, MeX, is independent of the 
concentration of this salt solution and depends only on the composition 
of the amalgam. The net effect of the cell reaction is the disappearance 
of the metal from the amalgam of the higher concentration, and its ap- 
pearance in an amalgam of lower concentration. This process is ac- 
companied by a decrease in free energy equal to the difference in partial 
free energies of the metal in the amalgams of the two concentrations, or 
- {F, - F\) if C 2 is greater than ci. A most exhaustive study of the cell 

TlCcs) (amalg.) | TI2SO4 | Tl(ci) (amalg.) 
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Jias been carried out by Richards and Daniels, as a result of which the 
partial free energy and heat content changes of both the thallium and 
mercury are accurately known. Indeed, tlie stability of the amalgams 
permitted measurements of solutions as concentrated as 40 per cent of 
thallium. Some of the results are presented in Table 14.4. 

TABLE 14.4 


E.]M F.’s OF TuAuauM Aaiahjam C^ei^ls 


Amalgam C'onc('nlrations 

ill ]\lilli\ at 

0.05015 log X 103 

ri 

Ci. 

20^' C. 

a(3° 

milllvoltfi 

0.3315 

1.701 

15.550 

40.937 

42.1 

1.704 

3.7SS 

20.395 

27.050 

20.5 

4.930 

10.019 

29.4 SO 

29.971 

IS.S 

10.019 

17.049 

24 342 

2J.(;00 

13.05 

20.970 

27.302 

11.572 

n.74l 

0.83 

20.7H0 

34.029 

20.341 

20.07S 

12.08 


7. The Free Energy Change Accompanying Concentration Changes: 

We saw in Chai)ter 8 that the free energy change accompiinying tlie 
transfer of one mole of a gas from a pressure P to a pressure P' was given 
by the expression AF = RT In (P'/P). In section 10, 4 it was pointed out 
that for dilute solutions obeying Henry’s law and the ideal gas laws an 
identical i)rocedure would yield for a conc,entration change from C 2 to Ci 
the expression AF = RT hn (C 1 /C 2 ). The above amalgam cells constitute 
a method of securing such a concentration chaiige under circumstances 
such that the free energj^ change is simultaneously measura])le, since tliis 
is given by the expression — AF — nEE. Combining these two ex- 
pressions for AF, we ol)tain 7iEF = RT hi whence 

^ C2 

E = — Tin™ (14.5) 

nF Cl 

This expression for the electromotive force of a concentration cell of any 
type was first derived by Nernst from a different standpoint. It is, 
however, a direct consequence of fundamental thermodynamics when 
applied to ideal solutions. A¥e may utilize this equation to determine 
how far the above solutions of thallium in mercury approximate to the 
ideal state. Accordingly, in the final column of the preceding table are 
to be found the corresponding values of E calculated from this equation 
for a temperature of T = 298'* K. It is ai)parent, from a comparison 
between the calculated and experimental results, that, at low concentra- 
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tions of amalgam, the agreement is fair, but that, in the more concentrated 
solutions, there is a very great discrepancy between experiment and the 
requirements of theory based on the laws of ideal solutions. It is evident 
therefore that for a general treatment of solutions some alternative 
method of theoretical approach is reciuired. This need has been met in 
the use of the activity function introduced into thermodynamic chemistry 
by G. N. Lewis, as previously mentioned. 

8. Activity and Ionic Equilibria: We may apply this general method 
of treatment to ionic equilibria, for example to equilibrium in a solution 
of a uni-univalent electrolyte, 

CA = C+ + A-. 

Let and a_ be the activities of the cation and anion respectively and 
let a2 be the activity of the undissociated molecule. Then the equilibrium 
constant is given by \ 

Ka — a^a-ja-i. 1(14.0) 

We arc unaware of the concentration of the undissociated molecule 
in the case of strong electrolytes, so wo may assume an arbitrary value 
for Ka. If we set it equal to 1, it folio w^s that 


a 2 — a \ (X_ 


(14.7) 


and we thus can get a definition of the activity of the electrolyte. 

It will be seen later that the activity of an individual ion cannot be 
determined experimentally. It is j)ossible however to^ determine the 
mean value for a pair of ions. Thus the mean activity of the electrolyte is 
defined as 

= (a+a_)i/2. (14.8) 


We shall utilize, however, a quantity,/, the activity coefficient of an electro- 
lyte, which, for tlie present case of a uni-univalent electrolyte, is defined 
as the mean activity divided by the molal concentration of the electro- 
lyte, or 


c c \ / 


(14.9) 


It can be seen that the activity coefficient of the electrolyte is in this case 
the square root of the product of the activity coefficients of the ions. The 
expression for / changes wdth the valence of the ions. Thus, with a bi- 
univalent electrolyte, CA2, we have 

a 2 — O-j-U— ^ 


and 


= (a+a_2)i/^ 


(14.10) 

(14.11) 
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since there are three ions formed on ionization. In this case 


/ = 



In general, for an electrolyte, Cv^Ay 


where 




(14.12) 


(14.13) 


It must be realized from the general definition that the activity of a 
solute in a solution becomes ciiual to the concentration of the solute as 
the concentration approaches zero. It follows that the activity coelhcient 
approaches unity as the concentration approaclies zero. The evaluation 
of activities or activity coefficiejits must involve tlicrefore an extrapola- 
tion, directly or indirectly, to zero concentration. Since concontration 
is usually expressed as mole fraction, molality or molarity, an activity 
coefficient and hence also an activity may be defined to correspond to 
each concentration unit. At infinite dilution each activity coefficient 
will be unity, but with increasing concentration the three values will 
diverge from each other. We shall use in general tlie molality activity 
coefficient as defined above. It is sometimes represented l)y the sym- 
bol, 7 . 

9. Activity from Electromotive Force; Consider the simple reaction, 
]lCl(c') = ITCl(c) 

data for which can be obtained from a study of the cells 

112(1 atm.) |lICl(c') I AgClIAg, 

H 2 (1 atm.) I HCl(c) 1 AgCl | Ag. 

Let the electromotive forces be E' and E. The change in free energy of 
the reaction will be related to the difference of these electromotive forces : 

AE = - nF(E - E'), (14.14) 

as also to the activities of the acid: 

AF == E - F' = RTln (rWa^, (14.15) 

where the prime refers to the concentration c'. Hence 

- nV{E - E') = RT In (a-M), (14.10) 

If now c' could be so chosen that <22 is unity and the corresponding 
electromotive force of the cell be denoted Eo, it follows that 

- /iF(E - Eo) = RT In a 2 
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or 

— (E — Eo) = (RT/n¥) In a 2 (14,17) 

or in terms of the mean activity at 25° C, 

- (E - Eo) = (2RT/nF) In = 0.1183 log a±. (14.18) 

Subtracting 0.1 183 log c from each side gives 

Eo - (E + 0.1183 log c) = 0.1183 log (aje) = 0.1183 log/. (14.19) 

The value of Eo can obviously be found from this equation since it will 
be equal to the value of E + 0.1183 log c when / = 1 and the activity 
coefficient is unity at zero concentration. If therefore the electromotive 
force of the above cell is measured at a series of decreasing concentrations 
of nCl and the Cj[uantity E + 0,1183 log c is plotted against soAie con- 
venient function of the concentration such as c or an extraimlation 
to c = 0 will give the value of Eo. \ 

In this manner, Linhart measured the cell \ 

H2|IJCl(o|AgCl|Ag 

at various concentrations of (r) and found grai)hioally a value for Eo of 
0.2234 volt. Using this value in the above expression for log / the follow- 
ing values for / were obtained. 

TABLE 14.5 

Activity C'Oep’ficients op Hydrociiloiuc Acid 25° C. 

From Measurements of JI 2 | HCl(r) | AgC3 | Ag and TU | IlCht) | HgCl | Hg. 

c = 0.0005 0.001 0.005 0.01 0.05 0.1 0.5 1.0 2.0 3.0 

/ = 0.991 0.9S4 0.947 0.924 0.860 0.814 0.762 0.823 1.032 1.35 

There are very few electromotive force data that are sufficiently 
accurate for such extrapolation puiqxiscs but tlie electromotive forcie 
method is very useful for more concentrated solutions, provided a value 
for / in dilute solutions is obtainable. We shall approach this problem 
from another standpoint. 

10. Freezing Point Lowering and Activity: We saw, in discussing ideal 
solutions, that vanT Hoff formulated the relationship between osmotic 
pressure and concentration by the equation 

PV = RT 

and pointed out that for electrolytic solutions the abnormal freezing point 
lowering as well as osmotic pressure required a factor, i, in the equation 


PV = iRT. 
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Arrhenius recognized that only those solutions which possessed an ? factor 
greater than unity conducted an electric current. As a result, he sug- 
gested that electrolytes were dissociated into ions and that i was a 
measure of the number of gram ions and molecules resulting from tlie 
dissociation of a mole of electrol^d-e under the given conditions. Arrhen- 
ius, also, associated this value of i with the degree of dissociation as 
determined from the cajuductaiicc ratio. Thus, for an electrolyte yielding 
V ions and of which a fraction a is dissociated into ions, the number of 
gram ions is va and of undissociated molecuh'-s is I — a, a total of 
1 + C*' — l)a and this is equal to i. IJence, on the Arrhenius hypothesis, 

a = A,/Ao - (i - DKp - 1). (14.20) 

In dilute solutions this relationship is api)r()ximately obeyed, but there 
are deviations in the more concentrated solid ions which are far greater 
than the exijeu’imcntal error wouhl warrant. It is therefore desirable to 
distinguish Ijctweeii tlie coiidindance ratio a — A, ./An and tlie van’t Hoff 
coefficient 70 = (i — l)/(c — 1). Table 14. (> gives the values found for 


TABLE 14.6 
KCU AT 25° C. 


Cone. 

a 

To 


0.01 

0.941 

0.910 

0.903 

0.05 

0.8S0 

0.892 

0.821 

0.1 

0.S(i0 

0.863 

0.779 

0.5 

0.779 

0.791 

0.659 

1.0 

0.742 

0.7S0 

0.613 

2.0 

0.697 

0.820 

0.566 

3.0 

0.065 

0.894 

0.575 


such a sim])le salt as potassium chloride; the activity coefficient is included 
for comparison. It can l^e seen that a decreases continuously while 70 
and / pass through a minimum and increase again. Tlie discrepancy 
lietweeii a and 70 at concentrations above 0.1 M is (piite outside the 
limits of experimental error. Furthermore, that no relation exists be- 
tween a and/ is obvious from the fact that a as a “degree of dissociation " 
must always be less than one, whereas / may increase ijidefinitely; the 
activity coefficient of 1 6 M IICl is 43.2. 

The general trend of the values of 70 and / is much more similar, 
suggesting that a possi])le relationship between them could be found. 
To do this it is desirable to utilize in place of i, a quantity, /, defined by 
Bjerrum as equal to 1 — {i/v), where v is the number of ions jiroduced by 
the ionization of one molecule of the electrolyte. For uni-univalent 
electrolytes at low concentrations it can be shown experimentally that j 
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is proportional to the square root of the concentration, or 

j = /iVc, (14.21) 

where B is an exj^cri men tally determinable constant. Also, it can be 
shown thermodynamically that the expression (— In/) is also propor- 
tional to the square root of the concentration and that the constant of 
proportionality is equal to SB. lienee 

- In/ = 35Vc = 3j. (14.22) 

Given this relationship, the values of the activity cocflicient of uni- 
univalent electrolytes are obtainable from all measurements which are 
sufliciently exact to yield trustworthy values of i. This is most nearly 
true of freezing point data and a few vapor pressure measurrtmeuts; 
consequently, such measurements have been utilized for the deteymina- 
tion of activities in dilute solutions. \ 


TABLE 14.7 

Activity Coeioocikni’S in Veuy Dilute Solutions from 
Freezing Point Data 


ElfC'tiolyle c — 

0 000 1 

0.0005 

0.001 

0.005 

0.01 

0 05 

0.1 

KCd . . 

0.9S2 

0.970 

0.901 

0.920 

0.903 

0 S21 

0.779 

NaCl 

0.985 

0.072 

0.903 

0.92S 

0.900 

# 

0.831 

0 792 


11. The Theory of Debye and Hiickel: 'I'he incompatibility between 
the postulates of Arrhenius concerning the degree of dissociation of strong 
electrolytes and the evidence for complete ionization of such electrolytes 
has led to a number of efforts which, starting from the assumption of 
complete ionization, would give exi)ressions in agreement wdth the results 
of exi)erimental measurement of the thermodynamic properties of such 
solutions. Of these efforts the most notably successful is that of Debye 
and Huckel. These authors assume that, in dilute solution, the de- 
parture from validity of the laws of dilute solutions found with strong 
electrolytes, is to be ascribed to the ionization. In a solution of a non- 
electrolyte they point out that the relation between the partial free energy 
and the concentration is given by the expression 

F = RTlnc + Const. 

while for an electrolyte the equation becomes 

^ ^ F = RT In a -|- Const. 
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or, writing the activity as the i)ro(liict of the concentration and activity 
coefficient, 

F - In c -f UT In / + Const. 

Tlie difference between a solution of a non-electrolyte anti one of an 
electrolyte lies in the presence of ions in the latter. The dilTerence, 
therefore, between the partial free energies of an electrolyte and a non- 
electrolyte iiiust lie in what may be termed an electrical free energy 
associated with the electrical forces existing between the ions. Since the 
difference between the right hand sides of tlie al)ovc ecpiations is HTlwJ 
this may be written 

l<\ ^ RTlnf (14.23) 

and a calculation of the activity coefficient necessitates a knowledge of 
the electrical free energy. 

Debye and lltickel, assuming comidetc dissociation of strong electro- 
lytes in solution, and assuming also that the forces acting between ions 
are simply electrostatic forces governed by Coulomb’s law, that is, vary- 
ing inversely as the sepia, re of the distance of separation, show that, on 
the average, in the neighborhood of any ion there will be more ions of 
unlike sign than of like sign. 'J'liere is, therefore, a net attra,ction be- 
tween a particular ion and those in its immediate neighborhood constitut- 
ing its atmosphere. A dilution of the solution, (‘onsequently, involves an 
expenditure of energy in the separation of the ions against this attraction. 
It is this which constitutes the electrical free energy. 

By a combination of kinetic theory in the form of the Boltzmann 
distribution law and the theory of electrostatic potential due to Poisson 
based on Coulomb’s law, it is jiossible to calcailatc ^ the electrical contri- 
bution to the partial free energy of an ion and from it the activity coeffi- 
cient of an ion and hence of an electrolyte. The mathematical approach 
becomes simjile only in the case of dilute solutions yielding what is 
termed the limiting law : 

- log / = 0.507ziZ2^, (14.24) 

where / is the activity coefficient of an electrolyte yielding two ions of 
valence Zi and Z 2 ; 0.507 is the numerical value at 25° C. of a function 
involving the charge on the electron, the gas constant, the dielectric 
constant of the medium and the tcmjierature. The symbol ji, the ionic 
strength, is a concentration function, first used by Lewis and Kandall and 
defined by the relation ii = ^^(ciZi^) where Ci is the molal concentration 
and Zi the valence of a particular ion and where the summation is for each 
kind of ion in the solution. For uni-univalent electrolytes the ionic 
strength is identical with the molal concentration. 


1 See Appendix 3. 
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This conclusion, reached by Debye and Hiickcl, is in conformity with 
one conclusion which we have already stated, namely, that j and also 
log / are proportional to the square root-of the concentration. This was 
reached from an examination of the available freezing point data. To 
subject the theory to a further more rigorous test it is necessary first to 
consider the relationship between activity and solul)ility. 

12. Activity and Solubility: When a solid salt is in equililjrium with 
its saturated solution, tlie activity of the solid salt is equal to that of the 
salt in the saturated solution. At constant temperature and pressure 
the activity of the solid is a constant, k. Hence, for a uni-univalent 
electrolyte, 

k = a2 ~ a+a_ (14.25) 

or j 

k =f+c-^ ■ =/+-/_C4.c_, U 14.20) 

where c+ and c_ are the stoichiomctrical concentrations of the Ions, 
and/-, their respective activity coefficients. For a given salt c+ = A = 
where S is the solu})ility; the activity coeilicieiit, /, for the salt is 
/ = (/h/-)^^^- Ifi follows that/ is inversely proportional to the solubility 

/ oc 1/S. (14.27) 

This is true not only for an acpicous solution of the salt but also for 
solutions of the salt in salt solutions which do not have an ion in common 
with that of tlic salt under study. Such salt solutions are termed by 
Bronsted hetero-ionic solvents. 

Solutions of electrolytes having an ion in common ;kvith that whose 
solubility is under investigation are known as homo-ionic solvents. In 
these cases cither c_|_ or c_ may ccjual S and the other ion (joncentration 
equals the sum of its stoichiometrical concentration for both electrolytes. 
If the anion is conimon to both electrolytes 



= / J-Sc- 

(14.28) 

and, therefore, 


/ cc {i/Sc-yiK 

(14.29) 

With a common cation, 


f cc (l/Sc+)>«. 

(14.30) 


In either of these cases it is possible to determine the atdivity coefficient 
of a salt in a mixture if the activity of the pure salt is known and its 
solubility in the mixture is measurable. 

If the mixture behaved as an ideal solution it is evident that / would 
be equal to 1 and the well known law of the solubility product would result 

c^-C- = k. (14.31) 

It is the approximate truth of this relationship, or what is the^amc thing, 
the fact Uij^t, in dilute solution, / differs only slightly from unity, Avhich 
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has given to the law of the solubility product its wide applicability, 
especially in analytical chemistry. It is evident that, so long as / does 
not vary widely from unity, tlie addition of a salt with a common ion will 
repress the solubility of a sparingly soluble electrolyte. 

That the activity coefhcient both varies in value and differs from unity 
is evident from the data of Bray and Winninghoff on the solubility of 
thallous chloride in various salt solutions, the data having been computed 
for /, the activity coefficient, by Lewis and llandall with the following 
results. 


TABLE 14.8 


Activity Coefficients of Thallous ('uloride in Salt Solutions at 25® C. 


c 

(Tlquivalents 
per Liter of 

Added Salt) 

/ 

KNO3 

KCl 

11 Cl 

TlNOa 

hiiCh 

TLSO* 

K2SO4 

0 

0.885 

0.885 

0.885 

0.885 

0.885 

0.885 

0.885 

0.02 

0.829 

(0.843) 

(0.844) 

(0.836) 

(0.829) 

0.803 

0.800 

0.025 

(0.819) 

0.831 

0.833 

0.825 

0.814 

(0.789) 

(0.787) 

0.05 

0.779 

0,784 

0.788 

0.759 

0.703 

0.726 

0.733 

0.1 

0.725 

0.701 

0.713 

0.678 

0.683 

0.643 

0.666 

0.2 

(0.655) 

0.610 

0.628 

__ 

0.595 

— 

(0.588) 

0.3 

0.615 

— 

— 

— 

— 

— 

0.547 

1 

0.463 

— 

— 

— 

— 

— 

0.417 


(The values in parentheses were obtained by graphical interpolations.) 


The decrease in the activity coefficient signifies an increase in the solu- 
bility of thallous chloride in the absence of a common ion. Thus, in 
presence of IN KNO 3 the solubility of thallous chloride has increased 
from 0.016, its value in pure water, to 0.031 equiv. per liter and a similar 
increase is found in presence of potassium sulfate. In all the other cases 
the presence of the common ion more than counterbalances this increased 
solubility due to the activity coefficient, and the solubility decreases. 
For higher valence electrolytes the decrease in the activity coefficient is 
so large that the common ion effect is obliterated and the solubility 
increases; the solubility of La(I 03)3 is increased fifty per cent by the 
addition of 0.1 M LaCNOs).!. Again, Bronsted found an increase in the 
solubility of a sparingly soluble tri-trivalent electrolyte on addition of 
1 M MgS 04 of 27,700 per cent. 

13. Solubility and the Limiting Law: For a hetero-ionic system the 
activity coefficient is inversely proportional to the solubility. If Sq and 
8 represent the solubilities of a salt in pure water and in another salt 
solution respectively and the corresponding activity coefficients of the 
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saturating salt are /o and fi it follows that 

foso = fis (14.32) 

or 

log /i = log (s/so) - log /o. (14.33) 

The value of /o is of course practically unity and log /o therefore almost 
zero. When /o is accurately known, fi can be calculated in the solutions 
of various ionic strengths. 

The accurate value of fo can best be determined by plotting log (s/so) 
against some function of the concentration which will yield a reliable 
extrapolation to zero concentration. The square root of the total ionic 
strength of the solution is very satisfactory for this purpose since, in the 
dilute solution, it gives a straight line. ( 

Bronsted and La Mer have measured the solubilities of a nuJnber of 
very slightly soluble cobaltanimine compounds making use of the many 
ammonia groups to increase the accuracy of the determination of such 
low concentrations. The solubilities in pure water ranged from (^.0005 
to 0.00005 M and were determined with an accuracy of 0.2 pcr\cent. 
Calculation by the above method gave values for the activity coefficient. 
Fig. 14.1 shows the results obtained for (— log /) as a function of 
o 



The straight lines indicate the theoretical slopes to be expected from the 
limiting law for, uni-uni, uni-bi and uni- tri valent salts. Later La Mer, 
King and Mason studied a tri-trivalent salt in a similar manner. The 
solvent salts included NaCl, KNO 3 , MgS 04 , KsCo(CN) 0 , K 2 SO 4 and 
BaCL. 
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The agreement between the experimental points and the theoretical 
lines verifies the limiting law in three respects, (1) the ionic strength, 
since a straight line is obtained, (2) the valence factor since the 
slopes of the lines are in the ratios 1 : 2 : 3 ; 9 and (3) tlie constant 0.507. 

14. Activity Coefficients at High Concentrations: Accurate data are 
now available on the electromotive forces of such cells as 

Ag I AgCl I MeX(<.,) I Mc(Hg):. | MeX(,,) | AgCl | Ag, 

where Me(Hg)i is a metal amalgam and MeX is an alkali halide. Po- 
tassium, sodium and lithium chlorides and potassium bromide have thus 
been studied. Potassium hydroxide has been studied with the aid of the 
cells, 

Hg 1 HgO I I K(Hg). | | HgO | Ilg 

and 

Ha I KOHcp 1 K(Hg). I KOII(,,) | II.. 

If we consider the reaction 


we have 


C+A-(ci) - C+A“(co) 

aP = F 2 - Pi = - nEF = RThi (a+"aJ'la./aJ), 


(14.34) 


E is positive when Ci is greater than c.. Since == = A', we 

obtain 


or, at 25° C., 


-nEF = 2RT\n {MfiCi) 
E = 0.1183 log (/ 1 C 1 // 2 C 2 ) 


(14.35) 


If / is known at one concentration its value can bo computed at any 
other concentration. At concentrations above 0.03 molal, the E.M.F. 
data show excellent agreement with the freezing point data. Hence, 
using the freezing i)oiiit data for reference values for /, the E.M.F. data 
can be used to higher concentrations. Thus, the values for / at 0.1 
molal concentrations for KCl, KBr, and NaCl were taken as 0.779, 
0.766 and 0.792 respectively. For LiCl the value used was 0.804. The 
results obtained from the E.M.F, data using the ]jreceding expres- 
sion are shown in Fig. 14.2. It is evident that the activity coefficients 
of these electrolytes pass through minimum values at different salt 
concentrations. 

15. Activity Coefficients in Mixtures by E.M.F. Measurements: By 
measuring the electromotive forces of cells of the type 

H 2 I HCl(ci) I HgCl I Hg 


H 2 1 HCl(ci), MeCU(c) 1 HgCl | Hg 


and 
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the free energy decrctise attending the reaction 

llCl(c,), MeCl:,(c) = HCl(ci) 

may be computed. Tliis decrease in free energy is equal to the difference 
in partial molal free energies of the acid in pure acid solution and, the 
salt solution. We have thus, * 

-^F = - {f\ - fV)) = RT\n - (14.36) 

aH(r.i)aci(ci) 

Now, since ftiicrp -acKci) for the pure acid is known at a concentration Ci 
the activity product of the hydrogen and chloride ions in the mixed 
solutions may be calculated. Further, the activity coefficient of the 
acid ill the solution is given by the expression 


/ = 




aH(.s) 'dCMr+Cj) 
Ci(c + Cl) 


(14,37) 


In Fig. 14.3 the activity coefficient of 0.1 inolal hydrochloric acid has been 
plotted against the total molal concentration (curve No. 1), and also 
the activity coefficient of 0.1 inolal acid in calcium chloride solutions 
against both the total molal (curve No. 2) and^eight equivalent (curve 
No. 3) concentrations. There is a wide departure from uniformity 
between these curves. This is caused in part, at least, by the fact that 
the concentrations have been expressed in units which do not eliminate 
the change in properties of the solution when a unibivalent chloride is 
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substituted for a uni-univalent chloride. For the purposes of calcula- 
tion, it would be a great convenience to eliminate any differences caused 
by a difference in electrostatic field intensity in going from the uni- 
univalent to a unibivalcnt solution. One way by means of which this 
may be done is by expressing the concentration in a unit such that, at 
equal values of this unit, all electrolytes are subject to the same electro- 
static forces. Lewis and Randall suggested for this purpose the unit 
which they called the ionic strength which has already been defined. 

If now, the activities of tlie 0.1 molal acid in the salt solutions be 
plotted against n, as shown in Fig. 14.4, the curves arc all uniform and 
approach the 0.1 molal value uniformly. It is important to note that 
each of these curves has a minimum, and possesses a form similar to a 
similarly drawn curve for pure lij’^drochloric acid. Further, the activity 
coefficient of the acid is greater in solutions of tlie electrolytes which, 
when alone in aqueous solutions, have the higher activity coefficients. 



Fig. 14.3. Concentration Plot of Activity ('oeflicienta of Hydrochloric Acid 

in Halide Solutions 

The dependence of the activity coefficient on the ionic strength of the 
solution is further confirmation of the Debye-Hiickel theory which 
assumes that the deviations from ideal behavior are to be attributed to 
the electrical environment; the activity coefficient of an ion depends 
on all the ions present as also on its valence. 

16. Cells with Liquid Junctions: The cell without liquid junction is 
the only type which has been considered, and it has been shown that from 
measurements of such cells the activity products and mean activity 
coefflcieiits may be computed with exactness. We have yet to consider 
the very difficult and important problems of the cell with a liquid junction. 
Consider the cell 


HaCl atm.) I HCl(ci) | HClfe) | Ihil atm.) 
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Fig. 14.4. Ionic Strength Plot of Activity Coofncients of Hydrochloric Acid 

in Halide Solutions 

which is the concentration cell without a liquid junction previously 
considered from which the intermediate electrode AgC^l | Ag | AgCl has 
been omitted and in wliicli therefore there is now a direct contact between 
the two acid solutions. The possibility at once arises of a direct transfer 
of acid by diffusion from the more concentrated to the more dilute solu- 
tion. Such a cell is known as a concentration cell with a liquid junction. 

The passage of one faraday through the cell involves the following 
changes: (1) one equivalent of hydrogen dissolves at the left-hand elec- 
trode to produce hydrogen ions in the solution of concentration ci, (2) 
a transi)ort number, equivalent of hydrogen ions migrate across the 
liquid junction from left to right and equivalent of chloride ion from 
right to left, (3) one equivalent of hydrogen ions is discharged at the 
right hand electrode. The net effect is a gain of 1 — equivalent 

of hydrogen ions and equivalent of chloride ion by the solution at 
concentration Ci. This transfer of acid from Cz to Ci indicates that 
Cz > Cl when the electromotive force of the cell as written is positive. 
The change in free energy accompanying the transfer of equivalents 
of each ion is given by 

- AF = t.RT In (a+'a_7a+"a-") (14.38) 

and since the electromotive force Et is — AF/F, then 
^ ^ Et = t.{RTI¥) In (a/a_7a+"a_"), 


(14.39) 
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where the primes refer to the concentration subscripts. The electro- 
motive force of the corresponding concentration cell without the liquid 
junction has been shown to be 

E = (i2T/F) In (a4'a_7a/'a_"). (14.40) 

The two expressions differ only by the transport number term in Eq. 
(14.39). Thus, 

Et = «-E. (14.41) 

It should be noted that, in the cell considered, the electrodes are reversible 
with respect to hydrogen whereas it is the transport number of the 
chloride ion tliat appears in Er. The olectrcKles may however be made 
reversible with respect to the chloride ion in the cell 

Ag I AgCl I nci(c.) I HCl(cO I AgCl | Ag. 

Analysis of the changes occurring in this form of the cell will show tliat 
the net effect is a transfer of equivalents of hydrogen and of chloride 
ions. 

17. Liquid Junction Potentials: Liquid junction potentials are pro- 
duced by the process of diffusion. Consider the boundary 

HCl (cone.) I HCl (dil.). 

There will be a tendency for the acid to diffuse from the concentrated to 
the dilute solution, and, since the hydrogen ion has a higher mobility 
than the chloride ion, an excess of hydrogen ions will diffuse into the 
dilute solution until a sufficient iioteiitial difference is set up to rctarrl 
enough hydrogen ions and accelerate enough chloride ions to equalize 
the diffusion rates. The net result will be an electromotive force from 
the more concentrated to the more dilute solution. 

In the cell previously considered it was seen that the passage of one 
faraday involved, so far as the liquid junction alone was concerned, the 
transfer of equivalents of hydrogen ion from Ci to and t- equivalents 
of chloride ion from to Ci. The total change in free energy is thus 

AF = t^RTln (aV'/a+O + i^RTln {aJjaJ'). (14.42) 

The electrical work corresj^onding to a liquid junction potential E^ is 
E^F which is equal to —AF. Thus 

El = U(RTIF) In (a+7a+") + t^{RTIF) In (aJ'/aJ) (14.43) 
or 

El = t+(RT/E) In (a+7o+") - t-iRTIE) In (14.44) 

If it is assumed that anion and cation activities are equal, then 
El = (4 - tJ){RTIF) In (a+7a+"), 


(14.45) 
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which, in dilute solution, becomes 

El = (t+ — iJ){RTIF) In (cilcz), (14.46) 

This last equation due to Nernst is seen to be valid only as a limiting 
law in very dilute solutions. 

It has been assumed in the foregoing treatment that a sharp boundary 
exists between the two solutions in contact, at which interface the con- 
centration changed sharply from Ci to ca and further that the transport 
numbers of the ions are independent of the concentration. This is not 
the condition found in practice in general. Rather will the boundary 
be diffuse, the concentration changing gradually from ci through a 
finite layer to Ca. In this layer the junction potential, ion activities and 
transport numbers will continually vary. The overall potcntialj for the 
junction must thus be obtained by an integration through this layer of a 
function of both ion activities and transport numbers. Owing to xhe de- 
pendence of these quantities on the total ionic strength of the solution 
rather than on the individual ion concentration it appears theoretically 
improbable to obtain individual ion activities from measuremei\ts of 
liquid junction potentials. 

In practice, where too high a precision is not required, it is usual to 
use a salt bridge to connect the liquids which would otherwise be in 
direct contact. Such a salt bridge consists of a saturated solution of 
either potassium chloride or ammonium nitrate. Since the ionic concen- 
trations in these solutions are high, most of the current is transported by 
these ions. Furthermore, the transport numl^crs of K"*" and Cl~' are 
almost equal so that the liquid junction potential will be Very small and, 
relative to the total electromotive force of the cell being measured, may 
be neglected. 

18. The Determination of Transference Numbers from Electromo- 
tive Force Measurements: These results may be used to obtain the mean 
transference numbers between two concentrations from measurements of 
concentration cells with and without liquid junctions. The method has 
been employed with considerable success by Macinnes and Parker in 
the case of potassium chloride solutions, Macinnes and Beattie for 
lithium chloride solutions, and Pearce and Hart for potassium bromide 
solutions. However, since the transference numbers of most ions vary 
considerably with change in ct)nccntration, it is more desirable to obtain 
the transference number at a given concentration. To accomplish this, 
the differential form of equation 14.41 may be used 

dEx = t+dE, 

If Et be plotted against corresponding values of E, of concentration cells 
of which one concentration is fixed and the other varied, the slope of the 
curve obtained will be the cation transference number. By employing 
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a similar method, Macinncs and Beattie determined the transference 
numbers of lithium ion from measurements of the cells 

Ag I AgCl I LiCl(ri) I LiCl(cO 1 AgCl | Ag 

and 

Ag I AgCl I LiClCd) I LUdg I LiCl(c,) | AgCl | Ag. 

In Table 14.9 are given their values, which are compared with values 
obtained by the TIittorf method. 

The agreement is very striking. It seems probable from this and 
other similar results that the electromotive force method, w hen aiijilicable, 
is the most accurate for the determination of transference numbers. 

TABLE 14.0 

Transference Numbers of the Lithium Ion in Solutions of 
Lithium Chloride 



(E.TNJ.F.) 

(Iljttorf) 

0.001 

0.359 

— 

0.005 

0.311 

— 

0.01 

0.334 

0.332 

0.02 

0.327 

0.328 

0.05 

0.318 

0.320 

0.1 

0.311 

0.313 

0.2 

0.304 

0.304 

0.3 

0.299 

0.299 

0.5 

0.293 

— 

1 

0.2S6 

— 

2 

0.270 

— 

3 

0.268 

— 


19. Oxidation-Reduction Cells: Since, from the electrical point of 
view, oxidation corresponds to a Joss of electrons and reduction a gain of 
electrons the tw^o processes must occur simultaneously; the electron lost 
by one atom must be gaineil by another. An eciuilibrium is thus es- 
tablished, ill a system containing both oxidized and reduced forms, be- 
tween them and the electrons. If an inert electrode sucli as ])latinum 
is introduced, the state of the equilibrium wall manifest itself, if oxidizing, 
by taking up electrons from the jdatinuni leaving it iiositively charged 
and if reducing by giving up electrons. The potential thus set up 
measures the oxidizing or reducing powmr of the system. A coinliination 
of twm such potentials furnishes an oxidation-reduction cell. An example 
involving the stannous-stannic, ferrous-ferric systems has already been 
given in section 3. The electromotive force of this cell relates to the 
free energy change and thus to the equilibrium constant of the reaction 

2Fe+++ + Sn++ = 2re++ + Sn++++. 



390 


ELEMENTARY PHYSICAL CHEMISTRY Ch. 14-20 


An oxidation-reduction electrode which has proved most useful is the 
quinhydrone electrode which consists of an equimolecular mixture of 
quinone and hydroquinone in water. The electrode reaction is 

C6ll4(OH)2 = C 6 H 4 O 2 “h 2H'^ -|- 2G, 

where 0 represents a faraday of electrons. The potential acquired by a 
platinum wire in such a system will depend on the activities of the union- 
ized organic molecules which will he approximately equal and on the 
activity of the hydrogen ions. The quinhydrone electrode thus behaves 
virtually as a hydrogen electrode and may be used to measure pll values. 

20. Standard Electrode Potentials: Any cell reaction may be broken 
up into two parts, and the electromotive force of the corresponding cell 
may be divided into two electrode potentials. For example, the ripaction 

iZn + II+(1M) = -JZn++(lM) + ilU 
may be split up into 

(a) IZn = ^Zn++ + B; (h) H+ -f- 0 = 
or (a) ^Zn = JZn++ + 0; (c) ’II 2 = + 0. 

where 0 represents one faraday of electrons. The same convention "is 
adopted for the single electrode ])otentia]s as for the cells, namely, that 
its electromotive force is positive when j)ositivo current flows from left 
to right. For the above electrode processes, then, we obtain 

(a) E = E„ - {RTI¥) hi I . 

(b) E = Eo - (RTIF) In (/ji'Von*) ]■ (14.47) 

(c) E = E„ - {RTIF} In (anVp''^') J 

where p is the hydrogen pressure. 

No method is known for the evaluation of the absolute jDotential of an 
electrode, since this would involve a knowledge of individual ion activities. 
For this reason an arbitrary zero of potential must be chosen. It is 
customary at the present time to refer all electrodes to the hydrogen 
electrode at one atmosphere pressure in a solution of hydrogen ions of 
unit activity. Thus, for the hydrogen electrode, Eo = 0, at all tem- 
peratures. By referring all electrodes to the hydrogen electrode, either 
by direct or indirect comparison, tables of standard electrode potentials 
at 25® have been compiled. 

To take a single example by way of illustration. For tlie cell: 

H.Cl atm.) I HCl(c) 1 AgCl 1 Ag 

it has been shown that Eo can be obtained by suitable extrapolation of 
measured electromotive forces to c = 0. The best value for this extra- 
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polation is Eo = 0.2222. Dividing the cell into its two electrodes: 

(1) Ho I H+ and (2) Ag | AgCl | Cl~, 

Eo for the cell will equal Eo^ — Eojj = 0 — Eoj, or 

Ag 1 AgCl 1 C1-; Eo == - 0.2222. 

In Table 14.10 are given the values of the standard potentials fur a 

TABLE 14.10 


Standahd ELnuTHODE Potentials at 25“ 


Electrode 

Electrode Itcaction 

Eo 

Li |Li + 

Li = Li * -|- 0 

2.9595 

Ub 1 Rb + 

Kb = Rb + -f 0 

2.9259 

K 1 K + 

K = K + + 0 

2.9241 

Oa 1 Ca++ 

iCti =-■ U’a‘ ' 4- 0 

2.703 

Na 1 Na + 

INi a = N a -f“ C ) 

2.714G 

Pt 1 1 OH- 

5 H 2 4 - OH- - U . 0(0 -f 0 

0.8295 

Zn 1 Zti++ 

iZu = JZiC+ 

0.7CJ8 

Cr 1 Cr + + 

4- 0 

0.557 

Fe j Fe++ 

= ;iFe -'-+ 4- 0 

0.441 

c;d|Cd++ 

iCd = J(^d ' ' 4 0 

0.4013 

T1 1 T1+ 

T 1 = T1 ' ■ 4- 0 

0.3360 

Ni|Ni++ 

-jNi = -jNii 1 +0 

0.231 

Su 1 Sn++ 

-JSn = -JSn ' -b 0 

0.136 

Pb 1 Pb++ 

JPb = 5Pb + + -f e 

0.122 

Pt 1 II 2 1 11+ 

iH, = H+ + 0 

0.0000 

Pt 1 Sn++ Sn++++ 

= -I 811 ++++ 4- e 

-0.14 

Ag 1 AgCl 1 Cl- 

Ag + Cl- = AgCl + 0 

- 0.2222 

Ilg 1 HgCl 1 Cl- 

Ilg 4- Cl- = Hg(4 + 0 

-0.2676 

Cu 1 Cu++ 

iC’u = 5 Cu+^- + 0 

-0.3441 

Pt 1 OH- 1 O 2 

on- = 'IO 2 + 5H4) + 0 

-0.3961 

Pt 1 I- 1 IsCs) 

I- = H2(.s) 4- 0 

-0.5345 

Hg 1 Hg2S04 1 SO.- 

Hg + -isor == + 0 

-0.6213 

Pt 1 Fe++ Fe+++ 

Fe ' -» = Fe^-^ + O 

-0.7477 

Ag 1 Ag+ 

Ag = Ag+ + e 

-0.7978 

Hg 1 Hg2++ 

Hg = HIg 2 ++ + 0 

-0.7986 

Pt 1 Br- 1 Br^CO 

Br- = JBr^CO + O 

-1.0648 

Pt 1 Cl- 1 Ch(!7) 

C4- = icug) + 0 

-1.3583 

Pt 1 Ce+++ Ce++++ 

Ce+++ = Ce++^-'-4-e 

-1.55 

Pt 1 Co++ Co+++ 

Co++ = Co+++4-e 

-1.817 

Pt 1 F- 1 Fj 

F- = IFi + 0 

-1.9 


number of electrodes at 25° C. taken from International Critical Tables. 
The electrode reactions are so arranged that the values of the free energies 
are equal simply to ( — EqF). 
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21. Weak Electrolytes. Salt Effects; The foregoing treatment of 
strong electrolytes leads to an accurate treatment of the dissociation 
of weak electrolytes and to a method of calculating true dissociation 
constants. 

The equilibrium constant for a weak uni-univalent electrol 3 ''te is given 
by the equation 

= a+a_/a. = K.SJ-lh = W(1 - a)]C/+/-//d, (14.48) 

where Kc is the classical dissociation constant, a being the true degree of 
dissociation. As already pointed out in Chapter 12 for the case where a 
change in dissociation as well as a change in ionic mobility is to be ex- 
expected, the measured eciuivalent conductance is given by the relation 
Av = a{la Ik) where h and 4 are the anion and cation mobilities! at the 
particular concentration. The sum of these may be obtained indirectly 
from conductance measurements of strong electrolytes. Thus! the 
algebraic sum of the conductances of hydrochloric acid, sodium adetate 
and sodium chloride each at a dilution v would give the conductance of 
completely dissociated acetic acid at that dilution, that is, the sum of the 
mobilities of the ions; 


Anci + AnuAc ~ AnivOI = A'hao = + Iac-> 

Knowing this and the measured equivalent conductance, the true degree 
of dissociation can be calculated. With this value and a knowledge of the 
activity coefficients, the true dissociation constant njay be found. 
Table 14.11 contains the data obtained by Macluncs for cyanacetic acid. 


TABLE 14.11 


Cone. 

A'c-lO^ 


0.05946 

43.39 

34.9 

.02972 

42.04 

34.9 

.01487 

40.61 

34.9 

.00744 

39.53 

34.9 

.00372 

3S.68 

35.0 

.00186 

38.12 

35.2 

.00046 

36.25 

34.7 


The second column gives the classical Ostwald constant calculated from 
degrees of dissociation obtained from the Arrlienius conductance ratio. 
The constant shows a steadily falling value whereas excellent constancy is 
obtained for Ka. The actual value of Kc at high dilution is the same as Ka. 

In discussing acidity constants in the previous chapter, hydrogen ion 
concentration was used as the basis. It must now be realized that 
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hydrogen ion activity is the correct factor. Thus, in the general acid- 
base scheme, 

+ H+ 

the acidity should be measured by an-* = A“„f7,v/aB, Ka Ixuiig the activity 
constant for the acid. The acidity constant i)rcviously used, namely 
Kaj is related to the activity constant by the equation Ka ~ 

Ka is thus constant on]}^ in dilute solutions since at least one of the 
species A and B is always an ion and the ratio /AZ/n varies consequently 
with the concentration. If the ionic concentrations are low as in solu- 
tions of weak electrically neutral acids this variation may be neglecd-ed. 
This is equivalent to accepting the hydrogen ion concentration rather 
than its activity as a basis for an acidity scale. Acidity scales defined 
in an analogous way in difTerent jirotoly tic media are thus not comparable 
one with the other. 

AVhen salts are added to such weak acid solutiojis the ratio /a//b may 
be markedly changed. The extent to which tlie cluingc occurs will de- 
pend on the charge type of acid and base involved. It is clear from the 
previous relation Ka = Kc-f+f-lf^ that, for an acid such as ac.etic acid 
in water, /2 will be almost unaffected l)y a change in the ionic strength 
while and /_ will decrease. Hence Kc must increase with increase in 
the ionic strength to maintain Ka constant. In a similar manner the 
so-called salt effects may be analyzed foi any weak electrolyte. 

Exercises (14) 

1. From the data in Table 14.1 calculate the free energy change and heat (^f 
reaction for Zn + CdCE.S.SlTaO = C’d ZnC'l-j + 2.511 2O at 25® C. 

2. From the data in Table 14.3 determine the cljange in heat cajjacity for the 
reaction III 2 (1 atm.) + HgCl — ITC1(0.100 1) -|- Ilg at 25® C. If the molal 
heat capacities of ITg, II 2, and IlgCd are 6.7, 6.8 and 11.5 cals, respectively, 
calculate the partial molal heat capacity for IIC1(0.1004). 

3. The activity coefficient of 0.01 M KCl is 0.903. C-alculate the freezing 
point of the solution . 

4. From the data in Table 14.8 calculate the solubility of thallous chloride in 
0.02 N K2SO4 given that the solubility in water is 0.386 g. per 100 g. solution 
at 25® C. 

5. The activity coefficients of 0.001 M HCl and 0.1 M HCl are 0.965 and 
0.796 respectively. Calculate the E.M.F. at 25° C. of the cell Ilg | IlgCl | 
HCl(O.l) I IT2 1 ITCl(O.OOl) I HgCl I Hg. 

6. The E.M.F. of the cell Ilz | ITCl(O.l) | HgCl | Hg at 25® C. is 0.3989 volt. 
The activity coefheient of 0.1 M IICl is 0.795. The E.M.F. of the cell 
Hz I IICl(O.l), BaCl2(.05) | ITgCl | Hg at 25® Ch is 0.3842 volt. Calculate the 
activity coefficient of 0 1 Jl/ H(4 in 0.05 M BaC42. 

7. The E.M.F. of the ceU Ag | AgCl | LiCl(O.Ol) | LiCl(O.OOl) | AgCl 1 Ag is 
39.06 millivolts at 25® C. The E.M.F. of the same cell without a liquid junction 
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is 113.90 millivolts. Find the mean transference number of the Li''" ion in this 
concentation range. 

8. Using the data in problem 6 calculate the standard E.M.F. of the cell 
H 2 1 HCl(O.l) I HgCl I Hg. What is the standard potential of the calomel 
electrode? 

9. The solubility of a trLtrivalent salt in water at 25° C. was 2.9 X 10~5 
moles per liter. The solubility in 0.0005 M KNOs was 3.3 X 10“*^. Show that 
these results are in agreement with the Debye-Hiickel limiting law. 

10. The equivalent conductance at 0.0001 N concentration for HCl is 424.49, 
for NaCl is 125.54 and for sodium acetate is 90.17. The conductance of acetic 
acid at the same ion concentration is 133.0. Assuming that the activity co- 
efficients of the ions are given by the Debye-Hiickel limiting law and that of 
undissociated acetic acid is unity, calculate the dissociation constant of acetic 
acid. 



CHAPTER 15 


CHEMICAL KINETICS 

The study of the rates at which chemical processes occur and of the 
factors that may influence the velocity of reaction comprises the field of 
chemical kinetics. Tlie introduction of the time factor into such studies 
provides an important method for the elucidation of mechanism in 
chemical reactions. Chemical equations such as, for example, 

211, + On = 2HnO, 

2N0 + On = 2N0,, 

describe the initial reactants, the final products and the molecular quan- 
tities involved. They im])ly nothing concerning the mode of conduct of 
the process nor do they indicate, in any way, tlic si)eed with which reac- 
tion may be achieved. In the two examples cited, the former is very 
slow indeed at ordinary temperatures while the latter is very rapid. 
Chemical kinetics is concerned with the factors of mechanism that arc 
responsible for such divergencies in rate between reactions that, overall, 
are so similar rnoleculaily. The hydrogen-oxygen reaction can, however, 
be made to occur rai)idly at room temperatures by activating agents such 
as ultra-violet light, ionization agents such as a-particlcs and electrons, 
as well as by catalytic materials such as platinum. These agencies pro- 
vide alternative reaction mechanisms which are fast at room temperatures 
and these mechanisms do not occur in their absence when the thermal 
environment, or temperature, provides the sole source of activation. 

1, Order of Reaction: Our knowledge of mechanism is greatly in- 
creased by a determination of the order of a reaction, that is to say, the 
number and kinds of atoms or molecules that determine, by their con- 
centrations, the velocity or kinetics of the reaction. Chemical equations 
teach us nothing coiicerning order of reaction. The oxidation of nitric 
oxide is said to be third order because the rate of reaction depends on the 
square of the nitric oxide concentration and on the first power of the 
oxygen concentration. The oxidation of hydrogen is not a third order 
leaction. The reaction of hydrogen and iodine to form hydrogen iodide, 
H 2 + I 2 = 2HI, is a second order reaction since it involves the first power 
of the concentration of hydrogen and of iodine. The reverse reaction of 
decomposition is second order because it involves the square of the 
hydrogen iodide concentration. This is not true, however, of the mo- 
lecularly similar reaction, H 2 + D 2 = 2riD. This occurs by a mecha- 
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nism involving hydrogen atoms and the order of reaction is fractional, 
proportional to the 1.5 power of the concentration, for reasons given in 
subsequent sections. 

At the outset, we shall limit our attention to reactions in gaseous sys- 
tems, since, in such systems, owing to their approximate ideality and to 
the applicability of the kinetic theory, it is possil)le to survey the factors 
which enter into the determination of reaction velocity and, hence, the 
reaction mechanism. 


The Kinetics of Gas Reactions 

2. Second Order Collision Reactions : Second order reactions, involv- 
ing the collision of two molecules to give two or more reaction prhducts, 
are the simi)lest kinetic processes. They may be generalized Iby the 
equations, \ 


2A = C + D “|- etc.. 


A-l-ri = C"i-D-l- etc. 


The simplest assumption that can be made concerning such a process 
is that the velocity of reaction is equal to or ])roportional to the number 
of collisions between the reacting molecules. It has been shown in the 
discussion of kinetic theory that the number of collisions Zn between like 
molecules is given by the expression 

Zn = = 2n’‘(r^^irkTlm, (15.1) 

where cr is the effective diameter, n is the number of atoms or molecules 
per cc. and Ua, the average velocity, has the value (S/cT/ttwi)’^'-*. If the 
colliding molecules are unlike, the equation for the number of collisions 
has the form 

Zi2 — 2 V2x7ii?i2<r 12^ JcT I jiy (15.2) 


where rii and 712 are the numbers of each sj)ecics per cc., 0-12 is the effective 
diameter of the collision (= (ci + o' 2 )/ 2 ) and /x is the reduced mass 
( = mim 2 /(mi + m 2 )). It will be found that the expression for the collision 
number between like molecules Zn is exactly ^ of the value to which -^12 
reduces when = 712 , cri 2 = c and mi = 7712 . The factor of ^ in Zn, 
in collisions with like molecules, is introduced since otherwise each colli- 
sion would be counted twice, each molecule being counted once as the 
colliding particle and again as the receiving particle in the same process. 

The numerical magnitudes of such collision numbers may bo illustrated 
with reference to hydrogen gas. The numbei*-of collisions experienced 
by a hydrogen molecule per second at 0° C. and 1 atm. is about 1.4 X 10^”, 
the total number per cc. being 1.9 X 10^®. At a pressure of 0.009 mm., 
where the mean free path is about 1 cm., there are still 2.6 X 10^® collisions 
per second per cc. The number of collisions increases with the square 
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root of the temperature since Wa so varies. Other # 2 :aRes will not show 
large variations from these values since the large controlling magnitudes 
arc n which is, under standard conditions, 2.7 X 10^® per c(;., cr which does 
not vary largely from a few Angstrom units, cm., and Ua which is 
equal to 14,500 cm. per sec. 

We shall discuss first of all some Inmolecular reactions in which meas- 
urements of reaction velocity indicate that reaction may indeed occur at 
every collision. As an example, we shall choose one of a group of reac- 
tions that have been studied by Polanyi and his co-workers during the 
last decade. With von Hartel, Polanyi has studied tlie reactions between 
sodium vapor and halogeii-contaiiiiiig compounds. We shall consider 
the reaction, 

CH 3 I + Na = Nal + CII:,. 

We shall be concerned with the rate of formation of sodium iodide and 
can ignore the ultimate fate of the radical ("II 3 . 

Special methods are needed to study fast reactions of this type since, 
from the collLsion data already given, we can compute that, at atmos- 
pheric pressure, reactions occurring at every collision are com])lete in 
times of tlio order of 10”^^ second. One method devised by Polanyi to 
study such a reaction is indicated in the accompanying diagram Fig. 15.1. 


Hl-Gai 



Fig. 15.1. Polanyi’s Apparatus for Low Pres.sure “Dilute Flaine^’ Reaction 


Sodium vapor at a partial pressure of about 2 X 10“'^ mm. is conveyed 
in a stream of carrier-gas, such as N 2 or 112 , at a pressure of 2-10 mm., 
through a nozzle into a reaction space where the halogen-containing com- 
pound is present under a pressure of 0.01-0.5 mtn. Reaction occurs in 
a spherical volume where the two reactants interpenetrate, the zone of 
reaction being determined by measuring the diameter of the zone beyond 
which no detectable quantity of sodium atoms can be found, Polanyi 
measured this zone by illuminating the sodium vapor with the Z)-sodium 
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lines from a resonance lamp (Chap. 4, Section 9), thus exciting the sodium 
atoms to yellow fluorescence. The limit of the fluorescence zone gives 
the limit of i)enetration of sodium vapor into the reacting gas. Polanyi 
showed that the velocity of reaction varies inversely as the square of the 
experimentally observed diameter of the fluorescence zone. 

3. Efficiency of Collisions: The velocity of reaction between sodium 
vapor and methyl iodide vapor at 240° C. was, in this manner, found to 
be equal to the value given by the expression for Zvi when the entirely 
reasonable value for the collision diameter, o-ia = 4.5 A, was chosen. We 
therefore conclude that these two gases react at practically every collision. 
The same conclusion was reached when ethyl iodide or phenyl iodide were 
substituted for methyl iodide. 

With the corresponding bromides, CIIaBr, 021 X 581 , CcHsBr, the ex- 
periments indicate that only one in 50 of the collisions calculated from Z 12 
leads to reaction. With the corresponding chlorides at 500° C. the effi- 
ciency of reaction falls still further: only 1 in ~ 10 ^ collisions leads to 
reaction. With methyl fluoride, ClisF, even at a pressure of 10 m\n. of 
the gas, the whole tube filled witli sodium vai)or so that one can conij^utc 
that less than 1 collision in 10® leads to reaction, even at 500° C. 

By suitable modifications of this low pressure technique Polanyi dis- 
covered a numl:)er of other reactions which occur practically at every 
collision. Among these we may cite 

Na + X 2 = NaX + X, 

where X 2 = Cl 2 , Ih '2 or 1 2 , ^ > 

Na + ngCl 2 = NaCl + HgCl, 

Na + HgCl = NaCl + Hg, 

Na + HI = Nal + 11, 

together with corresponding reactions of potassium vapor as well as 
reactions of halogen atoms, X = Cl, Br, I, with sodium molecules 

X + Na 2 = NaX + Na. 

4. Collision Efficiency and Temperature: It was at first thought that 
such reactions, between atoms and molecules, called by Polanyi ^‘elemen- 
tary reactions,” would always occur at every collision. Tlie cases of 
methyl fluoride and the chlorides showed, however, that this is not neces- 
sarily true. An important example in which reaction does not occur at 
every collision was then found in the interaction of hydrogen atoms and 
hydrogen molecules, a reaction which may be written 

H + Ha = Ho + H. 

The study^o^ the velocity of this reaction became possible when the 
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technique of producing hydrogen atoms in a high tension discl\arge tube 
was developed by Wood, and when the existence of two forms of molecular 
hydrogen, ortho- and para-hydrogen, with different specific, heats (Chap. 
5, Sect. 2) and different thermal conductivities, was demonstrated by 
Bonhoeffer and Harteck. The velocity of this reaction was studied by 
Geib and Harteck at 10, 57 and 100° C. by introducing hydrogen atoms 
at pressures of about 0.5 mm. into para-rich hydi'ogcn mixtures and 
measuring by thermal conductivity methods the extent to which the para- 
hydrogen was converted to ortho-hydrogen by the reaction 

H -h ITacp) = H2 (o) H“ 11. 

Typical results are shown in the following table: 


TABLE 15.1 

Para-Hydiiogen Reaction with Atomic Hydrogen 


TciuiJ., °a 


[i, Atoiilie 11 

^ 0 li<':iiTi(iii 

I’lt’.ss. Ill mm 

k 

10 

100 

IS.S 

34 8 

0.50 

0.548 

57 

100 

LS.8 

()5,3 

0.50 

3.17 

100 

100 

18.8 

84.0 

0.50 

11.7 


Geib and Harteck calculated Zn and by comparison with the oliserved 
conversion showed that the collision efficiency was 1 in 3 X 10''* at 10° C. 
At the higher temperatures this efficiency increased to 1 in 5 X 10'* at 
57° and 1 in 1.4 X lO'* at 100° C. The increased efficiency of collisions 
Avith increased temiierature can be combined with the kinetic theory 
value for the total num])er of collisions to yield an expression for the 
observed velocity of reaction over a range of temperature. We may write 
the expression in the form 

k' - ( 15 . 3 ) 

where ¥ is the number of molecules reacting per cc. per sec., Zn is the 
total number of collisions jier cc. per sec. and the term represents 

the efficiency of those collisions in producing reaction. Since the number 
of collisions ^12 is itself dependent on the square root of the absolute 
temperature we may rearrange the expression to the form 

k' = (15.4) 

where C now includes all the temperature independent terms in Z 12 , 
namely, 2A^?iin20'i2'>/^. That an equation of sucli a form correctly 
expressed the results is evident from a numerical recalculation of Geib 
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and Harteck’s results by Kassel which leads to the equation 

k = 2.2X (15.5) 

where the velocity constant k is now expressed in cc. per mole per sec. 

Less exactly, but sufficiently accurately for data over a short tem- 
perature range, we may ignore the influence of the ^T term in the 
collision number. In this particular case, this approximation neglects a 
V3^/V283 = 1.15 fold variation due to Vt in comparison with a 22 fold 
variation in the collision cfliciency, We may therefore write the 

expression for velocity in the approximate form 

k = (15.6) 

Such an equation can be tested most conveniently in its logarithmic form 

In Ic = const. — EjRT, VlS.T) 

If such an equation is obeyed, it is obvious that, by plotting log k against 
1/y, a straight line should be ol)tained. The data of Geib and llarteck 
obey such an expression and from the slope of the line the value of 
E = 7250 calories was obtained. Fig. 15.2 shows a plot of log collision 
yield against l/T, 



Fig. Geib and Harteck's Data, Log. Collision Yield vs. 1/T 
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Such an expression for the variation of reaction velocity with tem- 
perature, which is to be associated with an efficiency of collisions increas- 
ing with temperature, was first found cm])irically by Arrlienins for a large 
variety of reaction velocity measurements, principally in solution. He 
indicated that such measurements could be expressed by the eejuation 

d In k A 
dT ' "" 

or its equivalent form 

hi k = C - AIRT 

in which both C and A arc constants. 

5. Energy of Activation: »Since all collisions do not result in reaction 
we may make the assumption that only those collisions in wliitffi the 
joint energy of tlic colliding molecules exceeds a certain (pnuitity, E, 
give rise to reaction. From the kinetic theory, we know that the fraction 
of the molecules which possess an energy greater than Ei is equal, ap- 
proximately, to fraction having a minimum energy, Ez, is 

The chance therefore that the two colliding molecules will have 
respectively minimum enei'gies Ei and Ez is proi)ortional to the product, 
^-jhiRT q~ezIRt _ Q~uh+E 2 )iRi\ jf wc sct Ei -|- E>y = E we see 
that the chance that, in a collision, the joint energy of the colliding mole- 
cules has a minimum value E is given by the expression 
_ ^~EiRT^ jj* assumption that such collisions result in reaction is 
correct it follows that 


(15.8) 

(15.9) 


Effective collisions 
Total collisions 


_ ^-EIRT 


(15.10) 


6 . The Rate Equation for a Second Order Reaction: Thus far we have 
seen that, at constant temperature, the velocity of reaction is equal to 
the number of collisions multiplied by a factor expressing the efficiency 
of collisions at that temperature. At a given temperature, the number 
of collisions between like molecules is pr(jportional to the square of their 
number per cc., Zu cx 7 /.^, and, with unlike molecules, Z 12 ^ niUz. The 
number of molecailes per cc. is directly proportional to the concentration 
cx])ressed in any convenient units, so that we may set the velocity pro- 
portional to the square of the coinamtration c for reaction between like 
molecules, and to the product C 1 C 2 for reaction between different molecules. 

Considering the expression v = as the reaction occurs the number 
of reacting molecules decreases, likewise the concentration, until, at the 
completion of reaction, since c is zero, the velocity must also be zero. 
We may follow this varying velocity with time by the following mathe- 
matical method. Let a be the initial concentration of the reacting mole- 
cules and let x be the concentration which has reacted in time, t. The 
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concentration at time, will therefore be a - x and the rate of reaction 
will be proportional to the square of this quantity for a second order 
process, in accordance with our conclusion that y = We may express 
the velocity at time, in the form of an equation 

dxjdt = kia — x)2, (15.11) 


which, by transposition, gives dxl{a — xY = kdi. To perform this in- 
tegration, let {a — x) = y. Then dx = — dy, and — dy/dt = ki/. 
Therefore — J'il^ly^)dy = Skdl, or Ijy = kt + const. Hence, l/(a — x) 
= kt + const, and the integration constant must l^e 1/a since this is the 
value of l/(a — x) when t = 0. Therefore l/(a — x) — 1/a = kt. 
Hence, 


a(a — x) 


t a{a — x) 


1(15.12) 


This expression should give a constant value of k when the appre^priate 
values of Xy a — X, a and t are inserted in the equation. This is the form 
in which the velocity constant of a second order process involving like 
molecules is normally expressed. It is evident that the numerical value 
of k is dependent on the units in which a — x and t arc expressed so 
that these units should always be stated in an expression for k. The 
units which can most advantageously be employed will vary with the 
reaction under study. The reaction constant will however always have 
the dimensions of a reciprocal concentration multiplied by a reciprocal 
time. The velocity constant in the para-hydrogen convcj’sion, page 400, 
expressed as cc. per mole per sec., conforms to this conclusion. 

7. The Half Life: Let us examine the velocity equation (15.12) when 
half of the initial reactants have changed to products, that is, when 
X — a/2. Let the value of t under these circumstances be r, which may 
be termed the time of half change. At time r, x = a — x, and the 
equation becomes 

k = lira or r = 1/ka. (15.13) 


It follows that, ill a second order process between like molecules, the time 
of half life is inversely proportional to the initial concentration. If the 
initial pressure or concentration be halved, the time of half life should 
be doubled. This is frequently a most useful criterion of second order 
change. 

8. General Equation for Second Order Reactions: The more general 
case of second order reactions involving two ’different species may be 
similarly treated. If a and b are initial concentrations and (a — x) and 
(6 — x) are concentrations after time, i, then 


dxidt = k(a — x)(J} — x). 


(1514) 
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This can be transposed thus: 

dx 1/1 1 \ 

7 7 = I I ^ ) == ^'dt. (15.15) 

(a - x){b - x) h ~ a \ a - X h ~ x ) ^ ^ 

Integrating this expression between the limits t = 0 and t = t we obtain 


1 a{h — a-) 

~~ b - a hid - x) 

(15.10) 

2.303 b{a - x) 

lia - h) o(b - x) 

(15.17) 


9. Opposing Reactions: Bodenstein showed that both the decomposi- 
tion of hydrogen iodide and the union of hydrogen and iodine were second 
order gaseous reactions to which, therefore, the i)receding discussion is 
ai)plicable. It is evident, however, that neither the decomposition of 
tlie iodide nor its synthesis can be a complete reaction. The one will 
always be opposed by the other. Thus, in the decomposition i)rocess, 
if we let (a — x) represent the concentration of liydrogcn iodide after 
time, tj there will be present in the system a concentration equal to x/2 
of both hydrogen and iodine, since 

2H1 = TTs + 1 2. 


The rate of decomposition of hydrogen iodide w'ill therefore be given by 
the equation 


dx 

dt 


= ki{a — xy — /cz 



(15.18) 


The second term on the right-hand side of the equation takes account of 
the second order synthesis from the elements which reduces the rate of 
decomposition. It is evident that, at a certain value of x, or t, dependent 
on the numerical values of ki and /bz, there will arise a condition in which 
the rate of decomposition will equal the rate of synthesis, dxjdt will be- 
come equal to zero. This condition is the condition of equiLibrium as 
defined kinetically. At the equilibrium point. 


whence, also, 


/ Xe Y 

ki(a — XcY = — I > 

(g — x ^y _ hi ^ T- 
(Xe/2y ki 


(15.19) 


(15.20) 


where Xe is the value of x at the equilibrium point. This equation may 
be recognized at once as the Law of Mass Action when written in the form, 
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CcHi!]VCcH,]ncij] = K. The kinetic equation becomes therefore 
dec ( X 

- = Ai(a - zp - k^K f - j , (15.21) 

whence, if the value of K be known, the value of the specific reaction 
constant for the decomposition can be ascertained. Knowing this, the 
corresponding value oi hi can be found since = Kki. Bodenstein 
tested these several points l)y measurement of the rates of decomposition 
and synthesis of hydrogen iodide and of the equilibrium position, at 
various temperatures. In each case he showed that ki and ki were 
constant at constant temperature; in the synthesis, with varying concen- 
trations of hydrogen and iodine. The measured values of ki and/A ;2 were 
in agreement with the experimentally determined values of K. ( As the 
following table of the values of ki and ki at different temper atures\shows, 

TABLK 15.2 

Velocity Constants of Hydrooen Iodide Decomi^osition and Synt^iesis 
Time in minutes; Concentration in gram molecules per 22.4 liters 


K. ki (Decoini>osition) ki (Syuthefiia) 

781 0.1059 3.58 

700 0.0031 0.172 

647 0.00023 0.014 

575 0.00000326 0.000353 

550 0.000000942 0.000119. 


the rates of both reactions increase rajiidly with temperature. When 
log k was plotted against the reciprocal of the absolute temperature, 
excellent straight lines were obtained from which the Arrhenius constants, 
A, equal to 44 kcal. for the decomposition process and 40 kcal. for the 
synthesis were obtained. Hinshelwood has calculated also that the 
experimental velocity constant at 556° K. for decomposition is given by 
the expression k = if the value for a be that obtained from gas 

viscosity data, 3.5 X 10“® cm. per sec., and the value of E is 44 kcal. in 
agreement with the data from the Arrhenius equation. 

It is evident therefore that, both in reactions between atoms and 
molecules, which are relatively rapid, and in reactions between molecules 
which are much slower in general, a satisfactory interpretation of the 
rate of reaction can be obtained on the basis ofjfcotal number of collisions 
and the efficiency of such collisions. The efficiency is measured in terms 
of an energy quantity, E, which we have called the activation energy 
and which we have regarded as a minimum energy of collision necessary 
for reaction. We shall now proceed to examine the problem of inter- 
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preting such an energy of activation in terms of the forces which arc 
known to operate between approaching atoms and molecules. The 
problem is, in essentials, the problem of chemical valence and the satura- 
tion of valences of atoms in molecules. From this point of view a 
chemical process is a substitution of a new set of valence bonds for the set 
which is disappearing. With the development of quantum luecluinics 
and the concept of a bond as a shared electron-pair, this concept of 
valence and of reactivity can be defined in terms of the potential energies 
of the system of atoms considered as a whole. 

10. The Potential Energies of a System of Three Atoms : It was shown 
in Chapter 4, Section 12, that the potential energy of a diatomic molecule 
could be represented as a function of the distance separating the nuclei 
and that the curve showed a potential energy minimum at a distance 
the equilibrium distance between nuclei in the stable molecule. In 
Section 13 of the same chapter it w^as indicated that the ])otential energy 
V in such a system could be approximately expressed by an empirical 
equation due to Morse of the form 

V = Z>,(e-2a(r-r„) _ ) , (15.22) 

where De is the energy difference between the free atoms and the molecule 
at the potential energy minimum, a a constant related to the fretiiicncy 
of vibration and r the nuclear distance. The minimum in the curve 
corresponds to the binding energy of the two atoms in the molecule and 
the values of the potential energy at any nuclear distances, in terms of 
7 = 0 and r = oo , are equal to the binding energies of the two atoms at 
these distances with the .sign reversed. Negative potential energy is 
equal to positive binding energy. 

The quantum mechanics represents the binding energy P of a system 
of two atoms as the sum or dilTerciice of two quantities, the classical 
coulombic interactions of the electric charges in tlie system, more ])riefly 
the coulomb energy A and a quantum mechanical interchange or exchange 
energy a 

P = A ± a. (15.23) 

The exchange energies are so called because they represent energy quan- 
tities which may be interpreted in terms of an electron exchange between 
one atom and the other, or a ‘‘sharing’^ of an electron. According to 
Feitler and London, these exchange energies represent the valence forces 
and account for saturation of a single valence in terms of two shared 
electrons. In the case, say, of hydrogen, the equation P = A -f- a repre- 
sents the binding energy of two atoms to form a molecule. The term 
P == A — a represents the repulsive state of two hydrogen atoms (Chap. 
4, 12). Actual calculations in the case of the hydrogen molecule indicate 
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that the coulomb energy is about 10 per cent of the total binding energy 
P, the exchange energy representing the remainder as shown in Fig. 15.3. 

A system of three univalent atoms, 
XYZ, cannot form two molecules. The 
system must consist, in its lowest energy 
state, of one atom and one molecule. 
Chemical reaction in such a system 
means a change of the valence bond from 
one pair of atoms to another as in the 
equations 

X + YZ = XY + Z 

or 

X + ZY = XZ + Y. 

The energy of such a system oi three 
atoms again consists of coulomb energy 
and exchange energy. The ener^ will 
be determined by the configurati\|)n of 
the three atoms in space. In any such arrangement, as for example 
that in Fig. 15.4, we can think of the binding energies of the three pairs 
of atoms XY, YZ and ZX at various intcrnuclcar distances as those of 
a two-atom system when the third is at a very large distance. Each of 
these pairs will have binding energies with coulomb and exchange por- 
tions which we may desig- 
nate as A + a, P + /3 and 
(7 + 7, respectively. Lon- 
don has considered the 
energy of a three-atorn sys- 
tem in terms of the energies 
of the atom pairs. He con- 
cludes that the general law 
of additivity applies only to 
the coulombic portion but 
that the exchange energy 
adds in such a way that it 
leads to the phenomenon of 
valence saturation that we 
imply when we say that the three univalent atom system forms one 
atom and one molecule. The London equation for the binding energy 
of such a system is 

PxYz = A + P + C + Va2 _|_ |(52 _J_ .y2 _ (15.24) 

The first three terms are the additive coulombic portion. The com- 



Fig. 15.4. Binding Energies of Three- 
Atom System XYZ 



Fig. 15.3. Binding Energies 
of Two-Atom System XY 
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plex exchange portion represents a method of addition which can be 
represented quite easily graphically. Thus, if we represent tlie indi- 
vidual values of a, p and 7 by lines, of length proportional to the energies 
in question, then the total value of the exchange binding is obtained by 
setting off the three distances a, 0 and 7 successively at G0° angles to 
each other, as in Fig. 15.5. The line joining the two extremities repre- 
sents the value of the exchange binding energy of the system of three 
atoms. This theorem can easily be proved from the properties of 60° 
triangles. The energy therefore of a S 3 ''stcm of three univalent atoms 
can therefore be determined from the coulomb and exchange energies of 
the three successive atom pairs by linear addition of the coulombic por- 
tions and 60° addition of the exchange energies. To the accuracy with 
which such a procedure represents the energy of a system of three atoms 



we are therefore in a position to determine the energy of such a system in 
any configuration, the three atoms necessarily occupying a single plane. 

11. The Energy of Three Hydrogen Atoms: Jlirschfelder, lilyring and 
Topley have thus examined the potential energy of a system in which a 
hydrogen atom approaches a hydrogen molecule held at its normal inter- 
nuclear distance. The potential energy of any pair of atoms was taken 
from a Morse curve for II 2 . The potential energy at any distance, r, 
was divided into two fractions, 14 per cent representing the magnitude 
A and 86 per cent the exchange portion a. This is an arbitrary division 
but does not deviate markedly from exact quantum mechanical calcula- 
tions. By the method just detailed the binding energies of the various 
three-atom systems were then determined and the resulting potential 
surface shown in Fig. 15.6 was obtained. Only one half of the surface 
is reproduced, the other half being symmetrically placed to the half 
shown. The diagram is in essence a contour map of the energies of the 
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system. It shows that, in the approach from east or west, the approach- 
ing hydrogen atom must surmount a potential energy barrier which 
reaches to more than 15 kcal. in either direction. The approach along 
the line of centers of the hydrogen molecule can, however, be achieved 
much more readily. A kinetic energy of little more than 7 kcal. will 
bring the approaching hydrogen atom to the top of a potential energy 
barrier in which the system is in a position to undergo chemical reaction. 
One of two events may occur. If the hydrogen atom returns by its path 
of approach we can regard the event as an unsuccessful collision. If, 
alternatively, as a result of the approach, the valence bond between the 
hydrogen atoms in the original molecule is destroyed and is reestablished 
between the approaching atom and its nearest neighbor, the more remote 
hydrogen of the original molecule will now be free and will leavej by the 



Fig. 15.6 


path, on the undrawn portion of the potential surface, which corresponds 
to that shown for the approaching hydrogen atom. The reaction 

II + H 2 = H 2 + II 

will have been achieved. The diagram teaches us therefore that the ap- 
proach of an atom along the line of centers of the nuclei of the molecule 
is the method of approach involving the least expenditure of energy. 

The mean kinetic energy of an atom or molecule is equal to -^RT for a 
uni-directional approach or 300 cal. at T = 300° K. This average kinetic 
energy of an approaching atom will be exhausted by conversion to poten- 
tial energy even before the 1 kcal. contour line is reached. This line 
represents the limiting kinetic theory shell for the average collision. The 
7 kcal. line at the top of the potential energy barrier represents the reac- 
tion shell.^ The reactants must approach quite closely before interaction 
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occurs. This comparison of kinetic theory diameters and reaction diam- 
eters indicates that the choice of kinetic theory diameters for <t in preced- 
ing calculations of this chapter is somewhat arbitrary. The true choice 
of reaction diameters should come from correct potential energy surfaces. 
It is significant that the height of the potential barrier estMblislicd by the 
surface described above is quite closely equal to the activation energy 
found by Geib and Harteck for the reaction H + H-c/o = H:(o) + H. 

Actually a system composed of a hydrogen atom approaching a hydro- 
gen molecule does not behave in the manner indicated in the preceding 
contour map. The internuclcar distance of the hydrogen molecule does 
not remain constant as the atom approaches. On the contrary, the nearer 
the atom approaches, the more do the nuclei of the molecule tend to 
separate. This can be easily seen by determining with our equation for 
/^XYZ the potential energies of a linear arrangement of three atoms at all 
distances between XY and Y7j. We choose the linear configuration 
because, as was seen from the preceding contour ma]^, this represents the 
method of approach with the minimum energy cxi)enditure, which is the 
approach we measure by experimental methods in slow reaedious. Using 
as before the same Morse potential function for two liydrogeii atoms and 
our equation for Pxyz the results of such computations for the linear 
configuration can be represented by a contour map shown in Fig. 15,7. 
The map plots the equipotential lines of the linear arrangement of the 
three atoms with ri the distance between two particular atoms as one 
axis and r 2 that between the other pair as the second axis. The two axes 
are inclined at an angle of 00° to one another so that a surface constructed 
from such a map would represent, by a ball rolling mechanically on the 
surface, the behavior of the tliree-atom system. A potential energy sur- 
face of such a system of three hydrogen atoms with, however, the axes 
at an angle of 90° is shown in the accompanying plate from a photograph 
by Goodeve, who has described methods of constructing such models. 
In this model can be seen directly what must be inferred from the energy 
contour map. At the extremities of the two axes, where cither ri or ra 
is large, the system is virtually a hydrogen molecule with an atom at a 
very great distance. We therefore obtain at each of these positions the 
potential energy curve of a diatomic molecule Ha, the general form of 
which can readily be seen on the front face of the model. The minimum 
in the potential curve comes at 0.75 A, which is the equilibrium distance 
of the atoms in the hydrogen molecule. The hydrogen molecule would 
occupy, normally, the lowest vibrational state in this potential energy 
curve, and have the zero-point energy of the molecule. 

12. The Reaction H + Ha = Ha + H: The process of interaction 
between a hydrogen atom and a hydrogen molecule can best be followed 
on the energy contour map, Fig. 15.6. The initial state is represented in 
the right-hand bottom valley of the diagram with ra = 0.75 A and ri a 




Plate from Goodeve, Trans. Faraday Society, 30 , 60 ( 1934 .) 
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relatively large distance. The final state is the similar position at the top 
left-hand corner where ri = 0.75 A and fa a relatively large distance. As 
the atom approaches the molecule, that is, as ri decreases in value, the 
energy of the three-atom system can be visualized as a point on the con- 



Fig. 15.7 


tour map passing from the initial to the final state. Elementary ac- 
quaintance with such contour maps will indicate that the reaction path, 
the easiest method of transit from initial to final state, is along the bed 
of the horizontally located energy valley, between the steeply rising 
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energy hills on each side, over the saddle located at n = r 2 = 0.9 A in 
the left angle of the map at the bisector line, and then along the bed of 
the second energy valley to the final state. The highest point in the 
'‘mountain-pass’^ or saddle separating the two energy valleys represents 
an energy of about 14 kcal. which is 7.8 kcal. greater than the zero-point 
energy of the hydrogen molecule before the approach of the atom, namely 
6.2 kcal. (Chap. 5, 5). The saddle-point represents the activated state 
of the three-hydrogen atom system, a linear configuration of three atoms, 
the two exterior ones each equidistant from the central atom at 0.9 A. 
As the third atom has approached, the distance between the two atoms 
of the molecule has extended under the influence of the field of force of 
the approaching atom until, at the activated state, there exists an as- 
sembly of three atoms. Whether reaction occurs or not depends on which 
energy valley is entered by the system after leaving the activated state. 
We may, therefore, represent the stages of the total process in the form 
of an equation: \ 

H d- H2^ H - H - H 2 + II. \ 

Initial State Activated Complex Final State \ 

Eyring has designated the intermediate state at the top of the potential 
energy saddle as the activated complex. He has shown that it is possible 
to calculate the absolute velocity of many chemical reactions in terms of 
(a) the concentration of the activated complex, {h) the rate of passage 
over the saddle, and (c) a transmission factor which is a measure of the 
efliciency with which a system passes over the energy saddle, this latter 
in many cases being not markedly different from unity. ^See Section 42.) 
The activated complex is a system of higher potential energy than the 
initial and final states of the reaction. It is produced by the conversion 
of the kinetic energy of collision into the potential energy of the complex. 

13. Recombination of Hydrogen Atoms: Two other observations as 
to the contour map may be made. The high plateau in the top right 
hand of the diagram represents the potential energy of the three separate 
atoms relative to the energy of the hydrogen molecule valley at its deepest 
point as zero. The recombination of three hydrogen atoms is represented, 
on such a map, by a ball rolling off the plateau in such a way that eventu- 
ally it will be found on the “ floor of one or other valley. The reaction 
occurring would be 

H + H + H = II 2 + H. 

Eyring and his co-workers have shown that the potential energy surface 
may be used to calculate the velocity of sucli"a process. We return to 
this subject later (Section 42). 

14. The Stability of Ha : The region in the neighborhood of the saddle- 
point reveals a slight energy depression or bowl where the 12 kcal. contour 
line is loc^tjd. This represents the equilibrium position of the triatomic 
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molecule, Ha. It is evident from the contour map that such a molecule 
has no stability, since if it siifTers an activating collision of only two kcal. 
the system may pass over its potential energy barrier (at 14 kcal.) to tlie 
more stable system II -f- II2. In general, however, a stable triatomic 
molecule occupies at ecjuilibrium an energy lev('l at a low region of a 
potential energy surface, crater-like in configuration. The (leconii)osition 
of such a molecule is interjireteil on the jiotential enei’gv surface as a 
passage of the system over the lip of the crater, normally at the low 
energy point of the crater. 

15. Activation Energies of Atom-Molecule Reactions: ICyring and his 
co-workers have explored the ])otential energy surfa(a\s of a number of 
three-atom systems. The results of such study can best be expressetl in 
terms of the activation energies of the reactions which o(*(;ur, A compari- 
son of some of these calculations with conclusions from experimental 
observations is contained in the following tahle compiled by Morris and 
Pease. While the agreement is not complete the calculations show that, 

TABLK 15.3 

Activation Pneiiqies of Atom-Molecule Reactions 


Reartion E (ovixMiiueutal) E (Ihporotioal) 

H-hCh.. ... 3 2A 

H + Bi'a . .1 2.2 

H + ] 2 .0 1.4 

5 11.8 

H + HUr . . . . 1 0.0 

H + HI... . 1 7.6 

CI + H 2 ... 6 12.8 

Br + H2.. 17.7 24.0 

I + Ha ..33 40 


in the approach to the problem of the velocity of chemical reactions, the 
use of potential energy surfaces is a most important advance in the under- 
standing of the important problem of inertia in chemical systems, supi)ly- 
ing a concept of activation energy hitherto entirely lacking in physical 
chemistry. The table shows that many atom-molecule reactions are 
processes of low activation energy. The high values of the last two ex- 
amples, Br + H2 and I + H2, are due for the most part to the endothermic 
nature of the total process. 

16 . Activation Energy and Heat of Reaction: We may trace the re- 
lationship betw^een activation energy and heat of reaction in a reversible 
process by reference to the reaction 

E, 

H + HBr^H2 + Br. 

E2 
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The best calorimetric data at present available for this reaction give 
H + HBr— > H 2 + Br; AH = — 16.7 kcal. This agrees with the values 
which have been assigned in the previous table to the experimental 
energies of activation, namely, Ei == 1 and Ez = 17.7. The relationship 

El - Ez = All (15.25) 

obtains for all such reactions. The reason is obvious if we consider the 
potential energy surface, since Ei and Ez are the heights of the potential 
energy barrier above the lowest energy levels of the reactants and re- 
sultants in their respective energy valleys. In the system H + H 2 
= H 2 + H, as the contour map, symmetrical about the diagonal axis 
shows, yi’i = Ti'-iandA// = 0. We may represent the relation graphically 
by the following schematic diagram. Fig. 15.8, for the reaction | 

El 

A -b BC^ AB 4- C. 

Ez 



Fio. 15.8. The Relation between Activation Energies and A// 

17. Reaction Velocity in Systems of Four Atoms: The extension of 
the method developed for three-atom sj^stems to reactions involving four 
atoms was shown by Eyring to permit the study of reaction velocity 
between two diatomic molecules, reactions which may be generalized by 
the equation 

WX + YZ = WY 4- XZ. 

The London expression for the energy of a system of four atoms takes 
the form 

PwxYz = -4.1 4" Az -\- Pi A- E 2 Cl Cz L(^i + <^ 2 )^ 

+ (^1 4- ^ 2 )^ 4- (ti 4- 72 )^ - {otrA- az)Wi 4- ^ 2 ) 

- {ai + az){yi A- 72 ) - (/3i + 02 ) (71 + (15.26) 

With the system of four atoms we trace the possibility of six separate 
bonds b^ween the atoms, the bonds having binding energies (Ai 4" 0£i)i 
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(A 2 + {Bi + /3i), etc., when the other two atoms are far away. 

These six bonds are indicated in the diagram, Figure 15,9. 

The same 60° graphical 
method of addition of tlie ex- 
change energies in the above 
expression gives the value for 
any configuration of the four 
atoms to which must be added 
the six coulombic energy terms 
to yield the total binding 
energy of a four-atom system 
in a given configuration. It 
is found that the approacdi of 
two molecules in a single plane 

is the most favorable method of approach from the activation energy 
standpoint. The representation of the potential surface obtained in 
such studies is more complex since an additional axis is required for the 
third distance involved. 



Fig. 13.9. lUading Energies of Four Atom 
(Two Molecule) System WXVZ 


Eyring applied this method of calculation to the molecule reactions 
H 2 + I 2 , H 2 + Br 2 , 112 + CI 2 and 11 2 + F 2 and came to the conclusion 
that only in the first case, that of H 2 + I 2 , is the reaction between two 
molecules a process with lower activation energy than the alterniitive 
path through atoms. For example, we shall sec later that the hydrogen 
bromide synthesis does not occur as a bimolecular reaction, but by a 
sequence: Br 2 = 2Br; Br + H 2 — IlBr + H; H + Br 2 — lIBr -|- Br; 
H + llBr = II 2 + Br; Br + Br = Br 2 . Eyring also reached, from 
these calculations, the very surjirising conclusion that the reacition 
112 + F 2 was a quite slow process, contrary to the current opinion con- 
cerning this reaction which was supposed to occur with explosive violence. 
Experimental work by von Wartenburg, concurrently with Eyring’s 
calculations, showed that tlie purified gases react only slowly. 

The bimolecular reaction, H 2 + H 2 = H 2 + 112, was calculated by 
Eyring to have an activation energy of more than 100 kcal. A. Farkas 
could study the possibility of such a bimolecular change by following the 
homogeneous para-hydrogen conversion to ortho-hydrogen at 700-800 °C. 
Had the reaction been bimolecular, we know that the half life r would 
have been inversely pro])ortional to the pressure of the gas. Instead, he 
found that it was inversely proportional to the square root of the pressure 


T cr p-1/2. 


(15.27) 


This is characteristic of a reaction which is of the 3/2’s order. This indi- 
cates that the rate of reaction is not bimolecular but involves atomic hydro- 
gen, which must result from a thermal dissociation of hydrogen, H 2 = 2H, 
followed by the process already studied, H + H 2 (p) = H 2 (o) + H. The 
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activation energy of the overall process was approximately 58 kcal. of 
which 51 kcal. can be assigned to the therinal dissociation to atoms leaving 
approximately 7 kcal. for the three-atom reaction in agreement with the 
Geib-Harteck determinations already discussed. The bimolecular reac- 
tion between hydrogen molecules is therefore analogous to the H 2 + Br-^, 
Hz + CI 2 and Hz + Fa reactions already mentioned. A mechanism via 
atoms is one of lower activation energy and, therefore, the preferred 
process. 

18. Zero Point Energy and Reaction Velocity: The potential energy 
surface. Fig. 15.7, indicates that the initial state in the reaction H + Hz 
= Hz + H is the molecule in its lowest vibrational state, i.e., with its 
zero point energy, the atom being far away. The activation energy 
of this reaction is equal to the difference in potential energies between 
this state and the top of the potential energy saddle separating the two 
valleys. Now we have already observed (Chap. 5, 5) that there is a 
distinct difference in zero point energies between hydrogen and its isotope, 
deuterium, while the potential energy curves are substantially \ alike. 
Thus, for IIz the zero i)oint energy is at G.l 8 kcal. and for Dz at 4.3d^kcal. 
The difference G.18 — 4.39 = 1.79 kcal. represents the increase in activa- 
tion energy for the reaction II + Dz— >HD + D as compared with 
H + Hz—-^ IIz + H arising from this zero point energy diffcreiKje. We 
have seen that the reaction with hydrogen can be represented by an 
equation 

Ah, = (15.28) 

We would therefore expect for the deuterium i)roccss adequation 

7cn, = (15.29) 

and consequently a slower ju'oeess in the ratio neglecting the 

effect of velocity differences in and Cd^. At a temperature of 1000° 
K. this would amount to _ ^- 0.895 _ o.41, the reaction velocity 

should be less than one half of the hydrogen reaction. This is ai)proxi- 
mately true, according to recent measurements of Farkas and Farkas, who 
found velocity constants /c X 10“® = 2,2 and 1.2 liters per mole per sec. 
at 1000° K. A more exact treatment of zero point energy influence in 
such systems must take into account not only the differences in zero point 
energies of the initial reactants but also the zero point energies of the 
activated complex. This has been done by Hirschfclder, Eyring and 
Topley and we give in Table 15.4 the reaction rates of the various hydro- 
gen atom isotope reactions together with the ex-perimental data of Farkas 
and Farkas. 

Rollefson found that chlorine atoms react with hydrogen molecules 
about 13.4 times more rapidly than with deuterium at 0° C. and 9.75 
times more rapidly at 32° C, We can interpret this as due to a factor 
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g- 1680 /iEr account of the zero point energy differences in the two 

thrcc-atoin systems. The velocities of hydrogen and deuterium also 
affect the ratio. The very much greater effect of the zero point energy 
on the rate of reaction is due to the teiuinu-ature being much lower than 
in the hydrogen isotope reactions just discussed. At 30^^ C., 

_ g~i630/60G _ g-2.75 _ 0.0G4 01 * a ratio of 15.6. The velocity factor in 

the two cases will vary as Vl//x varies or approximately as V2 = 1.414 
for kji^ : ^'D 2 . Similarly Bonhoeffer and Bach showed that bromine 
atoms react five times faster with hj^drogen molecules than with deu- 
terium molecules at 581° K. which corresponds to a difference in activa- 
tion energy of about 1500 cal. due largely to the zero point energy 
differences of the ‘two isotopes. 

TABLE 15.4 


Reaction Rates of Hydkooen Atom Isotopes with Hydrogen Isotope 

IM 0 LECMTDE.S AT 1000° K. 


Reaction 

J^'Hclion Ratc.s in niolc"^ X 10”" 


^ calc. '*3 

ll-f ll2>^ll2-hTT 

2.2 

1.5 

D -|- 13 2 — 13 2 4“ 13 . . 

1.2 

0.76 

H + Dli ITT) + 11 

o.os 

o.r)2 

13 + HD HD + 13 

1.0 

0.44 

II -1- HD-^Ho + D. 

0.95 

0.45 

D + Ha-^HD + II. 

2.5 

1.2 

D -h DH D 2 + H 

0.79 

0.5 

11 + Da-^HD -h 1) 

1.2 

0.74 


As an illustration of the influence of zero point energy on the velocity 
of reaction between two molecules wc may cite the work of A. II. Taylor 
and Crist ^ on the decomposition and synthesis of hydrogen and deuterium 
iodides. These authors found that, at 700° K., the ratio of the rates of 
dccom])osition, kmilkun, was 1 .00 while the ratio of the rates of synthesis, 
^■ 2 Hi/^ 2 Di, was 1.93. These ratios are lower than those calculated by 
Wheeler, Topley and Eyring from potential energy surfaces which can 
only yield, as yet, approximate values for the ratios. The calculated 
ratios were 1.92 and 2.34 for decomposition and synthesis respectively. 
These differences in the rates of reaction of isotopic species and the 
corresponding differences in ecpiilibriurn positions have been utilized, as 
already indicated in Chapter 1, Section 35, by Urey and his co-workers 

1 J. Am. Chem. Soc., 63, 1377 (1941). 
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to effect important separations of isotopes. We owe to this method of 
separation the present available isotopes, and 

19. First Order Collision Reactions: In our discussion hitherto we 
have assumed that a collision with the necessary activation energy to yield 
an activated complex leads inevitably to reaction products. We may now 
examine the reaction kinetics of a system which may yield an activated 
complex capable of existence for a period of time without forming the 
reaction products, during which time it may suffer de-activation by 
collision. We can describe this state of affairs by the scheme 

ki 

A -h A ^ A' + A, 
k2 

ks 


B + C. \ 

The collisions of a reaction species A give rise to an energy-rich molecule, 
A', at a reaction velocity, /ci. The energy-rich A' may suffer deacti^^atiiig 
collisions with velocity k-z, or may undergo decomposition at velocity ks 
to yield the products, B + C. The kinetics of the process may be under- 
stood from the following. The rates of formation and disappearance of 
A' arc given by the expressions 

+ = k£A2\ (15.30) 

- = A-,CA']CA] + AbCA']. ' (15.31) 


After a brief interval, those rates become equal giving a stationary state 
in which the concentration of A' is constant, 


Hence 


/:i[A]^ = fc.[A'][A] -h A:3[A']. (15.32) 


[A': 


A.CAJ 

d" ks 


(15.33) 


The rate of formation of products, B + C, is given by the expression 
^[B + C] , WA? 


+ ■ 


dt 


= A; 3 [A'] = 


A^aEA] + /C3 


(15.34) 


In second order reactions the value of A : 3 is very large compared with 
AjzEA] so that this latter may be neglected and we derive the usual 
equation 


d[B 4- C] 


A;i[A]2. 


dt 


(15.35) 
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If, however, the decomposition to yield jnoducts ia small comj^ared with 
the deactivating collisions, ks < the kinetic expression becomes 


d[B + C] ^ A-3 A:i[A ]^ ^ ^ 

dt k£A] /C2 


(15.30) 


The collision process now appears as though the reaction were first order 


+ C] 

dt 


A'[A]. 


(15.37) 


The best investigated case of such a first order process is the decoinposh 
tion of nitrogen pentoxidc first studied by Daniels. In such reactions if 
a be the initial conccaitratioii and (a — .r) the concentration at time i, 
then the rate of reaction is given by the ex])ression 

dx/dt — k(a — 2 ')j or dx/(n — .r) -- kdl, (15.38) 
which upon integration and setting the limit a — x ~ a when t == 0 gives 

In = kij or k - ; In (15.39) 

a — X t a — X 


From this equation it follows that, in such reactions, the time of half 
change r is independent of the initial concentration since 


_ii 

’’ k o/2 


1 


In 2. 


(15.40) 


This is the distinguishing characbiristic of first order processes. Both 
the 'half-life' and the reaction constant, k, arc independent of the initial 
concentration or the units in which the concentration is exj)rcssed. Hunt 
and Daniels have shown tliis to ])e true for nitrogen pentoxidc over a 
range of initial i)rcssures from 278 mm. to 0.0185 mm. The following 
table demonstrates the correctness of this. 


TABLE 15.5 

Decomposition of Nitrogen Pentoxide at 45° 


p — 

278 

114 

49.5 

9.6 

0.0204 

0.0185 mm. 

k 

0.027 

0.026 

0.027 

0.026 

0.020 

0.021 


In calculating these values of /c, corrections must be applied to the 
pressure readings to take account of the fact that the N 2O4 formed changes 
its degree of dissociation as its concentration increases due to reaction. 
The dissociation of the tetroxide causes an additional pressure increase 
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since the equation of the dissociation is N 2 O 4 = 2 NO 2 . The dissociation 
is greatest when tlic concentration of N 2 O 4 is least. 

The excellent constancy of the values of k is proof of the first order or 
uniraolecular nature of the decomposition of tlie pentoxide and this 
conclusion is further supported by the observation that approximately 
the same rate of decomposition occurs in solutions of nitrogen pentoxide. 
That tlie reaction is homogeneous and not caused by the walls of the 
containing vessel was shown by adding glass wool to the reaction system. 
No change in H])eed was observed. 

The persistence of the reaction velocity unchanged down to quite low 
values of the pressure, as shown in Taldc 15.5, indicates that throughout 
this range of pressure the condition holds that /C 2 CA], the deactivation 
process, is large comiiared with /ba, the dccoini)osition of activated mole- 
cules. Decrease of pressure steadily decreases the value of relative 

to /c 3 since the velocity constant k 2 ^ where n is the number of mole- 
cules per cc. In the case of nitrogen pentoxide, the best experiments 
indicate that somewhere between 0.05 and 0.005 mm. pressure, the transi- 
tion from an apparent unimolecular towards a second order process 
occurs. 

The reaction rate increases with increasing tcm])erature and, at 
moderate pressures, between 0 and 65° C., the rate of reaction is repre- 
sented by the equation 

^ ^ -24m/ RT^ (15.41) 

A large number of processes, including the decompositions of many 
organic molecules, appear to belong to this grouj) of lirst order or qiiasi- 
unimolecular reactions. There is at present divergence of opinion as to 
their unimolecular cliaracter and, in many cases, it has already been 
shown that the mechanism is one involving the breaking of bonds and a 
sequence of reactions in which the fragments take part. We shall return 
to some examples of these later. Kistiakowsky and his co-workers have 
studied a number of cis-trans isomerizatioiis, racemizations and decom- 
positions of tertiary alkyl compounds which a 2 )pcar to be kinetically 
sim 2 )le and do not involve com 23 licating secondary reactions. Thus, the 
cis-trans isomerization of stilbene, CcHs-CII^Cll-CclIs behaves uni- 
molecularly with a rate constant, k = cis methyl cinna- 

mate is slower with fc = 3,5 X 10^® Dimethyl maleate gives 
the constant k = G .8 X In the case of /S-cyano styrene 

the accuracy of the velocity measurements is given by A; = iQn.G-±: 0 A 
Q-4m)o=tiooo/ RT S 0 C.- 1 . The isomerization of cyiclo-propane to propylene 
has also the characteristics of a unimolecular process. 

Tuttle and Rollcfsoii find that the thermal decomposition of oxalyl 
bromide, (COBr)o, occurs uniraolecularly at about 200° to form carbon 
monoxide and bromophosgene as an intermediate, this latter then de- 
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composing, by a wall reaction, to carbon monoxide and bromine. The 
activation energy of the first order reaction to form bromophosgene is 
found to be 32 kcal. which appears to bo insulHcicnt to break any bond 
in the molecule. No evidence for bromine atoms or radicals was found 
in this case although, in the photo-decomposition, radicals, — COBr, or 
bromine atoms arc certainly produced. 

20. Third Order or Termolecular Reactions: The simplest system in 
wdiich a termolecular reaction has been studied kinetically is the reiHun- 
bination of hydrogen atoms. Two atoms of hydrogen will not, of them- 
selves, recombine to form a stable molecule since Miere is no method 
whereby an association of two atoms can divest itself of the energy of 
recombination which, as we have scon, is as high as 102 kcal. Instead 
therefore of the reaction 211 = 112 vv^e find the recombination proceeds 
by a termolecular mechanism 

n + 11 + ]M = IT. + M 

where M is an avaihible third body, e.g., a third hydrogen atom or a 
hydrogen molecule. In the absence of third bodies the atoms may 
migrate to the wall and there rccombijic 

WtiW 

H + H -> II 2 , 

by a heterogeneous surface reaction. 

For the homogeneous atom recombinatkms the velocity equations, 
when atom and molecule are rcs])ectively tlie third body, become 

_ ^2 = and - = /cCHJCII J. (15.42) 

at at 

If the concentrations are expressed as moles per cc. it follows that, in 
each case, the dimensions of the reaction constant are cc.^ per mole'^ per 
sec., or cm.® mole' ^ scc.~b The velocity of reaction is measured by 
determining the hydrogen atom concentration in a stream of atomic and 
molecular hydrogen flowing through a tube at a known speed. From a 
determination of the respective concentrations at points along the tube 
the velocity data can be obtained. The kinetic treatment of such flow 
systems is difficult and the problem is further complicated by the simul- 
taneous presence of a wall recombination. This may however ))c mini- 
mized by poisoning the walls with materials such as phosphoric acid, 
which is less efficient than glass in the recombination process. The best 
estimate of Steiner for the velocity of reaction with molecular hydrogen 
as the third body is 

/b = 11 ± 2 X 10^^ cm.® molc“2 sec."^ at 20“ C. (15.43) 
Steiner concludes that the atom is only about 1/lOth as efficient as the 
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third colliding particle. Amdur, also using a flow system, suggests that 
the atom is more efficient. 

Smallwood attempted to avoid the difficulties of the flow system by 
a static method of study. He concludes that the average value of the 
termolecular constant is 


A; = 17 ± 3 X 10^^ cm.® mole""^ sec.“^ at 20° C., (15.44) 

with a very small influence of temperature. He concludes that the atom 
is more than 50 times as efficient as the molecule. Eyring and his co- 
workers reach the conclusion from theoretical analysis based on potential 
energy surfaces that the molecule should be at best one sixth as efficient 
as the atom as third particle. In general they conclude that the efficiency 
to transfer energy which is involved in such termolecular collisions is 
intimately connected with reactivity. They cite, in this regard, y^uali- 
tative data of Bonhoeffer on relative efficiencies of third l)odies for atomic 
hydrogen recombination. The order he finds agrees well with the prder 
of reactivities. \ 

Four gas reactions, all involving nitric oxide, appear to be reactions 
requiring a collision between three molecules. The reactions are 

2NO + 02 = 2 NO 2 , 

2NO + CI 2 = 2NOC1, 

2NO + Br 2 = 2NOBr, 

2N0 + 2 II 2 = N 2 + 21120.^ 

The kinetic equation for such third order reactions will be, for rea- 
sons indicated in the discussion of second order reactions, 

dxidi = k{a - xY{h - x) (15.45) 


where a is the initial concentration of the nitric oxide, h the concentration 
of the other reactant. If 6 is actually maintained equal to | of a this 
equation becomes 

dxidt = k{a - x)\ (15.4G) 


and, in this form, the integration gives 


h 


■.ii ‘ - 

i 2 [ (a — x)2 



(15.47) 


The first three termolecular gas reactions have been found to have 
velocities on which the influence of temi)erature is very small. Indeed 
the first named decreases in velocity with increase of temperature. This 


^ The reaction rate is found to be proportional to the square of the nitric oxide 
concentration and to the first power of the hydrogen concentration, is, therefore, 
termolecular. 
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really means that the measured process is composite of at least two effects 
varying with temperature in opposite directions. The actual rate of any 
reaction should increase proportionally to the square root of the absolute 
temperature even though there were no activation energy, that is, every 
collision efficient for reaction. Recently, Bodeiistein has put forward an 
explanation of the tliree reactions with oxygen, chlorine and bromine 
which follows along lines originally suggested by Traiitz. His proposal 
in the oxygen reaction is that the oxidation which is measurable in rate 
succeeds a very rapid establislinieiit of an equilibrium between nitric 
oxide and its dimer. The process then becomes a succession of two 
bimolecular reactions 

(1) 2N0:FiNn02, 

(2) NoOo + 02 = 2 NO 2 . 

If the equilibrium constant in reaction (1) is 

K = [NO+/CN 2 O 2 ] (15.48) 

the velocity of reaction (2) becomes 

d[N0..1 7co 

dt ^ fc'--CN.0.][0,] = j. [NO (15.49) 

Tlie measured velocity constant of the supposedly termolecular process 
becomes on this basis the velocity constant of the bimolecular process 
divided by the equilibrium constant of (1). 

koh. = k2lK. (15.50) 

The observed decrease in the value of kohs with temperature would, on 

this basis, be accounted for hy a bimolecular constant k^t rising with 
temperature, corresponding to a small activation energy and an equi- 
librium constant with an even larger increase with temperature. Boden- 
steiri slioAvs that a variation of K with temperature corresponding to a 
heat of reaction of 4000 cals, and a bimolecular reaction (2) with an 
activation energy of 2000 cals, gives agreement with experimental obser- 
vations. Fig. 15.10 shows the observed variation of log kobs against l/T 
as the continuous curve A. The dotted curve gives the calculated curve 
on the above assumptions as to variation of constituent factors with 
temperature. Naturally, the assumption as to the variation of K with 
temperature must also apply to the reactions with chlorine and bromine. 
Curves B and C, full line and dotted, show the agreement obtained. 
Curve D in the same diagram shows a normal variation with temperature 
for a bimolecular reaction. The temperature coefficients of all three 
processes are thus neatly exhibited. The possibility of the initial reaction 
being one between NO and O 2 must not be overlooked as is seen from the 
following reactions involving hydrogen and deuterium. 
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A recent study by Hinshelwood and Mitchell of the reaction of nitric 
oxide with hydrogen and also with deuterium leads to a similar conclusion 
that the reaction though essentially termolecular involves binary collision 
complexes. In addition to the collision between N 2 O 2 and H 2 analogous 
to those just considered, Hinshelwood and Mitchell also consider tlie 
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Fig. 15.10. Bodenstein’s Data for log kobe against 1 jT. Curve A, 2NO + O 2 . 
Curve B, 2NO + CI 2 , Curve C, 2NO + Br-i. Curve D, Normal Bimolecular 
Reaction 

binary collisions between (NO.H 2 ) and NO and find that the relative 
importance of such binary collisions depends in part on the nitric oxide- 
hydrogen ratio. With excess nitric oxide, the N 2 O 2 — 112 collision is the 
important factor. In this reaction, the temperature coefficient is much 
higher than in the reactions with oxygen, chlorine and bromine. For a 
mixture of 400 mm. NO and 200 mm. H 2 the activation energy is 47 kcal. 
The reaction with deuterium is slower than that with hydrogen, the 
constants being in the ratio 0.7 to 1, for collisions with the N 2 O 2 complex. 

21. Consecutive Reactions: In a succession of reactions a preponder- 
atingly slow reaction will govern the rate of the whole process. Under 
such circumstances the equation representing the reac^tion velocity would 
not necessarily be that expected from the reaction equation representing 
the whole process. We may illustrate this by the thermal reaction of 
hydrogen and bromine molecules studied by Bodenstein and Lind. The> 
found, empirically, a complex reaction velocity eiluation of the form 

d[2HBr] ^[HoJCBr.T/^ 
di ~ 2[HBr] ’ 

m + -jzr-- — 

[Bra] 
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where the square brackets indicate concentrations of the reactants and 
products. We shall show that such a kinetic equation follows from a 
sequence of reactions which may be written 

1. Bi’a = 2 Br; Nil = + 45.2 kcal. (A-i) 

2. Br + H. = HBr + 11; A// = + 1G.7 kciiL (A:,) 

3. H + Bro = HBr + Br; AH - ~ 40.5 kcal. (A-O 

4. H + IlBr = H, + Br; All - - 10.7 kcal. (k,) 

5. Br + Br - Br,; AH = - 45.2 kcal. (A- 5 ) 

To derive the kinetic expression use is imide of a stationary state 
jninciple, enunciated by Bfxlenstein, accordini:^ to which it is assumed 
that, after the operating conditions for the reaction have been established 
for a brief interval, no chanj»c occurs in the concentrations of the inter- 
mediate atomic species. In a niunber of cases such an assumption has 
been justified by experimental oliservations. Applied to the i)rcsent 
case, it assumes tliat the ))ro(luction of ])romino atoms throuf^h reactions 
1 , 3 and 4 is equal at the stationary state to tiieir (Iisa])pearaiicc by reac- 
tions 2 and 5. Similarly, with hydrogen atoms, formation in reaction 2 
will equal disappearance through reactions 3 ami 4. Hence, two equa- 
tions result relating to bromine and hydrogen atoms respectively: 

(a) 2/ci[Br,] + /r 3 [H][Br,] + /c 4 CH][IIBr] 

= ;c,[Br][H,] + 2/c5[Br]2 (15.51) 

and 

(5) A:a[H][Br,l + /c 4 Cll][HBr] = ;c,[Br][ll 2 ]. (15.52) 

Subtracting equation (h) from (a) we ol^tain 

2k,[Br2l - 2/.oCBr]=^ (15.53) 

whence the bromine atom stationary state concentration is 

(f) [Br] = (15.54) 


and similarly the hydrogen atom concentration from equation (6) is 

lfc£Br.,] + /C 4 [imr] 

or substituting the value for [Br] in (c) we obtain 

« » pa - t.pS.JTwmr: ■ 

Inspecting equations 1 to 5 we find that the velocity of hydrogen bromide 
formation is given by the expression 

d[HBr] 


+ 


dt 


= A; 2 [Br][H,] + A^aTOCBr,] - /c4[n][HBr]. (15.57) 



426 


ELEMENTARY PHYSICAL CHEMISTRY Ch. 16-21 


Inserting (c) and (d') for the bromine and hydrogen atom concentrations 
we obtain 


d[HBr] 

dt 




V k. 


[Br,] + 


CBr2]/A:, 

' k£BT.,2 + A4CnBr] 


fc4[HBr]A:2[H2]VA:i[Iir2]/A;5 
AaCBrj] + A;4CHBr: 


(15.58) 


Collecting all terms, this expression reduces to 

dCHBr] _ 

dt AaCBrj] + A4CnBr] ’ 

2*2|:H.4]VfciCBr3]//t5 2fcWi--,/fc.Cn2][Br2]>/=' j 

/c4[HBr] “ )k4[HBr] ‘ 

^ As [Brj] ^ Aa [Bra] 

It will be seen that this equation is identical in form with the empirical 
equation of iiodeiistein and Lind and that the constants of their cqu^ition 
are determined by the individual steps in the process,, and their respective 
rate constants. 

Bodenstcin and his co-workers have investigated this mechanism by 
studies of the photochemical process which is kiuetically identical, exciept 
that the bromine atoms are produced by absorption of light. Over a 
range of temperature, these workers found that k 4 lki, the competition of 
HBr and Bra for hydrogen atoms, was independent of temj)erature. This 
means that these reactions have identical activation energies. The as- 
signment of ^ = 1 kcal. in Table 15.3 fulfills this condition. The reac- 
tion velocity increases rapidly with temperature corresponding to an 
activation energy E — 17.7 kcal. The influence of teini)erature is 
attributed to the increase in velocity of the rate-determining reaction (2) 
with E 2 = 17.7 kcal. Reaction (4) which is the reverse of (2) with an 
energy of activation E 4 = 1 kcal. brings these energy data into line with 
the observed AH for the process, -|- 16.7 kcal. 

If we consider reactions (1) and (5) alone. 


Br 2 = 2Br (fci) and 2Br = Br 2 (Ais), 


the rates of formation of bromine atoms and their disappearance are 
given respectively by 2 /:i[Br 23 and 2A;6[BrJ2. The thermal equilibrium 
between bromine molecules and bromine atoms occurs when these two 
are identical, i.e., when 2/bi[Br2] = 2A;6[Br]2 or [Br] = 'y!ki[Br 221^6. 
This expression gives, therefore, the equilibrium concentration of bromine 
atoms at a given temperature. This term is present in the rate expression 
for hydrogen bromide formation because the other bromine atom con- 
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suming process is a slow process compared with (5) even tliough this 
latter involves a bimolecular process between a reactant, Br, present 
only in small concentration. We now proceed to examine the analogous 
reaction involving chlorine where k 2 is now a rapid process. 

22. Chain Reactions: The hydrogen-chlorine combination proceeds 
by a sequence of reactions similar to those just discussed. We shall 
consider the following 

(1) Cl, = 2C1 

(2) Cl + H, = HCl -h H 

(3) H + Cl, = IICl + Cl 

and note that the reaction (2) proceeds much more rapidly than the 
corresponding reaction w^ith bromine atoms. The activation energy is 
about 6 kcal. and hence collision with hydrogen molecules as in equation 
(2) to yield hydrogen chlorkle is a much more frecpient process than the 
collision with another chlorine atom to form the molecule. The activa- 
tion energy of reaction (3) is also small, about 3 kcal., so that this process 
also is one of high collision yield. Since, in reaction (3), a chlorine atom 
is produced which may again react with a hydrogen molecule giving a 
hydrogen atom according to (2) a whole sequence, or chain j of reactions 
may succeed an initial production of chlorine atoms cither thermally or 
by other suitable means. This deduction can be confirmed in two ways. 
Polanyi and Beutler produced chlorine atoms in a hydrogen-chlorine 
mixture by means of sodium vapor according to the reaction 

Na + Cl, = NaCI + Cl. 

They found that as many as 10^ molecules of hydrogen chloride were 
produced per sodium atom introduced. Quanta of light energy dissociate 
chlorine molecules to atoms, 

Cl, + = 2C1. 

Bodenstein showed that as many as 10® molecules of hydrogen chloride 
were produced per quantum of light energy absorbed by the chlorine. 
Chlorine atoms produced by thermal dissociation will likewise lead to a 
chain of the reactions (2) and (3). Morris and Pease concluded that the 
thermal hydrogen-chlorine combination proceeds by the above chain, 
starting on the walls by a dissociation of chlorine molecules and ending 
by a reversal of that process. At 200° the chain length was calculated 
tc be 10'. 

A chain of reactions will continue until one or other of the links in the 
chain is stopped. This may occur, for example, by a recombination of 
atoms, thus H + Cl = HCl, H -f H = H,, Cl -|- Cl = Cl,. Such atom 
recombination processes occur readily at the walls of the containing 
vessel. It is significant that, at low working pressures, the yield of 
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hydrogen chloride is relatively low, largely owing to diffusion of the atoms 
to the walls there to recombine with other atoms. At low pressures we 
therefore expect shorter chains. 

23. Inhibitor Action : Chains may be broken by removal of the atoms 
by reactions, other than (2) or (3), which do not lead to a reaction chain 
or sequence. Oxygen has long been known as an inhi])itor of reaction 
between hydrogen and clilorine; it is pro})able that ox^^gen removes 
hydrogen atoms from the system by a sequence of reactions which is not 
certain but which probably involves, with M as a third body, 

H + O 2 -f M = HO 2 + M, 

1102 + HO 2 = II 2 O 2 + O 2 . 


Nitrogen-containing materials such as ammonia, albumen and tjie like 
readily remove chlorine atoms, being themselves chlorinated. Silice the 
activation energy of the reaction Cl + H 2 is the larger of the chain reac- 
tions, removal of chlorine atoms has a much more striking retarding 
action than hydrogen atom removal, since more collisions are necessary 
with chlorine atoms to continue the chain. The more efficient the 
collisions between atom and inhibitor, the greater the inhibitor efficiency. 
This latter may reach very striking proportions. A few tenths of one 
per cent of oxygen is sufficient to reduce to negligible proportions the 
reaction of hydrogen and chlorine initiated at room temperatures by light. 
The longer the sequence or chain of reactions succeeding the initial 
reaction, the greater the possible effect of an inhibitor. Thus, in a reac- 
tion in which lO'* chains succeed the initial process the reaction rate may 
be diminished by the presence of an inhibitor to 10”^ of it?i normal value. 
In this case the inhibitor Avould prevent all chains propagating. Inhibitor 
action by materials i)resent in small amounts is therefore an important 
criterion of chain reactions. Inhibitors are now used technically to pre- 
vent undesired chain reactions. Hydroquinone inhibits the chain oxida- 
tion of sodium sulfite solutions; acetanilide is used to inhibit the decom- 
position of hydrogen peroxide solutions; inhibitors are added to rubber, 
gasoline, artificial leather, etc., to minimize chain reactions of oxidation 
which result in deterioration. Backstrom has shown that as many as 
60,000 molecules of sodium sulfite may be oxidized in solution by a chain 
mechanism succeeding an initial activation either by light or catalysts. 
He showed that the velocity of reaction could be expressed by an equation 


V = 


k\ 


kc -f k'z 


(15.60) 


where ki, k and k 2 are constants and c is the concentration of added 
inhibitor. The constant k^ appears in the denominator to take account 
either of accidental inhibitors present in constant concentration or a 
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normal termination of reaction chains. The constant A‘i depends on the 
method of starting the chaiuvS. It is probable tliat atoms or free radicals 
are involved even in the reactions in solution and that inhibitors act on 
these. In the chain decomposition of hydrogen peroxide solutions the 
radicals OH and IIO 2 play an important role, 

OH + H 2 O 2 = H.O -f HO,>, 

HO.. + H.O.. = O 2 + 11-20 -f OH. 

24. Chain Mechanisms in Decompositions of Organic Molecules: 

Hinshclwood and his co-workers demonstrated the qiiasi-unimolecular 
nature of many decompositions of organic molecules including acetal- 
dehyde', acetone, and various ethers. Other workers extended the sur- 
vey to azo-compounds, saturated hydrocarbons, nitrous oxide and other 
substances. F. O. Rice, however, pointed out that such processes might 
occur, not by intramolecular rearrangement to the final products, but by 
breaking of bonds with the production of free radicals, followed by a 
chain of radical reactions. Rice and Herzfeld showed that a chain 
mechanism might give first, second or 1.5 order processes depending on 
the nature of the chain and the chaiii-l)rcaking stei>s. As an example 
of a 'postulated chain meclianism we may cite tlie decomposition of 
ethane. 

P. CJIg = ClTa + OH 3 , 

C.S. CHa + C 2 H 6 = CB 4 + C.H,, 

C. C..II 6 = C 2 H 4 + H, 

C. II H- Callo = Calls + H.>. 

The letters refer to primary rupture (P), chain starting (C.S.) and the 
chain reactions (C). 

There is as yet no large body of agreement among the cxi)erts in this 
field as to whether a chain mechanism is present or al^scnt in certain of 
these decompositions. Hinshclwood ^ regards acetone decomposition as 
probably a unimolccular reaction in which chains play very little part. 
The thermal decompositions of the ethers appear to contain chain and 
non-chain reactions. Nitrous oxide and acetaldehyde decompositions 
are in Hinshel wood’s view possibly non-chain, but have different modes 
of activation with differing transformation probabilities contributed in 
varying proportions in different pressure ranges. In Pease's view there 
is definite evidence of chains in most of these reactions and a close ap- 
proach in most cases to a 1.5 order kinetics. 

The effect of nitric oxide as an inhibitor is definite evidence for the 
existence of radical chains in some of these reactions. Presence of 2 mm. 

^ Compare, for example, Hinshclwood, Kinetics of Chemical Change, Oxford 
Univ. Press, 1940, and Pease, Equilibrium and Kinetics of Gas Reactions, Prince- 
ton Univ. Press, 1942. See also Proc. Roy, Soc.j 180, 237 (1942). 
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NO reduce^ the velocity of decomposition of di-ethyl ether to less than 
30 per cent of the uninhibited rate. The proportion of chain reaction, 
as measured by the nitric oxide method, falls steadily as the number of 
carbon atoms in the ether increases. With ethane the relative rate of 
the chain reaction falls below 5 per cent with 4 mm. NO in 57 mm. ethane. 
Pease and his colleagues have shown inhibitory effects of nitric oxide in 
other decompositions of saturated hydrocarbons and in the hydrogenation 
and polymerization of olefines. The nitric oxide is assumed to act by 
formation of a comxdex which in the case of methyl radicals may be 
CHaNO or its isomer, formaldoximc, Cn 2 NOH. This latter has been 
shown by H. A. Taylor and H. Bender to yield hydrogen cyanide and 
water on decomposition in agreement with observations of the presence 
of cyanides in inhibited chain decompositions. / 

25. Induced Decompositions: The chain mechanism of decompo- 
sition postulated by F. O. liice suggests the possibility of induced necorn- 
position of organic compounds at temperatures below their normal de- 
composition temperatures by the introduction into the system of bne of 
the radicals assumed to produce a reaction chain. Allen and Sic!kman 
achieved the induced decomposition of acetaldehyde at temperatures 
around 300® C. by decomposing azomethane in the presence of acetalde- 
hyde. In this temperature range acetaldehyde alone is stable. Azometh- 
ane decomposes and it is assumed that free methyl groups are formed. 
The kinetics of the induced decomposition was studied and found to agree 
with the Bice-Hcrzfeld postulates. The chain length determined by the 
ratio of aldehyde molecules decomposed to azomethane molecules decom- 
posed was found to increase with increase in the ratio Pkid/rLo- Chain 
lengths between 22 and 500 were thus found. The chain length decreased 
with rise of temperature. This is to be ascribed to a breaking of reaction 
chains by recombination of radicals becoming increasingly important, 
with increase of radical concentration, as the reaction temperature rises. 

Additional evidence of chain mechanism in such systems is obtained 
from photochemical studies of decomposition in which increasing yields 
per unit of light energy absorbed are obtained with increase of tempera- 
ture. Leermakers in this way found that the chain length in the photo- 
decomposition of acetaldehyde was as high as 200 at 300° C. 

26. Explosions: The rapid reactions leading to explosions in many 
cases involve chain reactions. A rapid development of reaction may of 
course be due to the heat liberated by reaction and failure to dissipate it 
rapidly enough, leading therefore to ever faster reaction and a consequent 
thermal explosion. A number of explosive reactions have been studied 
where this is not an adequate explanation of the whole phenomenon and 
a chain of reactions is postulated to account for the facts. Explosive 
reactions entirely independent of the thermal conditions may arise when 
a chain branches. Thus, if the velocity of reaction V is equal to Uq, the 
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number of primary activated molecules produced per second, plus the 
number of activated molecules produced by each link, aV, then 

V = no + aV (15.G1) 

where a is the probability that a link in the chain will produce another 
activated molecule. It follows therefore that 


V = 


no ^ 
1 — a 


(15.02) 


This equation is of such a form that wdicn a becomes unity or greater the 
velocity becomes infinite. The probalhlity a is dei)endent on tlie si tape 
and size of the vessel, and on the pressure, since chains may be terminated 
at reaction walls. If the average chain length 1/(1 — a) is large, that is, 
when a is nearly one, a slight increase in the i^rcssure may make a equal 
to or greater than one, changing the reaction from a steady reaction to an 
explosion. We tlius understand the existence of a low pressure explosion 
limit for such reactions. There also exists a high ])i‘essure limit for many 
explosive reactions, since, at sufficiently high gas pressures, the chains 
may be broken in the gas phase before reaching the reaction walls. II pper 
and lower explosion limits in many gas mixtures have l)een studied by 
Hinshelwood and his co-workers in England and by SemenolT and his 
colleagues in Russia. Haber and Alyca showed that, in liydrogen-oxygen 
mixtures, which show upi^er and lower explosion limits, the low pressure 
process is probably initiated at the reaction walls, since crossed streams 
of gas at reaction temperature did not ignite before a suital.)le surface 
such as a silica rod was introduced into the gas stream. 

The mechanism of such reactions is difficult to establish but the 
following processes may be regarded as reactions consistent with the 
observations on the hydrogen-oxygen reaction as to upi)er and lower ex- 
plosion limits, and the initiation of reaction produced by hydrogen atoms 
with agents such as excited mercury and from the photo-decomposition 
of hydrogen iodide and ammonia. They are also consistent with the 
data on the inhibitory reaction of oxygen in the hydrogen-chlorine chain. 
In the following, M is either a third body or wall. 

II + O 2 + M = HO 2 + M, 

H-h O 2 + H 2 = H,02 + H, 

HOz " 1 “ HO2 — H2O2 “h O21 

II + O 2 = OH + O (Chain branching), 

O + 112 = OH + H (Chain branching), 

OH -h II 2 = H 2 O + H. 

Atomic hydrogen, oxygen and hydroxyl radical are all destroyed at the 
wall by surface action. Chains are initiated at the surface and, in the 
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thermal reaction, HO 2 is destroyed at the surface. At high temperatures 
and pressures it can undergo reactions 

HO 2 + H 2 = H 2 O 2 + H, 

HO 2 + 112 = II 2 O + OH. 

Similar detailed analyses of explosive reactions in hydrocarbon, carbon 
monoxide, carbon disulfide and oxygen systems have been studied. 

The Kinetics op Reactions in Liquid Systems 

Many reactions, notably the reactions of organic chemistry, occur in 
solution at measurable rates. The same methods of chemical kinetics 
are applicable as in the case of gas reactions. Indeed, from th^ classic 
researches of Wilhclmy in 1850 on the inversion of cane sugar scjlutions, 
accelerated by acids, in which he laid down the broad principles governing 
reaction kinetics, much of the work in this field has been performed with 
reactions in solution. In the early days of the theory of electrolytic 
dissociation, after the observation of Ostwald that, in acid hydrolyses, the 
catalytic activity was proportional to the conductivity of the ^cid, 
Arrhenius concluded in 1889 that the active catalytic agent was the hydro- 
gen ion and the catalytic activity proportional to its concentration. 
Modern research has revealed the limitations of this concept, applicable 
indeed only to weak acids. The range of kinetic studies has broadened 
to a wide variety of reactions and an intimate knowledge of mechanism 
of reaction in liquid systems. It will only be possible to indicate some 
of the more important features and accomplishments. 

27. First Order Reactions in Liquid Systems: The decomposition of 
nitrogen pentoxide occurs in a variety of solvents according to a first 
order kinetics at approximately the same rate as in the gaseous phase 
(Eyring and Daniels, 1930). In nitric acid, possibly due to compound 
formation, the reaction is slower and the activation energy is higher. 
The isomerization of pinene to dipentene occurs at the same rate in the 
gaseous and liquid states. Other examples also show that there is no 
fundamental difference between the two states as far as the factors 
influencing rate processes are concerned. Nevertheless, in many first 
order reactions, the solvent may effect a change of even one thousandfold 
in velocity. The decomposition of 2.4.6 trinitrobenzoic acid into carbon 
dioxide and trinitrobenzene is such a case. In water at 60° the rate 
constant is 3.33 X 10~® while in nitrobenzene it is 4.07 X 10“®. These 
effects are to be attributed to mutual interactions between solvent and 
solute the nature of which the study of reaction kinetics may assist in 
revealing. 

Many first order reactions in solutions involve both solute and solvent 
kinetically but the first order observed is due to the normally large excess 
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of solvent and to its relatively small concentration change on completion 
of reaction. Thus, in the inversion of cane sugar, 

C 12 H 22 O 11 + II 2 O = CJIiaOe + Celli.Oe, 

whereby dextrose and laevulose are formed, and in which we may assume 
with Arrhenius that the hydrogen ion is involved as a catalyst, the kinetic 
expression may have the form 

dx/dt = A;[Ci2ll220ii]CH20][H+]. (15.63) 

Such an equation, tor molecular in form, is actually first order, or pseudo- 
unimolecular, since, in dilute sugar solutions, both the water (amcentra- 
tion and tlie hydrogen ion concentration remain substantially constant. 
We can therefore apply the first order rate equation, dx/dt = k{a — x), 
where (a — x) represents the concentration of sugar at time t. Actually, 
in place of concentrations in the integrated exi)rcssion, k = l/i(ln a/a — x), 
we may substitute the rotatory power in degrees for the solution, the 
initial value for a iitt = 0, and the value iitt = i for a — x. In this way, 
with a 20 per cent solution of cane sugar at 25° C., 0.5 with respect to 
lactic acid the following data were obtained. 


TABLE 15.6 

Velocity of Inversion of Cane Sugar 




1 - a 

log 

t (mina.) 

a — X 

t a - X 

0 

34.50° 


1,435 

31.10 

0.2348 

7,070 

20.16 

0.2343 

14,170 

10.61 

0.2301 

19,815 

5.08 

0.2291 

29,925 

-1.65 

0.2330 

00 

-10.77 

— 


The proportionality to the hydrogen ion concentration can be shown 
strikingly by comparison of the catalytic activity of a weak acid in pres- 
ence and absence of a salt having a common ion. If ai represents the 
degree of dissociation of the weak acid in concentration ci and the con- 
centration of the salt with common anion is C 2 , then, assuming complete 
dissociation of the salt, the degree of dissociation a in presence of tlie salt 
is given, by application of the law of mass action, by the expression 

(Q;iCi)(aiCi) = aci{aci + C 2 ). (15.G4) 

The degree of dissociation a is thus calculable in terms of the value of ai 
for the weak acid, and this is deducible from conductivity measurements. 
In this manner, Arrhenius obtained the following observed and calculated 
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data for the catalytic activity of mixtures of acetic acid and sodium 
acetate in the inversion of cane sugar. 

TABLE 15.7 

Inversion of Cane Sugar by 0.25 N Acetic Acid-Sodium Acetate Mixtures 


Concentration of Sodium Acetate 



0 

0.0125 

0.025 

0.05 

0.125 

0.250 

^^'obs. X 10® 

0.75 

0.122 

0.070 

0.040 

0.019 

0.010 

fccalc. X 10® 

0.74 

0.129 

0.070 

0.038 

0.017 

1 0.010 

J 


The hydrolysis of esters in acid solutions is analogous to the inversion 
of cane sugar as far as proportionality to hydrogen ion concentration in 
weak acid is concerned. With mixtures of strong acids and neutral salts 
with a common ion, in both reactions, a similar treatment is not possible. 
Such mixtures show an increased rate of reaction on addition of salt. 
The phenomenon has been termed neutral salt action and will be discussed 
in its generalized aspects in Section 30. 

28. Second Order Reactions in Liquid Systems: The saponification 
of esters by alkali is the classical example of a second-order, bimolccular 
reaction. The reaction may be expressed in terms of hydroxyl ion and 
ester as reactants 

CH3COOC Jle + OH- = CH3COO- + C2H6OH, 

yielding the kinetic equation, dxjdt = k{a — a;) (5 — x) with a as the ester 
and 6 as the hydroxyl concentration. The integrated form of this equa- 
tion (15.17) yields good constants for h. All strong bases show approxi- 
mately the same reaction rate irrespective of cation, pointing to the 
hydroxyl ion as the essential reactant. Weak bases on the contrary 
show low reaction constants due to incomplete dissociation and low 
hydroxyl concentration, responsive also to the effect of added salts with 
a common cation. 

Comparison of the velocity of hydrolysis of the same ester with hy- 
drogen and hydroxyl ions under the same conditions showed that the rate 
due to the latter is some 1400 times greater than that due to hydrogen 
ions. This result was utilized by Wijs to determine the dissociation 
constant of water. The initial rate of hydrolysis of methyl acetate in 
pure water may be expressed by the equation 

dxidt = -1- A; 2 [H+], 


(15.65) 



Ch. 15-29 


CHEMICAL KINETICS 


435 


wher© ki k 2 — 1400 : 1, The OH and are derived from the dissoci- 
ation of water where 

[H-^][OH-] = A’.. (15.66) 

Differentiation of this gives 


[Oil-] 


^[H+] 

dt 




dEQIT"] 

dt 


= 0 . 


(15.67) 


By differentiating (15.65) with respect to t and equating it to zero, we 
obtain the position of miniinum velocity, i.e., 


d^x 


d[On-] , d[ID] 


dt 


+ k2 


dt 


= 0. 


(15.68) 


Comparison of (15.67) and (15.68) reveals that the latter equation is 
satisfied when 

[ID] : [OID] =: k, : it,. ( 15 . 60 ) 

Since ki : ki ~ 1400 it follows that the velocity" of hydrolysis of methyl 
acetate in initially pure water must be a minimum when the hydrogen 
ion concentration is 1400 times that of the hydroxyl ion. Wijs deter- 
mined this minimum experimentally and, hence, the concentrations of 
hydrogen and hydroxyl ions. These concentrations satisfy the equation 
[H’^][OH~] = Kw which can therefore be determined. His experimen- 
tal result was Knv = 1.44 X 10“^'* at 25° C. in good agr(jemcnt with the 
value of Kolilrausch and lleydweiller from conductance measurements in 
pure water. 

Hudson used a similar method of determining Kw from the rate of 
muta-rotation of glucose in acid and alkaline media. Ilis results are 
less reliable but yield a value for Kw of the same order of magnitude, 
1.0 X 10-^4. 

29. Quaternary Ammonium Salt Formation: The reaction l^etween 
amines and alkyl halides in various solvents, first studied by Menschutkin 
in 1887 using triethylamine and ethyl iodide, may be cited as a further 
example of second order reactions in solution with im])ortant asijccts in 
the recent development of the theory of chemical kinetics. Menschutkin 
found wide variations in velocity in various solvents from k = 0.00018 
in hexane to k = 0.133 in benzyl alcohol at 100° C. The influence of 
solvent is not the same in different reactions. The solvent influence in 
the Menschutkin reaction is practically the reverse of that operative in 
the esterification of acetic anhydride by ethyl alcohol. Soper has ]>ointed 
out a relation to the internal pressure of the solvent. If the reaction 
products have a higher internal pressure than the reactants the rate of 
reaction is accelerated by solvents of high internal pressure, and vice 
versa. Another generalization is that polar solvents tend to accelerate 
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a reaction in which a polar substance is the product. This is qualita- 
tively in agreement with the comparative data for the Menschutkin 
reaction and the esterification reaction with acetic anhydride. 

The kinetics of quaternary ammonium salt formation has a further 
interest. Reactions in solution can be analyzed from the standpoint 
of the collision mechanism in the same manner as holds for gas reactions. 
Thus, if we analyze the rate of isomeric conversion of ammonium cyanate 
to urea in aqueous solution (J. Walker, 1895) by following the change of 
conductance with time, it is found that the reaction is second order 
involving reaction of two ions, 

NH4+ + CNO- = CO (Nils) 2. 

If such a reaction is examined from the standpoint of collision ; theory 
over a range of temperatures it is found that the rate constantlis well 
expressed by the equation k = where Z is the collision number 

and E the activation energy. In the Menschutkin reaction, on tHe con- 
trary, this equation does not apply. The reaction appears to proceed 
much more slowly. In the reaction of dimethyl aniline and inethyl 
iodide the rate is 0.5 X The recognition of these ^kow' 

reactions has led to a modification of the collision equation, by the intro- 
duction of a factor P, the ^probability' or ^steric' factor, giving 

k = PZe-^i^'^. (15.70) 

Values of P of the order of 0.1 — 1.0 arc readily understandable on the 
basis of the necessity for a suitalde steric arrangement of the two colliding 
molecules. Thus, in the very simple collision of H and HBr, the direction 
of approach will determine in part whether reaction to II 2 + Br occurs. 
This should readily result from a linear approach II — HBr but not from 
one of the type H — BrH. Values of P of the order of 10~®, such as 


TABLE 15.8 

Activation Energies fob Quaternary Salt Formation 


Amine 

Iodide 

E , kca 

Tricthylamine 

Methyl 

9.7 


Ethyl 

11.4 


Isopropyl 

17.1 

Pyridine 

Methyl 

14.3 


Ethyl 

15.8 


Isopropyl 

18.0 


occur in the Menschutkin reactions, are difficult to account for sterically. 
Newer ideas are necessary which will be later reviewed (Section 43). 

Quaternary ammonium salt formation also provides examples illus- 
trating the effect of substituents on reaction velocity. Table 15.8 shows 
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the effect of increasing substituent on the activation energy of salt forma- 
tion. As the alkyl radical becomes more complex the charge on the 
carbon atom which attracts the approaching base is made more negative 
or less positive. This change should be accompanied by an increase in 
activation energy. 

30, Activity and Reaction Velocity: The lack of co-ordination between 
reaction velocity and catalyst concentration, for example in tlie case of 
reactions catalyzed by strong acids and added salts, prompted efforts to 
correlate activity and reaction velocity. A general theory involving such 
a relation has been developed by Bronsted. If we assume that a bimo- 
lecular reaction between A and B proceeds by formation of an unstable 
intermediate complex, AB, which undergoes further deconij)usition to 
yield the reaction products, 

A + B AB Products, 

we can formulate a kinetic equation in terms of tlie rate of decomposition 
of the complex as the rate-controlling step, 



dx/dt = kcAB. 

(15.71) 

The quantity cab can 

be obtained from the equilibrium constant Ka of 

its formation, thus; 

^AB Cab /ab 

OAdB caCb /a/b 

(15.72) 

or 

/a/b 

Cab = AoCaCb- ~z — > 

JAB 

(15.73) 

whence 

dx/dt = /c'caCb /a /b//aBi 

(15.74) 


where the / values are the activity coefficients of the respective species 
and k' includes both the reaction constant k and the equilibrium constant 
Ka- It differs from the expression in terms of concentration by the 
kinetic factor, F — fAfalf^B^ 

The magnitude of the kinetic factor in very dilute solutions may easily 
be estimated by means of the Debye-Huckel limiting law. According to 
this, the activity coefficient of an ion is given by: 


Now 


- log/ = 0.5 W/X. (15.75) 

log F = log /a + log/n — log/AB 

= - 0.5 (sa® + 2b* - 2AB*)Vii. (15.76) 


Remembering that the valence of the complex must necessarily be 
equal to the sum of the valences of the reactants which form it, then 
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2a + 2b = 2ab and 2 a* + 2b* — 2ab* = — 22a2b- Therefore, 

\ogF = 2a2bVm or F = 10 'a‘bVS (15.77) 

The Bronsted equation may thus be written: 


dx 

dt 


— /ccacbIO'a^bVa^. 


(15.78) 



Fiq. 15.11. Dependence of Reaction 
Rates on Ionic Strength (La Mer) 

Rate Determining Reaction 

1. Co(Nhl3)5Br++ + Hg++ + 4 

2. Circles. CHaBrCOO" + S^O,- + 2 

Dots. S 2 O 8 ” “h I” “h 2 

3. NOa : N. CO 2 C 2 H 6 - + OH- + 1 

4. C 12 H 22 O 11 + OI-I- 0 

5. H 2 O 2 + H-" + Br- - 1 

6. Co(NH8)BBr++ + Oil" - 2 


Three cases may be considered; 

(1) A and B are two ions of the 
same sign. The valence product 
3 a2b is therefore positive. Hence, 
if the ionic strength of the re- 
action system is increasibd, the 
velocity dxjdt must incrlease to 
maintain the constancy \ of k. 

(2) A and B are two ions\of op- 
posite sign. The valence product 
2 a2!b will be negative and the 
velocity of reaction must de- 
crease with increase in the ionic 
strength. (3) Either A or B is 
a neutral molecule. The valence 
product 2 a2b is then zero and the 
velocity will be unchanged by a 
salt addition. 

If for such reactions an ob- 
served velocity constant k^hs is 
calculated by means of the equa- 
tion, dxjdt = /cobflCACB, it follows 
by comparison with the Bronsted 
equation that 

fcobs = (15.79) 

or 

log A^oba 


= log A; + za^bVai. (15.80) 

If log A;obs ~ log ^ is plotted 
against Vm ^ straight line should be obtained. In Fig. 15.11 are shown 
typical results, collected by LaMer, illustrative of such effects. 

If such reactions are carried out in solutions of higher ionic strengths 
than those to which the limiting law is applicable, the above relations 
will give the limiting slopes of the exponential increase and decrease of 
cases 1, 2, 3, 5 and 6. For case 4, the zero type, since the activity of a 
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neutral molecule may increase or decrease with increasing ionic strength 
of the medium, but always linearly with the ionic strength, a small linear 
salt effect, positive or negative, may be observed. Such a linear positive 
effect is observed with acid hydrolyses of esters and inversion of cane 
sugar in presence of salts with a common ion, as illustrated in Tabic 15.9. 


TABLE 15.9 

Velocity of Hydrolysis of Ethyl Acetate at 25° C. 


c.HCI = 

0.25 

0.10 

0.05 

0.025 

0.01 N 

k(c.HCl) X 10' 

71.0 

2S.3 

13.8 

7.0 

2.9 

k(c.IICl + T.O JV.KCl) X 10' 

85.7 

34.45 

16.9 

8.7 

3.0 


The effect so far dicussed, termed the primary kinetic effect, has 
dealt with the variation of the activity coefficients of the reactants alone 
and not with any change in concentration due to addition of a neutral 
salt. If the ionic reactants come from strong electrolytes, no such change 
in concentration can occur. However, if the ions come from weak elec- 
trolytes, a change in concentration is to be expected. 

The dissociation of acetic acid may be represented : 

CHaCOOII = + CllaCOO-. 


The equilibrium in an aqueous solution will be given by the equation, 
Ka = a+a-la 2 j or in terms of concentration 


Ka 


C 2 /2 /2 


(15.81) 


Upon addition of a neutral salt such as sodium chloride to acetic acid, 
the activity coefficient factor will diminish and, in order to maintain Ka 
constant, Kc must increase, that is, the hydrogen ion concentration of the 
acetic acid will increase. The effect of addition of neutral salt to a 
reaction catalyzed by hydrogen ions derived from acetic acid will be to 
cause an increased rate of reaction. 


Heterogeneous Reactions Involving Gases 

A large number of gas reactions do not occur homogeneously. They 
may be readily shown to occur at the surface of the containing vessel or 
at the surface of some material present in the reaction system. These 
reactions are known as ‘wall' or ‘surface' or contact reactions. They 
may be classed quite generally as contact catalytic gas reactions. The 
wall or surface is the catalyst or accelerator of the given reaction. This 
effect of wall surface on the speed of reaction can very readily be demon- 
strated in the reaction between ethylene and bromine 


C 2 H 4 “H Br2 = C2H4Br2. 
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In a glass vessel, the reaction is rapid but the process occurs practically 
exclusively on the glass walls of the containing vessel. If the interior of 
the glass vessel be coated with paraffin wax, the reaction proceeds ex- 
tremely slowly, probably only at imperfections in the wax covering. By 
using various surfaces, varying rates of reaction were obtained at a given 
temi^erature. Stearic acid surfaces were more active than glass, which, 
in its turn, was more active than cetyl alcohol, which was much more 
active than paraffin wax. 

Surfaces are, tlierefore, obviously specific in their action. This speci- 
ficity may also be illustrated by the varying nature of the products 
which may result from association of a given molecule with a surface. 
Thus, formic acid, HCOOH, decomposes exclusively into hydrogen and 
carbon dioxide in contact with metal surfaces at various temperatures, 

HCOOIl = + CO> i 

At the surfaces of oxides, however, in addition to this dehydrogenation 
process, there also occurs a dehydration process, \ 

HCOOIl = II2O + CO. 

The relative amounts of the two processes which occur vary with the 
nature of the surface and, indeed, with the metbod of preparation of the 
surface. Thus, with alumina the process is mainly one of dehydration. 
With zinc oxide it is mainly dehydrogenation. But, varying methods of 
preparing these contact agents vary the ratio of the two alternative reac- 
tions. The same is true of the decom])osition of alcohols to yield olefine 
and water or aldehyde and hydrogen as exemplified in tKe equations 

CnaClIoOH = CH. : CIT2 -f H.o, 

CJI3CH2OH = CH3.CIJO + H.. 

31. Adsorption: This specific influence of the surface is assumed to 
be exerted on the molecules of reactant in contact with or adsorbed on 
the contact agent. According to Langmuir, the adsorbed molecules are 
held to the surface of the contact agent by the forces of attraction of such 
surfaces, the forces which, under suitable circumstances, lead to crystal 
growth or, in the case of liquids, lead to the phenomena of surface tension. 
Langmuir assumes such adsorbed molecules to form, generally, a uni- 
molecular layer at most on the surface. The adsorbed molecules are also 
assumed to be oriented at the surface. An extremely interesting piece 
of evidence in support of this idea of orientation is the observation of 
Palmer and Constable that the activity of copper in the dehydrogenation 
of primary alcohols was such that the rates of reaction of five primary 
alcohols were all equal at a given operating temperature. This points to 
an adsorption with the — CH2OH group next to the catalyst and the 
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hydrocarbon chain away from the surface, with little or no infiueiice on 
the reaction rate. The surlace, moreover, is not necessaril}’" uniform and, 
hence, adsorption and also catalytic action may vary in amount t»Yer 
given areas of surface. Scratched glass surfaces are known to bo fre- 
quently very much more active than plane or fused surfaces. Catalysts 
generally confirm this behavior and the inhomogeneity of the surface is 
of great importance in the characteristics of a given siirfacti, as eini)hasizO(l 
by H. S. Taylor. It may result in a catalyst adsorbing a reac.tant and 
causing it to react on only a small fraction of tlie total surface, yuch 
areas of activity are known as ^'active centers.” 

32. Activated Adsorption or Chemisorption: Adsorption which leads 
to chemical activity has been found to occur at characteristic velocities 
which involve activation energy. The activation energy required is de- 
pendent not only on the gas to l^c adsorbed l)ut also on the surface which 
adsorbs. In some cases, as, for cxamj^le, the adsori)l.ion of h3n]rogen 
on metal surfaces, the velocity of adsorption may be f»oo rapid to be 
conveniently measurable. On oxide surfaces, notaldy those whicdi are 
used for cfTecting catalytic hydrogenation reactions, the activation ener- 
gies, save on the most active centers of the surfat^e, arc suflicicntly large 
so that the rates of adsorption are readily measurahlc. As an illustration, 
we cite the data of Burwell and Taylor on tlie velocity of adsorption of 
hydrogen on chromic oxide gel surfaces in the tem])eratiire range, 
184-218° C., the surface covered being fairly uniform and the velocity of 
adsorption involving an activation energy of 21.7 krai, per mole. The 
amounts of gas adsorbed by a given sample at successive intervals of time 
are shown in Table 15.10 at the two iennperatures. Tangents to the 
curves constructed from such data give the velocities of adsoi‘])tioii v for 
equal quantities of gas adsoii)ed at the two tcnqjeratures. The activation 
energy is then calculated from the equation 


1 

^VTi 2.303/i;V TiT. ) 


(15.82) 


TABLE 15,10 

Velocity op Ausokption of Hydrogen on Chromic Oxide Gel 


Volume Adsorbed in ccs. at N.T.P. after t mins. 


Temp. ^C. 

t = l 

2 

4 

8 

20 

4 {) 

(10 mina. 

184 

2.25 

3.15 

4.65 

6.95 

12.05 

17.S 

22.05 

218 

4.5 

6.85 

10.7 

16.3 

27.5 

38.6 

44.75 


The velocity of adsorption of a gas may be the slowest process in a 
whole sequence of reactions at a surface. This appears to be true in the 
industrially important synthesis of ammonia from nitr ogen and hydrogen. 
The work of Emmett and Brunauer indicates that the slow step in the 
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whole sequence of processes is the adsorption of the nitrogen on the active 
iron catalyst surface. The activated adsorption of such diatomic gases 
on the surface probably involves the complete rupture of the molecule 
and the formation of surface-atom linkages such as Me-N and Me-H. 
All available evidence indicates that the association of nitrogen and 
hydrogen atoms on the surface to yield successively NH, NH2 and, finally, 
NH 3 , which then evaporates, are faster processes than the transition from 
gaseous N2 molecules to the surface complex. In agreement with this 
view, Emmett and Brunauer point out that the activation energy of 
nitrogen adsorption, 16 kcal., is the same as that for the total synthesis 
on the same catalyst. In many surface reactions, however, the velocity 
of adsorption is more rapid than the subsequent foimation on the surface 
of reaction products. j 

33. van der Waals Adsorption: Gases are also adsorbed on mjaterials 
with extended surfaces by forces which are akin to those operiitive in 
gases which cause the deviations from the ideal gas equation.) Such 
attractive forces may be termed van der Waals forces and the correspond- 
ing adsorption van der Waals adsorption. These adsorptions are non- 
specific in character and occur on porous surfaces which are not cnera- 
ically active or on catalytic surfaces at such low temperatures that the 

process of activated adsorp- 
tion is too slow. Charcoal and 
silica gel are examples of sur- 
faces which show adsorption 
by van der Waals forces, 
though eveu #in these cases 
exceptions are to be noted. 
At liquid air temperatures on 
charcoal, oxygen and hydrogen 
are adsorbed by van der Waals 
forces, and the process of ad- 
sorption is readily reversible 
by evacuation. At room tem- 
peratures, oxygen is adsorbed 
with an activation energy at 
measurable velocities and the 
association is so powerful that 
it cannot be reversed by evac- 
uation. Instead, on heating 
the mass, the oxygen leaves 
the surface mainly in association with carbon atoms as carbon monoxide 
or carbon dioxide. A similar behavior is shown by hydrogen but at 
higher temperatures. Water vapor is also held by silica gel by specific 
forces. 



Fig. 15.12. Adsorption of Hydrogen by 
Zinc Chromite (12.5 g.) after 1000 min. at 
1 atm. Pressure. 
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Adsorption by van der Waals forces is akin to liquefaction and the 
heats of adsorption are not markedly greater than heats of liquefaction. 
Activated adsorption, on the contrary, frequently involves heats of 
activated adsorption of the magnitude of heats of chemical reaction. 
The heat of adsorption of hydrogen on charcoal or on zinc oxide at liquid 
air temperatures is about 1000 calories and in each case is a van dcr Waals 
adsorption. On zinc oxide at higher temperatures the heat of adsorption 
is much higher, 11 kcal.; on nickel it amounts to 15 kcal. and on chromic 
oxide gel at 300° C. the heat of activated adsorption is about 28 kcal. 
On zinc chromite the heat of activated adsorption is 23 kcal. Fig, 15.12 
shows both van der Waals adsorption at low temperatures and activated 
adsorption at high temperatures on zinc chromite. It is tlie activated 
adsorption, or chemisorption, not the physi(“al or van der Waals adsorp- 
tion, which is important in surface reactions. 

34. Adsorption and Pressure: Assuming a unimolccular adsorption 
layer or a saturation limit to the surface, Langmuir showed that it was 
easy to find the relation between extent of adsorption and the gaseous 
pressure, p, in contact with the surface assumed to be uniform. 

Let 6 be the fraction of the surface occupied by adsorbed atoms, then 
(1 — d) is the fraction not occupied. Let us assume a plane surface in 
which all atoms in the surface are capable of adsorbing the gas molecules. 
If the surface is not homogeneous, a definite portion only may be capable 
of adsorbing the gas. The case would be parallel to that we arc discussing 
but the portion capable of adsorption would then be the * available 
surface.’ The rate of condensation of gas molecules will be proportional 
to the gas pressure p (Chap. 3, 15), and to the surface which is not 
covered. Hence, 

Rate of condensation = kip(i — 0). (15.83) 


The adsorbed molecules will, from time to time, evaporate from the 
surface, as in the case of evaporation of liquids, and the rate of evapora- 
tion will be directly proportional to the amount of gas on the surface, 
that is, to the extent of surface covered. 

Rate of evaporation = kid, (15.84) 

These two opposing processes will, in the steady state, equal one another. 
Hence 

kip(l — ^) = kiO, (15.85) 


from which we can solve for 6j the fraction of the surface covered, 


0 = 


kip ^ 
ki + kip 


(15.86) 


This expression for the fraction of the surface covered leads to three 
important cases relating 6 and p. 
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(a) Surface nearly hare: When 0 is small the equation (15.85) reduces to 

k^V = ^20, (15.87) 

since 0 is negligible compared with 1. In such case we find that 

0 = kxpjki = hy, (15.88) 

or, the fraction of the surface covered is directly proportional to the gas 
pressure. 

(h) Surface nearly covered: Here 0 is nearly unity so that the percentage 
variation in 0 is small and the corresponding variation in (1 — 0) is very 
greatly magnified. Hence, we obtain the approximation 

k,p{l - 0) = ki .(15.89) 

or 

1 — 0 = kilkip. 

This equation means that, when adsorption is nearly c 
of free surface is inveisely proiiortional to the press 
also, the surface covered is practically independent ol 

(c) Surface partially covered: This intermediate state to the two ex- 
tremes already discussed is intermediate also in the vaihition of 0 with 
pressure. In case (a), 0 varies directly as p. In (‘.ase (0), 0 is independent 
of the pressure, i.e., it varies as In the intermediate case (c) it is 
found that 0 varies as some i)owcr of p l)ctween 0 and 1. We may express 
this relation by the equation 

0 = /cp^ (15.91) 

0 

where n is a fra,ctioii loss than unity. This is a well-known relation 
verified for a large number of cases of adsorption not only of gases but 
also of substances from solutions. Sometimes known as the Freundlich 
* adsorption-isotherm ’ it is a valid expi’cssion for adsorptions at constant 
temperature over a restricted range of pressures or concentrations. 

35. The Kinetics of Heterogeneous Reactions: These relationships 
between gas pressure and the concentration of adsorbed molecules govern 
the rate of chemical reaction in heterogeneous reactions. Such surface 
actions differ from homogeneous processes in that, the reaction being 
localized at the surface, only that portion of the gas present at the surface 
is potentially reactive. The reaction velocity, negligible in the gas phase, 
is therefore proportional to the amount of gas adsorbed. We may, 
therefore, examine what kinetic equations of reaction will result from the 
three cases of adsorption just considered. For simplicity, we shall first 
consider reactions involving one molecular species only. 

Case a: With the surface nearly bare it was shown that the amount 
adsorbed varies directly as the gas pressure . Consequently, in such cases, 
the reaction velocity being proportional to the adsorbed gas will likewise 


omplete, the kxtent 
ill re. In this\ case, 
• the pressure .\ 
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be proportional to the pressure, and, thus, we derive 

V ^ - dpidt = k^p (15.92) 

where ki is a proportionality factor connectm**; rate with i)ressure. 
This equation is none other than a first order velocity eq\iat,ion 
identical with that we haA^e already considered in lioino^eneous systems 
dxjdt = k{a — .t). It should show the cliar;ict(‘ri>tics of a. first order 
reaction, a rate constant independent of the units in which the concen- 
tration is expressed and a half-life independent of the initial comarntration. 

There arc many examples of such a behavior. The classical (‘xample 
is due to vanT IToff and Kooij who showed that the decomposition of 
phosphine on glass obeyed such an eciuation. The decomposition at 
glass surfaces apparently occurs with single molecules and the reaction 
whose rate is measured is the surface action 

-f ;m. 

Naturally, this is followed by association of botl^ ])hos])liorus and hyilro- 
gen atoms to give the molecular species, Jh and I Is. 

Hinshelwood and his co-workers have sui)i)lied other good exanqdes 
of this type of decomposition in the cas(^ (-f nitrous oxide on gold Jind 
hydrogen iodide on the surface of i)]atinum. Tlio latter case illustrates 
the change in order of reaction that may result from surface catalysis. 
The bimolecular homogeneous decomposition becomes a uiiimolecular 
decomposition on ])latinuin. Formica acid dec()mi)oses unimolecula,rly on 
various surfaces as shown by Ilijishclwood and T()i)ley. 

Case h: With the surface jirac.tically covered, tlie adsoj*jjtion is j)ra.(;- 
tically constaTit and independent of the pressure. The rate of reaction 
should therefore also l)e constant and indepcndcjit of the pressure. This 
situation is new in our study of reaction kinetics. Tlie equation is 

dx/dt = k. (15.93) 

The gas pressure or concentration docs not enter into the; eciuation, or, 
alternatively, it enters in the form p®(= 1). Such reactions arc spoken 
of as ^ zero order' reactions. They are independent of gas concentration 
or pressure. 

A convenient example of this is to be found also in the decomposition 
of hydrogen iodide, in this case in contact with a surface of gold. Evi- 
dently the hydrogen iodide, over the pressure range studied, practically 
covers the active portion of the gold surface, so that, as fast as decompo- 
sition occurs, the adsorbed layer of hydrogen iodide is maintained without 
appreciable change in extent. The same is practically true for the 
decomposition of ammonia on tungsten filaments. 
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Case c: With the surface partially covered, an adsorption equation of 
the form, 0 = was derived. The corresponding velocity equation is 

dxidt = kp^, (15.94) 

Such an expression was found by Stock and Bodenstein to fit the experi- 
mental data in the decomposition of antimony hydride, n having a value 
of 0.6. The reaction only occurs extremely slowly on glass but it is 
rapid, even at 25° C., on the antimony deposited by the reaction 

SbIi3-^Sb + 3H. 

In a clean glass vessel the reaction is initially slow and accelerates as the 
antimony becomes deposited on the surface. Such cases are known as 
auto-acceleration or auto-catalysis, catalysis by the reactants themselves 
or by their products. | 

36. Autoretardation and Poisoning: In the example just considered 
it was pointed out that the product, antimony, accelerated the reaction. 
The rate of decomposition was faster on antimony than on glass.! The 
reverse case is possible and is actually found in a number of cases. \ One 
of the products remains on the initial surface and slows down the sijbse- 
quent change. A simple case of this kind is to be found in the decompo- 
sition of ammonia on platinum surfaces. Evidently, the hydrogen pro- 
duced in the decomposition is strongly adsorbed by the platinum and 
further decomposition of the ammonia is hindered. With strong adsorp- 
tion we saw that the free surface is inversely proportional to the pressure, 
in this case the pressure of the strongly adsorbed gas, hydrogen. The rate 
of reaction will be determined by the rate at which ammonia strikes such 
free surfaces; that is, it will be proportional to the ammonia pressure 
and the free surface, 

dxjdt = A;i-pNH 3 -(l — 0) (15.95) 

and, since, with hydrogen strongly adsorbed, (1 — 0) = kjpii^ the ve- 
locity equation becomes 

dxjdt = kp^njpn^, (15.96) 

which is the equation approximately found by Hinshelwood and Burk. 

In industrial catalytic processes there are frequently present in tech- 
nical gases small amounts of impurities which are tenaciously held by the 
catalyst. Such impurities are known as poisons. They have exactly the 
same effect as the hydrogen in the reaction just considered. They cover 
the surface and restrict the area over which reaction may occur. The 
velocity equation will be modified correspondingly. Thus, an equation 

dxjdt = A;[A], " (15.97) 

involving a single reactant, A, will be changed to one of the form 

dxjdt = A[A]/CPoison]. (15.98) 
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WatGr vapor is a poison in ammonia synthesis. It acts by convertinjj; the 
iron catalyst surface into iron oxide, on which no ammonia syntliesis 
occurs. With a given water vapor concentration, at a given tomi>erature, 
a definite fraction of the surface is rendered inactive so long as the water 
concentration is maintained. Oxygen acts similarly. On removal of the 
poison from the incoming gas stream the oxide is reduced by the hydrogen 
of the gas mixture and tlie activity of the catalyst is restored. Sucli 
cases are known as reversible or temporary poivsoning. In lujiny cases, 
however, irreversible or permanent poisoning occurs. Thus, liydrogen 
sulfide gives, with many catalysts, metallic sulfides, inert catalytically, 
which are not readily reduced when gases free from sulfur content are 
employed. Such cases of permanent poisoning require comj)lete regener- 
ation of the catalyst and are serious problems in technical work. 

The general investigation of poisons is of great tlieorctical importance. 
The small amounts of poison which annihilate a (‘.Jitalyst surface lead to 
the conclusion that, in many reactions, only a fraction of the total surface 
has catalytic activity. 

37. Heterogeneous Reactions Involving Several Gases: The case of 
autoretardation just considered is paralleled by many cases of reaction 
between two constituents. Thus, in the combination of ethylene and 
hydrogen on metallic copper at O'* C., the ethylene is strongly held by 
the surface and hence hinders the reaction. The rate is governed mainly 
by the rate at which the hydrogen strikes the surface. This was estab- 
lished by Pease. The velocity equation for the reaction 

C2H4 + II. = C2nc 

would not, under such circumstances, have the bimolecular form, but 
would approximate to the expression, 

dx/dt = /b[H 2 ]/[C 2 n 4 ]. (15.99) 

At 200° C., however, the co])pcr surface is relatively bare of both gases 
so that the rate of reaction will then be determined by the rate at which 
hydrogen and etliylene strike the surface within reaction distajicc of each 
other. This may be on adjacent spaces on the surface. With such bare 
surfaces, a bimolecular equation will therefore result, 

dx/dt = A;[Il 2 ][C 2 ll 4 ], (15.100) 

as was found by Grass! and by Pease. 

In none of these cases does the reaction prodnet, ethane, appear to 
influence the velocity. This is not so in the classical example of such 
multimolecular reactions. Bodenstein and Fink showed that, in the 
oxidation of sulfur dioxide at a platinum surface, the sulfur trioxide 
formed played a predominant part in the reaction. They sliowed that 
it was strongly adsorbed by platinum. It thus appears in the denomina- 
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tor of the kinetic equation, the velocity is inversely proportional to the 
concentration of sulfur trioxide, actually to its concentration to the power 
0.5. Evidently, under the experimental conditions chosen, the surface 
covered by the trioxide is proportional to the scpiare root of the trioxide 
pressure. Bodenstein and Fink found that, in the main, the velocity was 
also directly proportional to the sidfur dioxide concentration and inde- 
pendent of the oxygen concentration. 

dx/dt = /c[SOo]/[SO,J/^. (15.101) 

This points to a platinum surface covered by sulfur trioxidc to an extent 
proportional to the square root of its f)ressure, oxidation of sulfur dioxide 
occurring when a molecule of sulfur dioxide strikes that portion of the 
residual platinum surface on which an oxygen atom is already ,present. 

It was on the basis of this investigation that Bodenstein a|id Fink 
offered a general theory of heterogeneous reaction velocities whiAh, for a 
long time, was generally accepted. The retarding action of the rcacting 
constituents of a process was attributed to the formation of an acisorbed 
layer of the retarding agent over the surface of the catalyst, the thickness 
of the adsorbed layer being assumed to vary with the pressure according 
to some relationship suggested by the experimental result. Thus, in the 
case just considered, the thickness of tlie layer of sulfur trioxide was as- 
sumed to be proportional to the square root of the ])rcssure. On this 
theory, the rate of reaction was determined by the rate of diffusion through 
such an adsorbed layer, this physical process being assumed to be slow; 
the chemical reaction occurring when the reactants had passed through 
the presumed diffusion layer was supposed to be extrepiely rapid com- 
pared with the diffusion process. This diffusion theory of heterogeneous 
gas reactions has been practically abandoned. There is no experimental 
evidence for thick diffusion layers in these catalyzed reactions. There is 
evidence that, in many cases, the surfaces are relatively bare and have 
very considerably less than a unimolecular layer of adsorbed gas on the 
surface. A further strong argument against the theory is that the influ- 
ence of temperature on the process is not that characteristic of diffusion 
processes but that normal to chemical reactions. Some examiflcs of this 
may now be considered. 

38. Influence of Temperature in Heterogeneous Reactions Involving 
Gases: The reactions of gases at surfaces show the same exponential 
increase of velocity with temperature that is shown by the homogeneous 
reactions. For these reactions, also, the Arrhenius equation 


dink E 
dT ^ RT^ 


(15.102) 


may be used to represent the variation with temperature. In general, 
the value of E so obtained is less than the value of E for the corresponding 
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hoiiiog6ii6ous reaction. Thus, whereas, from thermal data, the energy 
of activation foi the liniviolcciilcir decom])ositioii of liydrogeii iodide niu'^t 
be at least 68 kg. cals., the corresponding value for E in the heterogeneous 
reaction on platinum is 14 kcal. and on gold 25 kcal. This hittc'r is 
probably a true energy of activation since the reaidlim is of zero order. 
In the case of platinum, however, the value is probably not the true 
energy of activation of the jjrocess for this latter is unimolecular and the 
quantity of reacting constituent on the surface varies both with tempera- 
ture and pressure. In such cases the appai*ent heat of activation found 
by applying the above Arrhenius cejuation is related to the true heat of 
activation by a relation pointed out by Hinshelwood 

^^app. = /^truo + X' - X, (15.103) 

where X' is the heat of desorption of one mole of the reaction product, X 
is the heat required to desorb one mole of the reactant. K(‘,cent experi- 
ments on these latter quantities have shown that they nniy be cjuite large, 
comparable in size with the value of /tJtmo- This is indicated in the 
decomposition of ammonia. On tungsten, the process is of zero order 
and unretarded, in which case X' and X do not enter into the value of 
^upp. which therefore equals /l^truo- A value of 31) kcal. is obtained. On 
platinum, however, in which case the hydrogen formed acts as a re- 
tardant, a value of 140 kcal. is obtained. This can be ascribed in part to 
the large energy required to desorb hydrogen atoms from the i)latinum 
surface, a value for X' as high as 50 kcal. per atom of hydrogen being 
found in this case. 

39. Promoters: If the catalytic elTect produced by a given substance 
ill a reaction is materially enhanced by the addition of a small amount of 
substance, itself not markedly catalytic., the catalyst is said to have been 
promoted and the substance so employed is termed the promoter. The 
term is usually restricted to cases where the amount of suhstance so 
employed is small. With more or less equal amounts of two materials 
the product is normally called a mixed catalyst; if the n on-catalytic 
material is in large excess, it is usually termed a catalyst support. 

The phenomenon of promoter action was discovered during the tech- 
nical development of catalytic processes of hydrogenation and ammonia 
synthesis. It was a logical consequence of a research conducted by 
Baxter at a very much earlier date, for a very different purpose, on the 
occlusive power of nickel and cobalt for hydrogen, when tliese metals 
were prepared by reduction of the oxide in hydrogen. Baxter found that 
cobalt of atomic weight purity occluded negligible amounts of hydrogen. 
When the ordinary minute quantities of impurities, e.g., silica, were 
present, marked amounts of gas were occluded, the metal product being 
less compact, sintering being prevented. 
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The quantitative examination of a few promoted catalysts has been 
made. Wyckoflf and Crittenden showed by X-ray studies that iron 
catalysts for ammonia synthesis were of a smaller crystal unit when pro- 
moted with K2O — AI2O3 than when pure, the promoter efPect being in 
part at least, therefore, an extension of surface. Russell and Taylor 
showed, however, that, in the synthesis of methane over nickel, an exten- 
sion of surface equal to 20 per cent produced a ten-fold increase in reaction 
velocity. This indicated a qualitative improvement of the surface rather 
than a quantitative extension as the principal cause of the observed effect. 
Almquist and Black in their poisoning studies showed that whereas in 
ordinary iron only about one atom in 2000 had ammonia synthetic ac- 
tivity, this ratio increased to one in 200 for the good promoted catalyst. 
It was pointed out by Taylor that the increase of crystal faces, ecjges and 
corners would increase the unsaturated catalyst atoms and thatl the en- 
hanced activity of such unsaturated atoms would account in part for the 
quantitative data. More recent research has indicated that promoters 
cause the activated adsorption of reactants to occur more rapidly or at 
lower temperatures than is possible on unpromoted catalysts. \ 

Promoter action will be most advantageously employed in those' reac- 
tions which are most difficult to achieve, that is to say reactions which 
only occur on small fractions of an unpromoted catalyst surface. Such 
reactions are also the most sensitive to catalyst poisons. Reactions which 
occur readily on whole areas of surface will not normally be considerably 
aided by the addition of promoters. 

40. Isotopic Molecules and Surface Mechanisms: The interaction of 
hydrogen and deuterium, H2 + Da = 2HD occurring ©n surfaces such 
as nickel, tungsten and chromium oxide at temperatures as low as that 
of liquid air indicates that activation of hydrogen is occurring even at 
such low temperatures. The activation of hydrogen cannot therefore 
be rate-determining in a number of surface reactions emidoying hydrogen. 
Similarly, the exchange reaction between ammonia and deuterium occurs 
on synthetic ammonia catalysts at room temperature. Hence, in am- 
monia synthesis, which only occurs at much higher temperatures, the 
rate-controlling mechanism would not appear to involve cither the N — H 
or H — H bond formation or rupture. By elimination, this leaves the 
activation of the N — N bond in nitrogen molecules as the rate-determining 
step in best accord with the correlation of velocity of activated adsorption 
of nitrogen and velocity of ammonia decomposition. On synthetic- 
ammonia iron catalysts the exchange reaction between 28N2 and to 
yield two molecules of 29N2 is even slow^er than ammonia synthesis and 
hydrogen accelerates the exchange- On osmium catalysts the exchange 
reaction between light and heavy nitrogen is faster than ammonia syn- 
thesis and occurs at lower temperatures; hydrogen retards the exchange 
presumably by preferential adsorption on the catalyst surface. 
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Exchange reactions occur on nickel catalysts between deuterium and 
both saturated and unsaturated h^^drocarbons. In the latter case, this 
may occur by formation of intermediate lialf-hydrogeiifited states which 
revert to the unsaturated species; tlms, 

Ni Ni 

C2H4 + D C 2 H 4 D C2H3D + n. 

With the saturated hydrocarbons., adsorption and exchange must involve 
breaking of C — H bonds. 

Ni Ni 

D + CH 4 D + CIT 3 + CIT 4 D + 11. 

With hydrocarbons containing two or more carbon atoms two types of 
bond can be involved i;n the surface reaction, C — 11 bonds in an exchange 
reaction, C — C bond s in a hydrogenation decomposition. Thus, 

Ni 

C2Hfl + D2-^ C2H5D + IID, 

C2H6 -f D 2 -> 2 CllaD. 

Experiment shc)w.s that the exchange occurs the more readily; with ethane 
it occurs at 1'00-130° whereas the reaction to forin ruelhaiie rcciuires 
temperatures from 160-300° C. The activation cmM gy in this latter case 
may be 15 kcal. higher than the exchange reaction. 

41. Wall Reactions: The importance of walls of the containing vessel 
in the rccomdunation of atoms and radicals has already boon discussed 
in treating chain reactions and in the kinetic studies of hydrogen atom 
recombination. Tn such processes the wall reaction is com])etitive with 
recombination in the gas phase and the combining s]jecics must diffuse 
from the i riterior of the gas to the wall surface. This diffusion process 
depends oii the distance, 1 , to be traversed and the mean free pat!) of the 
particle, according to a formula dcvclo])ed by Smolucliowski for the 
number o f collisions, n, suffered in traversing the distaruic, 

n = Sirl^lAE^. (15.104) 

In any r^eaction system the atoms or radicals may be generated uniformly 
over th e whole volume. If, for simplicity, we consider the containing 
vessel a s having parallel faces a distance, d, apart then the average number 
of collii sions suffered by a particle in reaching the wall is 

ft - irdyiQW (15.105) 

The .wall effect therefore decreases in importance as the square of 
the r/listance between walls. It increases in importance the lower the 
presJsure because of the increase in mean free path, X. If, as in the 

hLydtt’ogen-chlorine reaction, each stage in the process generates a new 
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chain carrier, 

Cl + Hz = HCl + H, 

H + CI 2 = HCl + Cl, 

and if, on the average, n collisions are necessary for the atom to react, 
the chain length is 

V = ( 15 . 106 ) 


For this reason, we expect, and it is actually found, that long chains are 
absent when the hydrogen-chlorine reaction is studied either in narrow 
capillary tubes or at very low pressures. The packing of spaces in which 
explosions may occur to prevent explosions is to be ascribed to the oper- 
ation of the same factors. Semenoff showed, also, that the chain oxida- 
tion of phosphorus was dependent on the square «of the diameter of the 
reaction vessel, on the square of the mean free path and also on the 
pressure of inert gas pi i)resent, his expression, for O cylindrical vessel, 
being 

Vi 


GtcP ( 


1 + 


W, + po. 




( 15 . 107 ) 


When the chains terminate in the gas phase as well as c'n the walls the 
problem is Jiiore complex. Qualitatively it can be seen thot the amount 
of wall reaction depends on the nature of the homogeneous c'haiii breaking 
process and on the concentration of the atoms or radical c/.hain carriers. 
We can illustrate the general principle by reference to a spe^v^ihe example 
of the recombination of atomic hydrogen, in ])resencc of a thir‘d body, M, 
or at the wall. Since the velocity of homogencoiffe recomibiiiation is 
proportional to [H]^, the homogeneous reaction decreases in ii nportance 
relative to the wall reaction with the square of the atom coiif'-cntration. 
Hence, in a system where the original recombination of atomic** hydrogen 
is predominantly homogeneous, the disa])pearance of the atohns finally 
produces such a low c.onccntratioii that the probability of ga-s phase 
reaction is negligible and only wall reaction is important. 

i 


Till ] Statistical Treatment of Reaction Rates 

t 

It has been shown in Sections 10 to 12 that the activation ei ^^rgy of 
a reaction can be interpreted in terms of the passage of the syste]^ over 
a potential energy barrier separating the initial and final states^ of the 
reaction. At the top of the energy barrier the system may be reg 
as the activated complex. Consideration _will show that such a coi^plox 
is to be regarded as an ordinary molecule, with all the usual thernl^ody" 
namic properties, save in one respect. In the complex, one degi'joe of 
freedom which in a normal molecule would be a vibrational degrefO of 
freedom consists, in this case, of a motion in the direction of the reat ftion 
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co-ordinate and leads to a decomposition of the co]ni)lo\ at a. definite 
rate to yield the products. This point of view has already been touched 
upon briefly in Section 12 for the case of three hydrogen atoms. 

42. The Statistical Theory of Reaction Rates : Consitler tlie {z;eneralized 
reaction between two reactants, A and B, which proceed through an 
activated complex to form the reaction products 

A + B — y — > products. 


The rate of reaction must obviously be given by the concentration of 
activated complexes at the top of the potential barriei multiplied by the 
frequency of crossing the barrier. 

Rate of reaction = e^u/5, (15.108) 

where is the number of complexes per unit volume in a length d repre- 
senting the activated state at the top of the barrier and u is the mean 
velocity of crossing. Remembering that activated c»mii)lexos difler from 
normal molecules in the manner already indicated, we can treat them 
statistically (Chapter 8, Sect. 28-33) as normal molecules reiilacing how- 
ever one degree of freedom of vibration by translational motion along 
the reaction co-ordinate. Thus, 


, . {2TrmncTyf'^5 

C=r = 

h 


(15.109) 


We recognize the expression (27r??i'/c2’)^^*5//i as the i)artition function for 
one degree of freedom of translation, m' being the mass of the activ:itcil 
complex. Eyring has shown that the mean velocity u is given by the 
expression 


u — 








(15.110) 


Equation (15.108) then becomes 


Rate of reaction 


^ {2irm'kTy^^ / kT 1 

^ \ 2Tnn' ) d 

JcT 

(15.111) 

h 


This equation indicates that the effective velocity of crossing the energy 
barrier is the universal frequency, kT/h, dependent on tempiu'ature and 
independent of the nature of the reactants and tlie type of reaction. 
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If the specific reaction rate is k\ and the velocity of reaction is given 
by the usual expression, 


it follows that 


Rate of reaction = A:'caCb, 


hT 

h CaCb 



where IC^ is the equilibrium constant in the process 


A + B^M. 


(15.112) 


The assumption is here made that equilibrium exists between reactants 
and activated complex. The Bronsted theory (Section 30) involves the 
same assumption. Such an equilibrium can be treated thermodynamic- 
ally and statistically as in the case of normal equilibria. Hence' w^e may 
write \ 

k' = il5.113) 

A;' = (15-114) 

where AFj AH and AS are the free energy, heat content and entropy of ac- 
tivation with reactants and activated complex in their standard states and 
the thermodynamic relations AF^ — — RT hi K and AF = AH — TAS 
arc applied, the conventional zero superscript indicating the standard 
states having been omitted. 

The equilibrium constant can be treated statistically making use 
of appropriate partition functions for the respective species. Thus, 


¥ 



F xF B 


^-EolRT^ 


(15.115) 


where Fa, Fb and F"^ are the respective partition functions per unit 
volume and Eq is the difference between the zero-point energy of the 
complex and that of the sum of the reactants. 

43. Comparison of Collision and Statistical Theories: A comparison 
of the two methods of approach to reaction rate theory which, at the 
same time, yields a definition of the limitations under which the collision 
theory operates, can be made by considering a reaction between two 
atomSy A and B, of masses rriA and rriB and collision diameters a a and cb. 
The activated complex AB will resemble a diatomic molecule AB, will 
have its three normal degrees of freedom of translation and two of rota- 
tion, its normal vibrational degree of freedom being replaced by transla- 
tion in the co-ordinate of decomposition. The partition function F will 
therefore be 


[27r(mA + mB)kTy^^ SwHkT 


(15.116) 
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The moment of inertia I of the complex is given by definition (Chapter 4, 
Section 11) as 

I = + m^). (15.117) 

The atoms A and B have each only translational degrees of freedom of 
the form Fa = {2TrmjJcTY^^jh^ and Fd = (2Tn7ijikTyf-l¥. Hence, the 
rate of reaction is given by substitution of these three expressions for F"^, 
Fa and Fb in Equation (15.115), yielding 

F - .ri. [srir (15.118) 

which is at once recognizable as (compare Section 2), The 

statistical approach yields tlierefore the collision number Z,\Vi with, at the 
same time, a much clearer definition of the quantity ctad, i.e., the atom- 
atom distance at the top of the potential barrier, rather than the kinetic 
theory diameter originally employed. The possible variations in these 
distances have already been indicated in Section 11 dealing with three 
hydrogen atoms. 

When the statistical method is applied to molecules rather than atoms 
the expression F^/FaFb becomes correspondingly more complicated and 
the collision number Zab no longer emerges. This is equivalent to saying 
that the unmodified collision theory is actually only ai)plicable to hard 
spherical atoms with only translational degrees of freedom and can never 
be more than the grossest approximation when complex molecules, with 
degrees of freedom of rotation and of vibration in addition to those of 
translation, are the colliding species. It is this grossness of approxima- 
tion that emerges in reactions between coinj^lex molecules in l)oth gaseous 
and liquid systems. It is to be concluded that the modification of the 
collision equation by substitution of in place of is an 

attempt empirically to correct for the implicit approximation in the 
calculation of Z. 

The problem may be approached also from the standpoint of equa- 
tion (15.114) in which the entropy of activation enters into the rate ex- 
pression. A negative value of AS^ implies a small probability of forma- 
tion of the activated complex. This implies alternatively that not every 
collision with the necessary energy leads to complex formation, and the 
probability of this formation is an essential element in the determination 
of rate. There should therefore be a parallelism between the ‘ steric ’ factor 
P and the entropy of activation AS^, When this latter is not greatly 
different from the total entropy change AS for the reaction, which means 
that the activated state closely resembles the final state, there should be 
a parallelism between the over-all entropy change and the probability 
or steric factor F. It is this parallelism that Soper detected between the 
P factor and the over-all entropy change in several reactions. For the 
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reaction of dimethyl aniline and methyl iodide P = 0.5 X 10“’ while 
_ Q g 10“*, whereas in the isomerization of ammonium cyanate 
in solution P = 1 and = 0.1 (See Section 29). In gas reactions the 
same principles hold. Thus, in the dimerization of ethylene to form 
butylene there is an entropy decrease of — 30.1 cal. /degree. Since the 
activated complex should be very similar to the butylene molecule we 
might expect, as Pease found, that the bimolecular association was 2000 
times slower than the value found from the simple collision theory. The 
reaction is slow in spite of the fact that Pease and Burnham found it to 
be inhibited by nitric oxide, the process involving therefore, at least in 
part, a chain mechanism, which would increase the observed reaction 
rate. Qualitatively also, one can predict that the formation of cyclo- 
hexane from the hexamcthylenc diradical, — (CH 2 ) 6 “, will be: a slow 
process since it involves an entropy decrease, and alternatively rlsactions 
breaking a ring, accompanied by large increases in entropy, will probably 
be correspondingly fast. \ 

The statistical treatment of reaction rates opens up, therefoi^, new 
avenues of approach to a more intimate understanding of the problems 
of reaction kinetics. The treatment of more complex systems by sta- 
tistical methods is beyond the scope of this text but attention may be 
directed to a detailed presentation of the whole subject by Glasstone, 
Laidlcr and Eyriiig.^ At the present level of i)resentation, however, it 
is possible to show how this statistical treatment permits an analysis of 
physical processes such as viscosity and diffusion which previously were 
not within the scope of reaction rate theories. 

0 

Rate Theory for Physical Processes * 

44. Viscosity: The viscous flow of a liquid is representable by Fig. 
15.13. Under the influence of a shearing force, /, applied across two 
layers of molecules, flow occurs when one molecule passes by one of its 
neighbors and drops into a vacant equilibrium position (a hole) at a 
distance, X, from its original position. Fluidity, (/», the reciprocal of the 
viscosity, 77 , is defined as the difference in velocity per unit shear 

^ • (15.119) 

V Xi/ 

The difference in velocity is given by the distance a molecule moves in 
one jump multiplied by the net rate of jumping, or 

Am = \ik'f - k't), - (15.120) 

1 The Theory of Rate Processes, McGraw Hill Book Co., New York, 1941. 

2 This section is based on Powell, Roseveai’e and Eyring, Ind..Eng. Chem., 33, 
430 (1941). 
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where kj and are the rates of forward and backward motion. If the 
free energy of activation for a molecule jumping under no external force 
is the forward process is helped due to the force f acting on an area 

X 2 X 3 through a distance X/2, and the reverse process is hindered by the 
same amount. Hence, using Equation (15.113) 

kT 

fc; = _e-AF+/KTg+/U2X,/sir (15.121) 

and 

kT 

k'l, = — (15.122) 

h ^ 

Combining Equations (15.119), (15.121) and (15.122) and expanding 
the two exponentials * involving 
/XX 2 X 3 / 2 /C 3 ' and omitting higher 
terms, the viscosity equation 
becomes : 

1 X^X2X3 
^ ^ V ^ XiA 

X (15.123) 

Fig. 15.13. Model Illustrating 

To a close approximation the Fluid Flow 

factor X 2 X 2 X 3 /X 1 is ecpial to the 

volume of the molecule and so the expression may be transformed, 
using the molecular volume V and the Avogadro number A, to 

d, = -^ (15.124) 

Nh 

or to its alternative form, 

^ — c-Aff+/BreAs+/fl, (15.125) 

Nh 

This last equation shows that the viscosity should vary exponentially 
with the reciprocal of the temperature and this is in excellent agreement 
with experimental result. The heat of activation A/I^ is from one-fourth 
to one-third the heat of vaporization for typical organic liquids but is 
more for associated liquids which in general require the breaking of 
hj^drogen bonds. Fig. 15.14 shows the relation between AH^ for viscosity 
and AE for vaporization for most of the now available data. 

In the flow process, uonds are broken as in vaporization, but the 
flowing molecule does not gain the entropy of expansion into the vapor 

*e^^l+x+lx^+ . ■ ■ ; C-* = 1 - a: + 
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nor does it perform the external work RT per mole of expansion against 
the atmosphere. Hence 

AFvap + TA^vap - RT = AE^av. (15.126) 



In Fig. 15.15 are shown the values of AF"^ for viscosity plotted against 
A/^vixp for liquefied gases such as nitrogen, oxygen and argon at the lower 
left, through tyiiical organic liquids in the central portion to the triangles 
for water and the alc.ohols with a viscous material such as glycerine at the 



top right. From the slope of the median line we may rewrite equation 
(15.124) in the form of an approximate empirical equation for viscosity 


77 = 


Nh 

__ gA^vap/2.46flT_ 


(15.127) 


From a study of the heat of activation AH"^ at constant volume, i.e., 
no change in the volume of holes, the importance of this factor can be 
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studied. It is found that for typical organic liquids the heat of activation 
at constant volume is small so that holes control the flow in these liquids. 
For associated liquids the heat of activation at constant volume is almost 
all the total heat of activation so that in such cases the breaking of 
hydrogen bonds is the important factor. In acetone and water the heat 
of activation at constant volume is negative and this is to he inter})reted 
as due to a change in liquid structure with increase of pressure. At high 
pressures, using the thermodynamic relation that (dAF'^ldp)T = AF+, 
the activation volume, and writing the viscosity expression in the form, 

1 , , Nh AF+ 

In - = In r, = In — • (15.128) 

it follows that a plot of RT In TjV/Nh against the pressure p should give 
the activation volume Ay"^. This is found to be about one-sixth of the 
molecular volume in ordinary liquids and one-twentieth of the molecular 
volume for liquid metals. This latter result indicates that it is the smaller 
metal ion which flows in this case, not the metallic atom. 

In mixtures of normal liquids, involving hole-formation, the ability 
of a particular molecule to flow is determined not so much by its own 
properties as by the readiness of the solvent to contribute holes in which 
it can flow. The explicit expression is 

^ ^ Q(NiAFjA+N2AF2^-^Fcx^i2^b)/RT^ (15.129) 

where AFejc"^ is inserted to take account of the imperfect nature of the 
solution, if any. This reduces, for solutions which are not too imperfect, to 

log 7] = Ni log 7ji -h N 2 log 772 , (15.130) 

an equation discovered by J. Kendall as the best empirical expression for 
the viscosity of mixtures. 

Long molecules probably flow in segments rather than as a whole. 
This is definitely indicated by the fact that observed heats of activation 
are only about 10 kcal. even for large nonvolatile molecules, and also by 
the observation of Flory that the heats of activation are indei)endent of 
chain length for homologous polymers, 

45. Diffusion: Diffusion is aiialogus to viscous flow. A molecule 
moves from one site to the next through the licjuid. The diffusion coeffi- 
cient D for unit cross section is defined by the relation 

dfii 

rate of diffusion = D’-j-y (15.131) 

ax 

where drill dx is the gradient of concentration. The gradient assists the 
forward diffusion and hinders the backward diffusion. Over a distance 
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X from one site to the next the concentration changes by \(dnildx ) ; hence, 
on the statistical theory, 


kT =u 

k^h = niX • — (15.133) 


in which equations ni is the concentration per cc. of the diffusing molecule. 
The net rate kf — A;i is therefore 


X2 


dxh 


(15.134) 


The diffusion coefficient thus becomes 

kT j- 

D = X2 — c-AF+-/i2r_ 

h 


The relation with viscosity is seen by combining 
equation (15.123) yielding 


D = 


XikT 

X2X377 


(15.135) 
this expression with 


(15.136) 


or 


Dt] = const. kTf 


(15.137) 


which is a well-known relation connecting diffusion and viscosity. ^ It is 
obvious also that there must be a close correspondence between the 
influence of temperature on the diffusion and viscosity processes which 
is confirmed by experimental data. 

Across a boundary separating two immiscible solvents a dissolved 
solute in equilibrium shows no net diffusion although there may be a large 
concentration difference. This indicates quite definitely that concentra- 
tion is not the real driving force but rather it is the activity of the solute 
which should be considered. The correction introduced into equation 
(15.136) to take account of this yields the expression 


D = 


XikT r d log ai 
X2X377 L^log A* 


1. 


(15.138) 


where ai is the activity of species 1 in molar concentration iVi. The 
activity can be computed when the vapor pressure data are known. Fig. 
15.16 shows the experimentally observed values for Dtj in the case of two 
mixtures, chloroform and ether, and chloroform and acetone and the 
linear relation with composition that results from computation when the 
activity correction is applied. Water and n-propyl alcohol do not show 
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a linear variation but the calculated curve agrees well with the experi- 
mental values. 

With large molecules diffusing through a liquid composed of small 
molecules the rate-determining mechanism is the passage of the small 
molecules around the oncoming large molecules by the same mechanism 
that these small molecules employ in passing other small juolecules. 
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Fia. 15.16. Activity Effects in Diffusion 


Because of the larger distance tliat the small molecules have to travel to 
get around the larger molecule we may cxpe(‘.t the diffusion of the latter 
to be slower. If we assume that Xi = Xo = Xn = d, the diameter of the 
small molecule, the diffusion expression (15.136) for small molecules be- 
comes D = kTIdrj. For large spherical molecules such as gold sols the 
Stokes-Einstcin diffusion equation (see Chapter 17) gives the slower rate 
D — kT/Sirdi]. 


Exeuciseb (15) 

1. Calculate the number of collisions occurring per cubic centimeter per 
second (a) between two molecules of H 2 , (h) between two molecules of I 2 , and (r) 
between a molecule of IT 2 and one of J 2 in a 50 per cent mixture of II 2 and I 2 at 
a total pressure of 1 atmosphere and at 700° K. The diameters of H 2 and I 2 may 
be taken as 2 X 10”® and 3 X 10'® cm. respectively. 

2. If the collision efficiency in the reaction between sodium atoms and methyl 
fluoride is less than 1 in 10® at 500° C., calculate the minimum energy of activation. 

3 The velocity constant of the reaction Na -f- HCl is 2.5 X 10^^ cc. per mole 
per sec. at 600° K. If the energy of activation is 6250 cal. calculate the effective 
cross-sectional area of the collisions. 

4. In the homogeneous para- to ortho-hydrogen conversion at 923° K. the 
following half lives, r, were obtained for the initial pressures, p, indicated ; 

p mm. 50 100 200 400 

r sec. 648 450 318 222 

Determine the order of the reaction. 

5. With an initial pressure of 42.2 mm. of n-propyl iodide and 172.6 mm. of 
hydrogen iodide at 290° C. the following values for the pressure of iodine de- 
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veloped were obtained at the times indicated: 

i secs. 420 600 840 1200 1680 

Pi^mm. 11.4 16.7 21.2 28.0 32.6 

Assuming the reaction to be bimolecular calculate the velocity constant in cc. 
mole~^ sec.~^. 

6. The ratio of the velocity constants in the hydrogen-chlorine combination 
at 35° and 25° C. is 1.37. Calculate the energy of activation. 

7. The formation of nitrosyl chloride from nitric oxide and chlorine is catalyzed 
by bromine by the formation of an intermediate NOBr which subsequently reacts 
with chlorine. Derive an expression for the total rate of reaction of the catalyzed 
and uncatalyzed reactions. 

8. What difference in the zero point energy between an N — H and an N — D 
bond would be necessary to account for a decomposition ratio of 5 : 1 for NH 3 as 
compared with NDs at 25° C. 

9. During the decomposition of azomethane the following pressur 
methane were determined at the times indicated: 

t min. 0 10 20 33 46 

pmm. 430.8 ^ 371.8 313.6 251.9 205.2 

Calculate the velocity constant in secs.“i. 

10. Assuming a uniform activation energy of adsorption of 6000 cals, for 10 
CCS. of a gas on a particular surface, calculate the relative velocities of adsorption 
of this amount of gas at 127° C., 27° C. and — 73° C. 

dl. At — 78° C., 7 cc. of hydrogen were adsorbed by a manganese oxide 
catalyst at a pressure of 40 mm. At 0° C. the same volume was adsorbed at 165 
mm. Calculate the heat of adsorption. C’omi)are this with the heat of adsorption 
calculated at 305° and 444° C. whore the pressures for comparable volumes 
adsorbed are 5 mm. and 140 mm. respectively. # 

12. In the decomposition of nitrous oxide on gold the half-life was found to 
be independent of the initial pressure. Show that the following data are consist- 
ent with this observation : 

Time mins. 15 30 53 65 80 100 120 

Per cent decomposed 16.5 32 50 57 65 73 78 

13. Following the Langmuir method, derive an expression for the fraction of 
a catalyst surface covered by each of two gases which may be simultaneously 
adsorbed. 

14. The rate of decomposition of ammonia on platinum under certain condi- 
tions may be expressed by the equation dx/dt — k{a — x)jx where a is the initial 
concentration of ammonia and x is the amount decomposed in time t. Deduce 
a relation between the half-life and initial concentration. To what order of 
reaction does this relation correspond? 

15. The apparent activation energy of the low temperature reaction between 
hydrogen and ethylene on copper (see section 30) -is 10 kcal. The heats of ad- 
sorption of hydrogen and ethylene arc respectively 11 and 16 kcal. Calculate 
the true energy of activation. 




CHAPTER 16 


PHOTOCHEMISTRY 

Photochemical reactions are reactions which occur when a system is 
“illuminated/’ that is to say when the system receives, from an external 
source, radiation of a frequency which is practically non-existent in the 
radiation of the system itself. The science of ihotochemistry hitlierto 
has been concerned more esi)ecially with the reactions caused by the li|j;ht 
of the visible and ultraviolet spectrum. This represents but a small 
fraction of the electromagnetic waves now known to be emitted by vibrat- 
ing particles. There has recently dcAmloped a tendency to widen tlie 
scope of the study of reactions brought about by radiations from without 
the reaction system to include all varieties of wave motions. Even- 
tually, it is to be hoped, a general treatment for all such reactions will 
be available. 

When light falls on any body the incident energy may suiTer various 
changes. A portion is generally reflected, a further portion absorbed and 
the residue transmitted. The amounts of the incident light which take 
part in these several i)roccsses vary relatively to one another, depending 
on the wave length of the light and on the nature of the body upon whi(!h 
the light impinges. The total incident light energy must, however, by 
the law of conservation of energy, be equal to the sum of the energies of 
the light reflected, absorbed and transmitted. It is with the light which 
is absorbed from the incident radiation that the science of photochemistry 
is concerned. This fact is embodied in the first law of photochemistry. 

1. The Grotthuss-Draper Photochemical Absorption Law: Grotthuss, 
in 1818, enunciated the fundamental principle underlying all process of 
photochemical change in the statement that: Only the rays that are 
sorhed are effective in producing chemical change. Grotthuss’s statement 
was based upon theoretical considerations alone. Its importance became 
recognized when stated anew by J. W. Draper as a deduction from in- 
vestigations of the photochemical reaction between hydrogen and 
chlorine. “This quality gained by chlorine arises from its having ab- 
sorbed tithonic rays, corresponding in refrangibility to the indigo.” 

Not all absorbed radiation results in chemical change. The numerous 
investigations of spectroscopy demonstrate the occurrence of absorption 
of light in many cases entirely unassociated with chemical change. In 
such case, the light suffers a transformation into one or other forms of 
radiant energy or into change in the energy content of the molecules, 
which change, however, need not result in chemical reaction. Photo- 

463 



464 


ELEMENTARY PHYSICAL CHEMISTRY Ch. 16-2 


chemical change is, therefore, one possible resultant of the absorption of 
radiation. Furthermore, as will be more fully discussed in the sections 
dealing with photosensitization, it is not necessary that the reacting 
species absorb the radiation. Photo-reactions may result from the ab- 
sorption of light by one of the non-reactive constituents of the system. 
The quantitative formulation of the Grotthuss-Draper principle may 
be derived from the quantitative laws of absorption. 

2. Fresnel's Law of Reflection: The proportion of incident mono- 
chromatic light reflected by a surface perpendicular to the incident beam 
is given by the expression 

It = ( i" /o, (16.1) 




where 7o is the incident light, Ir the reflected light, n the refract:jve index 
of the reflecting medium for light of the wave length employed. I Since n 
is a constant for a given medium and given wave length, it follows that 

Ir = RIo, \ (16.2) 

where R is si proportionality factor connecting the two magnitudes. 
From this equation is follows that the light penetrating the medium under 
the above circumstances is given by the expression 


Jo - /r = I = Jo(l - R)^ 


(16.3) 


The quantity of this light, J, which is absorbed by the medium, is given 
by two laws of absorption, one for pure substances, one for solutions. 

3. Lambert's Absorption Law: Equal i)roportions o{ the penetrating 
radiation are absorbed by layers of equal thicknesses of a homogeneous 
absorbing medium. In other words, if I is the penetrating radiation, 
and Id the radiation transmitted by a layer of depth d, the relationship 
between these two magnitudes is given by the expression, 

Id = le-^^. (16.4) 


The constant, k, is the absorption coefficient of the substance for the light 
employed and is dependent, not only on the nature of the medium, but 
also on the wave length of the light employed. The law obviously associ- 
ates the absorptive power with the number of molecules present. In 
equal layers, equal numbers of molecules absorb equal fractions of the 
penetrating radiation. When applied to solutions of an absorbing body 
in a non-absorbing or diactinic solvent, it is evident that the expression 
must be modified to indicate the molecular concentration. 

4. Beer's Law: The absorption of light by solutions depends upon 
the thickness, d, of the layer traversed and on the molecular concentra- 
tion, c, in that layer, 

Jd = (16.5) 
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The constant, 7c', is, in this case, the inoleouhir absorption coefTicieut.^ 
Beer’s law has been tested and found to be valid in many eases. Excep- 
tions are, however, known. It is obvious that in many solutions diflieulty 
will arise in expressing the magnitude of the eoneoiitratiuu of the ab- 
sorbing species. 

For media obeying Beer’s law, it is evident tluit the absorbed light 
is given by the expression 

I - Id /(I - (Hi.O) 

The principle embodied in the Grottliuss-Draper absorption law 
would therefore be expressed mathematically by the equation 

dc 

- = kl{l - (16.7) 

where h is a proportionality factor connecting tlie rate of cliange, dcjdt^ 
with the energy al)S()rl)ed by a layer of thickness d. It Jiiust be cmplia- 
sized anew that all these laws of al^sorption apply only t.o moiuK'hroinatie 
radiation. The ecpiation given rej)resents the siin])lo.st pt)ssiblc relation- 
ship between absorbed light and idiotochemical reatitions; it was foiuid 
to be approximately obeyed by Wittwer in his researches on the photo- 
chemical interaction of dissolved chlorine with water. It will l)e shown 
that many factoi'S may operate to i)roduce deviations from this sim])le 
law connecting al)sorption and extent of rea(;tion. 

5. Actinometry : It is upon an assumption of such a ])roporti()nality 
between chemical reaction and intensity of absorbed light that all ac- 
tinonietcrs are based. The light is measured by measurement of tlie 
chemical reaction produced. Draper used the rat^e of hydrogen and 
chlorine combination as an actinonieter. Bunsen and Jtoscoe in tlieir 
classical researches on the same reaction considerably imi)roved the 
technique of the measurement. They concluded tliat the ordinary laws 
of optics were ol^eycd, in that they found (1) that the reacticjii occurring 
was inversely proportional to the square of the distance fi’oin the soure.e 
of illumination, (2) that the laws of reflection and absorption were like- 
wise applicable. The actinometcr is capricious bcc.ause the reaction is a 
chain reaction but is, for this reason, scjisitive to low light intensities. 
The photolysis of uranyl oxalate solutions has proved the most reliable 
of chemical actinometcr s. The reaction is 

H2C,04 = H,0 + CO + CO 2 . 

The decomposition is measured by permanganate titration and the yield 
has been carefully measured at various wave lengths. 

1 When Beer’s law is expressed in the form la ~ 7 10“ e is frequently 
called the molecular extinction coefficient. 
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The technique of all modern photochemical investigation, correlating 
light energy with chemical energy produced, involves actual physical 
measurement of the energy of the incident radiation, of the fractions 
reflected and absorbed. Thermocouple-galvanometer systems are em- 
ployed, calibrated against standard candle-power sources. Monochro- 
matic radiation is employed as far as practicable, this being attained by 
the use of suitable light filters with arc, filament or mercury-vapor lamp 
sources, or by use of a monochromator which is a spectrograph modified 
to produce a single line or band of a given spectrum. 

The ENEncETics of Photochemical Processes 

The reactions produced by the agency of light include both reactions 
occurring with a free cnci’gy decrease and those in which the direjition of 
change is opposed to the normal operation of the chemical forces of the 
system, in which, therefore, a free energy increase occurs. In the ilormer, 
the normal, '‘dark,'^ or purely thermal reaction is promoted hy the agency 
of the light, which therefore acts somewhat as does a catalyst. \ The 
hydrogen-chlorine reaction is the best known example of such a pr^ess. 

Of photo-reactions in opposition to the normal chemical forces, ac- 
companied, therefore, by a free energy increase, the most important 
reaction is that occurring in the plant kingdom, where carbon dioxide and 
water are converted, in sunlight, into complex organic molecules. In 
such photo-synthesis, free energy is accumulated. It is evident that, 
since the law of conservation of energy must be fulfilled, comparatively 
large amounts of light energy must be consumed in such processes., It 
appears that the efficiency of utilization of light energy Iby green leaves 
to produce chemical energy is high but not ideal. The ozonization of 
oxygen, the decomposition of ammonia and of hydrogen chloride, the 
polymerization of anthracene to dianthracene are also photo-reactions 
opposed to the normal free-energy factors of the reaction system. 

The relationships existing between light energy consumption and 
chemical energy produced were investigated in the era of photochemistry 
prior to the establishment of the quantum theory by determining the 
number of calories absorbed by the reacting system and comparing this 
with the energy change accompanying the chemical process as determined 
from ordinary calorimetric data. With the application of quantum con- 
cepts to molecular processes a new method of approach was possible, as 
was indicated by Einstein in 1905, and developed by him more particu- 
larly in 1912 and 1916. 

6. Einstein’s Concept of Quantum Absorption: Einstein assumes 
that the occurrence of a photochemical reaction is to be ascribed to the 
absorption of quanta of radiation, each single molecule requiring one 
quantum, hvj of a frequency, v, characteristic of the absorbing molecule. 
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The absorption of a quantum of radiation becomes, on such assumptions, 
the primary stage in a photochemical reaction. It is evident that this 
concept brings about a parallelism between the reactions of photochemis- 
try and the phenomena of the photoelectric eiTect and the existence of the 
stationary states of the atom as involved in the Bohr theory of tlie atom 
and of spectral series. It will be reali7e<l, however, that the aj)jilica( u)n 
of quantum concepts in the two latter phenomena will, in general, be 
simpler than in the case of photochemical reaction ; for, w itli i)hotochcm- 
ical processes, it is only the primary process wliich will involve the simple 
quantum relationship. This primary proi'oss may be succeeded by 
further processes, initiated by the quantum process, to yield the net 
observed photo-reaction. The secondary processes will, in general, bo 
entirely independent of tlie light action. They may be so consiileral)le 
as to mask almovst completely the energy change inherent in the primary 
quantum absorption, wliich alone will be governed by the nature and 
intensity factors of the light absorbed. 

We may examine the energy, E, obtained in the absorption by a gram 
molecule of an absorbing reactant, when each moU'ciilc receives a quan- 
tum, hv^ of frequency v. The relationship existing is 

E = Nhvy (J().8) 

where N is the Avogadro constant. The following tabic gives the magni- 
tude of hv in ergs and of E in calories for several typical wave lengths in 
the visible and ultraviolet spectrum. 


TABLE IC.l 

Energy Corresponding to Various AVave Lengths of Light 


Color of Light 

Wave lengtli in 
Angstroms 

hv 

ergs 

E Nhv 
l.ltloiieB 

Red 

7500-6500 

2.G2-3.02X 10-12 

37,800 •43,030 

Orange 

6500-5900 

3-02-3.33X10-12 

43,630-48,000 

Yellow 

5900-5750 

3.33-3.42X10-12 

48,060-49,320 

Green 

5750-4900 

3-42^.01X10-12 

49,320-57,880 

Blue 

4900-4550 

4.01-4.32X10-12 

57,880-62,330 

Violet 

4550-3950 

4.32^.97X10-12 

62,330-71,800 

Ultraviolet 

2000 

9.9X10-12 

142,000 


It is at once evident that the absorption of light brings to a reaction 
system considerable energy quantities, whereby secondary processes of 
change may be secured. The table shows, qualitatively at least, why, 
in general, photo-reactions are more frequently initiated by ultraviolet 
light than by visible light. Energy is accumulated in larger units with 
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the shorter wave lengths of light. Following Bodenstein and Wagner, 
we may call the energy quantity, E, the energy of 6.0 X 10-^ quanta, or 
the energy absorl:)ed by one mole, one Einstein, analogous to the faraday 
in electrochemistry. 

The Primaiiy Absorption Process 

Our knowledge of the primary processes of light absorption in photo- 
chemical systems is due, in large measure, to the investigations of the 
spectroscopist in atomic and molecular systems. From such studies, we 
learn what arc the primary products of the absorption process. The 
succeeding secondary processes are determined by the chemical kinetics 
of the system produced in the primary process, which systems will be 
found often to contain free radicals and atoms. For this reason, the 
study of photo-processes, in the two separate stages, constitutes an im- 
portant auxiliary to the general subject of chemical kinetics. \ 

7. Absorption by Atomic Systems: It has already been pointed out 
(Chap. 4, 8, 9), that the absorption of light by atoms, normally present 
in an uiiilluminated system in the lowest energy state, produces Wtlier 
excited atoms by absorption of definite energy quanta, appearing in the 
spectra as absorption lines, or, alternatively, ionization to ion plus elec- 
tron, in which case tlic si)ectrum reveals a continuous, non-discrete ab- 
sorption beyond the frequency which corresponds to ionization. The 
excess energy in the continuum above that required for ionization is 
dissipated as kinetic energy of the ion and electron fragments. Hence the 
absence of quantization. We can illustrate this general behavior price 
more in reference to an atomic system of importance in photochemical 
reactions. Mercury in its normal atomic state absorbs light at 2536.7 A, 
the first resonance line, corresponding to an energy of 4.865 e.v.^ or 112,000 
calories. The second resonance line is at 1849.6 A corresponding to 
6.674 e.v. or 153,500 calories. The ionization limit beyond which the 
absorption is continuous occurs at 1188 A, the ionization energy being 
approximately 10.4 e.v. or 240,000 calories. Such energy quantities 
absorbed by mercury atoms under suitable illumination can only become 
available for photochemical change when they are transferred, either 
wholly or in part, to other reactive systems by collision processes. In the 
absence of such collisions the energy absorbed by the mercury atoms will 
be remitted as fluorescence radiation. By an analysis of this emitted 
fluorescence as a function of mercury concentration and pressure of ad- 
mixed gas the conclusion can be reached, from ordinary collision calcula- 
tions, that the excited state of the mercury atom may endure for about 
10”® sec. unless robbed of its energy by collision with other atoms or 
molecules. 


^ e.v. electron volt. 
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The extinction of mercury fluorescence by added air was observed by 
R. W. Wood in 1912. Other gases behave similarly though each gas has 
its own specific eflicieiic}^ in transforming the energy of light absorption. 
Different gas molecules sliow widely varying cfliei(MH*ies in the quenching 
of fluorescence. We can express this variation in the form of Table 10.2 


TABLK 16.2 

Collision Cross »Sections in Extinction of Mercury Fluorescence 


Gas 

X 101“ 

an Extinction 

X 10»“ 

Gas Kiuotio 

CJas 

X 10'" 

in L’j.vtinrUon 

a3 X lOi" 

Gas Kinolic 

O2 

13.9 

10.7 

CH4 

o.ori'Jd 

11.6 



G.Ol 

8.87 


0.115 

16.4 

CO 

4.07 

11.6 

Calla 

1.62 


NH3 

2.94 

lO.S 

CMIio 

4.11 


C02 

2.48 

11.6 

He 

0.00 

7.83 

II20 

1.00 

lO.O 

Ar 

0.00 

10.4 

N2 

0.19 

n.2 

Hr 

— 

13.4 


which records the effective cross sections oi various colliding molecules 
in extinguishing the fluorescence of mercury. 

The table compiled from data by »Stua'’t, Zemaiisky a,ud Fates gives, 
for comparison, the collision cross-sections derived from kinetic theory 
data. The tabulation shows that both oxygen and hydrogen are efficient 
quenching agents for mercury fluorescence showing collision cross-sections 
comparable with gas kinetic values. Nitrogen, methane, helium and 
argon are particularly inefficient as (picnching agents. Carbon jnonoxide, 
ammonia, carbon dioxide and water vaj^or are only moderately efficient. 
This pronounced specificity in the exchange of energy from electronic 
excitation of the mercury to energy of the colliding molecule is known to 
depend upon the capacity of the colliding molecule to take uj) the energy 
available in some form of quantized excitation, generally either of vibra- 
tion or rotation with the minimum simultaneous production of kinetic 
energy. In certain cases, notably hydrogen, the whole of the energy of 
the excited mercury atom, 4.865 e.v., is consumed in the collision. In 
other cases, notably with nitrogen, only a small fraction of the energy of 
the mercury is consumed, 0.218 e.v., whereby the mercury atom passes 
from the normal excited state OPi) to a metastable state (d^o) of lower 
energy. These latter atoms may have much longer lives than sec. 
since they cannot revert to the normal state by radiation ; they may, how- 
ever, gain energy by collision or surrender their energy in the same way, 
returning to the normal state of the mercury atom (^S). 
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We may summarize the possibilities of energy transfer by excited 
atoms in the following processes; 

(a) The energy may be utilized in exciting other atomic systems elec- 
tronically. This was indicated by Carlo and Franck with mixtures of 
mercury and thallium vapors. The processes occurring may be repre- 
sented by the reversible reaction 

11 g' + Tl Tl' H- Jig + Kinetic Energy, 

where the prime (') indicates an excited atom. 

(b) The energy may he utilized in exciting molecular systems in either 
vibration or rotation or both. For example, with ammonia 

Hg'OPO + NIl3-> NHa' + T-IsePo). 

The ammonia is excited to a vibrational level with an energy 'change 
roughly C(pial to that lost by the mercury, the excess energjA being 
converted to kinetic energy. \ 

(c) IVie energy may be utilized in interaction with colliding syslcnis\ For 
examide, with hydrogen, excited mercury forms mercury hydride \ 

Hg' + H2 = HgH + H. 

This represents the sim])lest tyj)e of secondary reaction succeeding the 
primary absorj)tioii ])roccss. 

(d) The energy may be utilized by the colliding gas for a reaction in 
which the excited atom surrenders its energy hut is chemically unchanged. 

A simple case of this kind may be illustrated by the equation : 

# 

Hg' + II 2 = Tig + 2H. 

The mercury is said to sensitize the dissociation of hydrogen to the wave 
length of light absorbed by mercury. The process is known as photo- 
sensitization. The sensitization of photographic emulsions to wave 
lengths such as green, yellow and red, by bathing the emulsion in suitable 
dyestuffs, is an important example of photosensitization. 

8. Absorption of Light by Molecular Systems: The spectra of mole- 
cules are more complex than those of atoms because of the possibility of 
rotational and vibrational changes in addition to changes in electronic 
excitation (Chaj). 4, ]0). Three types of absorption, readily recognized 
in the spectra of molecules, are of importance in the discussion of the 
primary processes in photochemical absorption. They may be sum- 
marized thus: 

(a) Continuous Absorption, which, by analogy with the continuous 
absorption revealed by atomic systems at and beyond the ionization 
energy limit, is ascribed to a dissociation of the absorbing molecule into 
fragments, either atoms or radicals. 
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(b) Discontinuous Fine-Structure Band Absorption, yielded by transi- 
tions from one electronic-vibrational state to a second such stfite, the fine 
structure of the band indicating that the rotational energy of the luoJccide 
is quantized. 

(c) Discontinuous Diffuse Structure Band Absorption or Ptrdissociation 
Spectra, also involving changes between two electronic-vibriitioind states, 
the diffuse structure of the band indicating tliat the rotational quantiza- 
tion of the molecule no longer obtains. 

9. Continuous Absorption : It was pointed out by J'Vanck in 1924 that, 
in the region of continuous absorption of the diatomic molec\d«^s Ch, Br.., 
1 * 2 , the primary process of absorption is to be interpreted as a. dissociation 
of the molecule into atoms, one a normal, the other an electronically 
excited atom. The process may be written tlius: 

X. -h /? = X + X'. 

Since the excitation energies of the halogen atoms are known, it is p(»,ssilde 
to verify this interjiretation by comparing the energy of tlu' long wave 
length limit of the continuous absorption (where the atoms separate with 
negligible kinetic energy), or, what is the same thing, the energy at the 
convergence limit of the fine-structure band absorption, with tlie heats of 
dissociation of the halogen molecules. These must differ by the energy 
of excitation of the atoms. The following Table 10.3 shows how well 
this interpretation expresses the facts. 


TABLE 16.3 

SpECTROscoric Data and Heats of Dissociation of TIaeogens 


Gas 

(1) 

Convorgpiico 
Limit (\e) 

in A. 

(2) 

Nhu in kcal. 
for Xc 

(3) 

Excitation 
Energy of Atom 

(4) 

Si)ectroH('f»i)ic! 
Heat of J)ia- 
Boi-iatioii 
(3)“ (4) 

Thoi ino- 

Jleat 
of DiHHociiition 
(I'O 

CL .... 

4785 

59.4 kcal. 

2.5 kcal. 

56.9 kcal. 

57.0 kcal. 

Br2 

5107 

55.6 

10.5 

45.1 

46.2 

I 2 

4989.3 

56.97 

21.59 

35.38 

31.5 


Actually, at the present time, the spectroscoi)ic values for the heats 
of dissociation, so obtained, are more trustworthy than the thermo- 
chemical values determined from equilibrium measurements. In a 
similar manner hydrogen shows a convergence limit at 984 A (== 14.53 
e.v.) forming one normal and an excited atom having excitation energy 
equal to 10.15 e.v. Hydrogen iodide and the vapors of the silver lialidos 
dissociate similarly on illumination, the halogen atom, in each case, being 
the excited atom. 
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With other molecules a whole series of dissociation processes have 
been shown to occur with absorbed quanta of appropriate energy in the 
continuous region of absorption. Thus, for example, with sodium iodide 
vapor, dissociations into two normal atoms, and into one normal and one 
excited atom, have been located. In the latter case either the iodine atom 
or the sodium atom may be excited and two types of excitation have been 
found in the latter case. We may summarize these possibilities in the 
following equations: 

Nal + El = Na + I, 

Nal + E 2 = Na -f I', 

Nal + ^3 = Na' + I, 

Nal + E^ = Na" + I. 

j 

The energies Ei, E^^ E^ and E^ are successively increasing j quanta 
corresponding to jirogressively shorter wave lengths. E\ occuri above 
3900 A, and differs in energy from E^ by about 22 kcal., the excitation 
energy of iodine. En corresponds to wave lengths of 2500 A or ^lorter 
and the product is excited sodium yielding the D sodium line, ^97 A 
(=48 kcal.). Ei corresponds to a wave length of 18G2 A and the ex- 
citation of the sodium is to the second resonance level at 3302 A 
(=86 kcal.). Other alkali halides show similar behavior. 

10. Discontinuous Fine Structure Band Absorption: Fine structure 
bands in the absorption spectra of molecules indicate a transition from 
one electronic-vibration al-rotational discrete state to another at a higher 
energy level. The molecule thus becomes excited, and we may represent 
the process by the equation # 

AB A-E = (AB)\ 

The life time of such excited molecules is definite and brief as in the case 
of atoms so that, unless collisions intervene, the energy absorbed may be 
re-radiated as fluorescence. We may expect, and actually find, such 
fluorescence at low vapor pressures. The fluorescence of iodine vapor 
studied by Wood is of interest in that it demonstrates that molecules can 
accumulate, by light absorption in the fine structure region, energies very 
considerably greater than their dissociation energies. Thus, in the case 
of iodine, the fine structure region persists right up to the convergence 
limit, 4989.3 A already discussed, and therefore excited molecules may be 
obtained with, in the limit, 21.59 kcal. of energy greater than the heat of 
dissociation (35.4 kcal.) without undergoing dissociation of themselves. 
Such energy-rich molecules will, however, readily dissociate on collision. 
High pressures of iodine vapor or added foreign gases suppress, therefore, 
the fluorescence phenomenon. Such collision processes, succeeding light 
absorption in the fine-structure region, produce in a two-stage process 
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results analogous to those just discussed in the continuous region where 
light absorption alone, without collision, produces dissociation, 

11. Discontinuous Diffuse Structure Band Absorption: Predissocia- 
tion Spectra: Henri discovered a number of spectra showing the dis- 
continuous band structure characteristic of quantized eleetroni(’-vibra- 
tional transitions, the bands, however, revealing, even under higli 
resolution, no sharp line structure characteristic of quantized rotation of 
the molecule. Transitions from fine-line to diffuse structure bands can he 
found to occur either suddenly or gradually. In the latter case i.he fiiiev 
line structure becomes increasingly diffuse in successive bands, aiid may 
then gradually increase again in sharpness. Such sj^ectra were termed 
predissociation spectra by Henri. Their interpretation was given hy 
Bonhoeffer and Farkas and by Kronig, and 
is dependent on resonance effects in the 
molecule, on a coupling between the 
electronic jumps and the vibrations of the 
nuclei. If a particular electronic level of 
a molecule is energetically higher than the 
position of continuous absorption of the 
molecule which is lowest in energy, then 
there will be resonance between the two 
states and the molecule will pass, within a 
half-period of vibration, from the first elec- 
tronic state to the second in which dis- 
sociation will spontaneously occur. Such a 
condition is indicated in the accompanying 
Fig. 16.1. Since the frequency of rotation 
is much less than that of vibration there 
will be absence of rotational structure in 
the original vibrational band. The more 
complex the molecule the greater the possi- 
bility of such an energy resonance. In the 
case of the diatomic molecule S 2 predis- 
sooiation bands are, however, found. The spectra of NO 2 and NH 3 
show diffuse discontinuous bauds, important photo(;hcmically, and these 
must be interpreted in the manner just outlined. The al)Sorption 
produces a molecule in a particular state of electronic excitation which 
passes by resonance to an unstable state in which dissociation occurs. It 
is to be noted that this dissociation is independent of molecular collisions 
as is true of continuous absorption. The total i)rocess is, however, more 
complex, involving three stages, absorption, resonance and consequent 
dissociation. With polyatomic molecules, in which such predissociation 
phenomena are common, the spectroscopic evidence docs not define the 
nature of the dissociation products. Thus, with ammonia, showing 
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Fio. 16.1. Itesonance be- 
tween lOlectronic States Pro- 
ducing Diffuse Spectra. 
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diffuse spectra around 2200 A, these products might be NIi + H 2 or 
alternatively NH 2 + H. Other possibilities are ruled out on energetic 
grounds. The decision as to what the products are must be reached on 
other, generally experimental chemical, bases. 

12. The Franck-Condon Principle: The importance in photochemistry 
of the nature of the absorption process whether continuous absorption 
or discontinuous band absorption suggests an inquiry into the factors 
determining which of the two types of absorption occur. The factor of 

greatest weight is embodied in a principle 
first enunciated by Franck and given a theo- 
retical basis by Condon. The principle may 
best be explained in reference to a diagram, 
Fig. 16.2, which shows schematically the 
potential energy curves of two states of 
electronic excitation of a diatomic mblecule. 
The lowest curve represents that W the 
molecule in its normal state, the lowest hori- 
zontal line representing the zero point qnergy 
of the normal molecule. The zero olf the 
potential energy refers to the two normal 
atoms at infinite distance from one another 
as in Fig. 4.4 (Chap. 4, 12). In the upper 
curve the potential energy at large values of r refers to one normal and 
one excited atom, the vertical distance between the horizontal portions 
of the two curves representing the energy of electronic excitation of the 
one atom. The minimum in the upper curve occurs at^the equilibrium 
distance of the molecule in its particular state of electronic excitation, 
the horizontal lines indicating successive vibrational states of the same 
molecule. Rotational states of the molecule in each vibrational state 
are to be understood but are not shown in the diagram. 

Discontinuous band absorption is rei)resented in the diagram by 
transitions from rotational- vibrational levels in the lower curve to 
rotational-vibrational levels in the upi)er curve. Transitions from levels 
in the lower curve to positions on the upper curve at energy levels higher 
than the horizontal portion of the curve represent continuous absorption. 
The reason for this is clear. A molecule in such a position on the upper 
curve will during the next half-period of vibration pass down through the 
minimum and out to infinity; dissociation into the two atomic products 
will have occurred. The kinetic energy with which the atoms separate is 
measured by the height above the horizontal portion of the curve from 
which the molecule starts on its dissociative process. 

The Franck-Condon principle states that the time occupied in the 
electronic transition involved is so brief, compared with the period of 
vibration, that it occurs without marked change in the distance separating 



Fig. 16.2. Potential En- 
ergy Curves Illustrating the 
Franck-Condon Principle. 
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the nuclei in the molecule. Such transitions must therefore be repre- 
sented in the majority of cases by vertical lines. Since the kinetic energy 
of the molecule is zero at the distances fi and ra at the extremities of a 
vibrational level, these are the positions in which a molecule will exist for 
the longest intervals of time and are therefore the most probable i)ositious 
from which the vertical transitions will occur. 

The question, therefore, whether a transition leads to dLssociation or 
not depends upon the position of the upper curve relative to the lower 
curve. Also, since, in absorption at ordinary temperatures, the majority 
of the molecules are in the lowest vibrational state the occurrence of 
continuous absorption or discontinuous band absori)tion depends upon 
whether the verticals from the extremities of this level cut the ui)per curve 
above or below the horizontal portion of the upper curve. If above, 
continuous absorption results; if below, discontinuous. Each state of 
electronic excitation will have its own characteristic curve. Not all of 
these may be stable with potential energy minima. Some may be re- 
pulsive as in the case shown in Fig. 4.4 (Chap. 4, 12). All transitions 
from stable states to such rei)ulsivc states result in dissociation. The 
energy level at large distances determines the nature of the dissociation 
products. If this is identical with that of the stable molecule the products 
are the unexcited atoms, of which we have discussed one example in the 
case of sodium iodide. 

13. Light Absorption by Liquids and Solids: The preceding discussion 
has referred essentially to matter in the gaseous condition sinc^e the 
phenomena are relatively simidcr due to the small intermolecular effects. 
With licpiids and solids the influence of neighboring molecules becomes 
very important and the absorption phenomena consequently more com- 
plex. These effects may be cxi)ectcd to be least with liquids and solids 
having high vai)or pressures, indicative of small intermolecular attrac- 
tions. In such cases similarities between the spectra of the gaseous and 
the condensed phases have been established. The spectral lines in con- 
densed systems are however less sharp than in gaseous systems. Even 
the latter at high pressures show the broadening effects due to inter- 
molecular attractions. 

Dissociation and solvation of ions are further complexities in solutions 
of electrolytes. In a few cases, notably some of the rare earth ions in- 
vestigated by Freed and Spedding, the absorption si)ectra show a fine 
line structure both in solution and in the solid state. This is to be at- 
trU)uted to electronic transitions within the ion. Transitions of electrons 
on the outside of ions generally give diffuse absorption. The more polar 
the solvent the greater the influence on the absorption of the solute. 

Discrete and continuous regions of absorption have the same sig- 
nificance as with gases. The subsequent consequences of such absorption 
are, however, modified by the presence of the condensed phase. Thus,, 
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a continuous absorption leads to dissociation in one act, but the oppor- 
tunity for immediate recombination of the fragments in condensed phases, 
especially liquids, is so very much greater than in gaseous systems, since 
such recombinations are often three-body processes, relatively rare in 
gases; in liquids a very much larger proportion of all collisions can be 
regarded as three-body collisions. Such a factor will have the effect of 
decreasing the efficiency of the primary process of absorption and hence 
the net photochemical yield in liquid systems. Such net yield will how- 
ever, in condensed phase as in gaseous, depend on the chemistry of the 
system produced by the process of light absorption. 

The Secondary Chemical Processes 

We shall illustrate the dependence of net yield of the photochemical 
process on the chemistry of the system produced by the primary process 
of light absorption by considering three photo-reactions : (a) the decompo- 
sition of hydrogen bromide and iodide, (b) the hydrogen-bromine reaction, 
(c) the hydrogen-chlorine combination. In each case the primary process 
is the same, the production of one normal and one excited atom by the 
light-absorbing diatomic molecule. In reaction (a) few steps succeed 
the primary process, and there is a close correlation between light ab- 
sorbed and molecules reacting. In reaction (b) the secondary processes 
are temperature sensitive and so the yield per unit of absorbed light is 
determined by the temperature. In reaction (c) the products of the 
primary absorption process can initiate a prolonged chain of secondary 
processes so that an enormous yield of reaction products can be secured 
per unit of absorbed light. ' 

14. The Decomposition of Hydrogen Bromide and Hydrogen Iodide : 
The primary process can be represented thus: 


11X + E = 11 X'. 

The possible secondary processes are: 

(1) 

H -h HX = H. -h X, 

(2) 

X + HX = X 2 + H, 

(3) 

H -h H = H 2 , 

(4) 

X + X = X 2 , 

(5) 

H -f X = HX. 

(6) 


Of these, (2) occurs practically at every collision and is therefore much 
more important than (4) and (6), which are three-body processes, as the 
method of removing atomic hydrogen from the system, owing to the 
relatively high concentration of HX compared with H and X. Reaction 
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(3) is so strongly endothermic that it does not occur either with bromide 
or iodide at ordinary temperatures. Halogen atoms disap])ear therefore 
by reaction (5) probably mainly as a wall-reaction, in part also as a three- 
body process depending on the halogen atom concentration. On this 
basis the total process is 

HX + ^ = H + X' (Primary Absorption Process), 

H 4- HX = H 2 + X (Secondary Chemical Process), 

X + X = X 2 (Secondary Chemical Process). 

One einstein of light energy should thus effect the decomposition of two 
moles of the halide. 

Warburg established this experimentally by his studies of hydrogen 
bromide decomi)osition in a stream of hydrogen or nitrogen at the two 
wave lengths 2090 A and 2530 A and of hydrogen iodide at 2090, 2530 
and 2820 A. The results obtained were decisive from the standpoint of 
quantum theory. Thus, for hydrogen iodide, we may express the results 
ill terms of the number of gram atoms of iodine produced per gram calorie 
of light energy employed. We thus obtain the data in the following table. 

TABLE 1C.4 

Photochemical Yield of Iodine prom Hydrogen Iodide 

Wave length in A 2070 2530 2820 

Mole (JI 2 ) X 10® per gram cal 1.44 1.85 2.09 

These results show that, per gram caloric of light energy, tlie extreme 
ultra-violet is less efficient than tlie longer wave-length liglit. This sur- 
prising result, comi)letcly inexplicable without quantum theory, becomes 
immediately understandable when the quantum relationship is intro- 
duced. The calculation then shows that, at each wave length, two moles 
of hydrogen iodide are decomposed per einstein absorbed, with a maxi- 
mum deviation in all experiments of not more than 5 per cent, a deviation 
well within the experimental error. This ratio is also obtained by 
Bodenstein and Lieneweg for liquid hydrogen iodide at room temperature, 
for the gas at 150-175” C. and by Lewis for the gas at 0.1 mm. pressure. 
These and similar studies with hydrogen bromide exhibit strikingly the 
importance of the quantum relationship in photochemical reactions when 
the succeeding reactions are few. 

15. The Hydrogen-Bromine Combination: The primary process in the 
region of continuous absorption by bromine is 

Br 2 + £? = Br + Br'. 

Bromine atoms so produced can undergo the same sequence of secondary 
processes as we have already discussed in the treatment of the thermal 
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reaction (15, 17). In this photo-reaction the bromine atom concen- 
tration is determined by the number of light quanta, n, absorbed by 
bromine per cc. per sec. (since each quantum yields two atoms) and the 
constant expressing the rate of recombination of the atoms. The 
bromine atom concentration in light becomes (Chap. 15, 21) 

[Br3 = (16.9) 


and the rate of hydrogen bromide formation, analogous to the thermal 
kinetics, becomes 

d[HBr] 2fc2CH2]-s/n/fc6 


+ 


dt 


1 + 


A;4[HBr] 

A;3[Br2] 


(16.10) 


an equation which indicates a rate proportional to the square root of the 
intensity of absorbed light, This was verified in a detailed Wperi- 

mental study, by Bodensteiii and Ltitkerneyer, of the reaction Vn the 
temperature interval 160-218® C. The equation shows that the\ yield 
per unit of light absorbed is mainly dependent on the constant of the 
reaction (2) ^ 

Br + H 2 = IIBr + H, 


which steadily increases with temperature, since k^ and Ica are relatively 
independent of temperature. Jost has studied the reaction in the fine- 
structure band absorption region around 5650 A. He found tliat in this 
region the reaction velocity was practically identical per unit quantum of 
light absorbed with that obtaining in the region of continuous absorpijion. 
It is evident, therefore, that the excited molecule produced by the 
primary absorption process at 5650 A must, by collision, decomi^ose into 
atoms without further energy increment and set up the same chain of 
secondary reactions already discussed. 

16. The Hydrogen-Chlorine Combination: At wave lengths shorter 
than 4785 A chlorine shows a continuous al)Sori)tion. Hence the primary 
absorption process yields one normal and one excited atom 


CI 2 + = Cl' + Cl. 


Two secondary reactions are possible in hydrogen-chlorine mixtures, 

Cl + II 2 = HCl + H, 

H -h CI 2 = HCl + CL 

Theoretically, then, one might anticipate a long chain of secondary 
processes succeeding the primary absorption. This is confirmed by the 
measurements of Bodenstein and Dux who found that, in highly purified 
mixtures of the moist gases, at atmospheric pressure, yields of the order 
of 10® moles per einstein were recorded. Both stages in the proposed 
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chain are known to be possible. Taylor and Marshall showed that 
hydrogen atoms would produce a chain of reactions in a hydrogen-chlorine 
mixture. Polanyi and Bogdandy have shown that chlorine atoms from 
the interaction of chlorine and sodium vapor would behave similarly. 

As has long been known, the sensitivity of the gas mixture is very 
dependent on its purity. The induction period, the slow attainment of a 
maximum velocity some time after the initial moment of illumination, was 
elucidated by Chapman, Burgess and MacMahon. This ptn-iod of re- 
tarded action was always conditioned by the presence of foreign sub- 
stances in the containing liquid or on the walls of the glass vessel or 
introduced with the gases into the reaction vessel. Various nitrogen 
compounds, including ammonia and albumens, were especially eflicient 
in this induction period. They were removed by chlorination. Elimina- 
tion of such impurities eliminated the induction period. Oxygen, how- 
ever, retards the rate of reaction even in the absence of such impurities, 
and to an extent approximately proportional to its concentration. The 
enormous effect of oxygen in reducing the rate of reaction, even when it is 
present in small concentrations, is consistent with the high yield of the 
secondary processes. The removal of a hydrogen or chlorine atom by 
reaction with oxygen would eliminate all the subsequent reaction steps 
that would follow in absence of the oxygen. If every cliain were stopped 
after the first stage, the velocity would be reduced ~ 10^* fold. 

Atom chains of the type postulated would be broken by removal of 
the atoms at the walls of the containing vessel owing to recombination. 
The influence of the walls on yield might therefore be anticipated and 
is actually found at low pressures or in vessels of small dimensions. 
Marshall and later Trifonoff showed reduced jdelds per einstein absorbed 
at pressures below 60 mm. and Cha))man and Grigg have shown the same 
for capillary tubes. This effect of capillaries on atom recombination ac- 
counts for the failure of Bodenstcin and Taylor and later of Marshall to 
obtain reaction by illuminating the chlorine alone and passing it directly 
(but, owing to the experimental demands, through capillaries) to un- 
illuminated hydrogen. No reaction was observed under these circum- 
stances even 10“^ sec. after illumination. The efficiency of glass in 
causing the recombination of chlorine atoms has been independently 
demonstrated by Polanyi and Schay, in their studies of chemiluminescence 
from the interaction of sodium vapor and chlorine. 

Weigert and Kellermann have decisively demonstrated by experi- 
mental methods the existence of a chain of secondary reactions in the 
hydrogen-chlorine combination. The hydrogen chloride produced on 
illumination from a momentary intense spark is not obtained instantane- 
ously but in an after-effect extending over 0.01 sec. after illumination. 
The purer the gas mixture the larger the duration of the after-effect. As 
already mentioned, in order to secure this effect, both gases must be 
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illuminated simultaneously or the experimental arrangement must be 
such as to obviate recombination of chlorine atoms. 

The velocity of combination of the moist gases is directly proportional 
to the intensity of absorbed light and not, as in many photo-reactions 
involving halogens, to the square root of the intensity. This factor in 
the kinetic expression indicates that chlorine atoms are removed singly 
in the gas phase by inhibitors and not by a triple collision of two atoms 
and a third body to yield the molecules; or, alternatively, recombination 
of chlorine atoms is a wall reaction. Recombination of chlorine atoms by 
triple collisions in the gas phase would yield a proportionality to in 
the kinetic expression. 

The precise mechanism of the inhibitory processes which destroy the 
hydrogen and chlorine atom links in the chain is still the sul^ject of 
discussion. j 

17. The Decomposition of Ammonia: As an example of a \ photo- 
process produced by absorption in diffuse-structure bands we cite the 
case of ammonia decomposition by light of wave length 2200 A and 
shorter. The bands are quite diffuse. Warburg found comple^ de- 
composition with nitrogen and hydrogen in the stoichiometric raiio as 
products. He found the yield at room temperatures to be 0.25 mole 
decomposed per einstein absorbed. Kistiakowsky and Wiig have con- 
firmed this result, the latest measurements of Wiig, however, indicating 
that the yield is dependent on the pressure. It is low at pressures of a 
few mm., rises to a maximum at ~ 100 mm. pressure and then slowly falls 
as atmospheric pressure is approached. The diffuse nature of the spec- 
trum and the ideas already expressed concerning the causgs of predissbeia- 
tion spectra might lead one to expect a yield of one mole per einstein 
absorbed. The low yield has been the object of much study from which 
it has been learned that the primary dissociation upon light absorption is : 

Nils + E = NH 2 + H. 

The presence of atomic hydrogen has been shown by Melville to reduce 
considerably the overall photo-decomposition so that the low quantum 
yield is to be attributed in part to the reverse process of recombination 


NH2 + H = NH3. 


The variation of yield with pressure indicates that the walls assist this 
at low pressures. The yield at any given pressure is independent of the 
intensity over wide variations of this magnitude. The secondary 
processes do not involve either nitrogen or hydrogen molecules since these 
are without influence on yield. The actual yield of nitrogen and hydro- 
gen is obtained by secondary reactions of the Nn 2 and H which do not 
recombine to form ammonia, approximately one-fourth of the total pro- 
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duced in the primary process. All the various methods of disappearance 
of the primary products must be dependent in the same manner on con- 
centration in order to account for the observed independence of liglit 
intensity. 


Photochemical Reactions in Liquid Systems 

As examples of reactions in liquid systems we choose two where tlio 
yield in moles per einstein is below unity and a p:roup of reactions in 
which the secondary processes effect a high yield per unit of absorbed 
light. 

18. Decomposition of Potassium Nitrate Solutions: Warlnirg studied 
the photochemical yield of nitrite in solutions of potassium nitrate l.>y 
the action of ultra-violet light of wave lengths 2070, 2530 and 2820 A. 
The yield was in all cases less than one mole nitrite jicr einstein but 
increasing with increasing concentration, decreasing with increasing wave 
length. Warburg suggested that, in such condensed systems, the ab- 
sorbed quantum was dissipated by ‘damping’ in the act of al)sorpti()Ti, the 
energy being shared with solvent molecules. The broadening of absorp- 
tion bands by increased pressure, about wliich not too nnicli is yet known, 
is involved in this jiroblem. In the meantime, we may think of the total 
process in terms of the formation of an excited molecule (or ion, in aqueous 
solution) by the primary process, its reaction or alternatively its deactiva- 
tion, without reaction, by collision with solvent molecules. Warburg’s 
data are given in Table 16.5. 


TABLE 16.5 


Photochemical DncoMrosiTioN of Potassium Nitrate 8oluitons 
(0.0033 N NaOlI) 


Wave length ™ 

2070 

2530 

2820 k. 

Concentration 

0.33 N 

0.25 

0.17 

0.024 

0.033 iV 

0.19 

— 

— 

0.0033 A 

0.10 

— 

— 


19. Decomposition of Oxalic Acid Solutions: Early work of Jicrthelot 
and Gaudechon on this reaction has been extended by Allrnand and Reeve. 
They find that in the initial stages of the reaction the acid is decomposed 
quantitatively to formic acid and carbon dioxide, in agreement with the 
earlier investigators. Light of wave length longer than 3000 A is also 
active photochemically, but the quantum yield decreases very rapidly 
with increase of wave length. At 2650 A, a value of 0.0 i was obtained; 
at 3650 A, the yield had fallen to 0.00095 mole per einstein. 
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This reaction is sensitized by uranyl salts. Leighton and Forbes have 
made a most careful study of this reaction in nine monochromatic radia- 
tions, with solutions of various concentrations. The gross quantum yield 
at 25° C. for a solution 0.05 M in oxalic acid and 0.01 M in uranyl sulfate 
varies between 0.60 at 2540 A and 0.58 at 4350 A, with a minimum of 0.49 
at 3660 A. These values are approximately half those previously ac- 
cepted, and this is important, since such solutions have been used for 
actinometric purposes. The velocity increases in the ratio of 1 : 1.03 
per ten degrees in the range 10 to 25° C. both at 3660 and 3130 A. The 
results support an earlier conclusion of Biichi that the photolyte is a 
complex which may be U 02 HC 204 ‘‘' or UO 2 C 2 O 4 or some optical cluster 
of this type. Leighton and Forbes regard it as improbable that photolysis 
depends on collisions between excited U02'‘"^ and 1120204 . If the acidity 
of the solution is kept high, the products are H 2 O, CO and CO 2 . j When 
the acid concentration is lower, formic acid and carbon dioxide become 
increasingly important products. \ 

20. Reactions in Liquid Systems Showing High Quantum Yields: 
That very many secondary processes may succeed an initial absoi^ption 
in liquid systems has been convincingly demonstrated by Backstr^in in 
the case of sodium sulfite oxidation in aqueous solution. Backstrom 
found that as many as 50,000 molecules of sodium sulfite react per ab- 
sorbed quantum of light of wave length 2536 A. 

It has long been known that the thermal oxidation of these solutions 
at room temperatures was suscei)tible to inhibition and also that the 
reaction was very sensitive to minute amounts of accelerating agents, 
notably, according to Titoff, copper salts. The association of these facts 
led to the Luther-Titoff theory that inhibitors act by suppression of a 
positive catalyst. While this is one possible mechanism of inhibition it 
will be seen that the phenomenon of inhibition may be expected in any 
reaction in which a large number of secondary processes succeed the 
primary activation process, whether thermal or photochemical. This 
point of view was first put forward by Christiansen. Any reagent which 
reduces or suppresses the chain of reactions succeeding the primary 
activation will produce inhibition. 

The photochemical oxidation of sulfite solutions was found by 
Matthews, Dewey and Weeks to be faster than the thermal reaction and 
inhibited by a variety of added agents. The chain character of the proc- 
ess follows from Biickstrom’s yield measurements. A link between the 
thermal and photo-processes was provided by his observation that alco- 
hols affect both rates alike, the relative rates injpresence of such inhibitors 
being satisfactorily represented in both cases by the equation 


V = 


ki 

f 

kic + 


(16.11) 


1 
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where c is the concentration of inhibitor, the constants and are com- 
mon to both thermal and photochemical reactions, varying acconling 
as the reaction was thermal or photochemical, being dependent on the 
rate of activation or formation of the initial stage in the chain prtM'oss, 
The inhibitor constant is specific for a given inhibitor. The i>resen(’e 
of k 3 indicates the possibility of ending chains other than by the added 
inhibitor. 

The correctness of these general conclusions and the mechanism of 
inhibitor action in this particular case were csta])lished later b}^ Alyea and 
Backstrom. The inhibition involves an induced oxidation of the in- 
hibiting alcohol, two molecules of the oxidation product (aldehyde or 
ketone) being formed \vhenever a chain is broken. The experimental 
results which support this conclusion may be summarized. At low alcohol 
inhibitor concentrations the amount of alcohol oxidized increases with 
increasing alcohol concentration. At high inhibitor concentrations the 
amount of alcohol oxidized per unit time is constant independent of its 
concentration, in both the thermal and photochemical reactions. In this 
latter concentration region the number of inhibitor molecules oxidized 
per unit time is quantitatively the same for different alcohols of widely 
different inhibitory powers. Two alcohols present in a solution have an 
additive inhibitory effect and arc oxidized in the ratio of their inhibitory 
powers; the total number of alcohol molecules oxidized is, however, the 
same as when only one alcohol is present. The number of successive 
secondary processes is the same in both thermal and jihotochemical reac- 
tion and is equal to the efficiency (moles per einstein) as determined 
photochemically. Copper sulfate accelerates the tliermal reaction with- 
out altering the ratio of sulfite oxidized to alcohol oxidized. This mearivS 
that the positive catalyst in this case initiates the chain process; the 
inhibitor quite independently breaks the chain of secondary reactions. 
This is a definite disproof of the Luther-Titoff theory in this particular 
case. 

The autoxidatioiis of benzaldehyde and oenanthaldeliyde were shown 
by Backstrom to be of the chain type also. As many as 10,000 molecules 
of benzaldehyde were oxidized per quantum of absorbed light. Another 
type of reaction in liquid system showing the same abnormal yield is the 
decomposition of hydrogen peroxide where yields as high as 80 moles of 
peroxide decomposed per einstein absorbed have been obtained. This 
reaction also shows inhibition the details of which were studied by Ander- 
son and Taylor. Inhibitors may show a screening action but may also 
break the chains involved in the high yield decomposition process 
Processes of polymerization, e.g., of styrene and of vinyl acetate, are 
also photo-reactions which show inhibition phenomena and high yields 
per einstein absorbed by the liquid system. We have already cited 
cases of halogenation involving chains. Further examples of this type 
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are the chlorination of toluene studied by Book and Eggert at — * 80° C. 
with a quantum yield of 27, and the sensitized conversion of maleic ester 
to fumaric ester by bromine in carbon tetrachloride solutions. For this 
reaction Eggert and Dorinski found yields as high as 300 moles per 
cinstein. 


Photochemical Reactions in Solid Systems 

21. The Light Sensitivity of Silver Compounds: The reactions already 
treated have been confined to gaseous and liquid systems. The energetics 
of photo-change has been investigated thoroughly in two solid systems. 
Weigert has studied the photochemistry of silver chloride in a printing 
out paper; Eggert and Noddack have studied specially prepared silver 
bromide-gelatine emulsions on plates. j 

Pure silver halides show little if any sensitivity to light. The alacken- 
ing action of visible light is the more pronounced the more the adsorbed 
silver salt. Adsorption extends the spectral sensitivity of the photo- 
halide. Photographic experience has shown that the gelatine of the 
emulsion and the colloidal silver produced during the ^‘ripening’' the 
emulsion also increase the photosensitivity of the silver halide. 

Weigert ’s measurements show that, with a silver chloride gelatine 
emulsion containing a known excess of soluble silver salts, the silver pro- 
duced on exposure to light comes practically exclusively from the soluble 
silver salts. With increasing time of illumination, the curve for increase 
of silver produced is a typical S-shaped curve of the autocatalytic reaction 
type or what is perhaps better characterized as the type shown by reaction 
at the boundary of phases. The silver produced increases the spectral 
sensitivity of the emulsion. With monochromatic blue light, Weigert 
established that the photochemical yield was considerably less than the 
absorbed light. Assuming, however, that the metallic silver was the 
real photosensitive constituent of the system, Weigert showed that the 
ratio of reaction produced to light absorbed by metallic silver was much 
more nearly unity, 1 molecule per hv, and approached unity for low con- 
centrations of metallic silver in the emulsion. 

Eggert and Noddack used for their investigations silver bromide- 
gelatine emulsions containing respectively 0.90 mg. and 0.42 mg. silver 
per square cm. They measured the reflected, absorbed and transmitted 
light, and determined the silver produced by fixing the plates with sodium 
thiosulfate, estimating the residual silver in the gelatine. They con- 
clude, from the experimental measurements, that, with weak illumination, 
the law of the equivalent is fulfilled for both types of plate at wave lengths 
of 4360, 4050 and 3650 A. With increasing illumination the yield falls, 
which they attribute to recombination of the silver and bromine atoms 
produced in the light, when these are produced in that portion of a grain 
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around which the surrounding gelatine, which normally acts as an ac- 
ceptor for the bromine, is already brominated. AVhcu other accejd-ors 
for bromine are present in the reaction system, o.g., silver nitrate, alkalis 
or water, the proportionality between silver jiroduced ami light energy 
absorbed obtains at much higher proi>ortions of absoT'bed light, Tliis is 
evident from the accompanying table for dry and wet i)latcs. 

TABI.E 16.6 

PllOTOCUEMlCAL YlELD FOR SiLVER llUOMlDB 

Moleniloa hv 

No. of Quanta Absorbed Drjr Plates 

14 X 1016 Q 50 

50 X 1016 0.22 

PlIOTOSENSITI Z ATION 

It was noted in an earlier section that it is not necessary that the 
reacting species absorb the activating radiation in a photosensitive sys- 
tem. Photo-reactions may result from the abs()r})tion of light by one 
of the non-reactants of the system. This was shown ]>y Vogel in 1873 in 
respect to the silver halides in photographic processes. The spectral 
region to which the photohalides are sensitive can be extended by bathing 
the emulsions in suitable dye-stuffs. This discovery is the basis of the 
production of panchromatic photographic plates, and is a most important 
example of photosensitization. The role of chlorophyll in the synthesis 
of plants seems also in part to be that of an optical sensitizer, making the 
reaction system, carbon dioxide and water, sensitive to the visible rays 
of sunlight. A variety of pliotoscnsitizations of bacteria by fluorescent 
substances rendering the bacteria sensitive to illumination have an im- 
portance in the study of the biology of light processes. 

22. Sensitization by Halogens: Such complex systems are of little 
avail when mechanism of sensitization is under study. Fortunately, 
Weigert showed that the phenomenon is also fouml in gaseous systems. 
He showed that phosgene, which is a colorless gas al)Sorbing in the ultra- 
violet only, can be decomposed photochemically by visible light when 
chlorine is added to the phosgene. The studies by Bodenstein and his 
co-workers of the thermal and photochemical formation and decomposi- 
tion of phosgene have shown that both forward and backward reactions 
are both brought about via chlorine atoms produced by illumination, 

Weigert showed that such halogen sensitizations are quite general 
phenomena. Among others the sensitization by chlorine of the decom- 
position of ozone, the combination of hydrogen and oxygen, of carbon 
monoxide and oxygen and of sulfur dioxide and oxygen have been studied. 


I'iMULSlONS 

]MoltiP,uli‘.s j)i»r hv 
Wet I'latea 

0 .s<) 

0.43 
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Bromine sensitizes the conversion of maleic to fumaric acid as was shown 
by Bruner. 

In solutions uranium salts and ferric salts act as sensitizers in the 
decomposition of oxalates and of hydrogen peroxide, and in the oxidation 
of benzoic to salicylic acids. 

23. Sensitization by Mercury Atoms: The best understood case of 
photosensitization is the production of atomic hydrogen by collision of 
excited mercury atoms with hydrogen molecules, as already discussed in 
Section 7. Atomic hydrogen so formed has been shown to reduce metallic 
oxides, react with oxygen, carbon monoxide, ethylene and even saturated 
hydrocarbons. The action of mercury as sensitizer is not confined, how- 
ever, to hydrogen; photosensitized ozonization of oxygen and the decom- 
position of water vapor, ammonia and numerous organic compounds have 
been studied. j 


TABLE 16.7 

PHOTOCIIEMICAIi GaS REACTIONS 


Ileaction 

Quantum 

Yield 

Wave LeuKth 

in A. 

— TJ — 

Remarks 

2HI=H2+l2 

2±0.1 

2070-2820 

Independent of inert 
gases to 2.5 Atm. 

2HBr = H2+Br2 

2±0.1 

2070-2530 

Independent of inert 
gases to 2.5 Atm. 

3 O 2 = 208 

1-3 

1700-2530 

High pressures em- 
ployed at longer 
w^ve lengths. ; 

20 , =302 

2-3.6 

3130 and 
6200 

Short chains present. 

2NH3 = N2+3H2 

--0.25 

-^2100 

Varies with pressure 
between 0 and 1 
Atm. Independent 
of light intensity. 

2 CI 2 O = 2012+02 

3.5 

3130-4360 

Short chains. 

H2+Cl2 = 2HCl 


--4000 

Long chains, readily 
inhibited. 

CH4+C1z = CH3C1 

-^10^ 

2530-4360 

Long chains, readily 
inhibited. 

CO+Cl2=COCl2 

^103 

4000-4360 

Long chains at room 
temperature, inhib- 
ited by oxygen. 
Chain length short- 
ens with increased 
temperature and 

oxygen effect de- 
creases. 
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Reaction 

Quantum 

Yield 

Wave LenEtU 
in A. 

Ueinarka 

H!-|-Br2=2HBr 

— 

4300 

Quail iuin yield in- 
creasing with tem- 
pcralure. 

2N0s=2N0-|-02 

0.009 

1350 

(iuiinturn yic4d in- 


0.72 

4050 

creases in piussuge 


1.54 

3660 

from fine structure 
t') predissocialion 
libsorjition. 

CH3CH0 = CH4+C0 

2 

3130 

Yield increases from 
2 at room tempera- 
ture to 3(X) at 300° 
C., due to secondary 
chain reactions. 

CHjCOCH, = CjHo-l-CO 

2 

3130 

Yield independent of 
temperature up to 
400° 0 . 

nC2H2=(C2H2)„ 

^9 

2150 

Yield increases to 250 
at 250° C. 

CHaN : NCHa^Calle+Ns. . . . 

2 

3660 

Yield independent 

of tem]5Crature to 
300° C. 


Photochemical Yield 

Tables 16.7 to 16.10 list some of the priiKniJul results leased upon n 
compilation by Boulioeffer and Hartcck ^ from the study of photochemical 
and photosensitized reactions in gaseous and condensed systems. The 
quantum yields are exi)rcssed as moles of reactant disappearing per ein- 
stein of light absorbed. Special remarks concerning the reactions are to 
be found in the last column. 

The Stationary State or Photochemical Equilibrium 

Every reversible reaction, in which one or both directions of change 
are sensitive to light, will iiroduce, with a given intensity of illumination, 
a definite equilibrium or stationary state. This state will be de- 
pendent, obviously, on the concentrations of the reacting substances, on 
the temperature, on the illumination employed both as to intensity and 
frequency, and on the velocity with which the two reactions occur under 
such conditions. It follows also, from thermodynamic considerations, 

^ Grundlagen der Photochemie, Steinkopf, Dresden and Leipzig, 1933. 
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that the shift of the normal ^'dark*^ equilibrium shall never be in tbat 
direction in which a perpetuum mobile is possible; that is^ the change in 
free energy occurring must come from the radiant energy supplied. 

TABLE 16.8 


Sknsitized Gas Reactions 


Reaction 

Sensitizer 

Quantum 

Yield 

Wave Length 
in A, 

Remarks 

20a = 302 

CI 2 

2-30 

4300 

Increased yield with 
increase of ozone 
concentration. 

2C0-h02=2C02... . 

Clj 

^10® 

4050-4360 

Dependent on tem- 
perature And con- 
centration. 

2H2“I"02 = 2 H 2 O . . 

CI 2 

2(H20) 

4300 

Simultaneous for- 
mation of HCl. 

H24“02 = H 2 O 2 

Hg 

-3(H202) 

2537 

\ 

Hj+CO=HCHO . . . 

Hg 

-^2CHCHO) 

2537 

\ 


The simplest case will be found with a reaction light sensitive in one 
direction only. Such a case has been well investigated and will now be 
discussed. 

24. The Polymerization of Anthracene: Solutions of anthracene when 
exposed to ultraviolet light undergo polymerization of the anthracene to 
form dianthracene. The reaction j 

2C14H10 = CJ28H20 

is reversible, the depolymerization, which is not photosensitive to the 
type of radiation used, occurring spontaneously in the dark. Upon 
illumination, therefore, a definite stationary state is finally attained de- 
pendent, at a given temperature, on the light intensity. The reaction 
has been studied in detail by Luther and Weigert, The depolymerization 
or dark reaction was found to be pseudo-unimolecular at all temperatures, 
practically complete, and to have a large temperature coefficient (circa 
2.8 for 10°). The polymerization or light reaction was of zero order for 
complete absorption, between zero order and first order for partial ab- 
sorption. The reaction is, therefore, evidently determined by the amount 
of light absorbed. The reaction obeys approximately the law of the 
photochemical equivalent. The temperature coefficient for the light 
reaction is small and equal to about 1.1 for 10°'C. Several solvents were 
tried, including phenetol, anisole and xylol. The solvent exercises a 
specific influence upon both the velocities and the equilibrium. It is 
evident that the reaction occurring at a given temperature can be ex- 
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pressed by an equation of the form 

dx 

^ = iiloh - kjx, (16.12) 

where x is the dianthracene formed, the ligiit encTRy absorbed, ki 
and kd specific constants of the light and dark reactions. At oquilibriuin, 

TABLIC 1C.9 


Photochemical Reactions in Liquid Media 


Heaclion 

Quuntuni 

Yield 

Wave Length 

in A,. 

Medium 

Jtomnrks 

2HI = H2+l2 

1.84 

3000 

Liquid III 


2III=H2 + l2 

1.52 

2220 

Hexane 

0.8 normal solu- 


1.78 

2820 


lions; not very 





sensitive to con- 





centration. 

2HI = H2+l2 

0.336 

2070 

Water 

Yield strongly de- 


0.078 

2220 


pendent on con- 


0.114 

2820 


centration. 

2Fe+++l2 = 2Fe+++ 





+21- 

1 

5790 

Water 


Br 2 + Maleic Ester . . . 

8.2 

4360 

CCI 4 



4.1 

5460 



CI 2 + Toluene 

27 

4050 


At -80“ C. 

2KN0g-H^2KN02+02 

0.25 

2070 

Water 

Data for 0.33 A 


0.17 

2530 


solutions. Yields 


0.024 

2820 


decrease with in- 





creasing dilution. 

2 H 2 O 2 — ►2H20-h02. . . . 

7-2500 

3100 

Water 

Yield increases 





with concentra- 





tion. High values 





deduced from ac- 





tion of inhibitors. 

2 C 14 H 10 — ►C 28 H 20 

0.5 

3130 

Benzene 




3650 

Toluene 





Xylene 


ClCHaCOOH+HOII 





^OHCHzCOOH 





+HC1 

1.0 

2537 

Water 

0.3 to 0.5 normal. 

Finnaric— **Maleic 

M).l 

[2070] 



Maleic— ►Fumaric 

-4).03 

j2537[ 

Water 

0.01 normal. 



[2820 J 



CH,COOH— CHi 





+CO, 

0.5 

1850-2300 

Water 

0.5 normal. 
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or the stationary state, 

kllabs = kdX. (16.13) 

This equation summarizes the influence of various factors upon the 
equilibrium state. It is apparent that x depends on the value of the 
specific constants ki and kd and on the intensity of light absorbed. It 


TABLE 16.10 

Photosensitized Reactions in Liquid Media 


Reaction 

Senflitizer 

Quantum 

Yield 

Wave 
Length 
in A. 

Medium 

Remarks 

Maleic Ester— ► 





i 

Fumaric Ester . , . 

Brj 

295 

4360 

CCI4 

Large temlperature 



155 

5460 


coefficieni). 

(C00H)2 = C0 





\ 

-|-C02-j-H20 . . . . 

UOr 

0.49-0.60 

2540- 

Water 

0.05 M (CqOH)2 




4350 


0.01 M UOaV 

\ 


will also vary, at constant intensity, with temperature, since, under such 
conditions, 

rc = labMkd, (16.14) 


As already pointed out, ki and kd vary differently with temperature, ki 
has a temperature-coefficient of 1.1 per 10° and kd 2.8 per 10° C. The 
equilibrium concentration at a given intensity will therefore decrease in 


1.1 

the ratio — for a 10 
2.0 


rise in temperature. 


These conclusions were 


experimentally verified. 

25. Stationary State in Gas Reactions: Coehn and his co-workers have 
investigated a number of cases of iihoto-equilibria in gaseous systems. 
The most thoroughly investigated is the photo-equilibrium in the re- 
versible reaction 

2SO3 = 2SO2 “h O2. 


In this case, in quartz reaction vessels, neither reaction proceeds thermally 
at the temperatures employed. It was shown that the reaction was truly 
reversible in that the same stationary state was reached from both sides. 
The mass action law equation 

[02][S02]^ 

[S03? 

was fulfilled in all cases with variable reactant ratios. The extent of 
displacement of the thermal equilibrium may be judged from the fact 
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that at 45° C., at which temperature sulfur trioxide is practically undo- 
composed, as much as 35 per cent decomposition occurreil under the ^iiivcMi 
experimental conditions. With increasing; intensity of illuminati()ii, the 
decomposition of the trioxide increased. With constant illinnination, 
between reaction temperatures of 50 and 800° C., the photo-equilihriuni 
is the same, independent of the gas temperature. This indicates that the 
temperature coefficient of the two photo-processes is the same, since the 
thermal reaction does not occur under the given conditions. 

The Temperature Effect in Photochemical Change 

The temperature coefficient of most photochemical reactions is small 
in comparison with coefficients of thermal reactions. Goldberg in 1903 
first called attention to this fact. From the preceding analysis it can be 
seen that the effect of temperature may be exerted either in the ])rimaiy 
absorption process or in the sulxscquent secondary cliomic^al processes. 
These effects will be quite separate and distinct from one another. 

26. Temperature and the Primary Process: In the primary absori)ti()ii 
process the effect of rise in temperature will be exerted on the absorbing 
molecules. At high temperatures these will no longer necessarily be 
mainly in the lowest vibrational state but the higher states will be ocaai- 
pied by a certain fraction of the molecules. Tliis frjiction is given by the 
Boltzmann equation as where E is the energy of tlie state with 

reference to the lowest vibrational state as zero. These molecules in 
higher vibrational states can reach a given energy level in the up])cr 
electronic state by absorption of light longer in wave length than that 
required by molecules in the lowest vibrational state. This reveals itself 
therefore as a shift of the absorption spectrum to the red. The con- 
vergence limit of a band scries starting from other than the lowest level 
may also be shifted to longer wave length. Hence, it may happen 
that absorption of a given wave length will produce only an excited 
molecule at room temperatures and dissociation in a continuum at high 
temperatures. 

Transitions from the higher vibrational states conform to the Franck- 
Condon principle in the same manner as was already discussed for the 
normal vibrations. The electronic transitions will occur most frequently 
in the manner described by vertical lines on the curves of Fig. 16.2, page 
474, from the extremities of a particular vibrational state. It will be 
obvious that there will be different transition probabilities from the 
various lower vibrational levels to a given upper level and this effect will 
also be included in the effect of temperature. 

The effect of temperature on the primary absorption process must, 
from the considerations already advanced, be small since special spectral 
conditions must be present to secure the effect and since the temperature 
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only changes the distribution of the molecules between vibrational states 
in the exponential manner already stated. Also, the effect of temperature 
will be dependent on the wave length of light employed. For some wave 
lengths the shift in vibrational level distribution will have negligible 
importance. For others it may mean the difference between activity and 
no activity. 

27, Temperature and the Secondary Process: The influence of tem- 
perature on the secondary chemical processes is the normal influence of 
temperature in thermal processes. It can in no way be dependent on the 
wave length of light employed. The coefficients of such secondary proc- 
esses will in general be small for one of two reasons. If they are reactions 
between molecules, occurring, as most photo-reactions are studied, in the 
neighborhood of room temperature, they must necessarily be processes of 
low activation energy. In photo-processes in which the primary I absorp- 
tion leads to dissociation the reaction constituents of the secondary proc- 
esses include in general either atoms or free radicals. We have already 
seen (p. 413) that these react mu(;h more rapidly than molecules, with 
low activation energies. They will therefore show low temperature 
coefficients. \ 

We have already discussed in detail one reaction, the photochemical 
combination of hydrogen and bromine where the temperature coefficient 
of one of the secondary processes Br + H 2 = HBr -|- H is the rate- 
determining process. Also, in the hydrogen-chlorine reaction the sec- 
ondary processes have all such small activation energies that a large 
number of such processes succeed the absorption act and give a very high 
quantum yield. ^ I 

An abnormally high temperature coefficient of the photo-reaction may 
also be due to secondary processes which, with increase in temperature, 
give rise to a chain of reactions. This may be illustrated in the case of 
the decomposition of acetaldehyde. In the interval between room tem- 
perature and 100° C. the quantum yield does not differ markedly from 2. 
Between 100 and 300° C. the yield rises rapidly to 300, as found by Leer- 
makers. This rise in yield is to be attributed to a chain reaction of 
decomposition of acetaldehyde, of low efficiency in the range to 0-100° C., 
due to the high activation energy of one or more of the steps, but becom- 
ing important in the range 100-300°. The yield below 100° C. is to be 
attributed to a true photo-decomposition not involving any chains. 

Exercises (16) 

1. Calculate the absorption coefficient of a gasjvhich absorbs 80 per cent of 
the radiation traversing 10 cm. What length will be required to absorb 50 per 
cent? 

2. Calculate the molar absorption coefficient of a solute which absorbs 20 per 
cent of the monochromatic radiation traversing 10 cm. of a 0.1 molar solution. 
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Assuming the applicability of Beer^s law how much light would be absorbed in 
the same cell by a 0.2 molar solution? 

3. Derive a relation between the einstein in kcal. per mole ami wave It'ngtii 
in Angstrom units. 

4. Determine the dependence of the rate of photolysis of an aldehyde on the 

intensity of the absorbed light assuming the sequence of react ions: (1) RCUIO 
+ Ai; = R + HCO, (2) ECO = H + CO. (3) H + RC^tlO - + KOO, (4) 

RCO = R + CO, (5) R + RCHO = RH + RCD and ^0) 2H = R,. 

5. In the photolysis of uraiiyl oxalate at 20S0 A, 2.402 X 10“ ergs absorl)od 
by the solution caused the decomposition of 1.34 X 10^® molecules. C^ilciilatc 
the quantum yield. 

6. Methyl bromide at a pressure of 67.2 inm. at 26° C. in a cell of length 2.70 
cm. was exposed to 2537 A radiation with initial intensity /o of 1.03 X 10'“ quanta 
per sec. for ISO min. The bromine liberated required 0.2773 g. NankSaOs solution 
containing 0.0091 milliequiv. per g. for titration. The extinction coclficieut e 
of methyl bromide is 1.26 where Ilh = lO"*"^^ where c is in moles per liter and I 
is in cm. Calculate the quantum yield on the basis of bromine atoms. 
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COLLOID CHEMISTRY 

Colloid chemistry is a study of the physical and chemical phenomena 
associated with matter in a particular state or condition. Whereas chem- 
istry is normally concerned with the behavior of individual atoms or 
molecules treated statistically, colloid chemistry is concerned with sys- 
tems composed of aggregates of atoms or molecules in various media, 
gaseous, liquid or solid. Such systems are called colloidal systenis. As 
examples we may cite: smoke, fog, gelatine solution, emulsions, gold sol 
and finely divided cadmium in solid cadmium chloride. The systems, it 
will be noted, are not restricted to liquid systems. With the broad con- 
cept of solutions outlined in Chapter 9, they may also be termed colloidal 
solutions. \ 

It is impossible to distinguish sharply between true solutions ' and 
colloidal solutions unless we make use of the criterion that the former 
are completely stable systems while the latter are but metastable, al- 
though they may change very slowly indeed with time. The maximum 
and minimum size of the aggregate that determines the colloidal state 
cannot be given with definiteness. It depends on the nature of the 
aggregate. Certain complex dyes of large molecular weight exhibit many 
of the properties of the colloid particle although moleculatly dispersed in 
solution. Aggregates varying in size between 1 mu ( = 10"® millimeter) 
and 200 represent the normal limits in size. The aggregates in the 
solution are known as the disperse phase, while the medium in which they 
are dispersed is known as the dispersion medium. These correspond 
respectively to the solute and solvent in an ordinary solution. 

1. Historical: ^ The science of colloid chemistry has developed con- 
sciously since the time of Graham^s researches, 1861. Previous to this, 
certain colloid systems were known and their nature recognized. Gold 
tinctures were described in the eighteenth century and it was known that 
they were finely divided particles floating in the medium. Colloidal solu- 
tions of arsenic sulfide were known to Berzelius. Selmi, an Italian 
chemist, in 1843, studied colloidal solutions of sulfur, Prussian blue, 
casein and albumin. Graham, however, first defined the field by pointing 
out that colloids did not diffuse through membranes and only very slowly 
in free diffusion as contrasted with molecularly dispersed solutes, Gra- 
ham’s crystalloids, which diffused through membranes and relatively 

^ Svedberg, Colloid Chemistry, Chemical Catalog Co., New York, 1924. 
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rapidly in liquid media. To the method of separation by diffusion 
through membranes Graham gave the name dialysis, lie also introduced 
the term sol for a colloidal solution and gel for the product formed by the 
setting of such a solution. We now know that the properties of a frtq 
dependent on the structure which the aggregates assume, so that structure 
becomes one of the important objectives of colloid study. 

Faraday showed (1857) that in a gold sol, the particles couhl be 
rendered evident by focussing the sun’s rays on the fl\iid, the light the>^ 
reflected indicating their presence, as it was gold in color. He also in- 
vestigated the properties of ruby glass showing there, also, the preseru’e 
of gold particles. Tyndall (1869) followed up the work of Faraday by 
demonstrating that the scattered light was polarized. 

The English botanist, Robert Brown, had shown, in 1827, that i>ar- 
ticles visible in the microscope showed irregular motions when suspended 
in a fluid medium. The production of the ultrarnicroscope by Siedentopf 
and Zsigmondy (1903) permitted the observation of ultramicroscopic 
particles and the much livelier Brownian motion they display. The 
ultramicroscope is nothing more than the microscope applied to the 
Faraday-Tyndall cone of light in a colloid medium. A fine and intense 
beam of light is concentrated by a lens system on tlie colloidal solution, 
the beam being observed at right angles by a microscope. Througli tliis 
the observer sees the diffraction image or the liglit scattered by the 
particle. 

2. The Formation of the Colloid Particle: This disperse phase in a 
colloid system can be ])roduccd in two ways: (a) by subdivision of coarser 
material or (5) by aggregation of atoms or molecules. These are known 
respectively as dispersion and condensation methods. Tlie use of atom- 
izers in the spraying of paints and lacquers and in the Scho^ip process of 
sputtering molten metals are important technical examples of dispersion 
in gases. Quite recently, dispersion in liquid media by mechanical grind- 
ing, in specially designed high speed mills, as, for example, the Iflauson 
mill, has attained considerable technical signifitaince. Earlier efforts in 
this direction failed owing to coalescence or coagulation of the particles 
produced. The addition of various substances to such suspensions can 
be employed to prevent such coagulation. Emulsions, disi^ersions of one 
liquid in another, can also be secured by such means; the agent added to 
stabilize the emulsion is known as the emulsifying agent. 

3. Condensation in Gases: Condensation methods are important in 
the preparation of the colloid particle. They depend on the production 
of supersaturation in the medium and on the presence of nu(jlei as starting 
points for the condensation. Particle size will be dependent on the degree 
of supersaturation and the rate of formation of the particle. Films of 
condensed metal vapors belong to this class and it is significant that the 
high-boiling metals, such as tungsten, give the finest-grained structure. 
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Electrons, ions, and dust particles may serve as nuclei for the condensa- 
tion process as illustrated in the formation of clouds and fogs in the 
experiments of C. T. R. Wilson (Chapter 1, page 13). The formation 
of colloids by the various electric arc processes are also condensation 
methods. This method of preparing colloids in liquid media was devised 
by Bredig in 1898. It consists in producing an arc between two electrodes 
immersed in a suitable liquid. The method was greatly improved and 
extended by Svedberg who studied the relative effects of direct and alter- 
nating currents on the colloid produced. He found that a higher degree 
of dispersion and of purity in the sols could be attained with an oscillatory 
current in place of a direct current arc. With the latter there is a much 
greater decomposition of the medium in which the arc is struck. 

4. Condensation in Liquids: Both physical and chemical methods are 
employed in the preparation of colloid systems by condensation i|i liquid 
media. Sudden cooling of saturated solutions may be employedl or the 
addition of a true solution in one solvent to another medium in which the 
solute is little soluble. Sulfur sol may thus be prepared by the addition 
of an alcoholic solution of sulfur to water. \ 

The most important processes are based however on chemicalVeac- 
tions and they may be classified by the nature of the reaction. Reduc- 
tion, oxidation, dissociation, hydrolysis, and metathesis are all used in 
colloid formation. The reduction of gold chloride to metallic gold by 
several reducing agents (hydrogen peroxide, alkaline formaldehyde, 
hydrazine hydrochloride, etc.) is probably the most important and most 
comprehensively studied. Colloidal silver and silver mirrors thus pre- 
pared rank next. As examples of oxidation we may cite the oxidatidn of 
hydrogen sulfide and selenide to form the corresponding sulfur and se- 
lenium sols. Colloidal nickel is formed by dissociation of nickel carbonyl 
in various organic solvents, especially benzene. The action of cathode 
rays and radioactive rays in producing colored salts, e.g., blue rock salt, 
is another method of producing colloid systems by dissociation. The 
production of the latent image in photographic emulsions is the most 
important practical example of a dissociation process. Hydrolysis of 
salts is a common method of production of colloidal hydrous oxides. Of 
metathetical processes, Linder and Picton^s studies of arsenious sulfide 
sols are a good example. From arsenious acid solutions with the aid of 
hydrogen sulfide these authors were able to get sols of arsenic sulfide of 
varying capacity. The formation of barium sulfate sols from solutions 
of barium thiocyanate and ammonium sulfate constitutes another ex- 
ample. Polymerization processes, for example, of styrene, vinyl esters, 
acrylic acid esters, butadiene, chloroprene are being increasingly used in 
industry to produce high molecular weight particles, colloidal in nature, 
suitable for the preparation of artificial gums, resins, varnishes and 
rubber-like materials. 
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Kinetic Theory and the Colloid Particle 

The discovery, with the aid of the ultramicroscope, that colloid par- 
ticles possess a very marked Brownian motion led to the application of 
the concepts of the molecular kinetic theory to the colloid particle as a 
unit in motion. In this development the initiative is due to Einstein 
(1905) and Smoluchowski (1900). The fundamental idea, in this develop- 
ment is that the kinetic energy of the colloid particle sus]ionded in a liquid 
or a gas is the same as that of a dissolved molecule, namely 3/2 {RTIN) 
where N is the Avogadro Number, the number of molecules in a gi-ain 
molecule and R is the gas constant. Upon this basis it is to be expected 
that the colloid i)articles should manifest the properties which we have 
already noted the dissolved molecules to possess. We shall examine this 
idea in reference to two properties: (a) osmotic pressure and {b) the dillu- 
sion of colloid particles. 

5. Osmotic Pressure of Colloidal Solutions: For a molecularly dis- 
persed solute van’t HolT deduced, by analogy with the etpiatioiis of the 
kinetic theory of gases, that the osmotic pressure, P, of a dissolved solute 
was given by the equation 

P = cRT, . (17.1) 

where c is expressed in moles per liter. 

On the same basis, in a colloidal solution, we should expect an osmotic 
pressure, 

RT 

P = (17.2) 

where n is the numl)er of particles per unit volume and c = n/N. It i.s 
difficult to verify sue!) an expression for a colloid solution because the 
value of n is so exceedingly low as compared with the corresponding 
number in a molecularly dispersed solute. Thus, 1 rufj. represents a lower 
limit of size for observation purposes, and, with a feasible concentration 
of colloid, for example, 0.5 per cent, the calculated value for the osmotic 
pressure is only 1-2 mm. of water pressure. Zsigmondy claims to have 
measured osmotic pressures in certain gold sols and has computed from 
the measurements reasonable values for the particle size; but it is difficult 
to be sure of the results, since small amounts of dissolved impurities would 
easily exercise osmotic effects of this magnitude. A much more exact 
technique would be needed before this deduction could be decisively 
established experimentally. 

6. The Donnan Theory of Membrane Equilibria: The measurement 
of osmotic pressure in colloidal solutions is complicated by the fact that 
the stability of such solutions often depends upon the presence of suitable 
electrolytes and, if the colloid functions as a colloidal electrolyte, effects 
first examined by Donnan in 1911 arise. We can illustrate these effects 
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by examining the membrane equilibria in the case of a solution of two 
ionized uni-univalent electrolytes with a diffusible common ion separated 
by a membrane impermeable to one non-common ion. We may illustrate 
the condition thus 

I II 

11,0 Cl-Na+H20 


At equilibrium, thermodynamics demands that the activities satisfy the 
equations: 


. - /i” . 


^n20 


Il20i ^NaCl 


— 


= 


X ffler = X a, 




For dilute solutions, and comidete dissociation, we may use concentra- 
tions as a first approximation and obtain 


^Nil+ ^ ^Cr — 


X cJ-V- 


Since the solutions must also be electrically neutral 

CNa+ = ‘■ci- + clv- and = cJJ 

Combining these last two equations, w'o o])tain 



\ / 


1+' 


(17.5) 


From this equation it is seen that the presence of the non-diffusiblo ion 
X“ leads to an unequal distribution of the diffusil)le ions. The ratios of 
salt concentrations calculable from such an equation due to varying con- 
centrations of NaX are shown in the following Table 17.1. 


TABLE 17.1 

Distiubution Ratio of Salt Concentrations in Membrane Equilibria 
WITH Ideal Solutions Due to a Non-Diffubible Ion 


Ratio of NaCl in II to that in I for 


<'‘NaX 

^NaCl 

0.001 

0.01 

0.1 

1.0 

O.OOl 

1.42 

3.32 

10.05 

31.64 

0.01 

1 05 

1.42 

3.32 

10.05 

0.1 

1.005 

1.05 

1.42 

3.32 

1.0 

1.0005 

1.005 

1.05 

1.42 


The different salt concentrations on each side of the membrane give 
rise to ^‘membrane potentials" corresponding to those in concentration 
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cells, the potentials of which are expressible by the equation, 


RT 


F 




In-^ 


(17.0) 


There is a corresponding osmotic pressure difference in the t wo compart- 
ments which may be stated in terms of the anions by the exju'essinu, 


P' 

“ ^^ci- ~~ . (17.7) 


The osmotic pressure Pq due to the noii-dilTusible electrolyte is given by 



t 

X- I 


(17.8) 


which, by combination with the preceding relations, gives 

Po = P'fl • (17.9) 

The two values of the osmotic pressure tlius become equal only when the 
salt concentration is very low relative to tlie colloidal salt since, as tlie 
previous table shows, the salt ratio then becomes negligible comi)ared to 
unity. Since aqueous colloidal solutions often function as non-difl’usihle 
electrolytes the Donnan theory assumes considcral)le ini])ortance, esi^e- 
cially in biochemical systems as emphasized by Loeb, Nortlirop and 
others. Tests by Donnan and by these investigators in relatively simjilc 
systems served to confirm the approximate validity of the theory. 

Donnan clTects occur in systems where permeable mcml)ranes are not 
present whenever diffusion of a positive or negative com])onent is oc- 
curring in the presence of free ions in an enclosed space. The sedimenta- 
tion of colloidal electrolytes in ionic media gives rise to non-uniform 
distribution of ions. In gels the framework may function as a colloidal 
ion and as a membrane. Procter and Wilson applied the Donnan theory 
to this latter case in their studies of the swelling of gelatine in the presence 
of electrolytes. The combination of specific ions with the colloid and 
the prevention of diffusion of the product from the gel lead to an ac- 
cumulation of diffusible ions and a greater osmotic pressure within the 
gel. Osmosis into the gel occurs until the elasticity of the gel balances 
the difference in osmotic ])ressures. The Donnan effect is superimposed 
on the swelling which occurs at the iso-cIcctric point. 

7. Diffusion of Colloid Particles: The Brownian motion of the colloid 
particles will evidently produce diffusion, in the same manner that diffu- 
sion in gases and liquids is produced by molecular motion. As the par- 
ticles arc more massive and their velocity consequently smaller than that 
of molecules, the actual velocity of diffusion will be slow. The amount 
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of material, D, diffusing across an imaginary boundary in the solution in 
unit time is, 

RT 

where the quantity OTnjr is the frictional resistance that applies to a 
moving particle of radius, r, in a medium of viscosity, tj. This equation 

may also be written in the 


/o 


form, 



A2 


RTt 

SNttjt 


(17.11) 


where D = A^l2t and 4 is the 
mean horizontal displace- 
ment of a particle m the 
time, t. Both of these\equa- 
tions can be used to deter- 
mine either the particle size 
(r) assuming a value' for 
AT, Avogadro’s number, or, 
alternatively, the value of 
the Avogadro number with 
particles of a given size. 
Numerous tests of these for- 
mulas have been made. Per- 
rin used colloidal solutions 
of gamboge and mastic in a 
test of equation (17.11). He 
used particle sizes varying 
in the ratio 1 : 15000 and 
observed the displacements 
they exhibited in solutions of 
varying viscosities. He con- 
cluded from his experiments 
that the most reliable value 
for N was 6.9 X 10^^ Sved- 
berg carried out experiments 
on gold sols of known radius of particles. From an experimentally deter- 
mined particle radius of 1.33 mix and the observed diffusion constant, 
Svedberg deduced a value for iV = 5.8 X 10^^ -More recently Nordlund, 
in Svedberg ^s laboratory, has studied colloidal solutions of mercury in 
which spherical particles are more readily obtained. His mean value 
was 5.91 X 10^. 


Displacements parallel to the X-axis : 

1.2 

2.3 

3.4 

4.5 

5.6 

6.7 

7.8 * 

8.9 

9.10 — 

Fig. 17.1. Brownian-Motion Displace- 
ments. The continuous line represents the 
projection of the approximate path of a par- 
ticle on to a fixed plane. The points locate 
the successive positions of the particle at 
uniform time intervals. The projections on 
the X-axis of the straight lines joining the 
successive points measure the separate dis- 
placements, indicated by A. 
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8. Sedimentation of Colloid Particles: The action of gravity on the 
colloid particles in a given medium, tending to draw the particles to the 
bottom of the medium, is opposed by the Brownian motion of the })ar- 
ticles, tending to distribute them throughout the liquid. Event uallv, 
these forces balance and an equilibrium is established. In this state, the 
concentration of particles is greatest at the bottom of the vessel and be- 
comes less with increasing height. The phenomenon is entirely analogous 
to the variation in gas density or pressure at various levels in a long 
column of gas as a result of gravitational forces. (Of. Cha]n 3, 10.) The 
number of molecules n, is related to the number, at a distance, /i, below, 
by the equation. 


h = 


RT iio 
-^ln~> 
Mg n 


(17.12) 


where g is the gravitational attraction and M the molecular weight (^f the 
gas. This we may set e(iual to Nm where m is the mass of a molecule. 
Transposing tliis to the case of colloid systems we can substitute for the 
mass of the colloid particle, me, 


me = 47rH(d — dm)/3, (17.13) 

where d is the density of the ])article of radius r and is the density of 
the medium. The expression for h in the colloid system then becomes 


3RT Ho 

Airraid - 


(17.14) 


It is evident from this eciuation that the greater the particle size the 
greater the value of Uoln or the greater the concentration difTcrences in a 
column of colloidal solution. It will be noted that the i)article size enters 
into the expression as the cube of the radius. This spread in concentra- 
tion may be illustrated by a calculation from the equation assuming 
particles 10 mjJL in diameter in a colloidal gold solution. At a distance of 
10 cm. from the bottom the solution should contain a number of particles 
per unit volume only one tenth of that present in the bottom layer. How- 
ever, no such differences are ever observed because of the slow rate of 
settling of such particles, it being calculable by Stokeses law that gold 
particles of such size would require 290 days to settle a distance of 10 cm. 
(See next section.) 

Perrin tested the above equation with a gamboge suspension over a 
height h = 100 /x obtaining fair agreement with observations. Westgren 
made similar observations with gold sols over 1000 /x = (1 mm.), and 
obtained even better agreement. The observations of n at different 
heights can also be used to evaluate N. Westgren^s determinations gave 
a value of 6.05 X 10^^ 
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Some of Westgren’s data are given in the following table. 

TABLE 17.2 

Sedimentation Equilibrium in a Gold Sol (r = 21) 


h in p 

0 

100 

200 

300 

400 

600 

800 

1000 

1100 

n obs 

889 

692 

572 

426 

357 

217 

152 

108 

78 

n calc 

886 

712 

572 

460 

369 

239 

154 

100 

80 


9. Velocity of Sedimentation and the Ultra- Centrifuge: The velocity 
of sedimentation of a colloidal particle can be obtained by equating the 
product of the velocity u and the frictional resistance offered by the liquid 
medium to the moving particle assumed spherical, i.e., bTTTjr, to the force 
of gravity acting on the sphere, 

Girrjru = 4:Trrhj{pp — pm)!'^, 

where Pp and pm are the densities of particle and mc( 
g is the acceleration of gravity, ri is the viscosity of the 

2r^g{pp — prn) 

It is evident that the smaller is r, the slower the velocity of the sedimenta- 
tion process. The following Talde 17.3 gives the rate of sedimentation of 
gold particles and benzene spheres in water cahmlated with the aid of 
equation (17. IG) for different particle sizes. 


lium respec vely, 
medium. 



TABLE 17.3 

0 

Time of Sedimentation per Centimeter in Water 


Radius 

Gold Spheres 

Benzene Spheres 

0.1 mm. 

2.5 sec. 

6.3 min. 

1m 

4.2 min. 

10.6 hr. (Homogenized 
Emulsion) 

100 mp 

7 hr. 

4.4 days 

10 rnp 

29 days 

12 yr. 

1.5 7np 

3.5 yr. (Faraday sol) 

540 yr. 


It is the slowness of these velocities of sedimentation which caused the 
sedimentation equilibrium to be the object of experiment. For a given 
particle size the velocity can be increased by increasing the effect of 
gravity and this is accomplished by the use of centrifuges, as developed 
recently so brilliantly by Svedberg and his co-workers. XJltra-ccntrifuges 
have now been developed in which the centrifugal forces are equivalent to 
900,000 times gravity. Such machines are driven by high pressure oil 
turbines mounted directly on the rotor shaft. Great care is taken to 
eliminate vibration and temperature inequalities. Gas friction on the 
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rotor is reduced and heat interchange is facilitated by the use of a hydro- 
gen atmosphere in the housing at pressures of about 15 nun. for tlio larger 
centrifuges where the velocity may rise to 44,000 r.p.m. 

The rotating cell and its coiiienis can be observed (•ontinuousl}^ 
through the windows during the operation. In ciiiantitative work the 
cell may be photographed by transmitted light, the extent of light absoi p- 
tion being a measure of the concentration of the disi)erse iihiise. With 
quartz cells and windows, ultraviolet liglit X = 25;i().7 A lias been used. 
More recently, a photographic, refractive-index method has been devised 



Fig. 17.2. Schematic Diagram of Ultra-centrifuge 

for recording concentration gradients. As example of the orders of 
magnitude of the observations we may cite the case of haemoglobin 
which, at 38,750 r.p.m. (85,000 g.), had a velocity of sedimentation of 1.7 
mm. per hour. Sedimentation equilibrium can also be established. For 
example, in a 5.6 mm. column of 1.1 per cent egg albumin, sedimentation 
equilibrium was attained in less than 60 hours at 10,700 r.p.m. (5900 g.). 
The sedimentation-velocity method gives a more accurate estimate of tlie 
size distribution. The equation connecting velocity of sedimentation 
and CO, the angular velocity, is 


Inxjxi 2r^(pp — Pm)ci) 
h — ti 97 j 


(17.17) 
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where X 2 and Xi are the distances of the particle from the axis of rotation 
at times ^2 and h. The sedimentation equilibrium equation resembles 
that under the influence of gravity and has the form 


In - - 1 

c N 7no)'^(xQ^ — 


(17.18) 


where Cq and c represent the relative concentrations at distances Xo and x 
from the axis of rotation. 

Svedberg has applied these methods to the determination of particle 
size in a comprehensive group of proteins. Some typical results are 
shown in Table 17.4. The measurements reveal that many proteins, 


TABLE 17.4 

Molecxjlah Weights and Particle Sizes in Protein Solution 


Substance 

Radius in mfi by 
Sediineiiiation 

Molecular Weight by ^ 

Sedimentation 

Sodimentatrpn 

Kquilibnuiia 

Egg albumin 

2.18 

34,500 

34,500 

Bence-Jones protein . ... 

2.18 


35,000 

Haemoglobin 

2.44 

68,000 

66,800 

Serum albumin 

2.39 

67,000 

68,000 

Serum globulin 

2.75 

104,000 

103,000 

Phycocyan 

2.76 

10 . 5,000 

106,000 

Phycoerythrin 

3.93 

214,000 

213,000 i 

Edestin 

4.16 

215,000 

208,000 

Amandin 

3.89 


208,000 

EYnnl.<?in .... 

3.93 


212,000 

Limulus-haemocyanin . 

6.96 

2X10 ® 

0 . 3 - 1 . 9X10 ® 

Helix-haemocyanin . . . . 

12.00 

4 . 9X10 ® 

5X10 ® 


after suitable purification, are uniform in size, suggesting that they are 
chemically identical single molecules of high molecular weight. The 
accuracy of the determinations by the several methods is within 5 per 
cent. The data in the table suggest that several proteins are multiples 
of a unit with a molecular weight of 34,500. 

Different forms of centrifuges have been developed in this country 
notably those permitting continuous-flow concentration, duo to Beams, 
and directly air-driven transparent small ultra^centrifuges developed by 
McBain. These latter have advantages on the score of expense and yet 
are capable of giving accurate results with proteins as small as egg 
albumin. 
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The Properties of the Colloid System 

We may now consider some of the properties of the colloid particle 
which are dependent in part on the medium in which the piirti(‘le exists. 
This leads to a discussion of adsorption, the electrical properties of the 
particle, cataphoresis and eleetro-endosmosis, as well as to the problems 
of structure involved in gels, emulsions and the like. 

10. Adsorption: As already discussed in Chapter 15, adsorption con- 
sists in a concentration at a surface of the gaseous or dissohed nuiterial 
of the medium surrounding the surface. It was discovered by Scheele, 
in 1777, who observed that charcoal had the capacity to concentrate 
various gases on its surface. The same phenomenon with dissolved 
substances was demonstrated by Lowitz in 1701. 

The phenomenon undoubtedly arises, in the case of ])Iane surfaces, 
from the unsaturation which is always present at such surfaces. In tlu‘> 
case of liquids we have already noted one of the effects of such unsatura- 
tion in the surface tension of liquids. In the case of solid surfaces, the 
forces operative there are the same forces which produce growth of crys- 
tals in a supersaturated solution. In the last analysis, su(‘h forces ai'isc 
from the electrical nature of the atomic constituents of both the adsorbing 
surface and the adsorbed atoms or molecules. We may therefore expect 
in the first place to find attractions at surfaces similar to those which are 
involved in gaseous systems and which lead to deviations from the ideal 
gas laws, that is, effects due to van der Waals forces. Also, wo may ex- 
pect effects at surfaces due to forces identical with those involved in com- 
pound formation, differing only in degree. We have seen that such 
chemical reactions require, in general, an activation energy which may 
vary from low to quite considerable values and specific for each rea(*tion. 
Similarly, for the adsorption processes which are akin to such cliomical 
reactions, we may also expect characteristic activation energies. It is for 
this reason that H. S. Taylor suggested that such a.tlsor])tion might be 
termed activated adsorption” It has also been termed 'chemisorption/ 
The adsorption due to forces of the van der Waals typo may be termed 
van der Waals or physical adsorption. The velocity of such is inuneasur- 
ably rapid ; there is little or no activation energy. The molecular identity 
of the adsorbed substance is not altered by van der Waals a<]sorption. 
The identity of the adsorbed substance in activated adsorption is merged 
in that of the surface complex wliich partakes of the nature of a chemical 
compound, with definite breaking and making of chemical bonds ac- 
companying its formation. 

In the general phenomenon of adsorption there is also included a third 
type of condensation on surfaces, due to capillarity. In the fine pores 
of a solid, gases may condense to the liquid state at pressures below those 
at which the gas liquefies in the free state. Porous materials such as 
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charcoal, silica gel and the like show considerable capacity thus to con- 
centrate gases. The phenomenon is entirely analogous to the phenom- 
enon of condensation to the liquid state; it is not specific or dependent on 
the chemical characteristics of the adsorbent but is a function of pore size 
and pore size distribution. 

11. Adsorption of Gases by Solids: We have already discussed in 
Chapter 15 the relations obtaining in the case of adsorption by plane 
surfaces, the theory of which has been given by Langmuir. In this case, 
the extent of adsorption is proportional to the gas pressure when the 
surface is relatively bare, and is independent of the pressure when the 
surface is covered (saturation). In the intermediate region, the em- 
pirical formula examined by Freundlich 

x/m = kp^f^, )(17.19) 

gives X the amount adsorbed by a mass, m, at a pressure, p, whfere n is 
an integer. It will be noted that, if the surface is bare, n = 1 ; at satura- 
tion, n = 00, so that xlm = /c. On Langmuir’s view, adsorption\is the 
resultant of a time-lag occurring between the condensation of h gas 
molecule on the surface and its subsequent evaporation. 

A method developed by Emmett and Brunauer for measuring the 
surface areas of catalysts and finely divided or porous materials depends 

on the adsorption of gases and 
is instructive with regard to 
the nature of the adsorption 
layer on such solid substances. 
The principle of the method 
depends on the determination 
of the volume of some gas, 
generally nitrogen, required to 
form a monolayer of physical 
adsorption over the entire sur- 
face of the material. The total 
area can be calculated by mul- 
tiplying the cross-sectional area 
of each adsorbed molecule by 
the number of molecules in the 
monolayer. 

The method may be illus- 
trated by the isotherm shown 
in Curve 1, Fig. 17.3 for the 
adsorption of nitrogen on an iron synthetic-ammonia catalyst at 77^ K, 
The S-shaped isotherm is typical for a variety of gases adsorbed near 
their boiling points on a variety of surfaces, including oxide and metal 
catalysts, finely divided salts, pigment, gels, catalyst supports, soil 
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Fig. 17.3. Adsorption of Na at 77.2° on 
Charcoal and Fc-ALOa Catalysts 
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coUoids and powdered bacteria. Only on charcoal have isotherms 
corresponding to the Langmuir treatment, with saturation adsorption, 
been obtained (Cuive 2). \arious lines of evidence including measure- 
ments with different gases lead to the conclusion that point B, the 
beginning of the approximately linear portion of the isotherm, niarks 
the completion of the monolayer and the beginning of a second, or multi- 
layers of adsorbed gas. Typical values of the volume in cc. per gram 
for a monolayer, are given in Table 17.5. 


TABLE 17.5 

Values of Obtained by Adsorption op Nitrogen at 90,1° K 


Substance 

Vm 

SubsLunce 

Vm 

Unpromoted Fe catalyst, 973.2 . 

. 0.29 

Fused Cu catalyst 

0.05 

Fc-AljOa catalyst, 954 

. 2.86 

CraOs gel 

53.3 

Fe-AbOa-KaO catalyst, 931 ... . 

. 0.81 

0203 'glowed’ gel .... 

C.l 

Fe-K20 catalyst, 930 

. 0.14 

Silica gel 

116.2 


The values in Table 17.5 are calculated from an isotherm equation 
developed by Brunauer, Emmett and Teller to account for the ex]ieri- 
mental data on adsorption. The values agree closely with the B-poiiit 
values obtained from the isotherms. The isotherm equation has the 
form 


P 


v{po - p) 


1 c — 1 p 
— -h 

VmC po 


(17.20) 


where v is the volume adsorbed at pressure p and absolute temperature T; 
po is the vapor pressure (jf the gas at the same temperature, Vm is the 
volume of the adsorbed monolayer and c is approximately equal to 
q-{E\-el)Irt wiiere is the heat of adsorption of the monolayer, El is 
the heat of liquefaction. A plot of p/vipo — p) against p/po gives a 
straight line whose slope and intercept give the values of v,n and c. 

If adsorption is restricted to layers at saturation the expression has 
the form 


VrnCX 1 — (n + 1)3^" + 
~ 1 — X l + (c — l)x — 


(17.21) 


where x = plpo, and the capillaries are assumed to have plane parallel 
sides which can hold n layers of adsorbed gas. Equation (17.21) reduces 
to (17.20) when n = oo . When n = 1, i.e., the condition examined in 
the Langmuir equation, the expression becomes 

pjv = Po/cVjn + pjVm (17.22) 

identical with that deduced by Langmuir. Brunauer, Deming, Deming 
and Teller have shown that these equations can be extended to interpret 
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all the five types of adsorption isotherm hitherto found with different 
gases and surfaces. These are shown schematically in Fig. 17.4. The 
abscissas represent pressures up to the saturation pressure, po (dotted 
line). The ordinates represent amounts adsorbed. Type I is the 



Fia. 17.4. The Five Types of van der Waals, Physical Adsorption Isotherms 

Langmuir type (Curve 2, Fig. 17.3). Type II is that obtained with 
adsorption of nitrogen and many gases on surfaces (Curve 1, Fig. 
17.3). Reyerson and Cameron found Type 111 for the adsorptionjof bro- 
mine and iodine on silica gel. In Type III, Ei is equal to or somewhat less 
than F7 l. Types IV and V suggest the almost complete filling of the pores 
of the adsorbent at pressures lower than the vapor pressure of tlje gas. 

The heats of adsorption in multilayers do not greatly differ from the 
heats of liquefaction but they may be greater (Type II and IV) or less 
(Types III and V). Heats of activated adsorption or chemisorption are 
generally much greater, of the order of magnitude of chemical reactions. 
Thus, the heats of activated adsorption of hydrogen and carbon monoxide 
on copper are respectively 10 and 30 kcal. whereas the heats of lique- 
faction are 0.5 and 1.8 kcal. 

12. Adsorption from Solutions: In the case of solutions, there is the 
possibility of one or other or both constituents being ac^^orbed. If! the 
solute alone is adsorbed the solution becomes more dilute. This is spoken 
of as positive adsorption. If the solvent is adsorbed and not the solute, the 
solution will become more concentrated. This phenomenon has received 
the unfortunate term, negative adsorption. When both are adsorbed 
it will depend on the relative extent of adsorption whether positive or 
negative adsorption is shown. Freundlich showed that the adsorption 
isotherm applied also in the case of solutions as illustrated in the follow- 
ing table. 

TABLE 17.6 

Adsorption of Acetic Acid on CnARCOAL 
X = 2.606 


c 0.00092 0.00259 0.00669 0.01708 0.02975 

xohs 2.07 3.10 4.27 5.44 6.80 

a: calc 2.19 3.01 4.15 5.73 6.87 


Even in these cases, however, when followed to high concentrations of 
acid, saturation values of x are reached, where the Freundlich equation 
no longer is applicable. 
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In solutionBj there is an additional factor of interest which arises 
when the solute is an electrolyte and therefore present in the ionized 
condition. The ions may or may not be adsorbed to equal extents. The 
result of unequal adsorption will be that the adsorbent will acquire tlie 
electric charge of the ion most strongly adsorlicd. Adsorbents composed 
of salts, such as silver halides, tend to adsorb the common ion Tm)st 
strongly. Thus, silver iodide adsorbs the iodide ion more strongly than 
the cation in solutions of iodides, thereby becoming nogati^•eIy charged. 
In silver salt solutions, on the other hand, it adsorbs tlie silver ion more 
strongly and thus acquires a net positive charge. Adsorption of this ty]>e 
has long been familiar to analytical chemists in the retention of electro- 
lytes by precipitates. By studying the adsorption of radioactive lead 
salts (thorium-B salts) on lead sulfate crystals, determining the distribu- 
tion of the activity between solution and precii)itate, and the number of 
lead ions per unit area of surface, Paneth and Vorwerk calculated the 
total surface area of the adsorbent, and confirmed their result by o))taiii- 
ing constant values of the area with different concentrations of thoriuni-B 
in the solutions. The adsorbed thorium-B ions were shown to occupy 
the positions of lead ions in the surface of the lattice. The determinations 
of surface area were checked also in several cases by measurements of the 
adsorption of suitable dyestuffs. 

On non-ionic adsorbents such as charcoal the adsorption of electro- 
lytes was early found to be small. Oden showed that the ash-constituents 
of the charcoal might be responsible for much of this. More reccmtly, 
adsorption by relatively ash-free charcoals has been studied l>y Bartell 
and his co-workers and by Frumkiii. The latter showed that adsorbed 
gas on charcoal influences its ad.sorptive capacity. It is now certiain 
that ash-free, gas-free charcoal adsorbs negligible amounts of cither strong 
acids or strong bases. It is also known that charcoal, which adsoihs 
oxygen by van cler Waals forces at liquid air temi)eratures, shows acti- 
vated adsorption of oxygen at room temperatures. The former is readily 
reversible by evacuation; the latter is a very strong union and when de- 
stroyed by heat and evacuation causes the evolution of carbon monoxide 
and dioxide. Charcoal saturated with oxygen at room temperatures 
adsorbs strong acids positively and strong bases negatively. Carbon 
shows activated adsorption of hydrogen at somewdiat higlier temj)era- 
tures. A charcoal so charged with hydrogen adsorbs strong bases but 
not acids. Charcoals laden with gas effect hydrolysis of solutiojis of 
strong electrolytes, adsorbing the hydrolyzed acid or base dependent on 
the gas layer on the surface. 

13. Adsorption and Surface Tension: We can relate the concentration 
in the surface layer with the inter facial tension at the surface by means 
of a mathematical deduction due to J. Willard Gibbs. Let the solution 
of surface, s, have an interfacial tension, 7 , when one mole of solute in 
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excess of that in the solution is present in the surface and let the tension 
diminish by dy when an additional small amount of solute enters the 
surface. The energy change involved will be sdy. The energy liberated 
is equal to the osmotic work involved in removing this solute from the 
solution. This latter is — vdP where v is the volume of solution con- 
taining 1 mole of solute and dP is the change in osmotic pressure due to 
the removal of the solute. Hence, 


sdy = 

- vdP, 

(17.23) 

Assuming the laws of dilute solutions, Pv = RT 


sdy = — 

dPt 

p » 

(17.24) 

or, 


1 

dy 

RT 

1(17.25) 

dP ^ 

Ps ' 

or, in terms of concentration. 


\ 

dy 

RT 

(17.26) 

dc 

cs 


or, for unit surface, where u is the excess of solute and equal to 1/s, 


c dy 
RT dc 


(17.27) 


This equation of Gibbs tells us that, if the intcrfacial tension increases 
with increasing concentration, u will be negative and 'the surface will 
contain less solute than the solution. This is negative adsorption. Posi- 
tive adsorption will occur when y decreases with increasing concentra- 
tion. With dy/dc equal to zero the concentration in the surface will be 
identical with that in the bulk of the solution. 

The experimental investigation of this equation was first made by 
Donnan and Lewis and subsequently by Donnan and Barker. The ex- 
perimental results showed satisfactory agreement between observed and 
calculated values so far as order of magnitude is concerned. The systems 
studied included caffeine on mercury surfaces, nonylic acid and saponin 
at air-liquid interfaces. 

More accurate tests of the Gibbs equation have been undertaken also 
by Harkins and by McBain. Two methods have been used. The one 
attempts to determine the concentration of dissolved solute in the sur- 
faces of bubbles which have passed through solutions of known concen- 
trations of solute. McBain has also attempted to shear a layer from the 
surface of a large trough of liquid solution and determine its concentra- 
tion. The observed values are definitely greater than those theoretically 
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deduced but parallel them. The correct explanation for the discrepancy 
is still a matter for discussion. 

Most inorganic salts when dissolved in water increase the surface 
tension of water. Their concentration in the surface layer is less than 
that in the bulk solution (negative adsorption), A wide variety of 
organic solutes lowers the surface tension of water to a marked extent 
and the solutes therefore concentrate in the surface layer, the more the 
greater the lowering of surface tension, as the Gibbs equation requires. 

14. Surface Energy of Small Particles : The relation between the vapor 
pressure of a small particle of liquid and that of a liquid at a plane surface 
is given by the equation, due to Lord Kelvin, 

» 2yv 

AF = RT hi — = (17.28) 

Pa r ^ ' 

where p is the vapor pressure of the particle of radius r, pa that of the 
liquid in bulk (r = oo), 7 is the surface tension and v the molal volume. 
It is here assumed that the gas laws are applicable to both vapors. This 
means that the vapor pressure increases rapidly as the radius of the 
particle diminishes and this conclusion with respect to vapor pressure is 
applicable alike to the free energy of the particle. It holds likewise for 
solids as well as liquids. 

Evidence for this increase in free energy with subdivision of particle 
size was obtained by Hulett, who showed that fine particles of barium 
sulfate and gypsum possessed markedly higher solubilities than coarse 
particles. Changing gypsum crystals from 2 p to 0.3 p caused an in- 
crease in solubility of nearly 20 per cent. A coarsely crystalline barium 
sulfate (1.8 p) was soluble to the extent of 2.29 mg. per liter at 25° C. 
At 0.1 p the solubility had risen to 4.5 mg. per liter, fiipsett, Johnson 
and Maass attempted to obtain a quantitative measure of the change in 
surface energy. They measured the heat of solution of finely divided 
and coarsely crystalline sodium chloride. They find that a mole of 
sodium chloride having a total surface of 1.25 X 10® sq. cm. has an amount 
of energy equivalent to 12.3 cal. bound up in its surface, which indicates 
a surface energy of 400 ergs per square cm. at 25° C. This can only bo 
regarded as an approximate result. It represents a method alternative 
to that of solubility for determining this important magnitude in solid 
surfaces. 

15. Electro-endosmosis and Electrophoresis: If a vessel be divided 
into two parts by means of a porous diaphragm and a potential be estab- 
lished across the diaphragm by inserting electrodes in a liquid present in 
the two halves of the vessel it can be shown that, under the influence of 
the potential, liquid will move through the diaphragm. This phenom- 
enon, observed by Reuss in 1807, is known as electro-endosmosis. The 
reverse of this, the production of a potential by forcing a liquid through a 
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membrane as the result of the application of pressure, can also be achieved 
and the potential difference is known as the streaming-potential. 

The application of a potential to a liquid in which, instead of a dia- 
phragm, there are present small particles, will produce migration of the 
particles under the influence of the electric field. This is known as 
cataphoresis or electrophoresis. The reverse process gives the migration 
potential, produced by the migration of the small particles through a 
stationary body of liquid. Reuss discovered these effects simultaneously 
with that of electro-endosmosis. 

All these phenomena are closely related to the potential existing at 
the interface between the two phases. According to Helmholtz, the 
electrical charge is the result of a condenser effect with layers of oppositely 
charged ions at the interface forming the condenser or double layer. For 
example, in a capillary tube, assumed to have a negative charge! located 
in the surface, there would be a positive charge at some distance, d, out 
in the liquid. Helmholtz showed, by equating the electrical force ^nding 
to move the liquid through such a capillary with the frictionatt force 
opposing the motion of a volume, v, of liquid flowing through the tube 
of radius r, that \ 

r^^ED 

^ = -Lif 


where E is the externally applied potential, I the distance between the 
electrodes, D is the dielectric constant of the liquid, rj the viscosity of 
the liquid and f is the potential difference between the two phases. 

For a diaphragm of unknown cross section g-, 


q^ED 

4:Trril 


( 17 . 30 ) 


or, since by Ohm's law E = RI and IjR = xg/Z, where k is the specific 
conductivity 


4iTr7JK 


( 17 . 31 ) 


This equation is in accord with the observation of Wiedemann that the 
mass of liquid transported is directly proportional to the current and, for 
a given diaphragm material and given current, independent of the length 
and cross-section of the diaphragm. The direction of flow of liquid will 
obviously depend on the charge carried by the diaphragm. 

In a similar manner, for electrophoresis, it can be shown that the 
velocity with which a charged particle moves through a liquid in an 
electric field is 

^ED 


u 


( 17 . 32 ) 
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Simil&rly 1;lic strcStUiing potGuliiil is given by tbc expression 

E' = — — 

4X1) K 


(17.33) 


where P is the hydrostatic pressure applied to the liquid, nciice, it 
follows from equations (17.31) and (17.33) that 


Z ” P ■ 


(17.34) 


Equation (17.34) permits a ready test of the validity of the above form- 
ulas. The following data were obtained by Sax6n. 


TABLE 17.7 


Comparison 

OF 

Electrical Endosmose 

AND Streaming Potential 

Solution 

vll 

E'lP 

0.0174 mole ZnS 04 

. . . 0.360 

0.352 

0.0261 

<1 


. . 0.3S2 

0.379 

0.0348 

n 

n 

... 0.340 

0.344 

0.0195 

ti 

CdSOi 

. . . 0.582 

0.5S8 

0.0390 

<( 

ti 

... 0.116 

0.115 

0.0400 

it 

CuS04 

. . 0.385 

0.385 

0.0800 

n 

tt 

.. 0.233 

0.237 


The zeta-potential, is found to vary greatly with the nature and 
concentration of the dissolved matter, as well as witli the nature of the 
material of the wall. Most solids are negatively charged against water; 
oxides, carbonates, and halides are exceptions inasmuch as they carry a 
positive charge under similar conditions. The above statements are only 
true in a limited sense, as it is possible to change the sign of the charge 
in most cases by the addition of extremely small quantities of certain 
active electrolytes to the water. 

The relation between f and concentration of electrolytes is complicated 
and may best be summarized by means of a series of experimental curves. 
The following graphs express the value of f obtained from electrophoresis 
experiments plotted against the concentration of the electrolyte solution. 
The disperse phase in all cases consists of oil particles. It is to be noted 
that the addition of K 4 Fe(CN )6 increased the original negative charge 
between the oil and the water, while the addition of BaCb, AlCla, and 
ThCl 4 all reduced the negative charge, the latter two salts causing a 
positive charge between the particles and the solution. The effective- 
ness of the various chlorides may be well illustrated by the following 
figures : 
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TABLE 17-8 

Lowering of Electrokinetic Potential, at an Oil-Water Interface 
Produced by the Addition of Chlorides 


Electrolyte 


Concentration MillimoleAiter 
Necessary to Reduce f from 
0.046 to 0.037 


KCl.. 

BaCL 

AlCla. 

ThCl4 


24 

0.45 

0.01 

0.005 


The electrophoresi.s experiments are obviously more important than 
those of electro-endosmosis. Several methods of investigation have been 
worked out, principally by Burton, Michaelis and Svedberg who has 

utilized the fluorescence of 
proteins to study their mi- 
gration under a potential. 

In Svedberg’s laboratory, 
Tiselius has developed,! since 
1930, the moving boundary 
method (Chap. 12, Section 
15) for measurement of the 
electrophoretic mobility of 
proteins, especially at low 
mobilities in the neighbor- 
hood of the iso-electric points. 
The method consists in pho- 
tographing with ultraviolet 
light the boundary move- 
ment, due to the applied 
field, in a quartz U-tube ap- 
paratus. The photographic 
images are registered in a mi- 
crophotoineter on an enlarged 
scale and the movement of 
the boundaries is obtained 
Millimoles per Litei from measurements of the 

Fig. 17.5. f from Electrophoresis Experi- displacement of the photo- 
ments. The curves in descending order refer metric records. The method 
to the influence of K 4 Fe(CN) 6 , KCl, BaCL, was tested with well-defined, 
AlCb and ThCL. homogeneous proteins which 

yield sharp boundaries . From 
the measurements of the mobilities in the iso-electric regions it is possible 
to determine the iso-electric points with good accuracy. The iso-electric 
point appears to depend to some extent upon the medium. By combining 
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mobility measurements in the iso-electric region nnth the molar frictional 
coefficients determined with the ultra-centrifuge the apparent charge on 
the proteins can be calculated. The Tiselius electrophoresis apparatus 
has been found to be of great assistance in biologic.al science since it has 
been shown that moving boundary clcc.tropliorosis is one criterion of the 
chemical uniformity of proteins. Tiselius deiuonstrateil tliis with arti- 



Coronary thrombosis Lymphosarcoma 

6 weeks 1 week 


Fig. 17.6. I^lectrophurotic Pattcnis on Normal Human Plasma and on 
Plasma from Individuals with Tissue Injury from Various Causes. (Shedlovsky 
and Scudder) 

ficial mixtures of pure iiroteins and then applied the technique to non- 
uniforrn proteins and impure preparations. It has been shown tliat 
proteins may be uniform as to particle size and non-uniform as regards 
mobility and vice versa. The use of the apparatus constitutes an im- 
portant adjunct to ultra-centrifugal studies. In Fig. 17.6 are shown the 
types of electrophoretic patterns obtained with various blood plasma. 

16. Coagulation: Coagulation is the aggregation of particles of the 
disperse phase to form new particles of dilTerent size and structure. The 
process may be reversible or irreversible. In the first stage it is probably 
always reversible but frequently irreversible effects supervene. In dis- 
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cussing this phase of the subject it is customary to recognize two definite 
classes of colloids, designated by Perrin as lyophobe and lyophile sols. 
Sometimes the expressions suspensoid and emulsoid are used in the same 
sense. The lyophobe sols or suspensoids show little tendency to become 
hydrated or solvated; the lyophile sols or emulsoids show a marked 
tendency so to unite with the dispersion medium. 

So far we have considered the colloidal system as if made up of a 
disperse phase and a dispersion medium, the former being always re- 
garded as a pure substance. As a matter of fact, careful analysis always 
discloses the fact that the disperse phase is never pure, but usually has 
associated with it a certain amount of impurity. With arsenious sulfide, 
polysulfides are always found; silver oxide is always associated with 
colloidal silver, etc. The whole particle together with its associated 
''impurity'* is termed the micelle. The stability of the sol is largely a 
matter of the composition of the micelle, it being known that it ib prac- 
tically impossible to prepare a stable lyophobe sol that consists of n pure 
substance dispersed in a pure dispersion medium. The composition of 
the micelle depends upon the composition of the surrounding solution. In 
the case of ferric oxide sols it is known that the micelle consists of FczOg 
together with a certain amount of chloride. If the sol is subjected to 
ultra-filtration and the chloride composition of the filtrate determined, an 
increase in the latter concentration brings about an increase in the chlo- 
ride content of the micelle. This is shown by the experiments of Maffia. 

TABLE 17.9 

Disthibution of Chlorides Between the Micelle and Intermicellab 
Liquid of a Ferric Oxide Sol * 
a = 1.539, l/n = 0.268 


Cl Contont of 

millimole Cl 

a 

Filtrate 

E. FeaOa 

Calculated 

.65 

1.36 

1.37 

.82 

1.47 

1.46 

.90 

1.51 

1.50 

1.07 

1.58 

1.57 

1.21 

1.62 

1.62 

1.38 

1.07 

1.68 

1.55 

1.73 

1.73 


17. Coagulation of Lyophobe Sols by Electrolytes: One of the most 
important chapters of colloidal chemistry concerns itself with the phe- 
nomena that result from the addition of electrolytes to lyophobe sols. 
A perfectly stable sol when treated with a sufficiently strong solution of 
an electrolyte will give evidences of instability and will finally precipitate 
the disperse phase at the bottom of the containing vessel. This coagula- 
tion or flocculation of the sol is usually a gradual change, and may be best 



Ch. 17-17 


COLLOID CHEMISTRY 


517 


studied by measuring the rate of the coagulation. Unfortunately, such 
measurements are not easily carried out; the best method depends upon 
a determination of the size of particle with the ultrainicroscope. This 
method does not lend itself to all solutions and is at best a laborious and 
time-consuming operation. Therefore, most investigators have studied 
the minimum concentration of electrolyte (threshold value) necessary to 
bring the sol to a certain arbitrary stage of coagulation. Instead of 
determining the whole course of the coagulation, they have simply 
selected one point on the coagulation-time curve and determined the 
quantity of electrolyte necessary to bring the system to that point. Such 
a procedure is obviously theoretically'^ inadequate in many ways and it is 
only recently that more attention has been paid to the pliciionienon from 
the standpoint of rate of coagulation. 

It has been demonstrated that the addition of the electrolyte docs not 
influence the Brownian motion of the colloidal particle per sc, but rather 
the electrolyte removes the barrier to the union of the particles upon 
collision. When observed under the ultramicroscopo, before the addi- 
tion of the electrolyte, the particles never appear to unite upon collision; 
as soon, however, as the electrolyte is present, a clumping is observed 
which increases until the particles become so large that they settle rapidly 
to the bottom of the vessel. 

The following experimental threshold values have been obtained by 
Freundlich and his co-workers. It is to be remembered that these values 
will vary according to the method and concentration of the sol, and are 
therefore not to be given any weight as absolute constants. 


TABLE 17.10 

Coagulation Concentrations of AszSa Sol. (1.85 G./Liter) 


Electrolyte 

Cone. 

inilliinolc/ 

liter 

Electrolyte 

Cone. 

miHimolel 

liter 

Ka Citrate/3 

. . . >240 

Crystal Violet 

0.165 

K Acetate 

... 110 

Fuchsine 

O.ll 

K Formate 

.... 86 

MgCL 

0.72 

LiCl 

.... 58 

MgS04 

O.Sl 

NaCl 

51 

CaCL 

0.65 

KCl 

.... 49.5 

SrCL 

0.635 

KNOa 

.... 50 

BaClz 

0.09 

KjSO./2 

.... 65.5 

ZnCL 

0.685 

HCl 

.... 31 

AICI3 

0 093 

H 2 SO 4/2 

.... 30 

Al(NOa), 

0.095 

Aniline Chloride 

2.5 

Al 2 (S 04 ) 3/2 

0.096 

Morphine Chloride . 

0.42 

Ce(NO,), 

0.080 


The data given may be taken as typical of the experimental facts from 
which one may deduce the general theory of the coagulation of lyophobe 
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sols. The data are restricted in their significance, as outlined above, and 
must therefore be looked upon as of secondary importance when com- 
pared with the measurements of the rate of coagulation. However, it is 
possible to draw a number of important generalizations from the above 
facts. In the first place, it is to be noted that, with a negatively charged 
colloid, the valence of the cation is of primary importance in fixing the 
threshold concentration of the electrolyte. This rule is not always re- 
liable for it is also to be noted that certain electrolytes containing uni- 
valent cations are more effective in bringing about coagulation than other 
bivalent cations. In addition, the influence of the anion is not entirely 
negligible, for considerable variation is associated with changes in the 
nature of the same. 

TABLE 17.11 


Coagulation 

CONCENTHATIONS 

OF Fe203 Sol. (.823 G./Liter) 



Cone. 

\ 

Cone. 


millimole/ 

I 

Millimole/ 

Electrolyte 

liter 

Electrolyte 

\ liter 

NaCl 

9.25 

Ba(OH)2/2 

\o.42 

KCl 

9.0 

KjSO. 

0.205 

BaCl2/2 

9.65 

TI 2 SO 4 

0.22 

KBr 

12.5 

MgS04 

0.22 

Ba(]SrOa)2/2 

14.0 

KaCraO? 

0.195 

HCl 

>400 

H 2 SO 4 

0.5 


All the above observations may be correlated as follows: The micelle 
owes its charge and therefore its stability to the presence of a certain 
amount of adsorbed electrolyte. This material may be considered as 
constituting an ionic double layer that gives rise to the* charge and the 
potential. Tlic addition of other electrolytes to the inter-micellar liquid 
brings about a rearrangement of this adsorbed layer of the micelle, and, 
with it, a change in the potential difference. This change may be either 
an increase or decrease in the existing charge of the micelle. If the charge 
is diminished, then the opposition to impacts between particles resulting 
in a union is decreased and therefore the stability is diminished. It is 
obvious that the cations will be most effective in decreasing the negative 
charge of the micelle, and also that a strongly adsorbed univalent cation 
may be more effective than a weakly held polyvalent cation. Just as in 
the effect on the potential difference, here in the case of coagulation there 
is ever present the valence effect and the extent of adsorption of the 
various ionic species. 

Freundlich and his co-workers have experimentally proven most of the 
statements made in the above paragraph. They show, in the first place, 
that the most effective ion in bringing about coagulation is more strongly 
adsorbed by the colloid than an ion of lesser effect of the same valence. 
The following table illustrates the idea in a quantitative manner. 


♦ ♦ 
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With the exception of the picrate the equivalent amounts adsorbed 
are the same, while the molar quantities differ widely but always parallel 
the threshold concentration. Similar experiments have been conducted 
with a great number of sols and with various coagulants, and tlie result is 
always a substantiation of the above. That the equivalent quantity 
adsorbed should be the same is a significant fact and leads directly to the 
supposition that the coagulation results from the reidaceiuent of the ion 
in the micellar layer by another ion. This assumption would easily 

TABLE 17.12 


Amounts of Anions Adsohbed in the Coagulation of AhOj, Sols 



Threshold Value 
inillmiole 
liter 

lUilhinolt* 
A(ls(Ml)ecl 1)01 

B. AhOs 

Milh-ociuivalent 
l»‘'r R. 
la 

Salicylate 

s 

0.46 

0.16 

Picrate 

4 

.275 

.275 

Oxalate 

.36 

.275 

.55 

Ferricyanide 

.10 

.14 

.42 

Ferrocyanide 

.08 

.11 

.44 


explain the inconstancy of the threshold values with various colloidal 
solutions, in other words the ^'purity" of the micelle determines the 
amount of added electrolyte necessary for coagulation. 

18. Lyophile Colloidal Solutions: It is jiossible to obtain fairly correct 
conceptions of the various factors that determine the projierties of the 
lyophobc class of colloidal solutions, or, more definitely, with the aid of 
the principles of thermal agitation, adsorption, and electrical charge a 
more or less rational explanation of the properties of such sols may be 
formulated. In dealing with the other class, the lyophile, there is im- 
mediately felt the crying need for guiding generalizations. It is generally 
accepted that such sols, as distinguished from the lyophobc, arc more 
closely related to the dispersion medium, i.e., the disperse phase is hy- 
drated or in combination with the solvent. While this explanation is 
undoubtedly the reason for the peculiar behavior of such systems, a 
quantitative insight into the jiroperties of the lyophile sols cannot be had 
until we understand much more of the nature of solvation or hydration. 

This section of colloidal chemistry may therefore be said to be in 
almost a purely empirical state. There is no guiding generalization 
except the vague idea of solvation, which is imperfectly understood. 
Nevertheless, a vast amount of data has been collected regarding such 
sols, Lyophile sols are characterized by (1) Stability in fairly concen- 
trated solutions of electrolytes, (2) High viscosity, often exhibiting elastic 
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properties, (3) Difficulty of being resolved under the ultramicroscope, 
(4) Setting to gels. 

These characteristics, together with other minor ones, serve to dis- 
tinguish such solutions from the lyophobe class. The latter solutions 
show the opposite behavior in all the above four points and therefore may 
be regarded as being fundamentally different in nature. It must be 
constantly borne in mind that these two great classes of colloidal solutions 
are connected by a class of intermediate solutions that show some of the 
properties of both classes. In other words, the distinction between the 
two groups is not always sharp, but may be made difficult in certain 
cases. For example aluminum hydroxide sols show many of the proper- 
ties of the lyophiles but are nevertheless classed as lyophobe due to their 
sensitiveness to coagulation by electrolytes. Furthermore, it is often 
possible to convert a distinctly lyopliile sol into a characteri^ically 
lyophobe sol, by changing the dispersion medium. In this case it is 
obvious that it is possible to arrest the change in the nature of the medium 
at such a point that the system will exhibit the properties of both ilasses 
to a certain degree. \ 

With both types of solutions, there is, however, a disperse ph^e of 
greater than molecular dimensions. In the case of the lyophile systems 
this conclusion is drawn from their small diffusion coefficients and their 
low osmotic pressures. The ultramicroscopic channel of investigation 
is practically closed with this type of sol due to the small difference 
between the refractive indices of the two phases. Further, the stability 
in the presence of electrolytes shows that they do not possess a well- 
defined electric charge, which fact is well illustrated by^the inability of 
the ordinary electrokinetic phenomena to furnish much helpful informa- 
tion. In addition, most of these colloids are composed of substances that 
are much more chemically active than those comprising the lyophobe 
class, there being always therefore the possibility of such changes be- 
clouding the ordinary colloidal reactions. 

The ordinary aqueous lyophile colloids are represented by such sub- 
stances as gelatin, sulfur, silicic acid, stannic acid, various albumins, 
starch, soaps, and many dyes. 

19. Mutual Effects of Colloids: If a lyophilic colloid is added to a 
lyophobic sol there may be mutual interaction of the stabilizing agents 
of the two sets of particles. If the two contain ions of opposite sign in 
excess, there will be mutual neutralization with partial reduction of charge 
on the suspensoid. This will have the effect of an equivalent addition of 
coagulant and a lower concentration of electrolyte will be sufficient to 
produce a given degree of coagulation. This effect is termed a sensitiza- 
tion of the suspensoid by the lyophilic colloid Positive Fe208 sols are 
sensitized by the addition of a negative serum albumin sol. 
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With excess of a lyophilic colloid opposite in sign of charge to that of 
the suspensoid, the latter may be protected against coagulation. This 
action is termed ptoicctivc actioTi or stcLhilizdtioti, Even small amounts of 
a lyophilic colloid of the same charge as the suspension have the same 
stabilizing effect. Larger amounts of coagulants will now be reciuircd to 
effect a given degree of coagulation. Gelatine, sodium caseinate, al- 
bumin, gum arabic, dextrin and potato starch are all protective colloids 
to the red gold sol delaying the coagulation which produces the change 
from red to blue sol when sodium chloride solutions are added. These 
protective colloids are operative in the production of a number of metal 
sols prepared by several different methods. Also, the new synthetic 
polymers function also as protective agents. Polyvinyl alcohol proves 
to be an excellent protective agent for platinum and palladium colloidal 
catalysts. The ‘gold numbers' of a group of colloids are shown in 
Table 17.13. 


TABLE 17.13 

Gold Numbers op Protective Colloids 


Colloid Gold Number Colloid 

Gelatin 0.005-0.0125 Gum Arabic... 

Egg Albumin 0.08-0.10 Dextrin 

Protalbinic Acid 0.15-0.20 Soluble Starch 

Lysalbinic Acid 0.10-0.125 Sodium Ole^tc 


Gold Number 


0.10-D.125 

125-150 

10-15 

2-4 


20. Peptization: The reversal of coagulation is termed peptization. 
This can be effected with a colloidal precipitate in two ways. The addi- 
tion of a peptizing agent will in many cases serve to produce a colloidal 
solution from a colloidal precipitate. Precipitated sulfides can be pep- 
tized by washing with water containing hydrogen sulfide, or with dilute 
solutions of alkali sulfides. Silver halides can be peptized by using dilute 
solutions of silver salts or univalent halide solutions. The phenomenon 
of peptization is easily recognized in the latter example during volumetric 
precipitation of chloride ion by silver nitrate. The milky liquid, con- 
taining the partially peptized silver chloride, formed during titration, 
changes to the characteristic curdy precipitate when halogen and silver 
ion are approximately equivalent. Reversal of coagulation can also in 
certain cases be secured by washing the precipitate more completely free 
from the electrolytes which, as already discussed, play an integral part in 
the coagulation process. Thus a coagulated precipitate of hydrous 
chromic oxide on repeated washing with distilled water gradually pep- 
tizes, the onset of the process being readily recognized by the increasing 
length of time required for the precipitate to settle after each washing 
process. Since the valence of the electrolyte is an important factor in 
coagulation, it follows that peptization by washing will be more difficult 
when salts of high valences have been employed as coagulating agents. 
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21. Gels: The term gel is now generally restricted to the product of 
coagulation of a colloid which is a coherent, more or less elastic solid 
enclosing a part or all of the dispersion medium. An apparently homo- 
geneous, transparent, amorphous semi-rigid structure with a high liquid 
content is often termed a jelly. Some reasonably firm jellies may contain 
as much as 99 per cent of the liquid component. Gels with a low liquid 
content, desiccated gels or bodies behaving like them are termed xerogels. 
Both naturally occurring and synthetic materials belong to this class. 
We may cite opal, limonite, natural and synthetic zeolites, silica gel, 
soap, leather, natural and artificial textiles, wood, paper, plastics, paint 
films, rubber, starch, certain food-stuffs, muscle tissue and cell membranes. 

The formation of gels is the result of partial or incomplete precipita- 
tion of a sol, as is obvious in the case of silica gel and the hydrous oxide 
gels where uncontrolled precipitation will give slimy or gelatinous pre- 
cipitates. The optimum conditions for gel formation are intermediate 
between those for stability and those for precipitation. Conditions must 
be chosen, generally by trial and error, so that the reinforcing structure 
of the gel may form without the coagulation which leads to precipimtion; 
in all probability the solvent is involved in the gel structure in many 
cases, but in others, as, for example dibenzoyl cysteine, which forms j\cllies 
in very low concentrations, the structure may be practically anhydrous. 
The evidence, now accumulating, from studies of polymerization processes 
indicates the formation of long molecular chains with cross-linking be- 
tween the chains; this may be typical of the processes operative in gel 
formation and the solvent may take part in the architecture of the gel 
structure. Minimum concentrations of the disperse phase are necessary 
for the formation of gel structure. When the system is too dilute cokgu- 
lation fails to immobilize the dispersion medium and a gelatinous precipi- 
tate forms. The more highly dispersed the colloidal substance is, the 
more dilute the concentration which will yield a jelly. In several cases 
stable jellies contain only a few tenths per cent of disperse phase. 

The structure of the dilute gels is in all probability a more or less 
coherent framework of disperse phase formed by long chains of molecules, 
with cross-linking, so spaced that the regions of free liquid between the 
units of structure are not much greater than molecular dimensions. Evi- 
dence from the X-ray and optical examination of the natural zeolites as 
typical xerogels indicates that the arrangement of the molecules is ex- 
traordinarily regular and the pores resulting from their desiccation are in 
several cases extremely uniform. 

Dilute gels are extremely porous to small molecules or ions. This is 
readily shown by measurements of diffusion velocity with small molecules 
(Graham), or of electrical conductivity in the case of electrolyte solutions 
(Arrhenius) . The diffusivity and electrical conductivity differ little from 
that in the dispersion medium alone. This fact has led to one method of 
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determining ion migration using agar jellies. Friedman and Kraemer 
have also used diffusion experiments in gelatine jellies to determine 
effective pore sizes in different concentrations. Some of the results are 
shown in Table 17.14. 

TABLE 17.14 


Effective Pore-Size in Gelatine Gels by Diffusion Methods 


Diffusing Substance 

Klloctn 0 Poro Diiuneto 

r 

5 Per Cent 
Oelatine 

10 iVr Cent 
CJelaline 

IT) ]Vr Cent 
Celcktino 

Urea 

9.4 mfi 

3.0 in/j, 

l.G VI 

Glycerol 

11.4 

3.4 

2.0 

Sucrose 

n.o 

2.S 

1.0 


Gel structure minimizes disturbances due to vibration and convection 
currents, common difficulties in diffusion jiroccssos. The counter diffu- 
sion in gels of reactants which yield precipitates leads to novel crystal 
forms and under suitable conditions to banded precii)ita,tes, generally 
known as Liesegang's rings. Tlicsc discontinuous, jieriodic depositions 
of precipitate are dependent on concentration gradients due to diffusion, 
causing the concentrations of the reactants to rise at given positions to the 
degree of supersaturation necessary for precipitation. The concentration 
is reduced thereby to the saturation value not only whore the precipitate 
is deposited but also in the adjacent regions of lower sui)crsaturation. 
The diffusing reactant must then advance beyond this region before a 
sufficient supersaturation for precipitation is again reached. 

In the desiccation of gels distinction may be drawn between lyophiles 
and lyophobes. These latter are sometimes termed irravcrsihle gels. In 
the case of a typical lyophilic gel the fall in vapor pressure and liquid 
content traces an S-shaped curve, the volume of the gel continuously 
decreasing to a horny residue. With lyophobic gels, for example, silicic 
acid gel, the conditions initially are similar to the case of lyophilic gels. 
A point is reached, however, beyond which no further shrinkage of the 
gel occurs. Solvent is then removed for a period wdthout much change 
in vapor pressure and ultramicroscopic pores are formed. The gel is 
opaque at this stage. Further solvent removal brings transparency but 
becomes progressively more difficult; gels such as silica, alumina and 
chromic oxide gel wdll retain up to as much as 5 per cent of water after 
evacuation at 300° C. 

Lyophobic xerogels will adsorb and imbibe any liquid which will wet 
the gel. A maximum volume of liquid can be so imbibed depending 
essentially on the pore volume of the gel since little or no swelling occurs. 
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Such gels are also able to adsorb gases and vapors in large amounts partly 
by surface adsorption on the relatively large surface, partly as liquid by 
capillarity. Lyophilic gels show both imbibition and swelling. The 
dispersion medium penetrates into the interior of the gel and actually 
separates the structural units of the gel from each other. This swelling 
is evidently dependent on the relations between the adhesional energy 
between solvent and gel structure and the cohesional energy of the 
structure. Within certain limits the processes of imbibition and swelling 
on the one hand and desiccation on the other are reversible in the case of 
lyophilic gels. The imbibition-swelling process involves both gel struc- 
ture and solvent. Thus, with gelatine gels, the process occurs with water 
but not with benzene. Combination must occur between the water and 
particular units of the gelatine chains. With rubber, swelling occurs with 
benzene, much less so with paraffinic hydrocarbons, and not at ajl with 
water. Obviously, there may exist intermediate cases where limited 
imbibition and swelling occur involving certain types of linkages W the 
gel structure but not all. Diffusible constituents retained within tne gel 
structure may also account for some cases of imbibition by osmosisy 

Gels are unstable systems in common with all colloidal statis of 
matter. Their breakdown occurs generally in two stages ; first a syneresis, 
shrinkage of the gel with exudation of liquid medium, which may be 
followed by a process of crystallization. Increase of temperature ac- 
celerates such changes. Chromic oxide gel illustrates these changes 
spectacularly. The gel is quite stable if the removal of water is conducted 
slowly even up to temperatures of 550-600° C, Rapid removal of the 
water causes collapse of structure and this is followed by recrystallizat|on, 
in this case sufficiently exothermic to cause an incandescence knowii as 
the ^glow phenomenon.' 

Kistler developed a technique for removal of water from fairly dilute 
gels by progressive displacement with solvents of increasing volatility. 
Thus, by displacing water with alcohol, alcohol with ether, etc., he was 
finally able to replace the water of various gels by air without collapse of 
the gel structure. The products are known as aerogels. In such struc- 
tures solvation of the gel-forming material cannot be an essential of 
the structure. 

Certain clays, especially the bentonites, hydrated silicates of alumina, 
swell under water, in some cases with large volume increase, by imbibition, 
and set to jellies or gels, with characteristic setting times. The clay sol 
is often sensitive to the content of electrolyte present. Gels so formed 
may be termed suspensoid gels. The ready dispersion of the clays is 
associated with a relatively large content of combined alkalis or alkaline 
earths. Purification of the dispersion, for example by electrodialysis, 
profoundly affects the reversibility of the dispersion. On removal of the 
metal ions the acidic clay residue, after drying, does not readily redisperse. 
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Dilute bentonite gels show the phenomenon of thixotropy. The gel 
liquefies on agitation to a fluid suspension of low viscosity. On standing 
without agitation the gel re-forms. The phenornenoil is of industrial 
importance, for example in the utilization of paints. 

22. Emulsions: Systems in which both disperse phase and dispersion 
medium are fluids are known as emulsions. The term is generally re- 
stricted to the case in which both fluids are liquids. The dispersion of a 
gas in a liquid medium is sometimes termed a gas emulsion but more 
usually a foam. Liquid emulsions have a considerable technical impor- 
tance and foams are of importance in the use of soaps and other deter- 


gents as well as in the phenomena of ore concentration by flotation. 

Liquid emulsions are formed between immiscible or between partially 
miscible liquids, and, as an example, w^e may cite emulsions of oil and 
water. Violent agitation, spraying and the use of homogenizers or 
colloid mills will serve to break up both liquids and eventually to produce 
an emulsion of one liquid in the other. Such emulsions are stabilized by 
an electric charge on the surface of the droplets. With oil-water emul- 
sions the oil drop carries a negative charge as sliown by electrophoretic 
measurements (Section 15, Fig. 17.5). These emulsions are known as 
hydrosols. They are, at best, not very stable when the two liquids are 
pure but they can be rendered very stable by the presence of emuhifiors. 
By suitable choice of emulsifiers the two possible emulsions may be pro- 
duced, for example oil-in-water or watcr-in-oil. A small amount of 
sodium oleate yields an emulsion of oil-in-water with water and a hydro- 
carbon. Calcium oleate on the other hand yields a water-in-oil emulsion. 
Finely divided solids also function as emulsifying agents. Hydrous 
oxides, basic sulfates and clays yield oil-in-water emulsions, while carbon 
black and mercuric iodide yield water-in-oil emulsions. 

In general it can be said that emulsifiers will cause the liquid for which 
they have the greater affinity to become the dispersion medium. This la 
borne out by the examples of solids already cited. Hydrophilic apnts 
such as alkali soaps, gelatine, gum, favor oil-in-water and hydrophobic 
agents water-in-oil. The emulsifying agent accumulates m the mterhice 
between the droplets and medium. It forms a film which is more effec 
tive in preventing coalescence of drops of A in B than B in A when the 
final emulsion is an A in B emulsion. Undoubtedly the relative adsorp- 
tions of A and B by the agent are of importance as first pomted^out by- 
Bancroft and orientation in the adsorption process (Chap. 6 10 must 
also play a role. Viscous agents are more effective m general than non- 

viscous, hence the efficiency of solid emulsifiers. 

The particle size in ordinary suspensions and emulsions is in general 
larger than that in ordinary colloidal solutions. The range of 
10-2 cm. to 1 M, the ordinary cream globule falling within this g _ 
Emulsification effects notable changes in the physical characteristics 
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the constituent liquids. Mayonnaise which is an oil-in- water emulsion 
with egg-yolk as the emulsifying agent is a good example of such changes 
in, for example, viscosity. 

Exercises (17) 

1. Calculate the increase in surface area when 1 cm.^ of material is dispersed 
into colloidal particles 10”® cm.® in volume. 

2. Calculate the number of atoms in a colloidal gold particle whose radius is 
5 mju; the density of gold is 19.3. 

3. Perrin obtained a mean horizontal displacement of gamboge particles of 
7.09 /i in 30 sec. at 290° K. The particle radius was 0.212 /x and the viscosity of 
the medium 0.011. Calculate the Avogadro number. 

4. Calculate the Avogadro number from the sedimentation data in Table 17.2 
for gold sols in water. 

5. Show by plotting log Xoba. against log c for the data in Table 17.5 that n 
in the Freundlich adsorption isotherm for acetic acid on charcoal is 0.425.1 

6. Combine the relation for the volume of liquid flowing through a capillary 
under an applied i)otential with Poiseuille's equation and show that the maximum 
pressure difference P = 2^EDlTrr^. Hence calculate the zeta-potential for glass- 
water, for a tube of radius 0.0449 cm. under an applied potential of 76 volts when 
a difference of 0.0011 cm. in the level of the water at the ends of the tube Was 
observed. 

7. Using 0.5 per cent ZnS 04 solution and a clay diaphragm Sax6n found 1.585 
cc. water transported in 1829 sec. using 0.024 amp. With the same system a 
streaming potential of 0.00147 volt was found for a pressure difference of 31 .4 cm. 
mercury. Show that V/I = E'/P expressing the ratios in cm.®/^ units. 

8. Horse hemoglobin is found to contain 0.335 per cent iron. Calculate the 
minimum molecular weight of the protein. 
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Maxwell’s Distribution Law of Velocities: rxpori(Mi(*o shows that tlie 
molecules of a gas in a container under a fixed set of conditions w ill have 
a random motion. This randomness is in reality twofold. In the first 
place the molecules are travelling in all directions. No one ])articular 
direction is favored over another. There is, we say, an isotr(»pic dis- 
tribution. In the second place the velocities of the molecules are not 
identical, some will he moving very slowly, others very rapidly and still 
others at an intermediate pace. It is the purpose of Maxwell’s law to 
show precisely what is this distribution of velocities. It must be realized 
at the outset that it is almost inii)ossible to answer the question: “how 
many molecules have a velocity c at a particular instant?”, since it may 
so happen that at that particular instant not a single molecule would Imve 
that specified velocity. Pather must the question he worded so that a 
certain latitude is jiermissible in the velocities: “liow many molecules 
have velocities lying in the range of velocity dc ])etween c and c + dcV\ 
where dc may have any physical value not necessarily mathematically 
infinitesimally small. Furthermore the latitude must be extended for tlie 
instant for which the statement is made, so as to yield an average result 
over a period of time rather than at a specified instant. 

Consider a system of N molecules. The velocity c of one of them may 
be resolved into its rectangular conij)onent velocities v and w such that: 

f .2 = _|_ ^2 _|_ ( 1 ) 

The fraction of all the molecules which have a com])oncnt of velocity in a 
specified direction between w and u + du will depend on the particular 
magnitude of in some way to be determined, as also on the magnitude 
of the velocity range du. Let this l)c rei)resented as f{u) du. Similarly 
for the other component velocities, and f(w)dw will be the fraction 
of the molecules with respective component velocities in the ranges dv 
and dw. Hence the fraction of the total number of molecules having 
simultaneously component velocities in the specified ranges will be: 

f{u)f{v)f{w)du dv dw. (2) 

Owing to the isotropic distribution of direction of motion of the molecules 
the function f(u) f(v) J{w) must represent the same fraction of all the 
molecules whatever the individual values of w, v and w may be, so long 
as equation (I) is satisfied. That is, it must be a constant and the first 
derivative of equations (1) and (2) must therefore be zero. Letting/ 
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represent the first derivative of the function/ gives: 

u du + V dv w dv) = 0 

and 

f'{y)f{v)S{w)du + S[u)f{v)f{w)dv + S{u)f{v)f{w)dw = 0. 

Dividing the latter by the constant factor /(u)/(u)/(iu) gives: 

nu) m f'iw) 

-7^ du + -JJ— dv + du? = 0 
Ky) J(v) f(w) 


(3) 

(4) 

(5) 


and equations (3) and (5) hold simultaneously. To express them as a 
single equation, (3) is multiplied by a constant X and added to (5), giving 


Now dUj dv and dw are the specified velocity ranges and are therefoip not 
necessarily zero. Hence their coefficients must be zero to satisfy the 
above zero identity. That is: 


f(u) 

JM 


“1“ \u — Oj 


m 


Xw = Oj 


f(w) 


+ Xw = 0. 


uxxv/ XXX lou vyx wxxv/kjv^ uxx ^A£l>lUpiC;, bllC CqUiXblUii lUU^ UC WiibtCU. 


On integration 
or 


d In f(u) = — \u du. 

In f{u) = — I Xu* + constant, 

/(u) = 


Similarly f{v) = f{w) = Hence the fraction of the 

number of molecules dN/Nj which have simultaneously components of 
velocity in the specified ranges du, dv and dwj becomes 

dN/N = 


The constant A may first be determined since the sum of all the fractions 
dN/N for all possible values of u, v and w must be equal to unity, that is: 


I 



Iff 

—00 


e-Mui-hv2+w^)/2 


The triple integral is easily found as the product of the three separate 
integrals in u, v and w. Now 



e du 
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Hence the triple integral will have the value (2ir/X)>« and = (X/2ir)’'* 
whence 

dN f X 

"iV" ^ W j du dv dw, (6) 

This equation specifies the fraction of all the molecules which have 
velocities lying in a particular range between c and c + dc not only so 
far as their magnitude is concerned but also for their direction, since the 
component velocities are also restricted. To determine the fractional 
number of molecules having veloc- 
ities in the range c to c dc regard- 
less of their direction, the former 
equation must be integrated over 
all possible directions of motion. 

To do this most conveniently the 
polar co-ordinates of the velocity 
rather than the rectangular co- 
ordinates may be considered. Thus 
in place of Uj v and ic, the velocity 
is designated in terras of its mag- 
nitude c and its direction in sj)ace 
by the two angles 6 and </), the 
co-latitude and longitude respect- 
ively. The volume element corre- 
sponding to du dv dw may then 1)0 
expressed in terras of dc, dd and 
d(l>. Thus in the figure a surface, Fia. A.l 

distance c from the origin, is des- 
ignated together with a surface element equivalent to du dv. The angles 
subtended by the sides of this clement are dd and d(l>. From the geom- 
etry of the figure it follows that: 

du dv = c sin dd-AB sin deft 

— c dd-c sin O-dff} — sin 6 dd d<t>, 

since the sine of a small angle is equivalent to the angle. Hence the 
volume element equivalent to du dv dw becomes the i)roduct of this surface 
element and the velocity range dc, or sin 0 dd dip dc. Substituting this 
in equation (6) gives 

fJN / X \3/2 

— = I — ) ^2 sin e dd d<P dc. (7) 

N \ 27r/ 

Integrating over all possible values of d and (p, namely, d from 0 to ir and 




530 


elementary physical chemistry 


0 from 0 to 23r, gives 


dN/N = c^dc jT si 

= c'‘dc-2v y sin Odd 


sin d dd d<l> 


"\27rj ' 
/ X 

"V2J " 


c c^dc - 2Tr -2 


g-Xc2/2 ^2^^^ 


The quantity X can now be easily determined by relating it to tli^ root 
mean square velocity u which is given by the expression; j 


or, substituting for diV; 


1 n 




The definite integral is related to the gamma function 5/2 and has a value 




2 >/ X^ 


Hence 


1^2 = 4^ 


/ 3 

\ 27r / 2 


27r 

xi - 


But by kinetic theory = SRTINm = ZkTIm, where k is the gas 
constant per molecule. Hence 

X = mIkT, 

The Maxwell distribution law therefore becomes: 

( m 

__ j g-m^nhTc2dc. (9) 
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APPENDIX 2 

Planck’s Expression for the Average Energy of a Linear Vibrator: 

The problem to be solved is what is the average energy, e, of an oscillator 
or vibrator if the system can only receive energy in definite increments or 
quanta, e, 2e, re, but not in intermediate amounts. The quan- 

tity € is equal to hv. We employ the relation established by IMaxweir.s 
law that the number of vibrators Xr having r quanta of vibrational 
energy is 

Nr = (1) 

The constant A is a proportionality factor whose magnitude is determined 
by the fact that the summation of all the AV’s is equal to the total number 
of vibrators, N; that is, 

= V = (2) 

where the sign of summation 2 indicates the inclusion of all integral 
values of r from zero to infinity. 

The average value of the vibrational energy, e, is, by definition, the 
suinination of all values of Nt’T€ divitled by the total number, N\ hence, 

i = l/iV[(Ao X 0) + (Ai X €) + (iVi> X 2t:) + 

+ (A^r X re) + ] (3) 

which may be abbreviated thus, using expressions (1) and (2), 

If, for the summation we write 

J = l-\- + 


1 - 


and the expression for the average energy c becomes 


d In J 


Substituting in this expression tlie value of J in (5) wc obtain 


Equation (7) is the Planck expression desired. The classical result for 
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continuous increments of energy is approached when we allow the quan- 
tity e/kT to approach zero. Expanding expression (7) according to the 
exponential theorem yields 


* 1 + tIkT 1 


( 8 ) 


That is, upon classical grounds of continuous energy values, the average 
energy of the vibrator is kT, This obtains at sufficiently high tempera- 
tures T, At very low temperatures, as T approaches 0° K., the average 
quantized vibrational energy co is zero since 



(9) 


We may obtain from equation (7) the contribution from quantized ^ribra- 
tional energy to the heat capacity by differentiating the total vibraijiional 
energy Nl with respect to temperature, thus obtaining 


d{m) 

= Nk ■ 


= R 




dT (c^ - 1)2 ~ 1)2' 

where x is equal to e/fcT, and Nk — Rj the gas constant per mole. 


( 10 ) 


APPENDIX 3 

The Limiting Law of Debye and Hiickel: The fundamental problem 
involved in the treatment, is the calculation of the electrical free energy 
of the solution originating from the uneven distribution of the ions. The 
free energy is obtained from the mutual electrical potential of the ions 
and this latter is calculated on the basis of the applicability (1) of Cou- 
lomb's law to the electrical forces between ions and (2) of Boltzmann's 
principle to the distribution of the ions. 

To simplify the derivation, a dilute solution of KCl will be considered 
first. The result obtained may be easily generalized. Imagine that it 
would be possible to see a particular ion, say a K"^, and to follow that ion 
as it moves through the solution. If there were no charges on the ions 
and the solution was ideal, a completely random distribution of particles 
would prevail and the chance that the potassium would approach another 
potassium at a given instant would be equal to the chance of its approach- 
ing a chlorine. Owing to the inter-ionic electrical forces, however, the 
K"^, in order to approach another K"^, must overcome the electrostatic 
repulsion exercised between them while its approach to a chloride ion 
would be aided by their mutual attractions. If ^ represents the average 
electrical potential of an ion of charge e, the work performed in the ap- 
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proach of two K+ ions will be ^4^. The particular K+ ion being watched 
therefore acquires an additional potential energy of f\f>. In like manner 
its approach to a chloride ion, of charge - e, causes a changed potential 
energy of ~~ eyp. 

On the basis of these potential energies, by means of Boltzmann's 
principle, the probable number of each kind of ion in the neigliborliood 
of a particular ion may be stated. Thus the number of positive ions 
out of a total number of ions ti in the solution will be; 

n^. = 

and of negative ions likewise 


n_ = 

If these numbers of ions are expressed as the number per unit volume, 
that is, as a density, the corresponding electrical density is easily found. 
Thus the electrical density p is the algebraic sum of charges present in 
unit volume: 

p = n+6 + ?i_( — e) = 
which to a first ai)proximatioii becomes 


p = - 2nt{e\plkT), (1) 

According to Coulomb’s law the force acting between two charges 6i 
and €2 a distance r apart in a medium of dielectric constant D is given by: 

F = €i€./Dr\ 


The application of this to the simple case of three or four ])articlcs may 
be directly made by considering the charges in pairs. Where, however, 
there are a large number of charges such as are i^i’esent in a solution con- 
taining ions such a simple treatment is impossilile. Poisson has shown 
that in such a case, assuming a spherical charged i)article, the electrical 
potential at a distance r from the charge is related to the average density 
of electricity p by the differential equation: 

\ ( 2 ) 

r^dr\ dr ) D 


Accepting this and combining with equation (1) 


Id/ rH\l/\ 
dr\dr) 


- ^ 2ru^lkT) 


Sirne^xl/ 

~DkT 


= K^^[/ 


(3) 


where k = {STne^DkTy^^. Equation (3) may be integrated to give 
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the general solution: 

xP = + , 

r r 


where A and B are integration constants to be determined. Since ^ 
must approach zero as r is made larger and larger, the constant B must 
be zero, otherwise xj/ would be infinite when r was infinite. Hence: 


}p = Ae-^^^lr, (4) 

Now by Coulomb’s law the potential of a single point charge c is: 


^ = e/Dr. (5) 

This therefore should be applicable to a single ion in the solution, that 
is, to an infinitely dilute solution or when k is equal to zero. From 
equation (4) when « = 0, \l/ = A jr and equating to (5) A = e/p or 
^ = ee~‘^^IDr which may be written 


^ Dr Dr Dr 


whereby the total potential at a distance r from a given ion in the solution 
has been split into two terms, the first being the contribution of the ion 
itself unaffected by other ions, the other due to the presence of the sur- 
rounding ions. This is the quantity desired and is seen to be a function 
of K and therefore of the concentration of the solution. For dilute solu- 
tions when K is small (1 — reduces to Kr. Thus the potential due 
to the surrounding ions becomes 

= — €/c/Z). * (6) 


In other words, 11k behaves in equation (6) as does r in equation (5), 
that is, K has the dimensions of a reciprocal length. Substituting for the 
values in equation (3) at 0° C, k = 0.327 X 10® Vc cm.“^ where c is the 
molar concentration. In a molar solution therefore I/k has molecular 
dimensions. It was termed by Debye and Hiickcl the radius of the ionic 
atmosphere. 

From the value of the potential due to the surrounding ions in equation 
(6) the free energy may be calculated. Since it is assumed that the 
uncharged particles would constitute an ideal solution, the extent of 
deviation from ideality will be measured by the work done in discharging 
the ions. This process is similar to the discharge of a condenser and is 
to be carried out without changing the concentration, that is, at con- 
stant K. With K constant the potential will be proportional to the charge 
and the work done will be given by: 
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But this electrical free energy is related to the activity coeflTicient; 

f\ = kT In /. 

Therefore: 

1 / _ [Syrrif^ 

2Di;T ^ ~ 2/)^’y Iwf ’ 

where / is the activity coefficient of tlic particular K-* ion consiilcroii. 
It must be particularly noted that the dependence of / on the titlier iotis 
in the solution is involved in k, that is, on the (piantities under the root 
sign in equation (7). 

Passing now to the general case of a solution containing a number of 
different kinds of ions 1,2,3 i s, id valence s and num- 

ber per unit volume n with corresponding subscrii)t, the value of k can 
readily be seen to be 



for now the charge on an ion instead of ])eing e will be and the factor 
8xn ill equation (3) was obtained from the Itt in Poisson’s etj nation a ml 
the 2n in equation (1) involving the sum of the valences of a and 
Cl" ion. 

Hence equation (7) becomes in the general case 


ln/» = - 


WkT \ DkT ^ 


n^z^^ 


for the activity coefTicicnt of an ion of the itli kind. The term uJider 
the root sign will again involve all the other ions in the S()luti«m. 

To determine the activity coefTicient of an electrolyte dissociating 
into cations and anions, use is made of its relation to the activity 
coefficients of its ions: 

f = 

or 

In/ = — — (v+ ln/+ + V- ln/_). 

v+ + V- 


Considering this electrolyte in the general solution considered above as 
a solvent, substitution for/+ and/_ gives: 


ln/ = 


-t- V- 


r ~| j 47re ^ 

L ~ “ Ymr j d/cT ^ 




v^,z+^ + V-ZJ^ e* l Yire^ ^ 

= " ^^7+ J'- 2i)/cT \ DkT ^ 


n,z^\ 
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Now 


Therefore 


Also 


V+Z+ = V-Z-. 


j'+a+® + 
v+ + V- 


Z+Z-. 


Srii = 6.02-10“cS»-. = 6.02-10'*'>m2^ = 


6.02-10“Sm<, 


where Ui is the number of ions of each kind per unit volume, c is the 
molar and m the molal concentration. Hence: 


- I 

In/ = - z+z- yj 


•6.02-10“2m.8,^ 


But = 2 m, where m is the ionic strength. When e = 4.8025710"^° 

e.s.u., k = 1.381-10“^® ergs and D for water at 25° C. is 78.8,1 this 
becomes the limiting law \ 

log/ = — 0.507 z+Z- Vm- \ 
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ioj 1 ization , 350-352 
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Copper sulfate hydrate dissociation, 
309-312 

Corresiioiiding states, 135 
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Coulomb, 55 
Coulometer, 324 
Covalent bond, 117, 167 
Criteria, of equilibrium, 204-206 
thermodynamic, for ideal gas, 91 
Critical constants, 132, 134 
Crystal, form, 160 
lattice, 160 
symmetry, 159 
Crystalline state, 159-183 
Crystals, atomic distances in, 170 
classification of, 159 
heat (japacity of, 179 
structure of, 161-174 
Cubic, lattice, 160, 161, 165, 169, 170 
packing in liquids, 154 
Cuprous oxide lattice, 165 
Cyclic process, 188-190 
Cyclotron, 39 

Dalton’s, atomic theory, 1, 9 
law of partial pressures, 80 
Daniell cell, 367 
DeBroglie waves, 119 
Debye, heat capacity function, 181 
polarization formula, 129 
Debyc-Huckel theory, 378-380, 532- 
536 

Debye-Onsager theory, 341-345 
Decomposition, of alcohols, 440 
of formic acid, 440 
of hydrogen hahdes, 249, 350, 403, 
476 

photo-, in liquids, 481 
Definite proportions, law of, 1 
Deformation of ions, 118, 171 
Degree of freedom, of gas molecules, 89, 
90, 103, 122, 127 
phase rule concept, 275 
Demagnetization, adiabatic, 323 
Density, gas, 93, 99 
liquid-vapor, 141 
Deuterium, discovery, 34 
heat capacity of, 124, 125 
Deuteron, 33, 37, 38 
Deviations from ideality, of gases, 
93-98 

of solutions, 229-233 


Dialysis, 495 
Diameter of ions, 170 
Diamond, crystal structure of, 165, 167 
atomic heat of, 179 

Diatomic molecules, heat capacity of, 
122-128 

moment of inertia of, 114 
potential energy of, 115-117 
rotational energy of, 113, 114 
vibrational energy of, 114, 115 
Dielectric constant, 129 
Dieter ici equation, 100 
Diffuse absorption, 473 
Diffusion, and activity, 460 
as a rate process, 459 
centrifugal, 35 j 

of colloids, 499, 500 
of gases, 78 
thermal, 35, 79 

Dilute solutions, laws of, 218-229 1 
tlicrinodynamics of, 225-227 v 
Dilution law, 350 \ 

Dimensions, 53 
Dimorphism, 4 
Dipole, ion, 362 
moment, 128-131 
Discontinuous absorption, 472 
diffuse, 473 

Disperse phase, 494 - 

Dis])ersion medium, 49^ 

Displacement polarization, 128 
Dissociation, and distribution, 267 
constant of electrolytes, 350-352 
of water, 355 
electrolytic, 336, 353 
energy, 116, 128 
of carbon dioxide, 252 
of nitrogen tetroxide, 252 
of water vapor, 252 
pressure of salt hydrates, 310 
Distillation of binary solutions, 286-290 
Distribution law, 264-271 
of molecular velocities, 81, 527-530 
of radiation, 105, 106 
Dobereincr's triads, 5 
Donnan membrane equilibrium, 497- 
499 



INDEX 


541 


Drop weight method for surface ten- 
sion, 140 

Dnide’s theory of metallic conduction, 
321-322 

Dulong and Petit's law, 4, 179 
Dyne, 53 
Dystectic, 301 

Efficiency of collision, 398 
and temperature, 398 
Einstein, 4G8 

Einstein’s, heat capacity equation, 180 
photochemical law, 107, 40G 
Electrical, conductance, 320-349 
free energy, 379 
units, 55 

l]lectrodc potentials, standai’d, 390, 391 
Elcctro-endosmosis, 511-51 5 
Electrolysis, Faraday’s laws of, 5, 324 
nomenclature, 324 

Electrolytes, activity of mixed, 383-385 
amphiprotic, 3G2 

deviations of, from ideality, 232, 376 
dissociation constant of, 350-352 
temperature effect on, 356 
strong, 336, 364-393 
weak, 336, 350-362, 392 
Electrolytic dissociation, and activity, 
374 

theory of, 336-341 
Ele(!tromagnctic units, 56 
Electromotive force data, and activity, 
375, 376, 383 
and concentration, 373 
Electron, 10 

arrangement in atoms, 44-50 
atomic weight of, 18 
charge on, 12, 17 
diffraction, 120 
extra-nuclear, 44, 48 
in metals, 172, 321 
mitiroBCopo, 120 
orbits, 109 
pairs, 117 
polarization, 129 
shells, 46 
size of, 18 

spinning, 47, 109, 1 17 


velocity of, 11 
volt, 110 

Electrophoresis, 342, 511-515 
Klcdroslatic units, 56 
l^lectro-valence. H7 
J'Uenients, iieriodic table of, 7 
Emulsifiers, 525 
Emulsions, 404, 525, 526 
I’hiantiotropism, 177 
Endotbeimal reactions. 61 
Energetics of pliotoclicnucal reactions, 
466 

lOnergy, and mass, IS 
definition of, 52 
diagram for liydrogen, 1 10 
cquipartition of, 103 
internal, 57, 5S 
kinetic, and temperature, 76 
levels, 109, 112 
of activation, 401 
of rotation, 112-114 
of vibraijoii, 114, 115 
quanta, 104 
Entropy, 192-199 

absolute molal, 190, JOS 
Ikitropy change, in ideal gas, 194 
m irreversible ju’ocesses, 198 
of activa,tion, 454, 455 
of fusion, 193 
of mixing, 195 
of vaiiorization, 193 
with pressure, 195 
with temperature, 195 
with volume, 196 
Equations of state, 99 
Equilibrium, and activity, 241, 242 
and (dienncal kinetics, 237, 403 
and pressure, 247, 218 
and tetiii>eraturc, 24 1-247 
and thermodynamics, 204, 238 
constant, 210, 236, 240 
criteria of, 204, 20.“>, 272 
fiom distribution measuremeuts, 269 

gas-liquid, 261, 262 

gas-solid, 259-261, 309-312 
lietcrogeneous, 261-31 8 
homogen eous , 23;" i - 259 
in liquid systems, 257-259 
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ionic, 350-393 
liqnid'liquid, 291-293 
liquid-solid, 293-309 
photochemical, 487 
solid-solid, 312-314 
Equipartitioii of ener^^y, 103 
Equipotential diagrams, 408, 410, 411 
Erg, 53 

Esterification equilibrium, 257-259 
Esters, hydrolysis of, 434 
Eutecti(!, halt, 308 
point, 296, 306, 308 
Evaporation curve, 287 
Exchange energy, 405 
Excitation energy, 110, 111 
Excited atoms, 110, 470-472 
Exclusion principle, 46 
Exothermal reactions, 61 
Expanded films, 149 
Expansion, of gases, 100, 101 
of solids, 178 
Explosions, 430 
Extinction coefficient, 465 
Extraction theory, 270, 271 
Extra-nuclear electrons, 44 

Faraday’s laws of electrolysis, 5, 324 
Fatty acid films, 145 
Ferric chloride-water phase diagram, 
302, 303 

Fiber structure, 174 
Films, surface, 143-153 
Fine structure absorption, 472 
First law of thermodynamics, 53 
First order reactions, in gases, 418 
in liquids, 432 
Fluid flow, 457 
Fluidity, 156 
Fluorescence, 110, 468 
Forbidden transitions, 119 
Force, definition of, 52 
Forces, in crystals, 178 

van der Waals, 97, 132, 142, 147, 167 
Formation of colloids, 495 
Formic acid, catalytic decomposition 
of, 440, 445 

Four atom systems, reaction in, 414- 

416 


Fractionation column, 287 
Franck-Condon principle, 474 
Free energy, 199-204 
and activity, 203 
change with pi’essure, 201 
change with temperature, 202 
in cell reactions, 368-370 
of activation, 454, 457 
of gas reactions, 242-244 
partial molal, 371 
Free path, mean, 86 
Free volume in liquids, 154 
Freedom, degree of, in kinetic theory, 
89, 90, 103, 122, 127 
in phase rule, 275 
Freezing point, constant, 221 i 
ideal, 219-222 
lowering, 219 

Frequency of collision, 85, 86 
Fresnel’s reflecjtion law, 464 
Fundamental frequency, 127 
Fused salts, conductance of, 347-3l'^9 
Fusion, entropy of, 193 
heat of, 61, 73 

Galvanic cell, 364^368 
Gamma rays, 24 
Gas constant, 57, 75, 77 
Gas laws, ideal, 73, 74 

deviations from, 93-98 
Gas reacjtions, bimolecular, homogene- 
ous, 396, 401 
chains in, 427 
free energy of, 242-244 
heterogeneous, 439-452 
photosensitized, 485-487 
termolecular, 421-424 
uniinolecular, 418-4:21 
velocity of, 396, 399, 402, 419, 422 
Gaseous, dissociation, 252 
equihbrium, 248-257 
films, 147 
solutions, 216 
Gases, 73-101, 122-131 
adsorption of, 506-508 
diffusion of, 78 
expansion of, 100, 101 
heat capacity of, 88-90 
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rotation in molecules of, 112-114: 
thermal conductivity of, 90 
vibrations in molecules of, 114-115 
viscosity of, 86 
Gay Lussac's law, 74 
Gels, 495, 522-525 
Gibbs, adsorption law, 509 
vapor pressure law, 13S, 226 
Gibbs-Helmholtz equation, 202, 203 
Glow phenomenon, 524 
Graham’s law of diffusion, 70 
Graphite, crystal striic-ture, 108 
Gravity, 53 

and particle distribution, SO, 81, 
501-504 

Grottliuss-Drapcr law, 463 

Hair structure, 174 
Half life of reactions, 402, 419 
Halogen sensitized reactions, 485 
Heat, of activation, 401 
of adsorption, 443, 449 
of combustion, 64 
of dilution, 63 
of dissociation, 1 1 0, 471 
of formation, 62, 63 
of fusion, 61, 73 
of hydrogenation, 63, 65 
of ionization, 350 
of isomerization, 66 
of neutralization, 63, 356 
of reaction, 61 

and activation energy, 413 
and tempeiature, 69 
at constant pressure, 62 
at constant volume, 62 
of solution, 63 
of sublimation, 61, 73 
of transition, 63 
of vaporization, 61, 73, 457 
Heat capacity, 60, 69 

at constant pressure, 89, 90 
at constant volume, 89, 90 
of gases, 88-90 
of rotation, 122-125 
of solids, 179-181 
of vibration, 125-128 
ratio CpICvf 90 


Heat content, 59 

Heat energ>", inot'hanical equivalent 
of. 54 

Heat theorem, Nernst, 196 
Helmholtz free eiu'rgy, 199-201 
Henry’s law, 217, 265 
Hess’s law, 63-(»S 
Heterog(!i icons, equilibria, 264-31S 
kinetics, 439--152 
Hexagonal crystal, 160 
llittorf transport number, 329 
Holes in liquids, 141 , 450 
Homogeneous, equililina, 235-259 
kinetics, in gases, 396-432 
in liquids, 432 -139 

Hydrates, crystril structure of, 172, 173 
dissociation pressure of, 310 
Hydrogen, at-om, Hohi' theory of, 108- 
111 

mass of, 17 

reactit)ii with molecules, 399, 407- 
412 

recombination, 412, 421 
bond, 173 

In'oniide, photo-dc‘Conip>)Sition of, 476 
bromine combination, 424-427, 477 
chlorine combination, 427—128, 478 
dissociation, 25() 
ethylene reliction, 447 
iodide dccomjiosition, 240, 250, 403, 
47() 

molecule, structure, 115, 122-124 
energy of, 407 

ortho, rotational energy t)f, 123, 124 
oxygen reaction, 431 
jiara-ortho conversion, 399 
Hydrogenation, (catalytic, 66, 447 
Hydrolysis, 359-361 
catalytic, 434 
degree of, 360, 361 
of esters, 434 
Hydrosols, 525 

Ice, polymorphic forms, 281 
Ideal gas, 74 

adiabatic expansion of, 101 
isothermal expansion of, 100 
laws, 57, 74 
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deviations from, 91-98 
thermodynamic criterion of, 91 
Ideal solutions, 218-229 
Imbibition, 523, 524 
Incongruent melting point, 300 
Indicators, 358 
Indices, Miller, 160 
Induced, decomposition, 430 
moment, 128 
radioactivity, 41-43 
Induction period, photochemical, 479 
Inhibited reactions, i^hotochernical, 482 
thermal, 428 

Interatomic distance, 115 
Intercepts, rational, law of, 100 
Interfacial angles, law of constant, 160 
Internal, energy, 58 
pressure, 97, 142 
Inversion of cane sugar, 433 
Ion doublets, 32 

Ion-molecule interaction, 345, 347 
Ionic, association, 344-346 
atmosphere, 341 
binding, 117, 167 
deformation, 118, 171 
equilibria, 350-393 
and activity, 374 
. and (jonductance, 350 
hydration, 332 
migration, 328-332 
mobility, 332-334 
polarization, 118, 171 
product of water, 355, 435 
refraction, 118, 171 
radii, 170 
strength, 379, 385 
theory, 336-341 

Ionization, by a and /3-particles, 24 
by light absorption, 109-111 
Ions, high velocity, 38 
Iron-carbon phase diagram, 313 
Irreversible, gels, 523 
processes, 184 
Isochore, van’t Hoff, 246 
Isoelectric point, 362, 514 
Isomorphism, 4, 175, 176 
Isothermal, change in gas, 100 
p— V cur ve, 133 


Isotopes, and vibrational energy, 127 
artificial, 37 
natural, 28, 30 
radioactive, 27-29 
separation of, 34-36 
surface exchange of, 450 

Joule, 54, 56 

Joule-Thomson effect, 91-93 
Keratin, 175 

Keyes equation of state, 100 
Kinetic energy, and temperature, 76 
of rotation, 113-115 
of vibration, 115, 116 
Kinetic factor, 437 

Kinetic theory, and chemical rejections, 
396-405 

and colloidal systems, 497 
of gases, 75-91, 96-98 
Kirchh off's law, 69-71 
Kohlrauscli's law, 335, 339 
Kopp's law, 136 
K-scries, 21-23, 44, 45 

Lambert’s law, 464 
Langmuir theory, of catalysis, 443 
of valence, 117 

Latent heat, of fusion, 61 , 73 , 

of sublimation, 61, 73 
of vaporization, 61, 73 
Latent image in photography, 484 
Lattice, cubic, 160, 161, 165, 169, 170 
energy, 178 
hcxjigonal, 160, 172 
Lauc X-ray diagram, 162 
Law, of absorption, Lambert’s, 464 
of Cailletet and Mathias, 141 
of Clausius-Mosotti, 129 
of combining volumes, 2 
of conservation, of energy, 53 
of mass, 2, 18, 50 
of constaxKjy of angles, 160 
of constant heat summation, 63-68 
of definite proportions, 2 
of Duldhg and Petit, 4, 179 
of Kopp, 136, 179 
of mass action, 235, 403 
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of mobile equilibrium, 244 
of multiple proportions, 2 
of rational intercepts, 160 
Laws, of dilute solutions, 218-229 
of electrolysis, Faraday’s, 5, 324 
of ideal gases, 57, 74 
LeCliatelier-Braun principle, 244 
Levels, energy, 108-113 
Lewis, heat capacity equation, ISl 
valence theory, 115, 117 
Liesegang rings, 523 
Light absorption, 463-465 
by atoms, 108-111, 468-470 
by liquids and solids, 475 
by molecules, 111-115, 470 -475 
Limiting, conductance, 334-336 
density, 99 

law of Debye-Huckel, 379, 437, 532- 
536 

Linear vibrator, average energy of, 106, 
531 

Liquid, crystals, 182, 285 
films, 148 

junction potential, 387-388 
-liquid binary system, 291-293 
Liquids, 132-158 
association in, 141 
holes in, 141, 154, 456 
molecular volume of, 142 
orientation in, 143-153 
structure of, 154 
surface tension of, 139, 153 
vapor pressure of, 136-139 
viscosity of, 155-158, 456 
Liquidus curve, 305 
Lorcnz-Lorentz formula, 129 
Lowering, of freezing point, 219 
of vapor pressure, 216-218 
and osmotic pressure, 225-227 
Lyman series, 108 
Lyolysis, 360 

Lyophile colloids, 519, 520 
Lyophobe colloids, 516-519 

Mass, action, law of, 235, 403 
and energy, 18 
of gas striking a wall, 87 
of ions, 32 


spectrograph, Aston, 31 
Nier, 32, 33 

Maximum, boiling point, 288 
work, 187 

Maxwell-Boltzinanii law, 527- 

530 

Maxwell law of viscosity, 86, J56 
Mean, activity, 374 
energy velocity, 84 
free path, 86 
relative velocity, 85 
square velocity, 7(), 83 
Mechanical equivalent of heat, 54 
Melting point, congruent, 301 
incongruent, 300 
of solids, 177 

Membrane, equilibrium, Doniian theory 
of, 407-199 
potentials, 498 
semi-permeable, 221 
Mercury sensitized reactions, 486 
Mesomorphic st ate, 182, 285 
Metallic, bond, 172 
conduction, 321-324 
Metals, liquid, surface tension of, 153 
Migration, of ions, 328-332 
potential, 512-514 
Miller indices, 1 60 
Minimum boiling point, 289 
Mixed catalyst, 449 
Mobility of ions, 332-334 
Mole fraction, 216 
Molecular, association, 141 
diameters, 87 
forces, 96-98, 115-117 
orientation, 143 
polarization, 129 
refraction, 118 
spectra, 111-115 
structure, 130, 131 
velocities, 81-84, 527-530 
volume, 96, 136, 142 
weights, in gases, 93-95, 99 
in solution, 228 
of proteins, 504 
Moment, dipole, 128-131 
of inertia, 113, 114 

Monatomic gases, heat capacity of, 88 
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Monoclinic crystal, 160 
Monolayers, 144 
reaction in, 150-152 
Monotropism, 177 
Morse function, 116, 405 
Moseley's law, 21 
Most probable velocity, 82 
Moving boundary of ions, 330 
Multiple proportions, law of, 2 
Mutarotation, 435 

Negative, catalysis, 428, 482 
deviations from Raoult’s law, 230 
Nematic phase, 182 
Nernst, approximation formula, 246, 
251, 260 

heat theorem, 196 
-Thomson rule, 344 
Neutral salt action, 434, 439 
Neutralization, heat of, 63, 356 
Neutron, 24, 37, 38 
Neutron-producing reactions, 38 
Nicotine-water phase diagram, 292 
Nitric oxide, reactions of, 422-424 
Nitrogen, pentoxide decomposition, 419 
tetroxide, dissociation, 252 
formation, 423 

Nitrosyl chloride formation, 422 
Non-ideal solutions, 229-233 
Non-polar molecules, 117, 128-131 
Non-rigid rotator, 114 
Nuclear, atom, 19 
charge, 20 
constitution, 23 
fission, 42 
masses, 33 
spin, 123-125 
transformations, 37 
types of, 40, 41 

Octaves, Newland's law of, 6 
Ohm, 55 
Ohm’s law, 53 
Oil films, 143-153 
One component systems, 277-285 
Opposing reactions, 403^05 
Order-disorder transitions, 173 
Order of reaction, 395 


Orientation of molecules, 143-153 
Orthohydrogen, 123, 399 
Orthorhombic crystal, 160 
Oscillator, harmonic, 105 
Osmotic pressure, 223-228 
and concentration, 227 
and vapor pressure, 225-227 
of colloids, 497 
Ostwald’s dilution law, 350 
Oxalic acid, photo-decomposition of, 
481 

Oxidation-reduction cells, 389 
Oxonium ion, 332, 333 
Ozone, decomposition, 486, 488 
formation, 486, 488 

Parabola method for isotoi)es, J 
Parachor, 142 
Parahydrogen, 123, 399 
Parallel nuclear spin, 123 
Partial molal quantities, 371 
Particle size, and solubility, 511 
in colloids, 504 
Partition function, 209 
and entropy, 211 

and equilibrium constant, 210, 
250, 256, 453 
and free energy, 210 
and heat capacity, 210 I 

and internal energy, 210 
and pressure, 213 
evaluation of, 211 
of rotation, 212, 454 
of translation, 211, 453 
of vibration, 213, 455 
for electronic energy, 213 
for gases, 213 
for liquids, 214 
for solids, 214 

in ortho-para-hydrogen equilib- 
rium, 214 
Paschen series, 108 
Pauli principle, 46, 47 
Peptization, 521 
Periodic law, 6-8 
defects in, 8 
pH values, 356 
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Phase, definition, 273 
rule, 272 

derivation of, 276 
Phenol-aniline phase diagram, 301 
Phenol-water phase diagram, 292 
Phosphine decomposition, 445 
Photochemical, equivalent law, 107, 4G6 
yield, 487 

Photochemistry, 463-192 
Photo-electric effect, 106, 107 
Photo-equilibrium, 487 
Photo-reactions, in gases, 4S6 
inhibition of, 482 
in liquids, 489 

Photo-sensitization, 485, 490 
Photo-synthesis, 466 
Physical processes, rate theory of, 456- 
461 

p/C values, 356 

Planck constant, 16, 17, 105, 106 
Planck's radiation theory, 105, 106, 126 
Plane of symmetry, 159 
Poiseuillc's law, 155 
Poisoning, catalyst, 446 
Polar molecules, 117, 128-131, 143 
Polarization of ions, 118, 171 
Polymorphism, 176 
Pore size in gels, 523 
Positive, deviations from Raoult's law, 
229 

nucleus, 20, 23 
rays, 30 

Potassium nitrate photo-decomposi- 
tion, 481 

Potential energy of molecules, 115-117, 
405 

Potentials, critical, 109, 110 
standard electrode, 390, 391 
streaming, 513 

Powder method of X-ray analysis, 167 
Predissociation, 473 
Pressure, and equihbrium, 247, 248 
atmospheric, 63 
critical, 132, 134 
cohesion, 97, 142 
osmotic, 223-228 
vapor, 136 

-volume products for gases, 76 


Primary, absorption process, 468 
kinetic effect, 439 

PriTicijiIe of mobile eciuilibriuin, 244 
Promoters, 449, 450 
Protective colloids, 521 
Protogenic solvent, 354 
Protolysis, 353, 354 
Proton, 12, IS, 37 
theory of acids and bases, 352-355 
Protophilic solvent, 354 
Pi out’s hy])othesis, 5 
p — v isothermals, 133 

Quadruple point, 296 
Quantum, meclianics, 115, 117, 119 
number, 46, 109 
azimuthal, 46, 109 
magnetic, 47, 109 
principal, 46, 109 
rotational, 113, 122 
spin, 47, 109 
vilirational, 114 
theory, 105 
yield, 476, 482 
and tcmpei ature, 492 
Quaternary salt formation, 435-^37 
Quint ipJe iioiiii, 3J5 

R, the gas constant, 57, 75, 77 
Radiation, lilack body, 104 
classical theory of, 104, 105 
density, 105 

quantum tlieory of, 105-108 
Rayleigh- Jeans law, 105 
Stefan's law, 104 
Radioactivity, artificial, 41-43 
natural, 24, 29 
branching in, 25 
and periodic law, 25 
Raman effect, 118, 119 
Ramsay and Young’s rule, 138 
Raoult's law, 217 

Rate equation, for first order reaction, 
419 

for second order reaction, 401 
for third order reaction, 422 
Ratio of heat capacities, 90, 101 
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Rational intercepts, law of, 160 
Rayleigh-Jeans radiation law, 105 
Reaction, isochore, 247 
kinetics, in gases, 386-432, 439-452 
in liquids, 432-439 
order, 395 
velocity, 395 

and activity, 437-439 
and ionization, 433, 439 
and statistics, 450-456 
and zero-point energy, 416 
for physical processes, 456-461 
Reactions, bimolecular, 396 
catalytic, 439-452 
chain, 427 
consecutive, 424 
induced, 430 
opposing, 403-405 
termolecular, 421 
unimolecular, 418 
Reciprocal proportions, law of, 2 
Recombination of atoms, 412, 421 
Rectifiers, 287 

Reduced mass of molecule, 114 
Repulsive ciu've, 115 
Resistance, effect of temperature on, 
322, 323 
unit of, 55 
Resistivity, 325 
Resonance, lines, 110 
potential, 110 
Reversible, cells, 365 
cycles, 191 
processes, 185-188 
reactions, 236 
work, 187 

Rhombic crystal, 160 
Rigid rotator, 113, 114 
Rise of boiling point, 222 
Root mean square velocity, 76, 83 
Rotating crystal X-ray analysis, 167 
Rotation in crystals, 1 79 
Rotational, energy of molecules, 112- 
114 

heat capacity, 122, 123 
Rubber, structure, 175 
Rydberg, constant, 108 
formula, 108 


Salt action, neutral, 392 
Salt hydrates, dissociation of, 310 
Salt solutions, activity of salts in, 380- 
383 

conductance of, 334 
hydrolysis of, 360, 361 
Saponification, rate of, 434 
Saturated solution, 295 
Scattering of a and jS-particles, 20 
Second law of thermodynamics, 190, 
199 

statistical nature of, 207 
Second order reactions, 396-403 
in liquids, 434 j 

Sedimentation of colloids, 81, 50 j 
Sensitization, by halogens, 485 
by mercury, 486 
in colloids, 520 

Silicates, crystal structure of, 171 
Silver, coulometer, 324 

compounds, light sensitivity of. 
Simple cubic lattice, 161 
Size of particle and solubility, 511 
Smectic phase, 182 
Smekal-Raman effect, 118 
Sodium atoms, light absorption by, 110 
reactions with, 397, 398 
Sodium chloride crystal lattice, 164r-166 
Sodium sulfate-water phase diagram, 
299 

Sodium sulfite oxidation, 428, 482 
Sol, 494, 516 
Solid solution, 303 
Solids, amorphous, 159 
compressibility of, 178 
heat capacity of, 179-181 
melting point of, 177 
thermal expansion of, 178 
Solidus curve, 305 
Sols, lyophobe, 516 
Solubility, and activity, 380 
curves, closed, 292, 293 
in ideal solution, 219-222 
of smallpar tides, 511 
product, 380 

Solutions, azeotropic, 289 

colligative properties of, 216-233 
colloidal, 494 
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composition of, 216 
ideal, 218 
non-ideal, 229-233 
reactions in, 432-439 
solid, 303 

thermodynamics of, 225-227 
van’t Hoff theory of, 224, 225, 227 
Solvation, effect on distribution ratio, 
265 

Solvent, amphiprotic, aprotic, 354 
pi otogenic, 354 
protophilic, 354 
transport, 331, 332 
Solvolysis, 360 
Space lattice, 160 
Spectra, absorption, 108-111 
band. 470-475 
and isotopes, 34 
line, 108-111 
predissociation, 473 
Spectroscopic constants, 127 
Spinning electron, 47, 109, 117 
Spontaneous processes, 1S4 
Stabilization of colloids, 521 
Standard, cell, Weston, 56, 365 
electrod^, 390 
State-sum, 209 
States of aggregation, 73 
Stationary state, photochemical, 487, 
490 

principle, 425 
Statistical weight, 209 
Statistics, and reaction rate, 452-456 
and thermodynamics, 207-214 
Steam distillation, 290 
Stefan’s law, 104 
Steric factor, 436, 455 
Stibine decomposition, 446 
Stokes’s law, 13, 16, 341 
Streaming potential, 513 
Strength, ionic, 379, 385 
Strong electrolytes, 336 

and reaction velocity, 437-439 
anomaly of, 364 
Structure, crystal, 161-174 
of liquids, 154 
of molecules, 130 
Sublimation curve, 279 


Sugden’s parachor, 142 
Sulfur, as one component system, 282- 
285 

dioxide, oxidation, 253, 254, 448, 490 
polymorphic forms of, 284 
Super-conductivity, 322, 323 
Superlattice, 173 
Supersaturation, 295 
Surface, energy, of liquid films, 147 
of small partickis, 51 1 
tension, 139 
and adsorption, 509 
measurement of, 140 
of liquids, 139 
of metals, 1 53 

tcmi)crature variation of, 140, 142, 
153 

Suspensoid gels, 524 
Sutherland ro nsiant, 86, 87 
Sjnnnrctry in crystals, 159 
Synercsis, 524 

Temperature^ and chemical equilib- 
rium, 246 

and kinetic theory, 74, 76 
coehicient, of i>hot()-reactions, 491, 
492 

of thermal reactions, 398, 448 
critical, 132, 134 

influence, on free energy, 202, 203 
oil licat capacity, 88-90, 122-128, 
17^1-181 

on mean free path, 80, 87 
on surface tension, 140, 142, 153 
on viscosity, 86, 150, 456-^159 
Tension, surface, 139 
Ter molecular reactions, 421-424 
Ternary, alloys, 317, 318 
diagram, 315, 317 
Tetragonal crystal, 160 
Theoretical plate, 2iS8 
Theory, Arrhenius, ionic, 336-341 
Bohr, of the atom, 108-111 
Bronsted, of acids and bases, 352-855 
of ionic reactions, 437-439 
Debye-Hiickel, of electrolytes, 378- 
380, 532-536 
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Debye-Onsager, of conductance, 341- 
345 

Drude, of metallic conduction, 321- 
322 

Langmuir, of catalysis, 443 
of valence, 117 
Lewis, of valence, 115, 117 
Planck^s, of radiation, 105, 106, 126 
van’t Hoff’s, of solution, 224, 225, 227 
Thermal conductivity, of gases, 90 
of metals, 321-324 
Thermal, diffusion of gases, 35, 79 
expansion of solids, 178 
Thermochemistry, 63-68 
precision in, 64 

Thermodynamic criteria of ideal gas, 91 
Thermodynamics, and equilibrium, 204 
and statistics, 207-214 
first law of, 53 
of dilute solution, 225-227 
second law of, 190, 199 
third law of, 196 
Thermo-nuclear processes, 43 
Third, law of thermodynamics, 196 
order reactions, 421-424 
Thixotropy, 525 
Thorium series, 28 
Three, atoms, binding energy of, 406 
component systems, 314-318 
Tie-line, 291 

Transition point, 177, 282, 299, 307 
Transport, number, 328-332, 386-389 
of solvent, 331 
Triads, Dobereiner’s, 5 
Triclinic crystal, 160 
Tri-ethylamine-water phase diagram, 
292 

Trigonal crystal, 160 

Triple point, 280 

Trouton’s rule, 138 

Two component systems, 285-314 

Ultracentrifuge, 502 

UltramicroBcope, 495 
Unimolecular reactions, 420 
Unipolar conduction, 420 
Uranium series, 26 


Uranyl oxalate photolysis, 482 
Valence, 3 

Langmuir theory of, 117 
Lewis theory of, 115, 117 
types of, ] 67 

Van der Waals equation, 96-98, 134, 
135 

Van’t Hoff, factor ^■, 232, 376 
law of mobile equilibrium, 244, 295 
isochore, 244-247 
theory of solution, 224, 225, 227 
Vapor-binary liquid equilibrium, 286 
Vapor pressure, 136 

and external pressure, 138, 226j 
and osmotic pressure, 225-227 ^ 
curve, 279 
lowering, 216-218 
of solid solution, 304 
temperature variation of, 137, 1 
Variance, definition of, 275 
Velocities, distribution of molecular, 
81-84, 527-530 
Velocity, constant, 402 
of adsorption, 441 
of crystallization, 177, 181 
of electron, 11 

of gas molecules, 76, §1-84 ; 

of gas reactions, 396^22 
of sedimentation, 502 
Vibrational, energy, 114, 115, 531 
and isotopes, 127 
heat capacity, 125-127 
levels, 116 

Vibrations in crystals, 179 
Viscosity, and vaporization, 457 
as rate process, 456-459 
of gases, 86 
of liquids, 155-158 
Vitreous state, 181 
Volt, 55 

Volume, critical, 132, 134 

Wall reactions, 451 
Water, conductivity, 327 
gas, equihbrium, 250 
ionization of, 333, 355 
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of crystallization, 172, 173 
one component system, 278-282 
vapor, dissociation of, 252 
Wave mechanics, 115, 117, 119, 322, 405 
Weak electrolytes, 336, 392 
Weights, molecular, in solution, 228 
of gases, 93-95, 99 
of proteins, 504 
Weston cell, 56, 365 
Wiedemaiin-Franz law, 322 
Wien effect, 342 
Wilson cloud chamber, 13 
Wool structure, 174, 175 


Work, content, 200 
function, 107 

Xerogels, 522 

X-rays, 16 
characteristic, 21, 4*1 
diffraction of, 120 
by crystals, 161 

Zero-point energy, 114, 128, 416 
Zeta ])otentiul, 512-514 
Zinc oxide lattice, 177 
Zinc sulfide lattice, 165, 177 
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